




















Khóng plian nao trong xuit ban pham nay diroc phep sao chep hay phat hanh duói bit ky hinh thuc hoąc pliuang 
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Gac ern hoc sinh va toan the cac doc gia Mn men! 


Nam 2017 la nam dau tlen ma ki thi tuyen sinh IHPT Quoc Gia dfldc thiic hien theo hinh thflc hoan toan 
mdi - hinh Mc trać nghięm. Ngay tfl Mi diem phtfdng an thi mdi dfldc cóng bo, trong dau toi dąt ra muón van 
cau hói: “VÓi hinh Mc nay thi giao vien hien nay phai xuf ly nhuf the nao? OŚ thi se dfldc phan bo ra sao? Cac 
em hoc sinh se phai xif ly the nao vfli mót de thi có den 50 cau trać nghiśm, trong khi dó thdi gian chi vón vęn 
90 phut?”, Iiay “Phai lam sao de có the giup cac em hoc sinh viidt qua de thi nhanh hdn, trong khi ban than 
minh chiia tflng thO sufc vÓi nó?”. Quan sat, tim hśeu tren cac trang web, tren mang xa hói, ban than tói chdt 
nhan ra tam quan trong cua rnay tśnh cam tay (MTCT). MTCT giup xi) iy cac khau tśnh toan quan trong, phflc tąp 
ma nhieu hoc sinh khó giai quyet, trong khi dó de khai thac tói da Idi ich id mót chiec may tinh thi chifa nhieu 


em nam bat het diidc. Qua thdi gian, cac cuón tai iięu, cac nhóm hoc tąp, cac an pham,... viet ve MTCT (casio 
hay vinacai) łan Ifldt xuat hien. Gang tim hieu sau ve MTCT, tói cang bi thu hut bdi nó, nhOng ap u ve mót cuón 
sach viet ve MTCT ngay cang dfldc nuói diJOng, lón dan. Chtnh vi the, sau khi tham khao y kien tif cac thay có, 
ban be, cung vói sfl giup od cua cóng ty phat hanh - nha sach Lovebook va dąc bięt la diidc sfl cóng tac tif tac 
gia V0 Thi Ngoc Huyen (Ngoc Huyen LB) - mót ngflói có kin! nghięm vói huy chifdng Bąc trong Ki thi “giai Toan 
tren MTCT Casio cap Guoc gia”, chung tói da bat tay vao viet cuón sach “Cóng pha Casio” (25/06/2017). Va 
sau hdn 6 thang mięt mai lam vięc, trao doi, hoc hói, cuói cung chung tói da hoan thanh xong dfla eon tinh than 


cua minh. 

Tif khi bat tay vao thiic hien viet cuón sach, chung tói da dąt muc tieu cho ban than lam sao cho san 
pham viet ra có the khóng la hay nhat nhifng phai day du nhat, trinh hay khoa hoc nhat, de hieu nhat va lam sao 
de giup ich tói da cho cac em hoc sinh phd thóng. OŚ dąt diidc den nhOng muc tieu nay, chung tói tą dfla ra 
nhOng cau hói diidi day, dąt ra cau tra Idi va thiic hien nó. 


Cau 


kiń filii nhat 


mm y 


ifdc gi cha !tpc sinh? Bieci Sehśs śięt filii i cua cudu 


sach la gi? 


Oióm knac bięt dau tien cua cuón sach la giup “hi thing ląi toan bfi cac tinh nimg, cae phim ctialo mani 
pan trorag có Irin SiTCT. Gac efitifl dung, eaeh sil dung sńa tflng tśnh nang, phlrn ehflc nang ffdde ii cip chi 
toan dięn m dfldc tac gia cham chut, tim hieu fey IflSng tfl nhieu cudu glac trinh MTCT cua ndfie ngoai”. 

Oiem khac bięt thfl hal ia ve cau truć, “cuón sach dfldc bó tri vói 75% nói dung dfldc viet Ó ben phai moi 
trang sach, va 25% cón ląi dfldc goi la cac STUDY TIPS vói muc dlch giai tich - giai nghia - ho trd dóc gia tim 
hieu sau hdn ve nói dung ve nói dung dddc viet trong phan tfldng flng. Oieu dó giup cho ban doc có the nam 
chac hdn cac kien Mc ma tac gia mong moi truyen dąt den” (Thay Doan Tri Dung - Giao vien luyęn thi Oąi hoc 
mon Toan tai Ha Noi). 

Oiem khac bięt thfl ba, “cuón sach nay dflng vui ten goi cua nó cho nen 90% cac bas toan dfldc giai bang 
phifdng phap sfl dung MTCT va khong dao sau vao phfldng phap tfl luąn. Tat ca cac bai toan den diidc hfldng 
dan ii mi, chi tiet va can than cach bam may tinh ó phan nói dung trang sach va man hinh hien thj ó phan STUDY 
TIPS. Dieu dąc bięt la tat ca cac vl du ap dung, cac bai tąp tfl luyęn deu dfldc giai 100% bang MTCT. Cuón sach 
rat thich hdp voi cac em hoc sinh có nhu cau sfl dung may tinh casio trong vięc ket hdp giai toan trać nghięm. 
•Dąc bięt doi vdi nhOng ban chiia biet nhieu ve may tinh casio thi cuón sach da lam rat tót cóng viec nay khi 
hilóng dan moi cach toan dięn ve cach sfl dung may tinh casio nha the nao va lam sao de Uu vięt nhat có the” 
(Thay Doan Tri Dung). 

Diem khac bięt thfl tfl, “cuón sach vdi cach ihiet ke phan bai tąp tfl luyęn dfldc chia doi gióng cach thiet 
ke cua cac tąp chi toan hoc giup cho ban doc có dfldc mót kho bai tąp tfl luyęn lón vdi ti lę “nen” bai rat tót” 
(Thay Doan Tri Dung). 



Oiem khac bięt thuf nam, “cuón sach cung cap cac phan phu luc vói cóng dung bo trd, tich hdp vdi nhieu 
cóng thufc giai nhanh, cac hinh ve di kem va cac vi du ap dung doi vói nhOng cóng thufc khó hinh dung”. 

Oiem khac bięt thuf sau, “cuón sach phu hdp vdi moi doi tUdng hoc sinh ó thang diem 6-7-8 có mong 
muón sif dung may tinh de ket hdp giai toan, va la mót td lięu tham khao tót vdi cac hoc sinh ó mdc diem 9-10”. 
(Tbay Ooan Tri Dung). 

Oiem khac bięt thuf bay, “cuón sach có mót kho bai tąp tu luyęn rat lón nham glup hoc sinh thanh thao 
cac ky nang sif dung MTCT sao cho that thuan thuc vói huóng dan giai chi tiet den tifng cau - mót dieu ma it 
cuón sach khac có dUdc”. 

Oiem khac bięt cuói cung, “cuón sach dUdc tich hdp hę thóng gifi tai lięu qua Mail, tac gia se thUdng 
xuyen gUi cac tai lięu hay, cac ki thuat mdi, cac bai tap bó sung lien quan den MTCT de doc gia có the khai thac 
trięt de gia tri cuón sach va dat dUdc thanh tich cao nhat trong ki thi. Ben canh dó day cung la mót cach de dam 
bao quyen Idi cho cac quy dóc gia sU dung sach chinh hang”. 

Cau fiói lilii hai: Ndi dung sacSi gdsn nhflng gi? 

Cuón sach nay dUdc chung tói viet va chia ra thanh hai phan chinh nhu sau: 

+ Phan mót - Tóng quan ve cac tinh nang tren MTCT: Hę thóng lai toan bó cac tinh nang, cac phim 
chdc nang mót cach chi tiet, day du nhat ve cóng dung, cach sif dung. 

+ Phan hai - Cac chu de toan sd dung MTCT: Góm 11 chu de chinh dUdc trinh bay xuyen suóttif Idp 
10 cho den Idp 12; góm ca dai só, giai tich lan hinh hoc. Trong moi chu de la mót hę thóng cac vi du ap dung, 
bai tap tu luyęn dUdc giai chi tiet, trinh bay mót cach ti mi quy trinh barn may kem theo phan tich, nhan xet, lUu 
y, md róng. 

+ Ngoai ra, phan cuói sach cung cap cho dóc gia 3 phu luc vói cac ki thuat bó trd, cac cóng thUc giai 
nhanh kem vi du ap dung va huóng dón, phan tich chi tiet. 



De sU dung cuón sach mót cach hięu qua nhat, tac gia khuyen ban doc nen danh them thdi gian de doc, 
tim hieu ban chat cua cac kien thUc trong sach giao khoa. Bói moi kien thUc hinh thanh nen phUdng phap giai 
casio deu dUdc bat nguón tU ban chat cua nó. Ben canh dó, neu có dieu kión, ban doc nen tham khóo them bó 
dói sach “Cóng pha Toan 2” va “Cóng phó Toan 3” da phat hanh cua nha sach Lovebook, va lam mót só dś thi 
thuf cua cac trUdng khac de hinh thanh thói quen tu duy tu luan. Khi có su ket hdp giOa tu duy tu luan va tu duy 
casio thi de thi TH PT Quóc Gia chac chan se dUdc xU ly mót cach de dang hdn va giup ban có dUdc ket qua cao 
hdn. 

Mac du chung tói da nó lUc het minh de cuón sach dUdc hoan thięn nhUng chac chan vón khóng the 
tranh khói nhOng thieu sót. Vi vay, chung tói se rat biet dn neu có the nhan dUdc nhUng Idi góp y chan thanh tU 
phia cac em hoc sinh va cac quy dóc gia tren toan quóc. Moi dong góp xin dUdc gufi ve mót trong cac kenh lien 
ląc sau: 

- Email: namguyen.nnn1708@gmailcom hoac huyenvu2405@gmailcorn 

- Facebook: facebook.com/ngocnamnguyennnn hoac facebook.com/huyenvu2405 

- Group: facebook.com/lovebookcaremontoan (hoac facebook.com/groups/ngochuyenfamil/). 

-Tóng dai: 19002825 

Chung tói vó cung cam ta! Chuć quy dóc gia se có nhOng giay phut thąt sU thu vi, bó ich khi doc cuón 
sach nay! Chuć cac em hoc sinh, dac bięt la cac em hoc sinh Idp 12 nam hoc 2017-2018 dat dUdc ket qua cao 
nhat trong ki thi THPT Quóc Gia 2018 sap tói va dó vao ngói trUdng Oai hoc, Cao dang ma minh hang md Uóc! 

Thay mąt nhóm tac gia 
Nguyen Nggc Nam 
(Sinh vien TrUdng OH KHTN Ha Nói) 
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i thięn mót cuon sach chuyen bięt ve M i CT nhsi the nay, chung toi da nhąn difdc rat nhieu sii 
giup dO tif moi ngiićfi. Bau iien va quan trong nhat la gia dinh chung tói. Ba mę, anh chi trong gia dinh la nhOng 
ngtfcJj gan gul nhat, dong vien chung tói nhieu nhat mól khi gap khó khan trong qua trinh bien soąn. Chung toi 
that hanh phuc va hanh dien khi difdc nhflng ngflćii than yeu nhat quan tani, cham sóc nhif vąy. Tiep theo, chung 
tói muón cdi ldi cam dn tói cac thay có giao da tao nen tang va truyen cam hOng hoc Mn, tim tiieu veJV!TCT 
cho chung tói tu' khi cón hoc phd thóng, Bo la có Nguyen Thi Thuy Hang - thay Tran Hung Ouan - thay Trfldng 
Minh Hung (Triidng TH PT Tran Phu) va có Bui Thi SMhung (Trfldng THCS Dong Sdn, lam Otęp, Ninh Binh), co 
Pham Thi Hóa (Triidng THPT Nguyen Hue, Ninh Binh). Neu ngay xiia chung tói khong dfldc hoc My có, có ie 
da khong theo dudi mon Toan nhif bay gid. 


Ldi cam dn chan thanh tiep theo, chung tói xin gfli tói có Bo Thi Thuy Ngoc (trfldng phóng giao duc phd 
thóng tlnh Ninh Binh), thay Boan Tri Dung (trung tam Suyęn thi ThanSi Gong, Ha Noi. Mac du rat ban ron vdi cóng 
vięc tren ed quan nhiing thay có van danh thfli gian doc tflng trang, góp y tiing bai de giup chung tói hoan thięn 
cuon sach. Cóng Pha Casio rat may man khi dudo thay có tnie tiep hięu dinh. Męt ian nfla, xin cam dn thćfy có 
rat rat rat nhieu. Ngoai ra, chung tói cflng xin difdc gfli ldi cam dn tói thay Le Ba Bao - Gv Toan ~ THPT Dang 
Huy Trfl, thay Nguyen Trsidng Sdn - Gv chuyen Toan, tinh Ninh Binh, thay Chau Wan Dięp - Gv Toan THPT 
Nguyen Hue, Ninh Binh, thay Cao Oac Juan - Gv Toan Suyęn thi Ha Noi. NhOng ldi góp y, nhąn xet cua cac thay 
da giup chung toi hoan thięn cuon sach rat nhieu. 


Mol trong nhflng yeu to rat lón giup chung tói tfl tin vdi Cóng Pha Casio chinh la vięc cuon sach difdc 
doc duyęt bói ca tó Toan THPT Nho Quan A (góm 9 thay có): Pham Juan Nghi (tó trfldng) - Dang V;st Dong - 
To Thi Uyen - Nguyen Tran Thang - Mai Thi Doan - Tran Thi Hdng - Nguyen Thi Sich Thuy - Dinh Van Dięn - 
Nguyen Van Luan. Oac bięt, chung tói rat an tfldng va biet dn sau sac tói thay Pham Tuan Nghj.Trong iuc doc 
duyęt giup chung tói, thay ban coi thi HSG quóc gia ó tinh S hai Binh. i uy nhien My vin nhięt tinh in ban thao 
de doc soat giup chung tói trong iuc nghi ngdi. Thiic lóng, chung tói biet dn thay có vó cung. Chung tói mong 
rang tó Toan cua THPT Nho Quan se phat trien nhieu hdn, se có that nhieu nhflng hoc sinh giói f oan hdn. 

Ldi cam dn tiep theo, chung tói xin difdc gfli tói anh Bui The Vięt, anh Dfldng Trać Vięt, anh Nguyen The 
Lsic Mac du eon rat tre tudi nhflng cac anh da chia se va giup dO rat nhieu cac em hoc sinh vói nhflng tai lidu, 
bai giang miin phi tam huyet. Khong chi có vąy, cac anh cón rat nhięt tinh va tot bung khi tao dieu kięn cho 
chung tói tham khao nhflng tai lidu, kt nang hay cua minh. Gac anh chinh la nhflng tam gfldng tuói tre thanh cóng 
de chung tói noi theo. Cam dn nhieu lam... 


Ldi cam dn Pac biet cuÓi cung, chung tói xin difdc gfli tói em Nguyen Thi Thu Trang - Hs Iflp 12 THPT 
Gia Vien A, Ninh Binh. Em Trang la hoc sinh duy nhat tham gia doc soat sach giup chung tói. CU ban ngay hoc 
tren trfldng, nfla dem ve bat dau lam vięc, cam ciii doc va thiic hanh lói giai cac bai tąp trong sach giup chung 
tói. VÓi sfl ti mi va cham chi nhif hien nay, chung tói tin tflóng chac chan rang, em Trang se rat thanh cóng sau 
nay. Cam dn em nhieu lam. 

Cugi cung, chung tói xin difdc gili ldi cam dn chan thanh va yeu thfldng nhat tói toan the cac em hoc 
sinh da va dang follow chung tói tren facebook va gmail. Sfl tin tfldng va quan tam cua cac em danh cho chung 
tói hang ngay la mot iieu thuoc bo vó gia. Nó truyen cho chung tói dong ifle hoan thięn ban than moi ngay, la 
niem hanh phuc mói sang thflc dąy. Tan day lóng, chung tói mong cac em cua minh luón tran day nang ludne 
de vufdt qua moi gian nan, thfl thach cua cuóc song. 
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I. Giói thięu ve may tfnh cam tay fx-570VN Plus 

II. Cac tfnh nang Casio . 

san 2: Cac chu de toan su’ duoa Casio .. 


Chu de 1: Ham só" va cac óng dung . 

I. Tfnh don dięu cua ham só. 

Bai tąp ren luyęn ky nang . 

II. Cyc tri cua ham so. 

Bai tąp ren luyęn ky nang . 

III. Dąo ham . 

Bai tąp ren luyęn ky nang . 

IV. Gia tri lón nhat, gia trj nhó nhat cua ham so . 

Bai tąp ren luyęn ky nang . 

V. Tięm cąn cua dó thi ham só . 

Bai tąp ren luyęn ky nang . 

VI. Tiep tuyen cua dó thi ham só. 

Bai tąp ren luyęn ky nang . 

VII. Sy tuOng giao cua hai dó thi ham só. 

Bai tąp ren luyón ky nang . 

Chu de 2: Ham só luOng giac va phuOng trinh lyong giac . 

Doc them: Giói mót só phuong trinh luong giac co ban bang may tfnh clm tay 

Bai tóp ren luyón ky nang . 

Chu de 3: Tó hop - Xac suat - Nhj thdc Newton . 

Bai tąp ren luyón ky nang . 

Chu dó 4: Giói han . 

Bai tąp ren luyón ky nang . 
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Bai tóp ren luyón ky nang . 

Chu de 6: Nguyen ham - Tfch phan - Lfng dung. 

Bai tąp ren luyęn ky nang . 

Chu dó 7: Só phdc . 

Bai tąp ren luyęn ky nang . 

Chu dó 8: Phuong trinh - Hę phuóng trinh - Bat phyong trinh 

Bai tąp ren luyęn ky nang . 

Chu dó 9: Phep bien hinh trong mąt phang . 

Bai tąp ren luyęn ky nang . 

Chu dó 10: Phyong phap toa dó trong mąt phang. 

Bai tąp ren luyęn ky nang . 

Chu dó 11: PhuOng phap toa dó trong khóng gian . 

Bai tąp ren luyęn ky nang . 

tSn 3: Cac phu luc ... 

Phy luc 1. KT thuąt CALC don vi . 

Phu luc 2. Hinh hoc khóng gian có dien vói hę truć Oxyz 
Phy luc 3. Tuyen tąp cóng thóc giói nhanh trać nghięm toan 


..... 13 

. 13 

. 18 

..... 48 

.... 48 
.... 48 
.... 58 
.... 69 
.... 79 
.... 88 
.... 94 
.. 102 
.. 108 
.. 115 
.. 121 
. 130 
. 136 
. 143 
. 149 
. 154 
. 166 
. 175 
. 185 
. 207 
. 226 
. 235 
. 246 
, 263 
279 
308 
338 
356 
368 
378 
388 
399 
411 
422 
434 
451 
463 
463 
467 
475 






















































May tmh CĄSIO Fx- 570 
VN Plus có nhieu tmh nang 
hm; ich giup cho vi#c giai 
roen va tror-g ąuś irinh hoc 
rap mon toan. Trong 
chuong nay, tói xin giói 
thięu esc tinh nang va cac 
che do chung cua may tinh, 
giup cho quy doc gia có the 
hinh dung ró han vięc su 
dung may tinh va cac nut 
lęnh cho cac chuong sau. 
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Sau khi md may tinh bang nut H, ta se có cua só lam vięc hien a hinh phia 
dwói 



lic cio iaei viec c 


ana 


Ccc • f-t ■: CÓ CCC CD 

. §|f}| Qj (COMP) 

O. h-'ii C G i. ; '• i 

COMPutation modę: Tinh toan thóng thuóng. 

Sgg [2 J (CMPLX) 

CoMPLeX modę: Tinh toan vói só' phuc. 

Ul [1](STAT) 

STATistical modę: Tinh toan thóng ke. : 

mli5|(EQN) 

j 

EQuatioN solution modę: Giai hę phuong trinh ! 
va phuong trinh. j 

| gol (JO (MATRIX) 

MATRIX calculations: Tinh toan ma tan. 

i laODi [7j (TABLE) 

Tinh toan bang gia tri cua męt hoac hai ham só. j 

i iODi fi] (YECTOR) l VECTOR calculations: Tinh toan vói vecta. 

| Sil <S> Dj(ineq) 

Giai bat phuong trinh co ban. 

j @ (5) Bj(Ratio) 

Tinh toan vói ti só. 

| ill<i>CI3(DisT) 

DISTribution calculations: Tinh phan phói. j 


Cac cm bao hien thi 

Hai nut lęnh dieu khien hien thi can chu y tren may tinh cam tay fx -570 VN PLUS 
dó la: 


; Nut lęnh gfg: khi an nut lęnh citng vói cac nut có ghi chu ben cąnh 
j! cac lęnh mau vang thi may se thirc hien cac lęnh gh; chu tren nut dó (vś 
du nhu nut jcfeśl ben tren có ghi chi só SOLVE mau vang, khi an to hop 
| 'Sic: may se thurc hien lęnh SOLVE giai phuong trinh). 

Nut lenh i 


1 Nut lęnh §£5: có mau dó, khi an nut lęnh j. aś$ roi an phim nay de dua 
i vao ham, bien só, hang só hay ki hięu ap dung duoc (cac bien ghi mau dó 
[, ben canh cac nut tren ban phim) 

Lęnh gan. gia tri STO 

l Chi bao xuat hien sau khi nhan CH3 gjQ (STO). Vi du gan 1 cho bien X 
| (tur dat X = 1 ta nhan GD HI CD (vói cac lęnh gan bien ta goi la 1 
STO} X trong cac bieu hien trong sach). 


SHIFT 


Cac tmh toan dąc bsęs 
1, Tiuli toin có so dii 

May tinh có chuc nang tinh toan vói só du la chuc nang -s-R. 
Chuć nang nay dupc an bang IjgO 











STUDY TIPS 

Chi có gia tri só thuong cua 
męt tinh toan chia có dir tren 
duoc luu trong bo nlió ANS. 

STUDY TIPS 

Khóng the thuc hien duoc 
vięc lay thua só' nguyen to 
trong khi ket qua cua mót 
tinh toan có dting Pol, REC, 
4-R (Pol, REC se trinh bay 
trong phan tinh toan vói so 
phuc). 



sai có the bi sinh ra, lam 
cho may tinh bao lói hoac 
lay xap xi khien sai só xay 
ra. 



- Cac diem khóng ke tiep, 
thang giang bat thuong 
va nhirng diem cuc lón 
hay cuc nhó, diem uón, va 
vięc bao ham cac diem 
khóng the vi phan duoc, 
hay cac diem vi phan hay 
ket qua tinh vi phan gan 
tói 0 có the’ lam dó chinh 
xac kem hay sinh lói. 


Sie Best or notnut 


5+R3 


Vi dy: De tinh so du vói cac so thuc ta có the su 
dung chtic nang nay nhu sau: (¥} jj '! =J Ij 3 '] @ 

Ta duoc ket qua nhu hinh ben có thuong va so du. 

2. Phan Iśch ra tliifa m ogofln to 

Chuć nang FACT thuc hien phan tich thua só nguyen to nhu sau: 

De phan tich ra thua so nguyen tó cua 5203 ta thuc hien nhap dong duói: 


1,R=2 


.ii mmmm 


iĄLPiEH(FACT) 


5203 

S Ma.th Ł 


5203 

5203 

(2 Ma,tłi A 


11 2 x43 


Ham log: Ham logarit. Dung phim fegjde dua vao logarit vói co só 10. Phim 
jbgjljde dua vao log a b. Ham ln de dua vao logarit tu nhien e. 


O: Ham de thuc hien tinh tich phan. Cu phap dua vao hien thi tu nhien la 

ff x - 

a 

(i a ): Ham thuc hien tinh vi phan. Cu phap dua vao hien thi tu nhien la 
~~~ f x \x = a. Ta se su dung nhieu trong bai toan dąo ham. 


{&")'' Thuc hien nhąp jsninl [io<"J d|: Ham ma, vói mót pham vi xac dirth cua 

^ , 11 

/ x , xac dirth tóng 2Z f x * Cu phap hien thi tu nhien 1 a ^ / x . 


|j a : Thuc hien nhąp flPHAi NTÓj : Ham xac dinh tich J f x . 

D x=a 

Pol, Rec (nhąp jstirj [®va iilFfl £5): Pol (polar form) chuyen doi toa do chu 
nhąt sang toa do cuc, Rec (rectangular form) chuyen dó toa dó cuc sang toa 
dó chu nhąt (phan nay se duoc gioi thięu ki trong chuong só phuc). 


]: Ham giai thua. 


Abs: Ham gia tri tuyęt doi (absolute value). 


nPr (nhąp jiiiPTj [Kj), nCr (nhąp [;r]): Ham hoan vi (nPr) va ham tó hop 
(nCr). 

GCD, LCM ( SOU lXJva jSMj fxJ): GCD xac dinh uóc só chung cua hai gia tri, 
LCM xac dinh bói chrmg nhó nhat. 


Int va Intg (gALPHAj j+j va UNifl Q): Int khai can phan so nguyen cua mót gia tri. 
Intg xac dinh só nguyen lón nhat khóng vupt qua mót gia tri. 


Chu y: De khac phuc phan nao cac lói ó phan thąn trong góc trai, ta xem phan lói kltuyen 
tinh tich phan thanh cóng trong muc tich phan. 


8. Cac ham cd ban tria may tinh sń duoi nhieu trong oiiddng trinh plis tlsong 

Ham sin, cos, tan, sin 1 , cos 1 , tan -1 : Cac ham luong giac (su dung nhieu a 
chuong trinh lóp 10 va 11). Chu y xac dinh góc truóc khi tinh toan. 

Ham (i Q b ) (e M ): Ham luy thua. 
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Thuc hien tinh toan voi so phuc ta an gMg| ijż j(CJVtrLX). lrong pnan nay roi se 
giói thięu sau ve toa do cyc ( polar form rZQ ) va toa dó chu nhąt (a + bi 
rectangular form) de giai cac bai toan so ph«c can ban. 

a. Trong so phuc ta thuc hien tinh toan thóng thuomg. Chu y don vi ao i 
duoc hien thi khi an nut 
VI du:Tanhąp (2 + 6i^+\2i^ = 3 — i. 


b. Cac tinh chat khi an fsSI) fi i khi may tinh dang de trong moi traćmg 
CMPLX tinh toan vói so phuc. 

!|1: arg la argument cua so phuc. 

• 2: Conjg la hien thi so phuc Iien hop cua so phuc (Conjg la viet tat cua 
conjungate). 

ii 3: rZQ : Dang luąng giac (chuyen doi sang toa do cuc). 
jU: a + bi : Dang dąi so (chuyen doi sang toa do chu nhąt). 

c. Su dung Pol va Rec de chuyen dang sd phuc va giai bai toan tim can bąc 
hai cua sd phuc. Phan nay se duoc giói thięu trong chuong so phuc. 

5. Su’ dung ięsili CALC 6Ś tfriii mm 

CALC cho phep cat giu bieu thuc tinh toan có chua hien, ma ta có the nhó lai 
chung. 


Vi cl-i: De luu giu bieu thuc 5 A + B roi the cac gia tri sau de thuc hien tinh toan 


rincoug muc 

Ta thuc hien nhap bieu thuc vao man hinh may tinh \SJ li) i ^Mj 

Tiep theo ta thuc hien su dung CALC bang cach an ICALCj may hien A? ta nhap 
gia tri ma ta muón dua cho A. Ó day ta nhap h] (=]ta tiep tuc gan 2 cho B va 
duoc ket qua cua bieu thuc tai { A,B) = (l,2). 

fi. Dung Ipti S0L¥E (ąr) 

Lęnh SOLVE de dó nghięm cua phuong trinh. Lęnh nay duoc su dung nhieu 
trong giai phuong trinh, dó nghięm. 


- Luu y SOLVE chi dung 

duoc trong moi trućrng 
COMP ( _ ) 

- Neu phuong trinh chóa 
ham hoąc có chua dau 
ngoac mó (kieu nhu ham 
sin va log), khong hó cac 
dau ngoac dćng. 

-Cac ham f , 


Vi du: Tim nghięm cua phuong trinh x 3 +2* + l 


Ó day SOLVE for X tuc la giai tim X. 
Gia tri o dong duói la gia tri hien tai 
cua X tren may tinh. 















STUDY TLPS 

Tuy theo ta chęn gia tri bat 
dau cua nghięm ma qua 
trinh dó nghięm nhanh han. 
Gia tri bat dau cang gan thi 
cang tim nghięm nhanh. 


vector? 
i:Vctń 2:VctB 
3: Vct-C 


vctń(m) m? 

1:3 2:2 


rt _ . 

VCT 0 


om 

BtifT n 

Q] 



0 


fi 

vcr b 



■TT a] 




0 


1: Dim 

2:Data 

3: Vctń 

4:VctB 

5: Vct-C 

6:Vctńns 

7: Dot 



Nhap jjT) (=) de dua gia tri khói dau 
cho X (Ó day ta dua vao 1). 

Hinh ben cho ra nghięm X. 

L — R bieu thi Ve trai - Ve phai dupc 
ket qua. 


X 3 +2X+1 

X= -0.453397651 
L-R= _0 


7 . Tao ra bing so lii 2 hlm (TABLE) 

TABLE có chuc nang sinh ra mpt bang so dua tren mot hay hai ham. Ta có the 
dung ham /(xj hay ham /(x) va y(.rj. Chuc nang nay ta se su dung nhieu a 
chuong trinh 12. 


Buóc 1: Nhan :: : (TABLE) de vao phuong thuc TABLE. 

Buńc 2: Dung bien so X de dua vao hai ham hoac mót ham. Mot ham la dang f(x) va 
mpthamdang g(.r). 

* Chac dua vao bien X khi sinh ra mpt bang so. Bat ki bien nao khac X deu dupc 
xu li nhu mpt hang. 

* Neu su dung mot so don, thi chi dua mot ham vao dang thuc / (x). 


* Cac ham khóng the dung duoc trong ham nay la: Pol, Rec, J J~[ 

Buóc 3: Dap lai lói nhac xuat hięn START? END? STEP? Khi dó ta nhąp xac gia tri vao 
va nhan fS) sau moi gia tri. 

START? : Dua vao gia tri bŚt dau cua X. 

END? : Dua vao gia tri ket thuc cua X. (Phai chac chan End luón lón hon 


| Start). 

STEP? : Dua vao buóc nhay cua X. 


8. TM tośra wsicto’ 


Phuong thuc VECTOR trong may tinh de thuc hien cac tinh toan vecto 2 va 3 
chieu. De thuc hien mót tinh toan vecto, ta gan du lięu cho cac bien vecto dąc 
bięt (VctA, VctB, VctC), va dung cac bien Vct nay de tinh toan. 

Buóc 1: Nhan ^ [«] (VECTOR) vao phuong thuc VECTOR. 

Buóc 2: Chon cac bien Vct de gan gia tri, ta có the an (T) [aj Qj"j de chpn cac bien Vct ta 
muon gan. 

Buóc 3: Chpn chieu cua khóng gian vecto an fj] la chpn khóng gian ba chieu, 2 la chpn 
khóng gian vecto hai chieu. 

Buóc 4: Chpn cac chieu xong may se lan lupt hien nhu hinh ben, tu day ta nhap du lięu, 
an AC va thuc hien tinh toan. 

Buóc 5: De thuc hien tinh toan va goi ten lai cac vecto da gan ta thuc hien nhan YT -s ] 

Cac tinh toan vecto. 

1. Nhan vó huóng vecto, 3. VctA — VctB. Ta thuc hien goi cac vecto bang 
@ SiO v a thuc hien tinh toan thóng thuóng. 

2. VctA @ VctB (dau cham nhan vecto). Dau cham nhan la 7: Dot trong hop 

(HeO© 

3. VctA x VctB (dau nhan vecto). 

4. Thu dupc gia tri tuyęt doi cua vecto bang cach su dung lęnh (śirfj (Abs). 
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1 n 4 , &K”rC 

2 ! aK 3 +bX 2 -f-ć-K-s-d 


isaX£+bX+c>0 
£ s aX2 +bK+c< O 
3§ aX£+bX+cŁO 

4gaX2łbX+Ł2Q 


11 axs +bX£ -s-c-K+d > o 

2 s aX3 +bxs -t-cx+d < o 

3 s aX3 +bX2 -s-cK+efe O 

4 g X-5^d j O 



- Kii: may hien ihi "Al! 
Real Numbers" trii 
nghięm cua bat phuong 
trinh ła V.i: e IR. 



1. Mhah | 'J ;(INEQ) de vao phiiong thńc INEQ. 

2. Lua chon kieu bat phirang trinh (1; bat phirong trinh bac hai va 2: bat phuong 
trinh bac ba). 

3. Lua chon 1 hoac 2 tren menu xuat hien, dimg cac phim tir 1 den 4 de chon loąi 
bat phtrong trinh va dua vao cac gia tri hę so. 

* Vięc dua vao cac hę so tuomg tir nhur vięc dua hę sd trong giai phuong trinh a 
moi trucmg §0Ejg Q§J (EQN). 

* De thay doi gia tri hę so vira dua vao, chuyeh eon chay tói 6 thich hop, dira vao 
gia tri mói, va nhah 

* Nhan (AC ;se xóa tat ca cac hę so ve khóng. 


10. Cm Ma f we fiiih toin sal so cńa nuży tfnłi 

Mień tinh toan, so chu so du-oc dimg trong tinh toan ben trong, va do chinh xac 
phu thupc vao kieu tinh toan ban thu-c hien. 


* Cac ham kieu x y ,fjyrf ,x\, nPr, nCr doi hói tinh 
|i tiep, deu có the gay ra lich luy sai so thuóng xuyen 


toan ben trong Hen 
xuat hięn trong tinh 


, toan. 

| * Sal so dirpc tich luy có xu huórtg lón len trong lan cąr. cua diem ki di va 
|i diem bung phat cua ham. 
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ń 2 ec 


o M&th A 


430 


1. Pltim flCL (STO) m cac Im h Silu tri! ket pa 

- Chuć nang: Luu tru va gan ket qua. 

- Ket qua tinh toan có the duoc luu tru trong 
bo nhó cua may va duoc su dung trong cac 
phep tinh tiep theo. Dieu nay thuąn tięn cho 
vięc nhó lai cac gia tri ma ta muón su dung 
nhieu lan, hay nhó lai cac ket qua trung gian 
de qua trinh tinh toan de dang va nhanh 
chóng hon. Ta có the luu tru (gan) mot ket 
qua nao dó vao cac nhan (bien nhó) A, B, C, 

D, E, F, X, Y hay bo nhó (só nhó) doc ląp M. 

Cac phim dąi dięn cho cac nhan (bien) nay 
duoc lięt ke trong bang ben. 

Cac bien nhó A, B, C, D, B, F, X, Y (8 Wen nhó) 



Su dung lęnh @ @ (STO) de luu tru (gan) męt ket qua (hay mót gia tri nao dó) 
vao cac bien nhó. Khi dó, tren dong chi bao cua man hinh may tinh se hien chu 
STO ben góc trai. Tiep theo, ta ah cac phim dai dięn de gan mot gia tri vói bien 
tuong cmg. 

'/u dii 1.1: Luu vao cac bien nhó A, B, C cac gia tri tuong ung la 4, 5 va 6. Sau dó, 
tinh A 2 BC. 

Quy trinh barn may 

- Buóc 1: Sir dung lęnh IshiftI foj (STO) de gan cac gia tri vói bien tuong ung. 

Gan gia tri 4 vao bien nhó A, ki hięu: 4 -> A, an: ® 1113 g) @. 

Gan gia tri 5 vao bien nhóB (5~>B), an: QD S @ E3 • 


gia tri 6 vao bien nhó C (6 -> C), an: (6 

] W iRći 




4 

a 

5^B 

MatbTA 

5 

6*C 

a 

Math A 

6 


- Buóc 2: Tinh A 2 BC, an: i@@iE3 ¥M f@, Sn ©, may hien480. 

Vay A 2 BC = 480. 

/JL Tat may hoąc thay doi che dó tinh se khóng xóa noi dung bó nhó da luu, ta 
có the xóa nhung gi da lun bang cach an Pi] (CLR). 


Bó nhó (só nhó) doc ląp M 

- Cac bó nhó doc ląp M hoąt dong hoi khac so vói cac bien nhó khac (A, B, C, D, 
E, F, X, Y), mąc du ta có the su dung nó nhu mót bien nhó neu ta muón. 

- Su khac nhau ó day chinh la vięc ta có the cóng ket qua tinh toan hay tru ket 
qua tir bó nhó doc ląp. Tuc la, ta dung bó nhó nay de chua tóng cac ke't qua cua 
nhieu phep tinh toan. Chu M xuat hien tren man hinh hien thi khi có gia tri khac 
khóng duoc luu trong bó nhó dóc ląp. 

- Cac thao tac sir dung vói bó nhó dóc ląp: 
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0 

Mit[l .& 

OM 





u 


2055M+ 


0 Math . 


5822 


33x6^ 


2112 


4810 


24.5 2 


2401. 

4 


1708-fins 


976 

34S 



! Them (cong) gia tri hoac ket qua hien thi cóa bieu thuc vao bó nhó 

■ doc ląp _{__I 

| Bót di (trir) gia tri hoac ket qua hien thi cua bieu thuc tir bo nhó doc j _ _ j 

i ląp ___ _ ; _ j 

i N$i dung bo nhó aóc ląp gan nhat 1 ‘ dA) i 

A\ Trtróc khi thuc hien tinh toan vói bo nhó doc ląp M, ta nen xóa cac du lięu 
ket qua da luu toru truócdóbangcach an [j]i»fOI sSTO> ! HtJtMl- 
j Vi dts 1.2: S* dung bo nhó doc ląp M de Itru tru ket qua cua phep tinh 
i 20 x 55+ 71x82 -33x 64. 

Quv trinh bSm mźy 

- Buóc 1: Xóa noi dung cua M, ah 53 lliLU (STO) IM+jW?. 

- Buóc 2: Cong ket qua cua 20 x 55 vao M, ah yj 1 Oj [X] jjQ iSj may hien 
1100, tóc la 20x55 = 1100. 

- Buóc 3: Cęng tiep ket qua cua 71x82 vao M, an [7j GD Si 30 CU §3/ may hien 
5822, tóc la 71 x 82 = 5822. 

- Biróc 4: Tru ket qua cua 33 x 64 tu M, an QQ [3j (Xj ,@j LU bijED MtitM-j, may 
hien 2112, tóc la 33 x 64 = 2112. 

- Buóc 5: Nhó nęi dung cua M, ah jścp may hien 4810. Vąy bo nhó dpc ląp 
M = 4810 chinh la ket qua cua phep tinh 20 x 55 + 71 x 82 - 33 x 64. 

Bo nhó" t/a Id! Ans va bó nfeór tra 1+1 truóc PteAss 

- Bó nhó tra loi Ans [@) có cłtóc nang luu ląi ket qua ma ta vua tinh toan gan 
nhat va duoc su dung cho phep tinh ke tiep có sir dung ląi ket qua vua tim diroc. 

! Vi du 1,3: Tinh binh phuong cua 2.4,5 nhung khóng ghi ląi ket qua. Sir dung bo 
| nhó Ans de chi a so 1708 cho ket qua vua tim duoc. 


Quv trinft: 




2401 


■ Buóc 1: Tinh 24,5 2 , ah GD [£l GD CC! \ŚS, (ID, may hien ——. Ket qua nay 


se tir dong duoc luu vao bo nhó Ans cua may. 

2: Tinh 1708 :24,5 2 , an Qj (T) QD ® GB S, an SJ, may hien 


976 
343 ' 


Vąy 1708:24,5 2 


976 

343" 


i kuu v * 

.Mul ilŁi. V -• 


| - Noi dung bó nhó Ans se duoc cąp nhat bat cif khi nao lcet qua mói duoc hien thi 
| hoac bat cu khi nao thuc hien phep tinh sir dung mot trong cac phim sau: 

I SDJeJ ® ŚD(STO). 

I - Noi dung bo nhó Ans khóng thay doi neu có lói trong phep tinh vira thuc hien. 
i - Ngay ca khi an phim @,@0, hay thuc hien g|g de thay doi che do tinh, hoac 
| an gir) gej tat may thi noi dung bo nhó Ans van eon (khóng bi mat). 

| — Bo nhó tra loi tnróc PreAns ({ĄLKy i*r-:) cho phep luu ląi ket qua truóc ket qua tinh 

I toan cuói cimg Ans. 

i - Su hien thi ket qua tinh toan mói se tu dong chuyen noi dung bo nhó Ans hien 
| tai sang bo nhó PreAns, va luu ket qua tinh toan mói vao bó nhó Ans. Chu trinh 
| nay se duoc ląp di ląp ląi lien tuc trong suót qua trinh tinh toan. 

LOVEBOOiC.VN i 13 








Vięc sit dung phim pici 
duoc ung dung vó cimg 
nhieu vao cac bai toan 
dang tinh gia tri bieu thiic, 
rut gon bieu thiic, kiem 
tra nghięm (tąp nghięm) 
ciia phuong trinh, bat 
phuong trinh hay hę 
phuong trinh,... 


Pnata 1 1 Tong yfi cac tir.h nang Casio The best or nolhtng 

¥1 du 1.4: Doi vói day so Fibonacci T k+2 = T k+1 +T k vói k>l,keZ. Xac dinh day 
so tir Tj den T s biet T 4 = 1 va T 2 = 1. 

Phan ticłi: 

Ta có the hieu rang de bai yeu cau tinh T 3 =T 2 +T ir T 4 =T 3 +T 2 , T 5 =T 4 +T 3 . 

Quy trinh barn may 

- Buóc 1: Nhap T t = 1 vao may, an (Tj, roi an (=), khi dó ket qua Tj = 1 se tu 
dong duoc luu vao bo nhó tra 16i Ans (Ans = T, =l). 

- Buóc 2: Nhap T 2 = 1 vao may, an [7], roi ah jHj, khi dó ket qua mói T, = 1 se 
duoc luu vao bo nhó tra lói Ans, cón ket qua truóc dó = 1 se duoc luu vao bo 
nhó tra lói truóc PreAns, cón ket qua (Ans = T 2 = l,PreAns = Tj = l). 

- Buóc 3: Có T 3 =r 2 +r i = Ans + PreAns, an (33 i lfflB jtag, an may hien 2. 

T 3 = 2. Khi dó, ket qua mói T 3 = 2 se duoc luu vao Ans va ket qua truóc dó 
T 2 = 1 se duoc luu vao PreAns (Ans = T 3 = 2, PreAns = T 2 = l). 

- Buóc 4: Có T 4 =T 3 +T 2 = Ans + PreAns, an (ĄnśJ (30 (tej, an f=j, may hien 3. 
Vąy T 4 = 3. Ket qua mói nhat T 4 = 3 se duoc lun vao bó nhó Ans va ket qua truóc 
dó T 3 = 2 se duoc luu vao bo nhó PreAns (Ans = T 4 = 3, PreAns = T 3 = 2). 

- Buóc 5: Có T 5 = T 4 +T 3 = Ans + PreAns, an (tej 00 (ALPHA) (tej, an (Ml / rnay hien 5. 
V ^y "^5 = 5- Tuong tu, ta duoc Ans = T 5 = 5, PreAns = T 4 = 3 va chu trinh nay se 
duoc lap di ląp ląi nhu the, giup ta tinh duoc cac sóhąng tiep theo T 6 ,T 7 ,...,T„,... 
cua day. 

Tong quat: [ T k+2 = T k+k + Ans + PreAns . 

/•I Chu y: 

I - B 0 nhó tra lói truóc PreAns chi duoc su dung trong phuong thiic mac dinh 
COMP (fil fJj) . N6i dung bo nhó PreAns se bi xóa bat cu khi nao nhap vao may 
ij phuong thiic khac tir phuong thiic COMP. 

i - Ta thuóng sir dung bo nhó Ans va PreAns de thirc hien tinh toan tren cac day só' 

I (se hoc ó lóp 11). 

2., Phim CALC 

De tinh gia tri cua mot bieu thiic nao dó tai mot diem cu the, chi can thay diem 
dó vao bieu thiic roi tim ket qua. Chang han, tinh gia tri cua bieu thiic 
P(x) = x 3 +3x 2 +2 tai diem x = l, ta thay x = l vao bieu thiic va tinh duoc 
P(l) = l 3 + 3xl 2 +2 = 6. 

Hoąc ta cung có the gan gia tri x = l vao bien nhó X: CD @ @ CD roi tinh 
P(l) = X + 3X 2 + 2: (MPHAj (Tl (sHfli O (33 (H (1M1 (7j @ GB CS, an (=j, may hien 6. 

“ ~ B MathTA 0 Matli A 

X 3 +3X 2 +2 

_dl_ l 

Tuy nhien, neu tinh gia tri cua bieu thiic tai nhieu diem khac nhau thi sao? Ta 
khóng the thay tung diem dó vao bieu thiic tim ket qua, cung khóng the gan cac 
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diem dó vao cac hien hhó Ą, B, C,... roi thue hien tinh nhu tren. Vi vięc thay gia 
tri ton khóng ii thćri gian, va cac bien nha luu trii tren may tinh cung có giói hąn 
(8 bien nhó luu tru va mor bo nha doc ląp M). 

De qua trinh danh gia bieu thiłc tąi nbieu diein khac nhau duąc de dang han. 


ii - CALC cho phep cat giu bieu thuc co chua bien, ma ta co the nha ląi chung va 
I thtfc hien trong phuong thiłc COMP( I CD) va phuong thiłc CMPLX ( gag [gj ) 
i| - Cac kieu bieu thiłc có the luu giił vói CALC: 

1 + Bieu thiłc: 2X+3Y,2AX+3BY+C,A+Bi. 

| + Oacaułęnh: X+Y:X(X+Y) (dung @ denhąp vao daueta caulęnh 

|| + Cac dang thiłc vói mot bien ó ben trai va bieu thiłc chiła cac bien ó ben phai: 
i| A = B+C,Y = X 2 +X + 3 (dung (ftPl® EttS i (-) de dua vao dau " =" cua dang thiłc). 

iw. 2.1'; Luu siu bieu thiłc \l A 2 + B 2 vao mav roi the vao cac sia tri 


yuy mnn oam may 


- Buóc t: Nhąp vao may \/a 2 "+B 2 , an Y*) {jwj (a) 153 {■£} jĄjM} (b) @. 

- Buóc 2: An fajj), may hói A? Nhąp [fj (A = 2] . An 0§0, may hói B? Nhąp ( 
(B = 3). An may hien JTś. 





X 2 -s-13X-2 


n 2.2: Tinh gia tr| cua bieu thurc x* + 13x -2 tąi x = 2,5. 


Quy trinh barn may 

- Buóc 1: Nhąp bieu thiłc X 2 + 13X - 2, an j lM i [D fxĄ £F) [Tj CD i lM j Qj EFJ ff]. 

- Buóc 2: An [ĆMI/ móy hói X? Nhąp QD [Z! CU (X = 2,5). An 0§D , may hien —. 

0 Mat!. A 1 Mart* A 

X? X 2 +I3X~2 


3. Phfrn S0LVE 

May tinh cam tay casio có the giai cac he phuong trinh bąc nhat hai an, bac nhat 

_ , ba an cimg nhu cac phuong trinh bac hai, bac ba bang cach su dung lenh EON. 
Chiłc nang SQN se diroc & rt> a . b ■ 

tac gia giói thięu ó phan Ngoai ra, bat cu mot phuong trinh nao (1 an) cung có the giai quyet bang may 
sau - tinh casio qua lenh SOLVE. 

Lęnh SOLVE dimg Luąt Newton de xap xi nghięm cua phuong trinh va chi duac 
dimg trong phuong thiłc COMP (;.|k§ [Tj). Có nghia la, trong mot vai truong hop, 
phuong trinh khi duoc giai bang lenh SOLVE se duąc nghięm le. 
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- Dau "=" duoc nhap vao 
phucmg trinh bang cach 

an ilSi ! |6ftQj] chu khong 
phai sit dung phfan 0i3 
trong may. 

- Nghiem tim ctuoc cua 
phucmg trinh (ó buóc 3) 
chinh la nghiem gan nhat 
gia trj r 0 (o buóc 2). 

- Ta can nhap them mót 
vai gia trj khói dau khac 
x 0 de xac dinh xcm 

phucmg trinh eon nghiem 
nao khac hay khong. 



e^=X+2 


Solve for X 

_0. 

0 Mrćth 

£ x =X+2 

X= -1.84140566 
L-R= _0 


e x =X+2 

X= 1.146193221 
L-R= _0 


y i 

A 

/ 

/ * 
Jr j- 

k 1 - e 

r / 

y 

/I 

/ 

/ 0 

X 

/ 


y = x + 2 





i-, y , ; -■ 


Neu lęnh SOLVE khong 
the tim duoc nghiem cua 
phucmg trinh, man hinh 
se hien thi "Contiue: [=]", 
hói lięu ban có tiep tuc 
khong. An (H) de tiep tuc 
hay an (Ag de cśt bó thao 
tac SOLVE. 
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Dua Tao phiro® g trinh mot an 

* - Su dung SOLVE de tim nghiem cua phuotng trinh f(x) = g(x) 

Phucmg phap giai: 

| - Biróc 1: Nhap vao may f(^X) —g(X)=0,hoacnhap f(X) —g(x) = 0,hoacnhap 

f(x)-g(x). 

i- - Biróc 2: De bat dau giai phuong trinh nay, ta nhap lęnh SOLVE bang cach su 
May hien "Solve for X", tire la yeu cau nhap gia tri khói dau cho X 
= x 0 bat ki). 

| - Biróc 3: An i^j, may se hien nghiem X la nghiem cua phucmg trinh da cho. 


f) dung jajjl) [CALC]. 

s 

j (gia sir nhap X 


j V£ du 3.1: Su dung SOLYE de tim nghiem cua phucmg trinh e x = x + 2 . 


Quy trinh barn may 

- Buńc 1: Nhap phucmg trinh e x = X + 2, an Si!® 1x10*1 (x'J S1M| 


(►;) iSMj iOALfij gm® 


m ffi d). 

- Buńc 2: An jsHiFrl JCALCJ, may hien "Solve for X" yeu cau ta nhap gia tri khói dau 
cho X. Gia su chon X = —2, an (m) 00 - 

- Buoc 3: An j—1 . may hien X = —1,84140566. Day la mót nghiem cua phucmg 
trinh (nghiem nay gan vói gia tri -2 nhat). 

- Buńc 4: De kiem tra xem phuong trinh cón nghiem nao khac hay khong. Ta se 
nhap mot gia tri khói dau khac cho X. 

An Silili fĆAici tiep, may hien "Solve for X", an ffl(X = 2). An [S], may hien 


1,146193221 va day la nghiem thu hai cua phuong trinh (nghiem nay la nghiem 
gan vói gia tri 2 nhat). 

Ta tiep tuc nhąp cac gia tri khói dau khac cho X ngoai hai gia tri -2 va 2 va thay 
phucmg trinh e ' : -x+ 2 chi có dung hai nghięm tren. 

Thąt vay, xet dó thi hai ham só y = e x va y = x + 2. Hai do thi nay cat nhau tai 
hai diem nen phuong trinh chi có hai nghięm (hinh ve). 


Noś. dung man hinh nghiem 


Phuong trinh nhąp vao 

Bień can duoc giai cho 


e*=X+2 

X= 1.146193221 
L-R= _0 


Nghięm 


Ket qua cua VT — VP 


"Ket qua cua VT — VP " (L — R —) chi ra ket qua thu duoc khi ta tru hai ve cua 

phucmg trinh cho nhau ((Ve trai)-(Ve phai)) sau khi gan gia tri thu duoc cho 
bien can duoc giai. Neu ket qua nay cang gan 0 thi do chinh xac cua nghięm thu 
duoc cang cao. 

Vi du 3.2: Su dung SOLYE de tim nghięm cua phucmg trinh 2 X = c/x 10 +2 + x ■ 
















2 x ~iX 10+ 2 +> 


Continue: 


L-R--4.14951xm i ‘ 


B ^(5t:c>UAN hV»/V> 

ii w \ 1111 


Ap dung (l) vaohamsc 
1 / = x, có di = d(x) 

= (x) .Av = l.Ax = Ax . 

Do dó, vói ham so 
y = /( v) thi 
= /'( x).Ax = /'(.v)d-v 

-» f( x ) m 4:f( x ) ■ 


■^ X '(D)| x _ 


Mhap ham Nhąp diem 

so f(x) .r = x„ ma tai 


dó can tinh 
dąo ham 


^Cx 2 +./x^)i 


- Btróc 1: Nhąp phtrang trinh 2 X = \/X 10 + 2 +X, an *d\¥Ł "iLJ 

- Bwóc 2: An gnj fgc), may hien "Solve for X" yeu cau ta nhąp gia tri khói dau 
cho X. Gia su chon X = 5, an [sj. 

- Biróc 3: An UD, may hien "Continue: [=]". An fi] de tiep tuc, may van hien 
"Continue: [=]". 

Vay may tinh khóng the hien thi nghięm cua phucmg trinh 2* = \jx 10 + 2 + x, hoąc 
la phtrang trinh vó nghięm. 

Moi TTsłi cha f qoau trong 

![ _ Neu phirang trinh chua ham nao dó có dnia dau ngoąc mó (vi du ham sin va 

i; ham log) thi phai nhąp vao cac dau ngoąc dong. 

li - Cac ham sau khóng diroc phep o ben trong cua phirong trinh: 

a , 

I J,— ,Z,n,Pol,Rec,+R 
; dx 

| - Tuy vao vięc dua gia tri khói dau vao cho X (hien nghięm), SOLVE có the khóng 
'( có kha nang thu du-oc nghięm. Neu dieu nay xay ra, hay thu thay doi gia tri khói 
| dau de cho chung gan vói nghięm hon. 

a - Neu phirong trinh có nhieu nghięm thi khi sń dung SOLVE, chi mot trong só cac 
| nghięm dó se duac cho ląi. 

4 Plilm tleli phip g§) 

Dąo ham, tich phan la mot chu de quan trong va xuat hien xuyen sudt trong 
chucmg trinh THPT va ćuoo ung dung trong nhieu llnh vuc, trong dó có Vąt ly 
va Toan hoc. May tinh cam tay casio giup noc sinh phan nao giai quyet dupc khó 
khan khi tiep can cac ba i toan ve dąo ham, nguyen ham, tich phan va vi phan. 
Dau tien, ta can dna may tinh ve phirong thńc mac dinh COMP: g| | ). 

Dąo Mm, vi phan. (-Jj^s) 

; • ' ogMa vi p*ian: . I 

j Cho ham so y = f(x) xac dinh tren khoang (a;b) va có dąo ham tąi x s («;&). Gia sir Ąx ó 

|. la só gia cua x. Ta goi tich f'(x). &x la vi phan cua ham só y = f(x) tąi x ling vói só gia j 
I Ax, ki hięu ia d/(.r) hoąc dy . Nghla la: 

dy = df(.v) = /'(x).A.r| (i) * 

Su dung lęnh [§fj ® ta xac dinh duoc dąo ham cua ham so /(x) tąi męt 

diem x = x 0 nao dó, hay xac dinh dąo ham cua ham só' f(x) va giai cac bai toan 
khac lien quan. 

An i'® { ■§“»), man hinh hien thi nhu hinh ben. 


. 4.1: Tinh dąo ham cua ha 


ham só' y = x 2 + i/i + 2 tąi diem x = 2 


yiiv tnn& r ->ar: 


- Buóc 1: Nhąp vao may “ 7 “(^ 2 + + 2 


=2 , an |Af;] 


Qj i±j L,SJ (§) tfcy 1H . 

-Buóc 2: An [S], may hien 4,25. Vąy y'(2) = 4,25. 













STUDY T1PS 

Neu bai toan chua cac dai 
luong luong giac, ta dua 
may ve^ §H @ CD(Deg) 
hoac (siS) tax>§ Q0 (Rad) phii 
hop vói gia thiet. Cac tinh 
nang ve luong giac se duoc 
de cap ki hon o phan sau. 


^CsiriC2X))| 
_ A 


Phan 1: f6ng «uan vl cac tmh nine Casio 


1 ne Best or 


tothiite 


I V i ci u 4.2: Tinh dao ham cua ham só u = sin2x tai diem x = — 

. _ _ - 1 • 3 


Ouv trinli ban; mav 

— -J j 

- Btróc 1: Dira may ve che dó radian; j ŚHfFfj popij [Ti (Rad). 


Biróc 2: Nhąp vao may — (sin(2X)) 


„ / an @ @ jsinj 


jSHIFT] [slO- j Qw) i 3 j. 


! UJ te' tej 


- Biróc 3: An (§|}, may hien —1. Vąy y'|^—J = _j_ 

Y nghla hinh hoc cisa dao ham: Qua vięc sit dung may tinh casio de tinh dąo 
ham cua ham só y = /(x) tai diem x () duoc neu ó tren, ta se xac dinh duoc hę só 


góc tiep tuyen cua dó thi ham só y = f(x) tai diem (*„;/(*„)). Có nghla la: 
k~y'{ x o) = ~^ ( {f{ x ))\x=x„ vói k la hę só góc cua tiep tuyen. 



Nhąp cąn Nhąp ham so 
tfch phan 


0 . 

J. 2 CX 2 +X+5)dx 

539 
6 


Nguyen ham, tleli phan (jf\ 

Lęnh (jg cho phep ta tim nguyen ham hay tich phan xac dinh cua ham só hoac 
cac bai toan khac lien quan den tich phan. 

v _^ 

An yg, man hinh may tmh se hien thi nhu hinh ben. 

5 

Vi du 4.3: Tmh tich phan J {x 2 + x + 5^dx . 

-2 

Quy fcrinh bam may 

5 

- Biróc 1: Nhąp vao may J"(x 2 + X + 5)dx, an ® (Tj @ Q] ggj (±j (11) Q] ffl 

-2 

- Biróc 2: An (§0, may hien Vąy J(x 2 +x + 5)dx = ^ > . 

5. Piilm gial Ma (!), to hdp (nGr) wa chinh top fnPr) 

Su dung cac phim giai thira (!), to hop (nCr) hay chinh hop (nPr) de giai cac bai 
toan dem, hay cac bai toan tó hop xac suat,... 

Giai thira (!) va hoan v| 

Vi du 5.1: Có ba vąn dong vien A, B, C thi chąy Marathon ó cimg mot dia diem. 
Có bao nhieu kha nang xay ra cho thń tir ve dich cua ba vąn dong vien dó? 

Phan tich: 

Doi vói truóng hop nay, ta hoan toan có the lięt ke ra só kha nang xay ra cho thu 
tu- ve dich cua ba vąn dong vien la 6: 

ABC - ACB - BAC - BCA - CAB - CBA 

Cu the, có 3 kha nang khac nhau xay ra cho vi tri ve dich dau tien. Khi vi tri dau 
tien duoc xac dinh, vói moi vi tri dau tien dó ta có the xac dinh duoc 2 kha nang 
cho vi tri ve dich thu hai. Khi hai vi tri dau tien duoc xac dinh, thi chi cón 1 kha 
nang cho vi tri ve dich thu ba. Vi vąy, so kha nang xay ra cho thu tu ve dich cua 
ba vąn dong vien A, B, C la: 3 x 2 x 1 = 6 (kha nang). 
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-~~ i stoli &. 

30! 

652528598x ijgg_ 



May tinh Casio khong the 
tinh toan lón han 69! boi 
dó la ket qua qua lón, 
vttqt qua giói han tinh cua 
may va khong the hien 
thi- Tuy nhien, trong 
clurong trinh THPT, ta 
hau nłut khong gap cac 
tinh toan lón hon 69!, 
hoąc nHu có thi bai toan dó 
se duoc bien doi qua mot 
cach nao dó don gian hon. 


Phan tich nay có tinh ap dung ćKung. Do dó, nói chung so rtoan \ 




tu) cua n ćtói tuęmg khac nhau duoc cho boi n giai thha, dó la: 

n! = nx(n-l)x(ti-2)x...x2xl 

i - Męt tąp hop A có n phan tu (n > l). Khi sap xep n pHSn tu dó theo mat thu tu, ta auoc | 

■ mót hoan vi n phan tut cua tąp A, goi tlt la męt hoan vi cua A. : 

j -Kihięu P la so hoan vi cua n phan tó thi P n = n(n-l){n-2)...3.2.1 = nl (n! duoc doc 

i la n giai th ua). .__ ___ 

" Taco the’su dung khaiteien n! = n(n-l)(n-2)...3.2.1 de tinh 2!,3!,... haythąm 
chi la tinh 10!,11!. Nhung neu yeu cau tinh 30! thi sao? Ta ci mg có the nhąp vao 
may theo quy trinh Ix2x3x...x29x30 nhung kha ton łhói gian. Vi vąy, may 
tinh CASIO fx-57GVN PLUS cho phep tinh nhanh só hoan vi n phan hi cua mot 

tąp hop qua lęnh \%£ bang cach an iMuj [Xj • _ ______ 

; Vi dii 5.2: Tinh 30! 

Quy trinh barn may 

róc 1: An OD Oli S§S£0 ÓEÓ- 

róc 2: An li, may hien 2,652528598x10 32 (day la motkÓtqua lón). 


[ Vi. du 5.3: Tinh 70! 


Quy trinh barn may 

róc 1: An *7j (j>j (Ul 1 §3 (70!). 


J 


--i itoh 

70! 


Math ERROR 



CAC3 :canoe1 



r <a 3 r e>isGoto 


Chinh hop (nPr) 

j Vi da 5.4: Có 10 vąn dong vien A, B, C, D, E, F, G, H, 
i, có bao nhieu kha nang có the xay ra cho thu tu ve dicł 
' (Biet rang cuęc thi chi xep cac thu tu nhat, nhi va ba). 

Phan tich: 

Tuong tu vi du 5.1, ta có the suy luąn rSng có 10 lua chon cho vi tri dau hen, sau 
dó có 9 lua chon cho vi tri thu hai va cuoi cimg la 8 lua chon cho vi tri thu ba. 


I, K thi chąy Marathon thi 
i cua 10 vąn dong vien dó? 


Nhu vąy, só kha nang xay ra la 10 x9 x 8 (kha nang). 
10x9x8x7x6x5x4x3x2x1^10! 10! 

7! 


Hay có 


(10-3)! 


(kha nang). 


7x6x5x4x3x2xl 

Trong toan hoc, ta ki hieu phep łay 3 trong 10 dÓi tuong roi s4p xep chung theo 
thu tu la 10P3 (hoąc Ą 3 0 ) va dupc goi la chinh hop chąp 3 cua 10 phan tu. 


„ 3 10 ! 
Nhu vąy, Ao=^T^i’ 






Theo quy troć quoc te, thi 
chinh hop duoc ki hięu la 
nPr (r-permutations of 
n), ta có the hieu day la 
mót chinh hop chąp r 
cua tąp hop có n phan tu. 
Hay nPr = T - ttl . 


10! 

a 

M*th A 

110—3) ! 


720 


10P3 


13 Math A 


720 


;gg t i Ts : 

i jl tiiteS nafila rih-mii h*th« 

li ’■* 

[ “ M$t A gom « phSh tft 'va so nguyen k vói 1 < k < n . Khi lay ra k phan tu- cua 

| tąp hąp A va sap xep chung theo mot thu tu, ta duoc mot chinh hop chąp k cua n phan 
| cua A, goi tat la mot chinh hop chąp k cua A. 

I “So chinh hop chąp k cua tąp hop có n phan tu (l < 7c < n) la: 


K =n(n-l)(n-2)...(n~k + l) = 


n! 


(n-kj! ' 


Tltuc hien lęnh nPr tren may tinh bang cach ah fsHinj jXj de tinla so chinh hop 
chąp r cua n phan tu. Luu y, phai nhąp gia tri n truóc, tiep theo an lęnh §ff! g| 
va cuoi cung la nhąp gia tri r. 

Vi du 5.5: Tinh A^ 0 . 


y wy trinh bam may 

/l3 i 10! 


Taco /1 , ! h = 10P3 = 


(10-3)! 


- Buóc 1: An @] CD l£ @ 0 ® CO Q] 00 B (I) [Ti m 0, ho|c Sn [T] 
@ jKJ (3J. 

- Buóc 2: An (=ó ket qua hien ra la 720. 

* 


To h 

Vi di 


a 5.6: 


Có 10 vąn dpng vien thi chąy Marathon thi có bao nhieu kha nang có 
I the xay ra cho ba vi tri ve dich dau tien? (Ba vi tri nay khóng tuan theo thu tu 
] nhat, nhi, ba). 

Phan tich: 

Tu vi du 5.4, neu ba vi tri ve dich dau tien duoc xep theo thu tur nhat, nhi, ba thi 
co 10P3 hay Ą 3 (J kha nang xay ra. Có nghia la, mot khi bó ba ve dich dau tien 
dupc chon, ta phai dem theo 3! de hoan vi ho vao tung vi tri. 

Tuy nhien, ó vi du 5.6 nay ląi yeu cau chi can xac dinh so kha nang cho ba vi tri 
dau tien (ma khóng can biet ai la nguói ve dich dau tien, ai la nguói ve thu hai 

va ai la nguói ve thu ba). Khi dó só kha nang xay ra la ^ = 10! 

3! (l0-3)!3!' 

Trong toan hoc, ta ki hięu phep lay 3 trong 10 doi tuong nhung khóng s4p xep 
chung theo thu tu la 10C3 (hoąc Cf 0 ) va duoc goi la to hop chąp 3 cua 10 phan 
10 ! 


(l0-3)!3! 


Theo quy uóc quóc te, to 
hop duoc kf hięu la nCr 
(r-combinations of n), ta 
có the hieu day la mot to 
hop chąp r cua tąp hop 
có n phan tu?. Hay 

nPr _ ni 

r! 


tu. Nhu vąy, Cj 0 = 


■ ©inłt Rghfa tS hęrp; " ' 

- Mot tąp hop A gbm n phan tu va só nguyen k vói 0 < k < n . Mói tąp eon cua A có k 

phan tu duoc goi la mot tó hop chąp k cua n phan tu cua A, goi tat la mot tó hop chap k 
cua A. 


- Só tó hop chąp k cua tąp hop có n (0 < k < n) phan tu la: C* 


nl 


(n-k)\k\ 


ttCi 


(n-rMrl 
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Tinh so to hop cua mót tąp hop hang cach an lęnh nCr: ggj.Luuy, phai 
nhąp gia tri n truóc, tiep theo an lęnh |Srj 0 va cuói cung la nhąp gia tri r. 













0C3 


120 


i. jfi.11 


hay an Qj [ÓJ sjąfy LtJ ClJ • 

- Biróc 2: An (Sj, may hien 120. 


100 ! 


0 

Matki ERROR 


[ACH i Canoe1 
CilLŁli_fioto_ 


4950 


Lol the cua vięc su dung cac lęnh w Pr va nCr la thuc hien tinh duoc ke ca khi 
cóng thiic bieu dien chu-a cac gia tri giai thira lón han 69!. Cu the, ta có 


inni 100! > , 

C, 2 „ n = 100C2 = . Neu ta nhąp vao may tinh theo cóng thuc t ^ < thi may 


98!x2! ' “ 98!x2! 

hien Math ERROR (vi trong cóng thuc chua gia tri lón han 69!). Tuy nhien, khi 
ta thuc hien an theo lęnh nCr (100C2) thi ket qua nhan duoc la 4950. 


§, Pitol IśpSs teng (§») va tleli 


Cac ham sau day khóng 
the duoc dung trong 
f(x): Pol, Rec, -:-l<. Cac 
ham sau day khong the 
duoc dung trong '■■/(*), fl. 


hay in |,i',Łn. 


CMic ni.sig tinh t6ng ( Ęr) 

b 

Vói męt pham vi xac dinh cua ham só f(x), ta xac dinh duoc tóng Ś(/( x )) 

x=a 

theo cóng thuc sau: 

£(/(*)) = /(«) + /(« + !) + f(a + 2) + ... + f{ł>-2) + f{b-l) + f(b ). 

x-a 

b 

Cii phap hien thi tu nhien la £(/(*)) cń P hś P hign ‘ hi tu y 6n tinh lh 

x=a 

]T(/(x),a,b). Trong dó a va b la cac so nguyen duoc xac dinh trong phąm vi 


-lxl0 10 <a<&<lxl0 10 . 


An :8HŚrj !>yj (;A**) de dua vao may ham tóng Z • Man hinh hien: 


□ 

Z (□) 

X=D 


V 

Sau dó nhąp vao ham f(x) va cac gia tri a,b . Ta tinh duoc tóng £(/(*)) • 

X~R 

Vi d» 6.1: Su dung lęnh 553}N.lj (A"-) de tinh gia tri cua tóng 1 + 2 + 3 + ... + 50 . 


Oisy trinh barn may 

50 

rac 1: Bień doi 1 + 2 + 3 +... + 50 = (x). 

x-\ 


so 

Z (X) 

;i --1 


50 

Z CX) 

x=i 


0 Math A 


1275 


50 _ _ __ _ __ 

ac 2: Nhąp vao may ^(x), an yrl ,SUD { 1 Cf)ClJ ( r ■) • .5 .11 • 


róc 3: An faj , may hien ket qua 1275. Vąy 1 + 2 + 3 +... + 50 - 2^x -1275. 

w ’ .x-=i 

Ch*K iiB.ii 0 tmh tleli 

Tuang tu, ta xac dinh tich só j~[(/(x)) ^ 80 /( x ) 11:160 cong thÓC Sau: 















Cac ham sau day khong 
the dirpc dung trong 
f(x): Pol, Rec, *R . Cac 
ham sau day khdng the 
dupc dung trong f(x),a 

hay b: 

dx 


Il(/(^)) = /(«) x /(fl + 1 )x/(fl + 2)x...x f(b- 2)x f(b-l)xf(b), 

b 

Cu phap hien thi tu nhien la n(/(*))' tron g khi d ó cu phap dua vao hien thi 

x~a 

tuyen tinh la Y\{f( x )' a 'b)- Trong dó a va b la cac so nguyen dupc xac dinh 
trong phąm vi -1 x 10 10 < a < b < 1 x 10 10 . 

An @JU gj) (!-) de dua vao may ham tich. Khi dó may hien: 


9 CD) 

K=0 


50 

n cx) 

X=1 


3U 

n cx) 

* 3.04140932xin 64 


Sau dó nhąp vao ham f(x) va cac gia tri a,b . Ta tinh duoc tich J|( f(x )) . 

____ x=a 

j */i du 6.2: Su dung lęnh (jjyjjjj} g j) (S™) de tinh gia tri cua tich 1.2.3...50 . | 

Quy tribtih barn may 

50 

- Buóc 1: Bień doi 1.2.3...50 = \\ x ■ 

X=1 

50 

- Buóc 2: Nhąp vao may n( X ) ®® CD <2> (TJ <X> ( 5 ] [o], 

X=1 

- Buóc 3: An (D, may hien ket qua 3,04140932 x 10 64 
Vąy 1.2.3...50 = 3,04140932 xl0 M . 

7. Phufdng tiule CilFLJC (Mdi trifdng se pinie) 

An g@ E3(CMPLX) de thuc hien tinh toan tren moi truóng so phuc. 


An SóB }~2l. góc man hinh 
hien th| chu CMPLX chó 
biet che dp phuc dang 
dupc sir dung. 


1:COMP 2:CMPLX 
3:ST«T 4:6ASE-N 
5:EQH 6:MATRIK 
7;TńBLE 85VECTOR 


Trong phuong thuc CMPLX, thanh phan ao hien ra b3ng cach an phim 






Mąt so ly thuyet co ban ve so phuc 

Mói so dąng z = a + bi,(a,b<= IR) duoc goi la mpt so phuc. Trong dó, a dupc goi 
la phan thuc va b dupc goi la phan ao cua z. 

Tąp hpp cac so phuc dupc ki hięu la C. 

Diem M(a-,b) trong mpt hę toa do vuóng góc cua mąt phang dupc goi la diein 
bieu dien só' phuc z = a + bi. 

Gong, trur, nhan va chia cac so phuc 

Cac phep cpng, trir, nhan, chia so phuc dupc thuc hien tren may tinh tucmg tu 
nhu cac só thuc. Tuy nhien, truóc tien ta phai dua may ve che do CMPLX: 
6§li GD de thuc hien tinh toan tren truóng só phuc. 

Vi du 7.1: Cho hai só phuc z, = 6 - i va z 2 = 4i + 5 . Su dung may tinh cam tay de 
thuc hien cac phep tinh sau: ( Zl +z 2 ),(z 1 -z 2 ),z r z 2 , ^ _ 
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Chm S Maili Ł 

(6-1)+(4i+5) 


CMPLń 0 tils.th A 

(6-i)-(4i+5) 


CMPLX B Sifcrth A 

(G-ij^CĄi+S) 


34+191 


CMPLH m M&th A 


26 29 . ; 
41 40 


5TUDY UPS 

Ta cung có the su dung RCL 
(STO) de gan 6 —i—* A va 
4z + 5 —> B. Khi dó, z, + z 2 
= A + B; Zj-z 2 =A-B; 

z..z, =AxB va — = — . 
12 z, B 



STUDT' TIFS 

That vąy, theo cóng thuc 
tinh módun cua s o phńc 
z = a + bi,(a,b sR) la jz| = 

•Ja 2 + b 2 . Ta có jzl = |4 + 5:1 




Tren mąt phang toa dó 
Orty, cac diem bieu dien z 
va z doi xung nhau qua 
truć Oz. ■-; 


- Buóc 1: Dura may ve che dó CMFLX; £uś| RTŁ 

- Buóc 2: De tinh z, +z 2 = (6 — tj + ^4i + 5), ta ah fT) f@j F3IH OD GB LSJ £3] §3 
Qhj Cl] OD An (Hj, may hien ket qua bang ll + 3i. 

- Bńerc 3: Tinh z t — z, = (6 — ij —(4 ;i + 5^, sura phep tinh vńa nhąp, ta ah 6!>(7 lan) 
ffy Q. An (Sj, may hien ket qua bang 1 — 5 i. 

- Buóc 4: Tinh z r z 2 =(6-i)(4i+5), sńa phep tinh vńa nhąp, ah £§}(7 lan) fly (X]. 

An [§0, may hien ket qua bang 34 +19 i . 

2 6 — i _ _, ^ ^ ^ ^ 

- Buóc 5: Tinh — =-, ah @1jgl f3 jpl ® 01IP ffl OD* An fS], may hien 

z 2 4; + 5 

„ 26 29 

ket qua bang -- i. 

Modna cisa so pbuc 

Gia su* so phńc z — a + bi durąc bieu dien boi diem M{a;b ) tren mąt phang toa do. 

p Dq da i cua vecto OM duroc goi la módun cua só phńc z va ki hięu la |z|. 

I __ __ 

I Nhur vąy |z| = \a + bi\ = |qm| = * Ja 2 + b 2 . 

De tinh módun cua męt só phńc bang may tinh, ta su 1 dpng phim Abs{ jstirri jhyp! ) 
roi nhąp vao só phńc z. Khi dó, mar. hinh hien nhir hinh ve ben. 

Vi du 7.2: Su dtąng may tinh casio (hay vinacal) de tim módun cua so phńc 
z = 4 + 5i . 


yuy inna nam may 

- Buóc 1: Dura may ve che do phńc CM?LXt §ć§§ [2j* 

- Buóc 2: An jŚKFfj H, roi an fi] Or LiO de nhąp vao may |4 + 5i|. 

- Buóc 3: An fsS] , may hięn ke't qua bang \[H. Vąy Izl = Vil. 



Só phuc hen hop 

Sj — 

i] Cho só phurc z = a + bi . Ta goi a - bi la só phńc lien hop cua z va ki hięu la z = a-bi 

De xac dinh só phńc lien hop cua mot só phńc z bang may tinh casio (hay 
vinacal), ta dira may ve che do phńc CMFLX: Pcpgj (S3 r 'ói ah fiifj [gl(CMPŁX), 
mot menu tuy chon hien ra (nhur hinh ben duói). Chon QT)(Conig), man hinh 
hien Conjg(, nhąp só phńc z, an Qj roi an jsj, may hięn ket qua. 

“ CMPŁŹ § Math 

isars 2iconJ3 l'nn i q ( 

3ss-r4a 4sła+bi ’ % 


| Vi du 7.3: Sń dung may tinh Casio (hoąc Vinacal) de xac dinh só phńc lien hop 
i cua z = (l + 2ż)(2 —5i). 














CMPIX a 

ConjgC 


CMPLX 0 M&tfi A 

ConjgC Cl+2i)(2-i> 

_12+i 


y 


f M(2 


/\<P = argz 

1/ | 


O 


STUDY UPS 

Do don vj góc mąc dinh cua 
may la dp, nen ket qua se 
hien thi duói dang góc a°. 
De’ ket qua hien thi duói 
dang radian, an (SS) goffij [3] 
(Rad). 


argCS 


SMPLS 0 Matfi' A 

argCCT^-i)(l+J3i> 

_30 


i: ara 
3: 


2:ConJ s 
4: »-a+bi 

iiffri faj 


Compies; Result? 
Isa+bi Z;rć.e 

liifr) §5® <9> Cs] 


l~i 


-/2Z-45 


Phaft 1: Jang iiuan ve cac (rób nang Casio 

- Buóc 1: Bita may ve che do phuc CMPLX: R||Ijj. 

- Buóc 2: An pini Qfj(CMPŁX), chon [gjCConyg). Mart hinh hien ConjgC nhu 
hinh ben. 

- Buóc 3: An [Tl Qj 33 (jj III CD CD GD E3 O S Ej de nhąp vao man hinh so 
phuc z = (l + 2i)(2 —5/). An (T). 

- Buóc 4: An [Hj . may hien ket qua bang 12 + i. Vąy z = 12 + i. 

Acgumen cua s 6 phuc 

Cho so phuc z = a + bi, (z ■+ 0]. Diem M (a; la diem trong mąt phang phuc bieu 

dien so z . So do (radian) cua moi góc luong giac có tia dau Ox, tia cuói OM dtrgc 
goi la mot acgumen cua z , ki hięu la argz. 

De xac dinh acgumen cua mot so phuc z bang may 
tinh casio (hay vinacal), ta dua may ve che do phuc 
CMPLX: ggg GD roi an fsifrl fal (€MPŁX), mot menu 
tuy chon hien ra. Chon fTKarg), man hinh hien arg( 
nhu hinh ben, nhąp so phuc z, an (JJ roi an (=), may 
hien ket qua. 

j Vi du 7.4: Sii dung may tinh casio (hoąc yinacal) de xac dinh acgumen cua so 
] phuc z = |V3 — zj|l + \/3 i j. 


isar-3 EsConda 
3: 4s am+bi 


argCS 


Quy trinh barn may 

- Buóc 1: Dua may ve che do phuc CMPLX: Sopf! fil . 

- Buóc 2: An IsSTi jT)(CMPLX), chon fTKarg). Man hinh hięn arg( nhu hinh ben. 

- Buóc 3: An [<j © ©j (g) El Ul 03 CD CD 03 (U ii] CE> II CD de nhap vao 
man hinh sophuc z = [y/3+ An Q]. 

- Buóc 4: An [Sj, may hien ket qua bang 30. Vąy argz = 30° = —. 

6 

D-ąmg ktęsng glac cua s© phuc 

Dang z = r(coscp+/sincp), trong dó r > 0 dupc goi la dang luong giac cua só' phuc 
z^O.Cóndąng z = a+bi,(a,b s R) duoc gQi la dang dąi só cua só phuc z. 

Trong dó r =|z| = yla 2 + b 2 la módun cua so phuc z; tp la mót argumen cua z thóa 
a , . b 

man cos<p = — va smtp = —. 

r r 

Ckuyen doi saphtic tit dang dąi sosang dang lutmggidc (a + bi —>rZ0): 

Nhąp so phuc z = a + bi vao may. An [|J @] hoąc fijrj Sool (w) Qf] [1]. An 
may hien ket qua. 


Vi du 7.5: Su dung may tinh casio (hay vinacal) de dua só phuc z = 1 — i ve dąng 
luong giac. 


Quy trinh. barn may 

- Buóc 1: Dua may ve che do phuc CMFŁX: Boi [g]. 

- Buóc 2: Nhąp só phuc 1 —i, an (T) Q iH/ an figt! fil GD• An (=j, may hien ket 
qua bang JlZ - 45. Nghia la r = y/2, tp = -45° = —^. 
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&» 0 V 


Chuyeh doi so phitc tir 
dąng luęmg giac sang 
dang dai so, truóc tien ta 
can phai dua may ve don 
vi góc la radian 




l iii dang Irong gMc sang dan Nhąp 

vao r, ah jr;gr]jf—>1 de nhąp dau "Z" roi nhąp tiep argumen cp (radian). An 

jgSr j fal j4l hoac |fiiFrj Bp \vj CU CD- An (Hj, may hien ket qua. 

| Vi du 7/r, Sii dung may tśnh casio (hay vinacał) de dua so phiłc 
i z = 2 ( cos n + i sin Ttj ve dang dąi so. 

Quy tórth. 'barn. may 

- Buóc 1: Dua may ve che dó phiic CMPLX; Sóo§ QJj va don vi góc radian 

[ifr] g®§ [ 4 ] (Rad). 

- Buóc 2: Xac dinh r— 2, ę = n. Nhąp vao may 2Zrt, an [ 2 ] g i^r j (ddj ISPl @03 . 

- Buóc 3: An ji§7| (jfj [4j . An H5], may hien ket qua bang — 2 . Vąy z — —2. 

8. Phttóng thfis E6M 

Chuć siang: Tim nghięm cua mot sd phuong trinli va hę phuong trinh co ban, 
góm: Phuong trinh bąc hai, bąc ba mot an; hę phuong trinh bąc nhat hai an, ba 
an (Rieng doi vói may tirih VINACAL 570ES PLUS có the tim duoc them nghięm 
cua hę phuong trinh bąc nhat bon an). 

Phuong phap giai: An \.m§ ( 6 j (EON } de dua may ve che d$ giai phuong trinh, 
hę phuong trinh. Mot menu tuy chon hien ra. Su dung cac phim sd de chon dąng 
phuong trinh, hę phuong trinh can giai. 



; Cach ais , I 


! ■ FhM vól . | 

| £*«' v «*; > dh'( , c j 


Hę phuong trinh bąc nhat j 
j hai an i 


Ja^ + bjY^ 

[a 2 X + b 2 Y=c 2 

( Hę phuong trinh bąc nhat 
| ba an 

3^X4- bjY + c^Z = dj 
i - a,X + b, Y + c 2 Z = d 2 
1 a 3 X + b 3 Y + c 3 Z = d 3 

l Hę phuong trinh bac nhat 
| bon an 

; fa 1 X + b 1 Y + c 1 Z + d 1 T = e 1 
a 2 X + b„Y + c 2 Z + d 2 T = e 2 

| a 3 X + b3 Y + C 3 Z + d 3 T = e 3 

! a 3 X + b 3 Y + c 3 Z + d 4 T = e 3 

; Phuong trinh bac hai mot 
| an 

aX 2 +bX + c = 0 
\ Phuong trinh bac ba mot 

I 

i an 

i 

I aX 3 +bX 2 +cX + d = 0 















- Buóc 2: Nhap cac hę só tucmg ung a 1 ,b l ,c i ,a 1 ,b 2 ,c 1 cua hę phuong trinh vao bo 
soan thao hę so. 

- Buóc 3: An [5] , may hien X. An (UJ tiep, may hien Y. 


- Buóc 4: Ket luan nghięm cua hę phuong trinh la (x;y) = (X; Y). 




Vi du 8.1: Giai hę phuong trinh 


x + y = 3 
2x - y = 6 


Ouy trinh barn may 

- Buóc 1: An gjóig fj] (EQN), chon (T), bo soąn thao hę so hien ra. 
, , , A [a. =l,b. = l,c, =3 

12,O. \TUAr» U A pA' U A J 1 '1 '1 


- Buóc 2: Nhap vao cac hę só' cua hę 


a 2 = 2 ,b- = —1, c 2 =6 


An 00iB (D © dj CU ii)e m(D®(D. 

- Buóc 3: An [=j, may hien X = 3. An [E] tiep, may hięn Y = 0. 



0 Mj.tliT 

X= 

3 

0 Math A 

Y= 

0 

- Buóc 4: Vay hę phuong trinh có nghięm (x;y) = (3;0j. 


Hę phuong trinh &ąc nhat ba 

an 


a x x + b x y + c t z - d l 

Bal tcan: Giai hę phuong trinh • 

a 2 x + b 2 y + c 2 z = d 2 




Phuong pii ap giai: 

j - Buóc 1: An 6S§ CB (EON), chon [5] . Mot bp soan thao hę só hien ra (hinh ben). 
j - Buóc 2: Nhap cac hę so cua hę phuong trinh vao bo soan thao hę só. 

- Buóc 3: An [Hi, may hien X. An (Ej tiep, may hien Y. An (=) tiep, may hien Z. 

- Buóc 4: Ket luan nghięm cua hę phuong trinh la (x;y;z) = (X; Y;Zj. 
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— Btf0c 3; A 
Men Z = 2. 


], may hien X=l. An © tiep, may hien Y = 3. An iSJ tiep, may 


x= 

13 

MathV 

Y- 

0 

Mathm 

« 

t-1 

0 

Math Ł 



1 



3 



9 


■ Bwśc 4: Vay hę phuong trinh có nghięm la (x;y;z) = (l;3;2). 


ie phiKWig tttaft I>ąc 
/iitacalf 


non 31 


HOC hi Ol. VQi filery 'O.Illl 


JM toin: Giai hę phuong trinh 


fljX + b l y + CjZ + dj = ej 
a 2 x + b 2 y + c 2 z + d 2 t = e 2 
a 3 x + fe 3 y + c 3 z + d 3 t = e 3 
a 4 x + b 4 y + c 4 z + d 4 f = e 4 


nmg pMp giai: 

śc 1: An Hf O(EQN), chon OD • Mot bo soan thao hę so hien ra (hinh ben). 
śc 2: Nhąp cac hę so cua hę phuong trinh vao bo soan thao hę so. 

3: An §ś), may hien X. An [=■ tiep, may hien Y. An GD tiep, may hien Z. 
An SI tiep, may hien T. 

- Buóc 4: Ket luan nghięm cua hę phuong trinh la (x; y; z; t ) = (X; Y; Z; T). 



x + 2y + 3 z + 4f = 5 
x + 3y + 5z + 6 £ = 9 
x + 2y + 6 z + 5f = 9 
[5x + 5y + 3z + 9f = 5 


Quy trinh bam iniy 

-Buóc 1: An ||0D§ jjQ, chon [ 3 ], bó soąn thao hę so duoc hien ra. 

«, = l,b 3 = 2,Cj = 3,dj = 4, ej = 5 
a, =l,b 2 =3 ,c 2 =5,d 2 =6,e 2 =9 
a 3 = l,b 3 = 2 ,c 3 = 6 ,d 3 = 5,e 3 = 9 
a 4 =5 ,b i - 5,c, =3 ,d i =9,e 4 =5 

- Buóc 3: An ©, may hien X = l. An © tiep, may hięn Y = 12. An © tiep. 


óc 2: Nhap vao hę so cua hę phuong trinh 


1 MathT 

x= 

1 

U MathVń 

Y= 

12 

Hi MathV& 

2= 

4 

GD Maih & 

T= 

-8 


■ Biróc 4: Vay hę phuong trinh có nghięm ła (x;y;z) = (l;3;2). 

A CM ip Khi giai hę phuong trinh, se xay ra mot so truóng hop may hien 


>1 (vó so nghięm) hay No-Soltóon (vo nghięm). 


0 Mstfi 

El M&th 

Infinite Sol 

No-Solution 


L0YE800K.YN i 








ne Best or ncihing 


0 Math 

b C 

El 


l * 2 


0 Math 

, 4 b C 

i s so wtem 




0 MathT 


EBIg&&g3S‘a5£E3E 


PIimsi.il trinh bite hal mot an 


i * ,' Giai phuong trinh ax 2 +Ł>x + c = 0. 


Phiremg phap giai: 

- Buóc 1: An [iii (J3(EQN), chon [Sj (doi vói may casio); an © chon [Tj (doi 
vói may vinacal). Mot bo soąn thao hę so hien ra (hinh ben). 

- Buóc 2: Nhąp cac hę so tuong ung a,b,c cua phuong trinh vao bo soan thao hę 
so. 

- Buóc 3: An (H), may hien X, . An (5) tiep, may hięn X 2 (Neu phuong trinh có 
nghięm kep thi khi an (£?1 . may chi hien X). 

- Buóc 4: Ket luan nghięm cua phuong trinh la x x = X t , x 2 = X 2 (hoąc x x = x 2 = X 
neu phuong trinh có nghięm kep). 


Vi clą 8.4: Giai phuong trinh 2x 2 + 5x + 2 = 0. 


Quy trinh bam may 

- Buóc 1: An ftóog ! S !. chon OD (doi vói may casio), hoąc ari <▼) chon (T) doi vói 
may vinacal) thi bo soąn thao hę so hien ra. 

- Buóc 2: Nhap hę so: « = 2,& = 5,c = 2 . An QQ D (U d CD (D • 

^ 1 / 

- Buóc 3: An (HJ, may hięn X, = —. An QD tiep, may hięn X 2 = -2. 


Xi = 

0 

Math* 

X2= 

0 

M:dhVA 



1 

“2 



-2 


- Buóc 4: Vąy phuong trinh có hai nghięm x x = va x 2 = -2. 


i Vi dii 8.5: Giai phuong trinh 2x 2 + 20x + 50 = 0 . 


Quy trinh bam may 

- Buóc 1: An tesli fsj, chon GD (doi vói may casio), hoąc an @ chon [Tj (doi vói 
may vinacal) thi bo soąn thao hę so hięn ra. 

- Buóc 2: Nhąp hę so: a = 2,6 = 20,c = 50. An © (=) © OD (=) ©] © (=). 

- Buóc 3: An id . may hięn X = -5. 

- Buóc 4: Vąy phuong trinh có nghięm kep x x = x 2 = -5. 


Vi du 8.6: Giai phuong trinh x 2 + x + 4 = 0. 


STUDY TIPS 

Tren tąp só thuc M thi 
phuong trinh x 2 +x + 4 = 0 
vó nghięm. Nhung tren tąp 
sóphtic € thi phuong trinh 
nay Iąi có hai nghięm phrrc 

la x i,2=- 2 ± -y-i- 


Q uy trinh bam may 

- Buóc 1: An fjćejl fsl. chon GD thi bo soąn thao hę só hięn ra. 

- Buóc 2: Nhąp cac hę só: a = 1, b = 1, c = 4. An (Tj (d Ej GU G 


■j 

0 Math 

[ i 



4 


Buóc 3: An (=j, may hięn x, = + An d, may hien x, 

2 2 2 2 2 




Xi = 


.A + jUbj 
2 + 2 1 


X2= 


s MathT* 


i JTW- 


- Buóc 4: Vąy phuong trinh vó nghięm (tren M). 

Phtrong trinh bąc ba Eiotaa 
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HathTA 


- Vai may tinh vinacal, ó 
buóc 1 ta an t§£Ś) L?0 L§) 

_ > \ , nhąp hę só roi 

thuc hien tuong tu nhu 
phuong phap giai o ben. 

- Ha:n sobac hai chi có the 
ton tai mot trong hai gia tri 
lón nhat hoac nho nhat. 
Khi a> 0 thi ham so dat 
gia tri nhó nhat (do thi có 
be lom quay len tren). Khi 
u < 0 thi ham so dat gia tri 
lón nhat (do thi có be lóm 
quay xuóng duói). 


Ola tri lón si&at, nhó oliat oia ham so !>ae hai 

Bang lęnh §§§ [fi 159 tren may tinh casio de giai phuong trinh bąc hai 
ax 2 + bx + c = 0,(a*0), ta có the tim dtrgc gia tri lón nhat (hay gia tri nhó nhat) 

cua ham só bac hai y = ax 2 +bx + cj y a^ 0 ). 

Plurone chip lim gia tri lóm nhat (hoac eiś tri nhó nhat); 

, - Buóc 1: An jagę [s] (EQN) GD, va nhap cac hę so a,b,c vao bo soąn thao hę so. 

>j - Buóc 2: An =7, may hien X,. An !JD tiep, may hien X 2 (Neu phuong trinh bąc 

| hai có nghięm kep thi khi an isiD, may chi hien X). 

| - Buóc 3: Sau khi tim dtroc het cac nghięm cua phuong trinh bac hai: 

| + An [=1 tiep, may hien "X-Value Maximum=" hay "X-Value Minimum=", có 
| nghia la tai gia tri X nay thi ham só' dat lón nhat hay nhó nhat. 

| + An dj tiep, may hien "Y-Value Maximum=" hay "Y-Value Minimum=", tuc 
j day chinh la gia tri lón nhat hay nhó nhat cua ham só. 

| - Buróc 4: Ket luąn ve gia tri lón nhat (hoac gia tri nhó nhat) cua ham só bac hai 
5 y = ax 2 + fa + c,(a^0). 


- Buóc 4: Vąy phucmg trinh có ba nghięm phan bięt. 

Tuong tu phuong trinh bac hai, khi giai phuong trinh bąc ba cung có mot vai 
truóng hop may hien nghięm phuc. Chang han, phuong trinh x 3 - x 2 -x-2 = 0 


có mot nghięm thęrc x 1 


1 \/3 

= 2 va hai nghięm phuc x 23 = - —± : 


- Buóc 1: An ioig [JjiHQNś, chon OD (doi vói may casio); an c;0 chon LSO (doi 

| vói may vinacal). Mot bo soąn thao hę so hien ra (hinh ben). Mot bó soąn thao hę 
| só hien ra (hinh ben). 

!] - Buóc 2: Nhąp cac hę so tuong ung a,b,c,d cua phuong trinh vao bo soąn thao 


| hę so. 

| - Buóc 3: An Wj, may hien X,. An S j, may hien X 2 . An [Sj tiep, may hięn X 3 . 

1 1 ^ i 

1 - Btróc 4: Ket luąn nghięm cua phuong trinh. 

tłu 8.7; Giai phuong trinh 2x 3 — 7x~ + 7x — 2 = 0. 


;5j l.4j (dói vói may casio), hay an (y) chon 
tao hę só hięn ra. 

; hę só a = 2,b- -7,c = 7,d = -2. An [2 j (:;j Ry 


may hięn Xj = 2. An (=£, may hięn X 2 = 1. 


Khi nghięm ci::, mot hę 
phuong trinh (hay phuong 
trinh) dang dupc hien thi, 
de tró 1 ve bó soąn thao hę 
so ta anCjAc - Tu day, ta có 
the tiep tuc nhąp hę só de 
giai cac hę phuong trinh 
(hay phuong trinh khac). 














X-Value Minimum= 

s 

_"2 




0 MatWPA 

X-Value Maximum= 

3 

_m. 


Y-Value Maximum= 

129 

_20_ 


Phan 1: Tang quan ve cac tmh nasig Casio 


he best or nothing 


Vi du 8.8: Tim gia tri lón nhat (hay gia tri nhó nhat) cua ham so y = x 2 + 5x + 2. 


Ouy trinh barn may 

- Buóc V. An Sajj [5] [g] va nhąp hę so a = l,b = 5, c =2 . An ITI f=l f§1 f=1 fil 1=1 

- Buóc 2: An {=3, may hien X, =-—. An (=j tiep, may hien X 2 =-. 


Xl = 


-5+717 

2 


X2= 


- 5 —fTT 


^ 5 5 

- Buóc 3: Tiep tuc an (§0 , may hien X - Value Minimum = —. Tuc la tai x = — 

2 ' 2 

thi ham so dat gia tri nhó nhat. 

17 


An UJ tiep, May hien Y-Value Minimum = ——. Tuc la gia tri nhó nhat cua 


ham so bang - 


17 


' 17 5 

- Buóc 4: Vąy ham só y = x 2 +5x + 2 dat gia tri nhó nhat bang —— khi x = -—. 

rp , . 17 5 

Tuc la mmy =-<=>x =—. 

^ 4 2 


c 


Vi du 8.9: Tim gia tri lón nhat (hay nhó nhat) cua ham só' y = - 5x 2 + 3x + 6. 


Quy trinh barn may 

- Buóc 1: An §Q§§ QD i3] va nhąp cac hę só a-~5,b = 3,c = 6 vaobo soąn thao hę 

sff. Aneta ©ca ©ta ©. 

- Buóc 2: An dU, may hien X, = ^ ^ - An (j§0 tiep, may hięn X 2 - —— 


10 


10 


Xi= 


3+7129 

10 


X2= 


B MfcthTA 

3-7129 

10 


3 3 

- Buóc 3: Tiep tuc an GH, may hien X - Value Maximum = —. Tuc la tai x = — 

K J 10 • 10 

thi ham só dąt gia tri lón nhat. 

An GE) tiep, May hien Y-Value Maximum = . Tuc la gia tri lón nhat cua 

, 129 

ham so bang -. 

6 20 

^ x 229 3 

- Buóc 4: Vąy ham só y = —5x 2 + 3x + 6 dąt gia tri lón nhat bang —— khi x = —. 

129 3 

Tuc la min y = -<=> x = —. 

20 10 


9. Phsfdsig fhtfc TIULE (Bang gia tri) 

Chuć nang: Danh gia gia tri cua ham só tąi nhieu diem (cach deu nhau) bang 
mót bang gia tri. Tir dó ta có the xac dinh duoc nhieu thóng tin, nhu: chieu bien 
thien, gia tri lón nhat - nhó nhat, tąp xac dinh,... cua mót ham so. 

Cach an: An [MOlid jT)(TABLE) va nhąp cac ham só f (X),g(X) vao may. 
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An ■.] 5 AULE). Sau khi cac ham só f (x),g(x) duoc nhąp vao, an £%], may 

tinh se yeu cau nhąp cac gia tri Start, End va Step: 


% - Start? Nhąp vao may gia tri dau tien (giói han duói) cua X (mac dinh Start = 1). 
t - End? Nhąp vao gia tri cuoi cung (giói han tren) cua X (mac dinh End = 5). Luu 
j! y gia tri End luón iuón lón hon gia tri Start. 

js; , 

t - Step? Nhąp vao may biróc tang (mąc dinh Step = 1). Step xac dinh cac gia tri 
i Start phai tuan tu: tang len khi bang so diroc smh ra. Chang hąn, neu Start — 1 va 
i! Step = 1, thi X se toan to dirgc gan cho cac gia tri 1,2,3,4,... de sinh ra bang só 
r cho tai khi dat ta gia tri End. 


i. SO 


iri nMp fao mm kmbt Mra hole nm nam 


Ó che dó mąc dinh cua may, sau khi an Sool ;Jj(TABŁE), may yeu cau nhąp vao 
ham f(x) . Sau khi nhąp f(X), an Q§0, may yeu cau nhąp tiep ham g(x). Doi 

vói nhung bai toan chi can xet mot ham, ta có the nhąp vao f(x) va bó qua khong 
nhąp ham g(x). Tuy nhien, ta cung có the dua may ve che do hien thi chi mot 
ham f(x) ma khong can phai thpc hien btróc bó qua nhąp ham g(x). 

- Khi chi can xet mot ham f(X ) duy nhat, an s fl e A) CIO (TABLE) AJ. Tai che 


dó nay, bang hien thi duoc toi da 30 gia tri (30 dong). 

-Khicanxethaiham f(x),g(X), an igsyj §gDg C§j(TABŁ£)iU. Tąiche dpnay. 


bang hien thi duoc toi da 20 gia tri (20 dong). 


0 Math 

f(X)=2 x ~X 2 l 


STUDY TIFS 

Quan sat bang gia tri cua 
ham y -2 X -x 2 , ta biet 
duoc gia tri cua ham so tąi 
moi diem cu the. Chang 
hąn, khi x = 3 thi y(3) = -1 


j Vi du 9,1: Su dung may tinh casio (hay vinacal) de ląp bang gia tri cua ham só 
j y — 2 X -x 2 tren doąn [l; 5], buóc tang Step = 0,4. I 


Quy trfcih bam may 
- Buóc V. An §0§§ (Tj(TABLE). 

vao may ham só f (X) = 2 X - X 2 : 


Sau dó an r) f|®| Ci.) 01 

|[>J® 


1 (TABLE) Lii 
AJ • 


va nhąp 


- Buóc 2: An (x), may hói Start? Nhąp Qj (Start = l). An |j~j, mśy hói End? 
Nhąp d) (End = 5). An \M tiep, may hói Step? Nhąp 00 00; GD (Step = 0,4). 


E Math 

Start? 

End? 

E Math 

Step? 

E Math 

1 


5 


_Li 


-• Buóc 3: An GD, bang gia tri hien ra (góm 3 cót, 12 dong va có 11 gia tri). An 00) 
de thuc hien keo xuóng xem toan bo bang gia tri. 


1 

1 

1^5331 

1. 

E 

Ftttt 

OailS 

Math 


M 

§ 

X F (X? 

E.2 -D.SM5 
iŁJ “DaSSI 

Math 

3 

Sal 

0 B sms 



fi 





i 




3 

1 

X 

E 

Math 


B 0 

B i 

E 

X I FCX) 

Moi la SISy 

WBiSSl 

Math 

g 

0*1311 



|g 




4,2 






Vj dii 9.2; Su dung may tinh casio (hay vinacal) de ląp bang gia tri cua hai ham 
só y = 2 x -x 2 va y = 3 x -2x tren doąn [l;5], buóc tang Step = 0,4. 
















f(X)=2 H -X 2 S 


g(X)=3*-2X 


Phan 1 ; Torsg quan vl cac tmh nang Casio The best or nothing 

Quy trinb barn may 

- Buóc 1: An |®1 LU (TABLE). Sau dó an jsH?Ft] jlobEj (V) ©(TABLE)© va nhąp 
vao may ham so f (X) = 2 X - X 2 : 13 ] (13 ffiMI Q]®0 11M| (Tj {sj. 

An (31, nhąp ham so g(x) = 3 x -2X: GD@11 03 ® (3 GD @1 CD• 


- Buóc 2: An Q, may hói Start? Nhąp CD (Start = 1). An ID, may hói End? 
Nhąp L§j (End = 5). An © tiep, may hói Step? Nhąp [U GD GD (Step = 0,4). 


0 Math 

Start? 

End? 

0 Math 

Step? 

0 Math 

1 


5 


0.4 


f 

- Buac 3: An iHj, bang gia tri hien ra (gom 4 cot, 12 dong ya có 11 gia tri). An 
de thuc hien keo xuong xem toan bo bang gia tri. 


I a M 


Fm 

I 

q b eis 

B.EMEE 


Math 

Gi X) 


.0555 

oEEME 


0«E 


F m 

-ObEMS 

-cl san 


Math 

Gm 

E.QIIS 
IE.190 
El 


_l iL B 


Fm 
-1.0U3 
-□.51 I 
1.1331 


Math 

am 

is.ass 

51.UEE 

9E.50M 

4.2 


M.E 


Fm 

3.D9IU 

1 


Math 

coo 

IN1.3B 

333 
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l: COMP 2: cmplk 
3:STmT 4:BńSE-N 
5:EwN 6:MńTRIK 

7iTftBLE 85 VECT0R 


Vector? 
i: Vctń 2:VctB 
3;VctC 


VGtń(mJ m? 
is 3 2s 2 



"A" viet tat cho "VctA". 


10. Phuftfng thtfc ¥ECT0B 

Chuć nang: Giai quyet mot só bai toan trong khóng gian hai chieu (Ozy) va 
khóng gian ba chieu ( Oxyz ) thóng qua cac thanh phan toa do cua mot vecto. 

Nhan SHI GD(VECTOR) de vao phrrong thuc VECTOR. Mot menu tuy chon 
hien ra (may hói Vector?) cho phep ta dua vao dó toi da toa do cua ba vecto: 
vecto a(VctA), vecta i>(VctB) va vectoc(VctC). Su dung cac phim so tu [jj 
den GD de nhąp toa dó cac vecto tuong ung. 

Sau khi chon vecto can nhąp, chang han an GD de chon nhąp VctA, mot menu 
tuy chon khac hien ra (may hói VctA(m) m?), yeu cau ta chon nhąp toa dó cua 
vecto trong khóng gian ba chieu Oxyz (chon CD) hay hai chieu Oxy (chon fil ). 

Vi dii 10.1: Su dung may tinh casio (hay vinacal) nhąp vao cac vecto fl = (l;3), 
ó = ( 4;3) va c = (l;6). j 

Quy trinh bam may 

- Buóc 1: An ImgDeI QD (VECTQR) de vao phuong thuc VECTOR. May hói Vector? 
yeu cau ta chon nhąp vao thóng tin toa do cua cac vecto (VctA,VctB,VctC). 

- Buóc 2: An 0Q(VctA), an 3] de chon nhąp vecto trong khóng gian hai chieu 
(0x1/). Dieu nay se lam hien thi bó soąn thao vecto de dua vao toa dó cho VctA. 

- Buóc 3: Dua vao man hinh cac phan tu cua VctA, an GD CD d] (M) - 



VCI0 


c 


3 
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- Be Idem tra lai toa do cua 
cac vecto vita nhap, an sssfrj 

May hói Vector? yeu cau ta 
sił dung cac phim tir [TJ 
den Lii de chon kiem tra lai 
toa do cua VctA, VctB va 
VctC vira nhap. 

- Muon nhap vao cac vecta 
trong khong gian ba chieu 
(Oxy z), hay thay doi cac 
vecto vira nhap, an jatiPr i 
GO ( YECTOjR) Q j (Disn) roi 
thirc hien cac thao tac nhap 
tuong tu. 




- Buóe 4: De nhąp tiep YctB, ta an jaśni yg](VMCTOR), chon hj oJim), an 

C1j(VcŁS) 7 chon [2] de nhąp vecto trong khong gian hai chieu [Oxi/) . Dieu nay 

se lam hien thi bo soąn thao vecto de dna vao toa do cho YctA. 

: 5: Bua vao man hinh cac phan tó cua YctB, an ! 4j {rśj }jj js§] . 


- Buróc 6: Tuong to, an jsrt GD (VE 
phan tu cua YctC, an 


VCT0 


s l n 

3 

(yectcmj m 

OIiuj 

mm. 


YCTBi 

E i 1 

6 


C) fil de dtra vao cac 


Cortg trór hai vector, sfeto wctot vói męt s 6 thuc 

Sau khi dua vao cac phan tu (toa do) cua cac vecto: YctA, YctB va YctC. An j*cj 


dua ve man hinh tinh toan. 


Aj 

An 



figą [s] (YECTOR), chon (U<VdA>, GO (YctB) 


va g] (YctC) de dua vao man 


hinh tinh toan VctA, VctB hay VctC. Su dung cac phim $ hoąc Q de cong 
(hoąc tru) hai vecto. 


i s Dim 

2s Data 

35VctA 

4 i Vct-B 

5 £ YctC 

ÓS Yctftns 

7sDot 



| Vi dii 10,2: Sau khi nhąp xong cac vecto a = (l;3), b = (4;3) va c = (l;6) tir vi du 
| 10.1. Su dung may tinh casio (hay vinacal) de thuc hięn phep tinh a + b ,a-b + c j 

| va 3a - b. * 

t— — - - -- --~~——---- - - -I 

Quy trinh barn may 

- Bwóc 1: Dua vao may YctA = [l,3], YctB = [4,3] va VctC = [l,ó] (vi du 10.1). 


G] 


- Buóc 2: An |ąc| de dua ve man hinh tinh toan. 

: 3: Tinh YctA + YctB, an ®frj fsj QQ 03 ‘IllS GD *33 • An OH! , man hinh hien 


"Ans" viei tat cho "YctAns" 

VCTH 

Vctń+VctH 


VCTH 

^jbasa? sl 




0 


s 


"VctAns" viet tat cho 
"Vector Answer Memory" 
(Bó nhó tra lód vecto). Bo 
nhó nay có chirc nang tuong 
tu nhu bo nhó tra loi Ans da 
duoc de cap ó muc 1 (Phim 
RCL va cac lęnh luu tru ket 
qua). Be sir dung VctAns, ta 

Sn ;' Yju/r-i roRKl! 


Tuong tu, ta tinh duoc YctA — YctB + YctC = (—2; 6). 


3VctA-VctB 


An; 


VCT0 

VctA-VctB+VctC 

0 

-2 

=(-l;6). 

VCT0 1 

i VCT0 


LOYEBOOfC. 




















ńbsci 

_o 


-9aa- 

ńbs(Vctft) 

_3,. 1 62 277 6 Ć 


lsDim 2:Data 
3;Vctń 4s VctB 
5: Vct-C 6: Yctńns 
7;Pot _ 


Phars 1: Tong quar- vl cac tśnb iiang Casio The best or noihing 

Dp lón ta fmóng cua veeta 


Mót vecto duoc xac dinh khi biet dó lón va huóng cua nó. Do lón duoc the hien 
bang chieu dai cua vecto dó va ta có the xac dinh chieu dai cua vecto a = (x 0 ;y 0 ) 

qua cóng thuc Jaj = ^x 2 0 + y 2 . 

Tiep tuc vi du 10.1, dó dai cua vecto a = (l; 3j duoc tinh theo cóng thuc 
lal =Vl 2 +3 2 


Tren may tinh, ta có the su dung phim tinh gia tri tuyęt doi (ąS) (§¥5 jhjrjjj) de tinh 
toan dó lón cua mót vecto. An [mm pyp] (Abs), man hinh hien Abs(, nhąp vao vecto 
can tinh do lón roi an fT). An Ijs), ket qua duoc hien thi. 

Vi d« 10.3: Sau khi nhąp xong cac vecto a = (l;3), b = (4;3) va c = (l;ó) tir vi du 
10.1. Sir dung may tinh casio (hay vinacal) de tim do lón cua cac vecto a,a + b va 
a+b-c. 

Quy trinh barn may 

- Buóc 1: Dua vao may VctA==[l,3],VctB = [4,3] va VctC = [l, 6 ] (vi du 10.1). 

- Buóc 2: An [ĄcJ de dua ve man hinh tinh toan. 

- Buóc 3: Tinh a |, an jwjj fiyg i'a«rri [U GD Qj- An man hinh hien ket qua bang 
3,16227766. 


Tuong tu, tinh Ja + i>|, an (wj) Q jsjfi] [S] ffj E0 H QD GD DO • An ML man hinh 
hien ket qua bang 7,810249676. 


VCT0 

Abs(Vctń+VctB)S 

vcrra 

Abs(VctA+VctB) 

0 

7.810249676 


Va tinh \a + b - c| , an ® @ ifr) ® g] ffl @ [3 ® Q (MD © (D £2 • An (U, 

man hinh hien ket qua bang 4. 


VCT0 

4VctB-Vct.pl 


Abs(Vctń+VctB-Vl> 
_4 


Tleli vo huóng cua hai weto 

Tich vó huóng cua hai vecto a,b duoc dinh nghia la mót so bang: 

ab = |a|.|b|.cos^a,bj. 

Trong toa dó Oxy , tich vó huóng cua hai vecto a = (x ] ;y l ) va b = (x 2 ; y 2 ] duoc 
tinh theo cóng thuc ab = x,x 2 + y, y 2 . 

Trong toa do Oxyz, tich vó huóng cua hai vecto a = (x 1 ;y 1 ;z 1 ) va b = (x 2 ; y 2 ; z 2 ) 
duoc tinh theo cóng thuc ab = x 2 x 2 + y, y, + z x z 2 . 

Trong may tinh, ah (Hf) (¥) GE) (Dot) de tinh tinh vó huóng cua hai vecto. Ki hięu 
tich vó huóng cua hai vecto a va b la: VctA»VctB. 
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i Vi du 10.4: Sau khi nhąp xong cac vecto a = (l; 3) , b = (4; 3) va c - (l; 6) ta vi au j 
| io.l. Su dung may tinh casio (hay vinacal) de tinh tich vo huóng cuahai vecto fl 
i va b , a + b va c. 


... VCll2 

WetfWctŚ 

0 

-- VCTH 

VctA-VctB 

13 


' tlinii bEn.'; mkf 


- Buóc 1: Dua vao may VctA = [l,3],VctB = [4,3] va VctC = [l,ó] (vi du 10.1). 

- Bwóc 2; An g§ de dua ve man hinh tinh toan. 

- Bwóc 3: Ta có ab = VctA»VctB, an %3 LU LU ISEJ t§J CD !§E) OiJ Cii • An Ł3, 

man hinh hien ket qua hang 13. 

Tuong tu, ta có (a + b)2 = (VctA + VctB>VctC, & CDSS C13 CIJ ffi ®i © ^3 


VCT0 

4VctB)-vcta 

VCT0 

CVctfl+VctB)■VctC 

0 

_ 4L 



Tich có huóng cika hal vecto trong fehóng gian Oxy* 

1 Trong khóng gian Oxyz, tich có huóng cua hai vector a va b duoc dinh nghia la 
1 mót vecto vuóng góc vói ca vecta a va vecto b . Ki hięu [«,&]• 

Trong may tinh, ta su dung phim ® de tinh tich có huóng cua hai vecto. Ki hięu 
tich có huóng cua hai vecto a va b la VctAxVc'cB. 

j Vi du 10.5:: Nhąp vao may cac vecto «=(l;0;2),&=(2;5;4) va c = (3;4;6). Sau dó i 

i tinh cac tich có huóng sau: [a,/5],|j« + fr),c • 1 

Quy trmh barn may 

-Bwóc 1: Dua vao may VctA = [l, 0 , 2 ],VctB = [2,5,4] va Vct = [3,4,6]. 

Xn @ Hj (YECTOR) lii (Vi:. A. !.T) O) de nhąp VctA. An ijJ SUJS © — de 

dua vao bó soąn thao vecto toa dó cua VctA = [l,0,2]. 

An SSiiTj Clj(YECTOR) Qj(Drm) [13(VAT) CD(3) de nhąp VctB. Kn @(U® 
[ 4 ] [Ę] de dua vao bo soąn thao vecto toa do cua VctB = [2,5,4]. 

An OD (YECTOR) fTj (Dim) [3] (VctC) Ili (3) de nhąp VctC. An L§3l=lliD 

Pj (H p] de dua vao bó soąn thao vecto toa dó cua VctC = [3,4,6]. 
fóc 2: An |S8 de dua ve man hinh tinh toan. 

3: Ta có = VctA x VctB, an gigi GD 00 dl @ © © • An ^' man 

hinh hien ket qua bang [-10,0,5]. 

Tuong tu, ta có [(a + b),c] = (VctA +VctB)x VctC, an CDI® CS GD © 

rai Oj gg !?hfH Li! CS • An ©, man hinh hien ket qua bang [6,0,-3] - 


— VCT0 

^VctB)xVctC 


- VĆTl 

>33 


0 


6 


Vąy j^a,bj = (-10;0;5) va ^a + b^,c {6,0, 3). 
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Khi tąp nghifm cua bat 
phuong trinh dang duac 
hien thj tren man hinh 
may tinh, de tro ve bó 
soąn thao hę só ta an gej. 


Chiu-c nang: Giai cac bat phuang trinh bąc hai, bąc ba mót an. 

Tren may tmh, an gg ® CD (INEQ) dua may ve phuang thuc INEQ. Khi dó, 
mot menu tuy chon hien ra yeu cau chon dąng thich hop: dang bąc hai 
aX‘ + bX + c va dąng bąc ba aX 3 + bX 2 + cX + d . 

+ De lua chon kieu bat phuang trinh bąc hai, ah phim 
CU, mót menu tuy chon khac hien ra. Tai day, su dung 
cac phim tu Q] den gj chon kieu bat phuang trinh 
phu hap. 

+ De lua chon kieu bat phuang trinh bąc ba, an phim 
LU, mót menu tuy chon khac hien ra. Tuang tu, su 
dung cac phim tu CD den g) de chon kieu bat phuang 
trinh phu hąp, 

Sau khi lua chon kieu bat phuang trinh can giai, bo soąn thao hę so hien ra yeu 
cau nhąp vao cac hę so cua bat phuang trinh. 


15 aX3 +b? t ;£ +cx+d > o 
£:aK3 +bK£ +cx+d < o 

3: aX3 +bX£ +cx+di; 0 
.48 aX3+bX£+r.X+ri^n 




Vi du 11.1: Su dung may tinh casio (hay vinacal) tim tąp nghięm cua bat phuang 
trinh bąc hai 2x 2 + 5x + 2 > 0. 

Quy trinh barn may -.. . 

-Buócl:AnS(g»a(INEQ),ah [D (aX 2 + bX + c) chon giai bat phuang trinh 
bąc hai, an i3J (aX 2 + bX + c>Oj. Bó soąn thao hę sóhien ra. 

- Buuc 2: Nhąp hę so vao bp soąn thao: a = 2,b = 5, c = 2. An (T) (U GD fU CHI (D. 

- Buóc 3: An (=j, may hien ke't qua la X < -2 < X 

2 

Vąy tąp nghięm cua bat phuong trinh la S = (-oo;-2]u --;+ooj 

’/i dm 11.2: Su dung may tinh casio (hay vinacal) tim tąp nghięm cua"bal plruang ' 
trinh bąc ba 2x 3 - 3x 2 - 3x + 2 < 0. j 

Quy trinh bam m&y 

- Buóc 1: An @ @ CD (INEQ), an [Ei (aX 3 +bX 2 + cX + d) lua chon giai bat 
phuang trinh bąc ba, an [i] (aX 3 + bX 2 + cX + d < 0) . Bp soąn thao hę só hien ra. 

- Buóc 2: Nhąp hę só vao bp soąn thao: a = 2, b = -3, c = -3, d = 2. An [JO (=] [gl 

©O HMD ta. 


Buóc 3: An (=], may hien ket qua la X < -1,- < X < 2 

2 

^ Tron§ m<?t s ° truÓT1 g h< ?p su dung may tinh casio (hay vinacal) de giai bat 
phuang trinh, may se hien ket qua Ali Real Numbers (bat phuang trinh luon 
dung vói moi xsR) hay No-Solution (bat phuong trinh vó nghięm). 
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Ciiićc xi1hk: Che do f i% có chiic nang lam tron sd den mot chu sd thąp phan k 

nao dó. May tfnh cam tay cho phep ta lam tron mot sd tdi da den chu so thąp 

phan thu 9. - f — 

An [siff-pgg !J5 UFj.xs aeauamayhnhvecheaoFtx.Khi 3sDeg 4 ;Rad 

S b F i 

dó may hói Fix 0 ~ 9? (có nghia la hói xem chung ta |7Śsc.i 8 5 Norm 

muon lam tron sd dó den chu- sd thap phan thu may?). - dr' fes 

^ __ / Fi?' 0 a -- 9 ^' 

An cac plum sd tir [oj den [§j de chon vi tri cua chu só 

thąp phan can lam tron. KaS -^.1 o w 

Ord v: Chon (aj) có nghia la lam tron mot sd thąp phan den hang don vi (De lam 
tron mot sd thąp phan den hang don vi, ta lay so nguyen gan v&i sd'dó nhat). 
Sau khi chon xong vi tri cua chu so thąp phan can lam tron, tren góc man hinh 
hien thi ki hięu chu FIX. 


* Neu chu so dau tlen trong 
cac chu’ so bi bó di nhó hon 
5 thi ta giu nguyen bó phan 
cón tai, 

* Neu chił só dau tien trong 
cac chti só bi bó di lón han 
hoac bang 5 thi ta cóng 
them 1 vao chu só cuói 
cung cua bo phan cón lai. 

■ Trong truóng hop 

só nguyen Thi: tarthay cac 
chu so bi bó di bang cac 
chu só 0. 


Q«y trinJt bant m&y 

- Buóc 1: An (fifr) IM1 [§3{Fix>, chon (§] de lam tron mot sd thąp phan den hang 
don vi. 


Bwóc 2: Nhąp vao man hinh 


100 „ ^ ^ 

j man hinh hien ket qua bang- (duói dąng phan so). An Nit) 

9 

ua ve dąng só thąp phan vó han tuan hoan, bang . An 

<et qua ve dąng lam tron den hang don vi, bang 11. 


den chu só' thąp phan thu 5, 


chon (¥ 


sd thąp phan thu 5, 


vao man hinh 



W 

i 5 MthlO 

2% Linę 10 

3: Des 

4: Rad 

5§ Gra 

61 Fix 

7S SC i 

8:Norm 









1 > E orag gjisaini ve cac tinh nang Casio 


1 uesi or nosftisi 


13. Gac piiim ctiffc nang lildng giac m che fio 

Cac phira Iwonę giac 


ie iildina oiac 


' , • 

Don vi góc mac djnh cua 
may tinh la d<> (a“j (Deg). 

Khi dó, tren góc man hinh 
hien thi ki hięu gj. 


Gnie nang; Tinh gia tri luong giac cua mót góc cu the (sina, cos a, tan a). 

An bdoj. @/@ man hinh hien slng hay cos< hay tan(. Nhąp góc vao roi an [7] . 

/V' 

An [5j, may hien ket qua. 


sinCI 


cos CS 


tanC 


sin(60) 

Math A 

■IW 

2 

cos(45) 

Math A 

■Fz 

2 

tan(30) 

Math A 

■IW 

3 


a 

Math 


a 

S 

Math 


1 

El Math A 


l r 

Q Math A 


V I dtl 


13.1: Sit dung may tinh casio de tinh sin 60°, cos 45° va tan 30°. 


Quy trinh barn may 

- Tinh sin60°, an [się] ©ISCD/an {=), may hien ket qua 

— Tinh cos45°, an @ GD (Jj fTl, an (=), may hien ket qua 




2 ' 


' vói ki tu chu H hien 
tren góc man hinh. De dira may ve don vj góc la do, an Uff) (T) 00 (=) gę] 
(phuong thiic tinh toan mac djnh COMP); hoąc an gj#rj gjxjj§ GD(Deg). 

Radian duoc dinh nghTa la só do cua mót cung có do dai bang ban kinh cua 
diróng tron mang cung dó. De dua may ve don vi góc la radian, an 
(Rad), khi góc man hinh se hien ki tu chu H. 


- Tinh tan30°, an ftanj 1 sl (oj Qj, an GUL may hien ket quó 

Do (Deg) ?a radian (Rad) 

Ó che dó mac dinh cua may tinh, dcm vi góc se la dó 


Chuyea doi moi: góc tir radian sang dó: 

I - Buóc 1: Kiem tra xem may da du<yc thiet lap ó che do Deg hay chua. Neu chua, 

! an m !§§ 00 (Deg). 

I - Buóc 2: Nhąp góc (radian) vao may. 

- Buóc 3: An (si¥rj (Ans) (DRGh), mót menu tuy chon hien ra góm ba don vi (do, 
radian va gradian). An (jj de chon don vj radian (don vi cua góc can chuyen). 

- Buóc 4: An GID, may hien ket qua ó dang so thąp phan. An ■'•«] de hien thi ket 
| qua nay duói dang don vi góc la dó. 

VI du 13.2: Su dung may tinh casio (hay vinacal) de chuyen góc l(rad) sang don 
i vi dó. 

......__ . _ , _ _ 

Qny trinh barn may 

- Buóc 1: Quan sat xem may da thiet lap ó che dó Deg hay ch ua. Neu chua thi 

an §Sjj (ii 00(Deg). 

- Buóc 2: Nhąp góc (radian) vao may. An (Tj. 

- Buóc 3: An jam] gns) (DRG ►), an GD de chon don vi radian cua góc can chuyen. 
— Buóc 4: An i~), may hien ket qua 57,29577951 . De chuyen ket qua nay sang 
dó, an S, ket qua la 57 0 17'44,81". 


a Math A 

l r 

a Math A 

l r 

57.295779FI1 

57°17’44.31” 
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n-ba ia 


■ C«<30 


Hs 

"Ip 

13 

hiath A 



0 

Math A 

w r | 



S 0 




i Yi da 13.3: s« dung may tinh casio (hay vinacal) de chuyen góc -(rad) sang J 
I don vi do. 

- Bttóe 1: Quan sat xem may da thiet lap a che do Deg łiay chua. Neu chua iłu 

an isKśRj @u&| 

_ Bwóc 2: Nhąp góc radian vao may. An ffij l«rrj (ę> UD 

eon tró may tinh ra ngoai dau phan só. 

_ Btróc 3; Xn fii?l 63 (DRG ►), an [fj de chon don vi radian cua góc can chuyen. 

- Brak 4: An Ej, may hien ket qua 36. Be chuyen ket qua nay sang do, an hitS, 
ket qua la 36°0 , 0'' 


s ruoi TIFS 

Ngoai ra, ta có the thuc hien 
chuyen męt góc tif dę sang 
radian bang cach nhan góc 

71 . Óyś tiy 13.4, ta 


dó vói 


gan 


180 


180 


> A . Khi dó 


125 °^ 125 '— 125A 


25 

‘ 36 5 


ad) . 




n ^' . An .?;••• de dua 


ttr 


36 


36 o 0 5 CT 


Chwen doi mąt góc tu dó sang radian: 

1 _ Bifóc 1: Quan sat xem may da duęrc thiet lap o che do Rad hay chua. Neu chua, 

f! _ __ __ 

i an jgffrl. IĆSfj Q[J (Rad). 

Ś - Buóc 2: Nhąp góc (do) vao may. 

{ _ Blró c 3 . An Si ii (DRG*-), męt menu tuy chon hięn ra góm ba don vi (do, 
i radian va gradian). An CD de chon don vi do (don vi cua góc can chuyen). 

| - Bnóc 4: An (=}, may hięn ket qua. 

(vi du ISA S* dung may tinh casio (hay vinacal) de chuyen góc 125° sang don 
! vi radian. .. 


Quy fermh barn may 

- Bwóc 1: Quan sat xem may da thiet lap ó che do Rad hay chua. Neu chua thi 

an lifffl KODĘ! fjęjtkad). 

- Bwóc 2: Nhąp góc (do) vao may. An Ol 113 QB ( 125 ) • 

_ Bwóc 2: An jsp @ (DRG ►), an J j de chon dcm vi (dó) cua góc can chuyen. 

25 

óc 3: An [E, may hięn ket qua — n. 



Cac ham Iwęmg glac agwoe 

Clurc naitg; Ham krpng giac nguoc cho phep ta tim góc khi biet truóc gia tri 
luęmg giac cua góc dó. 

Su dung cac lenh @ @ (sirr 1 ), (ii @ (cos-), hay i® S (tarr 1 ). Nhąp vao 
gia tri luęmg giac roi an Qj. An (=3, may (có the) hięn ket qua duói dąng so thąp 
phan. An £3 de hien thi ket qua nay duói dąng don vi góc la do (neu may dang 

thiet lap ó che dó Dsg: ' i L3.: • _______„ _ 

py^du 13.5: Su dung may tinh casio (hay vinacal) de xac dinh góc a, biet rang 

I 1 

sina = - 


ŁOV fc: V PM 










5TUDY TIPS 

Neu a = 150° thi ta cung có 
1 

sma = — • Nhir vay, may 

fa'nh khóng the hien thi het 
tat ca cac gia tri cua mót góc 
khi biet gia tri lupng giac 
cua góc dó. 

De’ xac dinh duoc tat ca cac 

góc a thóa man sina = i 
2 

can co su linh hoąt giua vięc 
sir dung may tinh va moi 
quan hę giira cac cung (góc) 
có lien quan dąc bięt. 


Pnan 1: [i óng guan ve cac tńrah nang Cas io 
Qiiy trinh barn may 

- Biróc 1: Nhąp vao may sin 1 an ggj] @ jg) (JJ <g> fj] (g) [)]. 


The best or nothing 


sin_1 Ci) 


- Biróc 2: An UJ, may hien ket qua bang 30 (neu may dang thiet lap ó che dó 
Deg: [śfiirrj §|1| (T)) hay ket qua bang ~ (neu may dang thiet ląp ó che' do I 


id Math A 

sin^Ci) 

0 Math A 

sl n _1 (i) 

pn 

i w 

___ćJL 


Hę toa do cyc la mót hę toa 
dó hai chieu trong dó mói 
diem M bat ki tren męt mąt 
phŚng dupc bieu diln 
b3ng hai thanh phan: 

+ Khoang cach tir diem dó 
den męt diem góc O (góc 
Cyc) gpi la ban kinh. 

+ Góc tąo bói duóng thing 
OM vói hiróng góc cho 
truoc (tryc Cyc). 


| _ 

y: 


Pol 


Rec 


X 



Toa dó chu nhat (Rec) 


Toa dó cyc (Pol) 


Chm: nang: Pol chuyeh doi toa dó chu nhat (toa dó Descartes) sang toa dó cuc. 
Nguoc lai, Rec chuyeh doi toa do cuc sang toa dó chu nhat. 

Tacó| Po ‘b-!') = (s») 

[Rec(r,0) = (x,y) 

Descartes cua diem M la M(x;y) (M khac g&tęa d$ O), thi tęa' 


cuc cua diem dó la M(r / 0). Trong dó 


r r = J 


<x 2 + y 2 


0 = (OM,Ox) = MOx 


Pol( 


De nhąp vao man hinh dau 
phay (,) ta an ggj Q_). 


De tinh toa dó cuc cua diem M(a,b), ta su dung lęnh 
@(±KPo!) va nhąp vao man hinh Pol(a,b). An (Ej 
may hien ket qua gom (r,0). Khi dó r (toa dó ban kinh) 
se tu dong duoc luu vao bien nhó X, va 0 (toa dó góc) duoc luu vao bien nhó Y. 
dó chu nhąt cua diem M(r,0), ta su dung 


IśwtI RR 


toa 

f 


łęnh (wt) Q(Rec) va nhąps vao man hinh Rec(r,0). An 
(3 ntay hien ket qua gom (X,Y) va cac ket qua nay se tu 
dong duoc luu lan luot va cac bien nhó X va Y. 

Vi du 14.1: Tim toa dó cuc cua diem M(2;2) 


RecCS 


JiSJEll 


Quy trinh bani may 
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A. Kisn Łesifc fs@n tang 

Cho ham só y = / (x) có dąo ham tren K. 

a, Neu f'(x)> 0 vói moi x thuoc K thi ham so f(x) dong bien tren K. 

b, Neu /'(*) < 0 vói moi x thuoc K thi ham so f(x) nghjch bien tren K. 

Biiih ly mó rąng: 

Gia sir ham so y = f(x) có dąo ham tren K. Neu /'(*) >0 (/'(*) < o) vói 

Vx e K va f'(x)= 0 chi tai mot so huu hąn diem thi ham so dong bien (nghich 
bien) tren K. 



**•p*-Midtig phap $if dung may tinh giął bai toan lien Łjuaii 
den tmh dcfti dięu cua. ham so 

Có hai cach phobien trong vięc sir dung may tinh de giai bai toan ve tinh don 
dięu cua ham so. 

| 1: s * d V n g chiic nang ląp bang gia trj |S|) [7j (TABLE) (da duąc 

j S iói thi ęu ó P hdn chu-c nang). Quan sat bang ket qua nhąn duąc ta xet 
duoc tinh don dięu cua ham so tren khoang can xet. 
jj C;ich 2 - S{ * d yng chuc nang tinh dao ham tai mot diem (vói bai toan 
: khóng chua tham só). Hoąc tinh dąo ham, thiet ląp bat phuong trinh 
dąo ham, có ląp m va dua ve dąng m>f(x ) hoąc m<f(x). Tim min, 
max cua ham só f(x) roi ket luąn. 

| Ci ' - 3: Tinh dąo ham, thiet ląp bat phuong trinh dąo ham. Su dung 
; tinh nang giai bat phuong tinh INEQ cua may tinh Casio de giai bat 
. phuong tinh tu dó tim duoc dieu kięn cua x. 

Co Cac vf ciy mirih hoa 

j Vi du i: Ham s oy = ~~ x 2 +x dong bien tren khoang nao? Chon dap an dung 


a. (-oo;lj. ej. f 1 ;-H-eo j. D. (-oo;l) va (l;+oo). 


Lói giai 

Cach 1: Su dung bang gia tri. 

Do ó cac phuong an có cac khoang R;(-«;l);(l; +w) nen ta se su dung TABLE 
tren doąn tir -2 den 2 vói STEP bang 0,5. 

Ta thu-c hien nhąp 


1 (D &?HAj qj @ © <g> H) gd (g) £ 


LŁ! @ (+) (mI) r>] [S] d3 (<~)j 12) d] 


ta© cum®© ” ' ' 

Ta thay gia tri cua ham só tang khi x chąy tir -2 den 2. Do vąy ta chon A. 

<,ach 2: Sur dung dąo ham tąi mot diem. 

Thrrc hien kiem tra gia tri cua dąo ham tąi x = l;x = 0; x = 2. 
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Tu cac phtrong an ta se su dung TABLE tren ćtoąn tu —2 den 2 voi STEP ban 
0,5. 

Ta thuc hięn r.h|p 

mmmm m m m <b qb m m © 

Tu bang gia tri hien tren man hinh ta thay tren [0; 2] ham so dong bien. Do 
vąy ta chon B. 

Cacfc 2: Sir dung dąs ham la: o; .\m 

( l'] ( i 3 

Vód A: Kiem tra tren khoang I -ao; - — thi ta tinh f - — — 0,1 I. 

ii! GB tH III CD @3 3 <£> El m B Q Gj B GD <S> B SD CI) tli iii 

Dao ham cua ham so am, do vay ta loai A. 

Vói B: Kiem tra tren khoang (0;-K») ta tinh /'(O -0,1) 

ilJ ® GD li ES @ 33 GB Q1 <K> Ej [±1 CII [i 2 3 © 

i 

Ket qua ra > 0 do vay ta chon B ma khong can thu C va D nua. 


Vś dii 3: Cho ham sd y = — x* + 2x 2 + 1. Męnh de nao duói day <tóng ? 


















a 

Math 

i 

jjllT 

FCH) 

-1 


E 

-L5 

OaliilS 


1 

-1 

E 

-2 




a 

Math 


X 

F«XJ 


M 

”Da 5 

!aM315 


5 

o 

1 


5 

HFfl? 

I.U315 

0-5 




a 

Math 



FtKi 


n 

i 

i 


B 

1-5 

□nM315 


9 

mm 

-1 

2 


i s +bK+c 
2saX3+bX2+cX+ci 


is aX3+bX£+cX+d:>0 
2:aX3+bX2+cX+d<0 
3:aK3+bK£+c^+diO 
4; aX3 +b Y;z +cX+ci£ O 


X<A,B<X<C 

X<-1,0<X<1 


STUDY TIPS 

Do de bai cho nghjch bien 
tren R nen ta se tim dąo 
ham vói X = 10 va su dung 
X co dinh trong tat ca cac 
phep thcr. 

Vói C va D, ta thu 
Y = 100; Y = -100 de thu 
gia tr j rat xa so vói bien xem 
có thóa man hay khóng. 


Phirt 2 - Chfi dl 1: Ham so va cac umg dung The best or nothing 

Tu cac phuong an ta se su dung TABLE tren -2 den 2 vói STEP 0,5. 

m m Eg m m © o ® aa m s m © gb m tu m e ts m en id 

m tu © iii 

Tu bang gia tri ket qua hien ra ta thay tren [-2; —lj gia tri cua ham so tang dan, 
do dó ham so dong bien tren [-2; —lj. Do vąy A dung. 


Ta có the xet them cac khoang cón lai. 

Vói B, nhin vao bang gia tri ta thay tren (—1;0) gia tri cua ham só giam dan, do 
vay B sai. Ta loai B. 

Vói C ta thay tren (]; 2) thi gia tri cua ham so giam dan, do vąy ta cung loąi C, 

tu day ta cung loai duoc D. 

Cach 2: Sur dung chuc namg INEQ. 


Ta nham duoc dąo ham cua ham só' da cho la y' = -Ax' + 4x. 

@<S> [3 SU 

Do o day tat ca cac phuong an deu la ham so dong bien tren... do vąy ta su 
dung bat phuong trinh dąng 3 de giai. 

Tu ket qua ta ket luąn ham só' dong bien tren (—cc; —1 J va (0;1). 


Vi du 4: Vói gia tri nao cua m de ham só y = mx 3 - 3x 2 + (m- 2)x + 3 nghich bien 
tren IR. 

A. m = —1 B. m = 0. C. m>— 1. D. m<— 1. 

Lód giai 

Vói bai toan nay ta se su dung may tinh cam tay chuc nang dao ham. 

Nhąp bieu thuc mx 3 - 3x 2 + (m - 2) x + 3 vao may tinh va thay m = Y. 

Vói A: Ta CALC cho Y = -1; X = 10. 

Vói B: Ta khóng can thu do ne'u m- 0 thi ham só' tró thanh ham só bąc hai, 
khóng the nghich bien tren M. 

Vói C: Ta CALC cho Y = 100; X = 10. 

Vói D: Ta CALC Y = -100; X = 100. 

Ta có 

m mmmmmm ©©s©em©® meas taras 

0@0®EsseaiQ]a@iti3®@ii@ieG]0 

(BU) ID 


0 Math? 

^(YX 3 -3X 2 +(Y-:» 

0 MathTA 

^(YX 3 -3X 2 + CY-:b 

0 Math A 

^Cyx 3 -3X 2 +cy-:i> 

-363 

30038 

-30162 


Tu day ta thay C khóng thóa man do C ra dąo ham duong, cón A va D thóa 
man, ta chon D. 

Dap an D. 

Vi du 5: Tim m de ham só' y = mx 3 -x 2 +3x + m-2 dong bien tren doąn [-3; 0]. 
A. m = — 1. B. m = ± 1. C. 3m^±l. D. m = l. 

Lód giai 
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1 M 

FCK) 

Math 

p Spllliii^ 

-0*333 


m “Ib i 

-Ob 311 


3! 

-DbMDU 

-3 


■ 

K | FM) 

Math 

Ml 

-o-msi 



-a.al-DaSD9 


m 


“ £ 


, 

H 

K S F CK) 

Math 

1 



1 



3li 

Mji-Q H 3BE 

- i. 4 


Ta có y' = 3 mx —2x + 3. 

Ham só y = mx 3 - x 2 + 3x + m - 2 dong Men tren [-3; 0] 

o3mx 2 - 2 x + 3>0<^m> ^3^ = /(*), Vxe[-3;Q). 

3x 

<=> m > max f(x). 

[-3;0) ' ' 

Ta di tim max f far) bing lęnh fej Gł'J- 

[—3;0) v ' 

Ta nhap 


i Wfflśy Li_ 





0 Math 

K 

F CK) 1 

10 “I B a 

“BbEhI 

99 -1 

“laiEEI 

ieImwI 

“E.iSSl 


-0. 8 


SIUDY TIFS 

Vói uhung bai toan cho 
khoang rong thi ta tai tien 
sii dung chtłc nang tinh dao 
ham, eon nhung bai toan 
cho khoang hęp thi ta su 
dung TABLE. 


1 

Ta thay ham so / (x) nghich bien tren [-3; 0) => max f(x) = f (-3) = - -. Do 

vąy de thóa man yeu cau thi m > — —. Trong cac phuong an chi có D thóa man. 

Dap an D. 

j Vj du 6: Tim tat ca cac gia tri cua m de ham só y = x 4 + (2 - m)x- + 4 - 2m nghich ] 

! 

j bien tren [-1; 0]. I 


A, m>4. 


B. m>Ł 


C, m< 2. 


D. rn<2. 



Lei giar 

1, Só: dung mky tinii cain tay. 

Ta de y cac phuong an A; B; C; D thi thay A; B khac nhau ó dau bing, C va D 
cung khac nhau dau bing, do vay ta se thu phuong an m > 4 tnróc. i a thu nhu 
vay de neu m > 4 khóng thóa man ta có the loai A luón, tuong tu vói C va D. 

Do ó bai toan nay, de bai yeu cau xet tren [-1;0] la mpt doąn ngan nen ta su 

dung TABLE de giai quyet. 

Ta thay m bing cac gia tri thu va nhap vao TABLE. 

Vói B: Ta thay m = 5. 

Ta nhap 

pi jj] p§ FT} fi 1 ! [11 33 CD GD S OD CD SU 03 SB liii lii & iii ® fu fei 


i 

-Doi 

F CK) 

0«iii1 
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Math 
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Qua day ta thay ham só dong bien tren [—1; 0] do khi cho x chąy tir -1 den 0 

thi gia tri cua ham so tang dan. Vąy ta loai B, tir day ta loąi luón A. 

Cón hai phuong an C va D thi ta se thu C truóc (hic ta thii m = 2) do neu C 
khóng thóa man hay thóa man thi ta deu cho the chon dupc dap an ma khóng 
can thir them lan mi a. 

Vói C: Ta thay m = 2. 

Ta nhap . __ 

m GO Hi 3 03 S <B 90 CD 3 B 33 03 @S CD ® ffl E Ej 3 ® 3 M 
(h! O CO (=) GD iiD 33 Gj ClJ Osi 

Ta thay vói m = 2 thóa man ham só da cho nghich bien tren [-1; 0]. Ta chon C. 

2. Giai toan thdng thwóng. 

Cichł:Ta dat t = x 2 , do xe[-l;0] nen fe[(5;l] 








■''S' 'żi i’5 ' . j 

Khi giai toan thóng 
thućmg, rat nhieu dóc gia 
gap van de trong vięc sau 
khi dat f, ląi giai quyet bai 
toan theo huóng sau 
"de thóa man yeu cau de 
bai thi y = f(t) = t 2 

+(2-m)t + 4-2m phai 
nghich biein tren [0;l] ." 

Day la męt huóng giai sai. 
Cung vói bai toan nay, 
trong sach Cóng pha Toan 
trang 35 tói da rut ra nhąn 
xet. Tói se nhac ląi ó phan 
cuói cung trong vi du nay. 



Khi dó de thóa man yeu cau de bai thi y = / (f) = t 2 + (2 - ni) t + 4 - 2m phai dong 
hien tren [0; l]. 

Ta có y' = f'(t) = 2t + 2-m 

Hamsó /(f) dong bien tren [0;l] o f'(t)>0, Vf e[0;l] 

<x>m<2t + 2, Vfe[0;l] <=>m<2 
Cach 2: Xet ham só' y = x 4 + (2 - ni) x 2 + 4 - 2 m có 
y' = 4x 3 + 2.(2 -?h).x = 2x(2x 2 +2 -ni) 

De ham so da cho nghich bien tren [-1; 0] thi y' < 0, Vx e [-1; 0]. 

Ta có 2x < 0, Vx e 1; 0 J, nen de thóa man dieu kięn thi 

(2x 2 + 2-m)>0,Vxe [-1;0] <x>2-m>0 <=>m<2 . 

EJap an C. 

Nhąn xet: 

II 

| Xt ‘ t ham so f(x) = g(u(xj) tren I (vói I la khoang (doąn), nua khoang). Dat 

| u(x ) ~t;l e K (vói K la mot khoang (doąn), niia khoang duoc tinh chat che theo 
| dieu kien cua x). 

j 1. Neu u(x) la ham sd dong bien tren I thi ham so thu duoc sau khi dat an phu 

I ha Y chinh la ham g(t) cung tinh don dieu tren K voi ham sd ban dau. 

| 2. Neu u(x) la ham sd nghich bien tren I thi thudng ham sd thu duoc sau khi dat 

Ej an phu hay chinh la ham g(f) nguoc tinh don dięu tren K vói ham sd ban dau. 

g 'Thudng trong trudng hpp nay ta khóng dąt an ma giai quyet bai toan bang cach 
| dao ham truć tiep. 


v i du 7: Vói gia tri nao cua tham so m thi ham só y = sin x - cos x + 2017-J2.mx 
dong bien tren R. 


A. m > 2017. 


ts. m< 0. 


C. m>- 




2017 


m > - 


2017 


Mi giai. 


1. Su* dung may tinh cam tay. 

Ta có y' = cosx + sinx + 2Q17\f2m. 

„ ^-sinx-cosx ./ , 

y >0<=>m>- t^— = f( X ) 

2017v2 V ’ 

De ham só luón dong bien tren M thi m > j j x j dung vói moi x e ] 
om>max/(x). 


De tim gia tri lón nhat cua ham só ta su dung chuc nang TABLE. 

Dua ve che do jwr) §§|j [3] 

Do ham só y = sinx - cos x + 2017-J2mx tuan hoan vói chu ki 2n nen ta se thiet 

9-n- 

ląp Start 0; End 2n ; Step —. 

K 19 
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&IU0Y Tjr'> 

Vi chu ki cua ham so tren la 
27t nen ngoai cach thiet ląp 
Start, Enci, Step nhu a tren 
ta có the thiet łap Start -7c; 
End 7i. 


Ta nhan 



Quan sat bang gia tri ciia F (X) ta thay max f(x) = /(3,9683) *4,9.KT*. 


Day la mót gia iri --. Vay m> -=> dap an C. 

2017 2017 1 

Tinh dąo ham y' = cos x + sin x + 2017 -Jim. 


^ -smr-cosi \ 

y >0 om> -==—= f(x) 

2017/2 v ; 

Ap dung bat dang thuc Buniakovsky ta có 
(- sin x - cos xf < ^(-l) 2 + (-l ) 2 ) (sin 2 x + cos 2 = 


= 2 


=> —[2 < (- 


sm x - cos x 


)</2 


a/2 ( w /I 

</(x)< 


2017/2 


f(x\ dąt gia tri lón nhat la 


y/2 


2017/2 2017 


2017/2 
m > max/(x) 


1 

2017' 


5 

I 
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Vi ciii 8: Tim tat ca cac gia tri thuc cńa tham só m de ham sd y - 


Dap an C, 

m - sin x 


cos 2 X 


nghich 


bien tren khoang 0; — 
6 


, 5 

A. m> —. 

2 


„ , 5 

B, m<~. 
2 


C. m< - 


4 


5 

U, m > —. 
4 


ból A a i 

Titcng ty nhu ó v: dy 6, de y cac phucmg an thi ta se tim dugc cach thu rthanh 
nhat. 

Ta se cho A; D thanh mot cap; C va B thanh mót cap. 

* Luc nay de thu hai phucmg an A va D ta se thu nhu sau: 

Chon m = 3, thi ta su dung TABLE nhu sau 

SS3 !HI di 113 ID @3 ® GD CU OD 

Ta thay gia tri cua ham so luc tang luc giam, do vąy ta loąi A va D. 

, _ „ 75 5 

Voi B va C ta se thu mot gia tri nam trong Ichoang j^—; — 

Chon m = 1,3 ta su dung TABLE nhu sau 

[EJ iW m m f3] R I s lril jitn.[ [7] [Tj cib CD {§3 EFi CD C3 SI ® (D d] 

Ta thay vód m = 1,3 thi thóa man dieu kięn ham sd y = —— -J 11 X nghich bien 


cos x 


tren khoang 


V 

v 6 / 


. Do vay ta chon B. 












In 2 - Chu de 1: Ham so vk cac &ie dung 


The best er rsothine 


Vx dii 9: Tim tat ca cac gia tri thuc cua tham so m de ham so 
y = 2x 3 + 3 (m - 1) x~ + 6 (m — 2) x + 3 nghich hien tren khoang có dó dai lón hon 3. 

m > 6 
m < 0 


A. 


3. m > 6 . 


C. m<0. 


D. m = 9. 


Lói giai 




X*3 


Taco y' = 6x 2 +ó(m — l)x + 6(m — 2). 

y' = 0 có hai nghięm phan bięt <=> A' > 0 <=> 9{m — l) - 3ó(m - 2) > 0 <=> m 3. 

nmmtEmsaHtssistsdJSEJStusicEiiiiD 


X<A?B<X 


X<0> 6<X 


, , , I + x 2 = 1 — m 

Ap dung dinh ly Viet ta co < 

I x: j r ^ t? z 2 

Do hę só a = 6 > 0 nen de ham só da cho nghich bien tren khoang có do dai lón 

hon3 =>|x, -x 2 |>3<Si>(x 1 -x 2 )~ >9<=>(x ; + x 2 ) — 4x,x 2 -9>0 

/ \2 / \ 9 m>6 

<=> (1 — 77?) — 4 (m — 2) - 9 > 0 <=> m — 6m > 0 <=> 

\ \ j m <0 

Ta nhap @ © [Tl EJ OJ GD © E) [ID 3ID 13 [1] !U de giai bat phuong trinh. 

Dap an A. 


| Vi cki 10: Tim m de ham so y = ln (x 2 +1) - mx +1 dong bien tren (-oo; +oo). 
A. (-*;-!]. B. (~oo;-l). C. [-l;l]. D. 


“1 




Loi sial 


Start? 

S Matt. 

-9 

End? 

0 Math 

10 

Step? 

a Math 

1 


Cach 1: Ta có y' = — 1 - m. Ham so y = ln ( x 2 +1) - mx +1 dong bien tr 

x +1 v ’ 

9. y 

<=>t/' = — - m> 0 <=> m < —-, Vxe8om< min —-. 

• A-' + 1 A" +1 5 X 2 + 1 


tren 


Ta su dung TABLE de tim min 


_2x_ 
x 2 +1 


vói thiet lap Start -9; End 10; Step 1. 


i m cu ® m m©BB m m tu e ts m © m id m i 

Luc nay man hinh hien bang gia tri nhu sau 
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STUDY TIFS 

Ngoai ra neu khóng sir 
dung may tmh ta có the lam 
nhu sau 

-2 Ul -2 hi 


X F CK i 

3 0.6 

0=4105 
0.3B4E 


F CK) 

0.3E43 

SB 

0oE4EI 


K F CX) 

fl 0.E4EI 

19 HOKT^ a * s,a5 


EDI 


0° I 90 


10 


2x 


Quan sat toan bang gia tri ta thay tai x = -1 thi /(x) = -1 la gia tri nhó nhat cua 
2x 


x 2 + l x 2 + l 2 Ul 

<z>m> -1. 


- = -] 


ham só nen min - 


x +1 


= —1. Vay m<— 1. 


f(X)=4+l)+2X+l 


Cach 2: De y 4 phuong an thi neu ta thu m la mót so nhó hon -1 hoac lón hon 
1 ta se biet dupc loai C; D hay loąi A; B, sau dó chi can thu them 1 gia tri m nua 
de chon dap an chinh xac. 

Ta thu vói m = —2 luc nay ham só' tró thanh y = ln(x 2 +1) + 2x +1. Su dung 
TABLE de kiem tra ta có 

m s ou e ca o ® m m m tu m m ffl s tu © o cd od (d ta s=i 
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Quan sat bang gia tri ta thay rn = -2 thóa man ham so dong bien tren M, do 
vay ta ioai C; D. 

De phan Met A; B ta chi can thu them trurćmg hop m = —l, 

Vói m = —1, sir dung TABLE ta có 

m m nsi m m m m m m tm m m m nn r m ren cu rei di m 


Cach 1: lam nhu cach 2 ó 
ben. 

Cach 2: Dąo ham roi sir 
dung TABLE xet tinh am 
ducmg, tuy nhien cach nay 
chi sir dung khi dao ham có 
the tmh duoc mot cach 
nhanh chóng. 


harn so 


1 dong bien tren R. 


5_j7: Trong bai toan 
nay tą se giai toan theo 
cach suy luan thóng 
thuómg triróc, tir dó dera 
ra cach lam bang may 
ilr.h, do cach su dung 
may tinh dua tren co só la 
suy luan ter luan. 


2. Płutcmg phap su dung may tinh cara tay. 

?Mn ttch suy luąn: Vói bai nay ta se gan m = 100 va giai phuong trinh y’ = 0 
bang may tinh. 

Trong may tinh cam tay Fx-570 VN plus khi giai phuong trinh bąc hai vói chuc 
nang fs] [13 thi may tinh se hien gia tri nhó nhat (hoąc lón nhat) cua tam 
thuc bąc hai tren toan truć so. Ma ta có ket luąn sau: 
j: Xet tam thuc bąc hai f{x) — ctx 2 +bx + c,(a^ 0). 


:j - Neii a > 0 thi gia tri nhó nhat cua tam thuc tren IR la f 


Ne u a< 0 thi gia tri lón nhat cua tam thuc tren IR ia f 
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STUDY TIPS 

Thuc chat khi tim duoc Y- 
Value minimum thi ta de y 
do hę so a — 3 > 0 nen ta 
chi can bó mau va doi dau, 
hic la ta su dung luón 10195 
va tach 10195 = 100 2 +200-5 
= m 1 + 2 m - 5 = A' 

A' <0 

•ts> m 2 + 2 m - 5 < 0. 



HtSn 2 - Chu de i: Ham so va cac ifng dung 


foest sir notł 


Ta thay neu su dung may tinh cam tay ta se tim duoc gia tri cua-. Tir dó 

4 a 

tim duoc A tinh theo m = 100. Tir gia tri dó ta phan tich theo phuong phap 
phan tich da thuc bang cach gan 100 (phu luc 1), tir dó tim duoc A theo m, va 
giai tim dieu kięn m. 

Lód giai theo hucmg sit dung may tinh: 

Thay 100 cho m thi y'= 3x 2 +2 (2-100) a:-(2.100-3) 

Sir dung GD ŚJL! de giai phuong trinh y' = 0 ta duoc 

txi m tu (=i (=j m <s> 

v „, . . 10195 A 10195 . , n _ on 

May hien Y-Value minimum =-. Tuc-=-=> A = 40780. 

3 4.3 3 

Ta có A = 40780 = 4.100 2 + 7.100 +100 - 20 = 4.m 2 + 8m - 20 

Giai bat phuong trinh A < 0 ta sir dung may tinh SHD <▼) [Tl [Tl PT| 

m <s> m m ® ® m ® hj ei id cij hj m 

Q Math 

A<X<E: 


Vi du 12: Tim tat ca cac gia tri cira tham só' m de ham só' y = —x 3 + mx 2 - 3x + 4 
nghich bien tren (-co;+oo). 


A. m € [-9; +oo). 

B. me(-oo;-3]u[3;+oo) 

C. me[-9;9]. 

D. me[-3;3]. 


Lot giai 

Tuong tu vi du tren ta gan m = 100 va dung §Ś0B§ (j] [T 
y' = 0 va tim Y-value maximun. 

Sd]© e UD (TM :-j [Filii [Ul CU GD ED (D H]! I 


de giai phuong trinh 


9991 

Ta thu duoc Y - Value Maximun =-. Do he so a = -3 < 0 nen ta bó mau 

3 

nhung khóng doi dau tir só, tuc ta có 9991 = 100 2 - 9 = m 2 - 9. 

Do -1 < 0 nen de ham só da cho luón nghich bien tren M thi A < 0 (dau bang 
xay ra tai hiru han diem) <=> m 2 — 9 < 0 <» -3 < m < 3. 

Oap an D. 

Vi du 13: Cho ham só y — 2x 3 — 3x 2 — mx + 5. Gia tri cua m de ham so nghich bien 
tren [0; l] la 

A. m = 0. B. m> 0. C. m^=0. D. m<0. 

Ldi giai 

Vi hę só cira y' có a = 6 >0 nen do thi y' la parabol quay be lóm len tren (hinh 
ó trang truóc). Ket hop hinh dang nay vói yeu cau y' < 0 tren [0;l] (dau bang 
xay ra tai huu han diem) thi ta can tim m sao cho y' (0) <0 va y' (l) < 0. 

1. Gan m = 100 sau dó sir dung chiic nang tinh dąo ham tai mót diem de tim 

y'{ 0 ) .'/'( O- 
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2. Mhap vao man hinh 



Ca hai trtrćmg hop deu cho ket qua -100 = -rn =>-m <0offl>0. 


,. Tircac vi du tir vi du 11 denvi du 13 ta thay phuong phap 
I g~ r; m ,Cy co the giai quyet nhanh bai toan, tuy nhien ćhu y ta chi nen ap dung 
I khi bai toan la ham so bąc ba có cac hę so chiia tham so m có bac 1 (boi khi bac 
1 lón hon 1 thi m bieh thien se de ra ket qua sai). 
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- Chu de 1 1 Hann so va cac (mg dusig 




Cau 1: Cho ham só y = x 3 - 2x 2 +x+l. Męnh de nao 
duói day la dung? 

A. Ham so nghich bien tren khoang f ~ ; 1 j . 

B. Ham so nghich bien tren khoang ( -oo;~ 

C. Ham so nghich bien tren khoang (l;+oo). 

D. Ham so dong bien tren khoang j^i;l j. 

Cau 2: Cho ham so y = -x 3 + 3x 2 - 4. Męnh de nao 
d uói day dung? 

A, Ham só' dong bien tren khoang ((); 2). 

B, Ham só'nghich bien tren khoang (-oo;2). 

C, Ham só' dong bien tren khoang ( 0; +oo) . 

D, Ham só nghich bien tren khoang (0;2). 

Cau 3: Ham só y = 2x 3 + 3x 2 +1 nghich bien tren 
khoang (hoac cac khoang) nao sau day? 

A. (-oo;0) va (l;+oo). B. (-1;0). 

C. (0;l). D. ( -oo;l) va (0;+oo). 

Cau 4: Ham só nao trong cac ham só sau có bang bien 
thien nłur hinh phia duói 


i he beat or noii 


x 

y' 

y 


-2 


+ o 

^ 3 


-l" 

B. y = 2x 3 +6x 2 -l 

„,3 


A. y = x 3 + 3x 2 +1 
C. y = x 3 +3x 2 -1 D. y = 3x 3 + 9x 2 -1 

Cau 5: Ham só y = \fx-2 + 74-x nghich bien tren 

A. (2;3). B. (x/2;3). C. (2;4) D. (3;4). 

- /v x z — x + 3 7 

Cau 6: Cho ham só y = —-. Khang dinh nao sau 

x' +x+7 

day la dung? 

A. Ham só dong bien tren khoang (-5;0) va (0;5). 

B. Ham só dong bien tren khoang (-1;0) va 
(l;+oo). 

C. Ham só nghich bien tren khoang (-5; l). 

D. Ham só nghich bien tren khoang (-6;0). 

Cau 7: Ham só y = —-nghich bien tren khoang nao 

x +1 

duói day? 

A. (0;+oo). B. l;l). C. oo;4oo^ D. 
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Cau 8: Cho ham só y = x 3 - 3x 2 . Męnh de nao duói 
day dung? 

A. Ham só nghich bien tren khoang (0;2). 

B. Ham só nghich bien tren khoang (2; -ko). 

C. Ham só dong bien tren khoang (0; 2). 

D. Ham só nghich bien tren khoang (_oo;0). 

Cau 9: Cho ham so y = \j2x 2 +1. Męnh de nao duói 

day dung? 

A. Ham só nghich bien tren khoang (-1; l). 

B. Ham so dong bien tren khoang (0;+oo). 

C. Ham só dong bien tren khoang (-ko;0). 

D. Ham so nghich bien tren khoang (0 ;-ko). 

Cau 10: Tim tat ca cac gia tri thęrc cua tham só m de 
ham só y = x 3 - 3m 2 x dong bien tren IR. 

A. m> 0. B„ m< 0. C. m< 0. D. m = 0. 

Ca« 11: Tim tat ca cac gia tri cua tham só m de ham só 

y = -x 3 -mx 2 +(2m-l)x-m + 2 dong bien tren IR. 

A. m = 2. B. m>l. C. m = l. D. m< 1. 

Cau 12: Tat ca cac gia tri cua tham so m de ham só 
1 

y = +(wt + l)x 2 -(m + l)x + l dong bien tren 

(-ko;+oo) la 

A. -2<m<-l. B. -2<m< -1. 

C. -2<m<-l. D. -2<m< -1. 

Cau 13: Cho ham só y = -x 3 -mx 2 +(4m+9)x + 5 vói 

m la tham só. Có bao nhieu gia tri nguyen cua rn de 
ham só nghich bien tren khoang (~ko;+oo) ? 

A- 7 B. 4 C. 6 D. 5 

Cau 14: Cho ham só y =-vói m la tham so. Goi 

x + m 

S la tąp hop tat ca cac gia tri nguyen cua m de ham só 
nghjch bien tren cac khoang xac dinh. Tim so phan tu 
cua S. 

A. 5 B. 4 C. Vó só D. 3 

Cau 15: Cho ham so y = -x 3 + 3x 2 - mx + 1. Tat ca cac 

gia trj cua tham só m de ham só nghich bien tren R la 

A. m = 3. B. m< 3. C. m> 3. D. m> 3. 

Cau 16: Tim tat ca cac gia tri cua tham só m de ham só 

1 , mx 2 „ _ ... 

y —~x —-—(-2x + 2017 dong bien tren .IR. 

A. -2-J2 < m < 2s[i. 

C. -2J2 < m. 


B. m < 2^/2. 

D. -272 < m < 272. 












r«it 1 7: Cho ham so y = — x 3 - mx 2 + 3x +1 (/« la tham 
‘ 3 

so thuc). Tim gia tri nhó nhat cua m de ham so luón 

dong bien tren K. 

A- m = l. B. m = —2. C. m = 3. D. m = 0. 

Cali 18: Tim tat ca cac gia tri cua tham so m de ham 

(m + l)x—2 „ , 

1- - - dong bien tren tung khoang xac 


so y = 
dinh. 


-2 < m < 1 . 


-2 < m < 1 . 


m > 1 
m < -2 

m>\ 

rn < —2 


(m + l)x-2 

Can Cho ham so y = ---(m la tham so 

x-m 

thuc). Vói gia tri na o cua m thi ham so nghich bien tren 
tung khoang xac dinh cua nó? 

m > 1 


A.. —2 <m< 1. 


-2 < m < 1 . 


m < -2 

m > 1 
rn < -2 


nghich bien tren tung khoang xac dinh 


O.W. 20: Tim tat ca cac tham so thuc m de ham so 
mx - 2 

y = -- 

x + m - 3 
cua nó. 

- 1 < rn < 2. 

m < 1 
m > 2 


B. 1 < m < 2. 
m < 1 
m > 2 


u. 


Catł 21: Tim tąp hop cac gia tri thuc cua tham so m de 
ham so y = 4x 2 +l-mx-l dong bien tren khoang 
(—oo; +oo). 

A, (-oo;-l]. B. (-oo;l). 

C [-l;l]. D. [l;+oo). 

Cmi 22; Ham so y = -Jx 2 -x+l-mx dong bien tren R 
khi va chi khi 

A, m < —1. B. m<-l. 

' /// > T2. D. —V^2 <m< \/2. 

Ciiit 23: Tim tat ca cac gia tri thuc cua tham so m de 
ham so i/ = sin x + cos x+mx dong bien tren M. 

A. -yfl <m< y/2. B. m < -yf2. 

C m > 42. D. -42 <m< 42. 

Cłu 24: Tim m de ham so y = - sin x +3 dong bien 

tren R. 

A. m> 1. B, m = 1. C. m>-l. D. m<l. 


Cau 25: Tim tat ca cac gia tri thuc cua tham so m de 
ham so y = in^.T 2 +1) — mx +1 dong bien tren khoang 

( — oo; . 

A. (-oo;—l]. B, (—co; —l). C. [—1; l]. D, [l;+oo). 

Cau 26: Tim tąp hop tat ca cac gia tri thuc cua tham so 

m de ham só y = mX + ^ dong bien tren (-co;—3). 
x+m 

A. S = (-oo;-2)u(2;3]. B, S = (-oo;-2)u(2;+oo). 
C. S = (-oo;-2]u(2;3]. D. (-oo;-2]ro(2;+oo). 
Cau 27; De ham so y = x* - 2mx 2 - 3 m +1 dong bien 
tren (l;3( thi dieu kięn cua m la 

A, m> 1. B. m< 1. C. m>2. D. m<2. 

Cau 28; Tim tat ca cac gia tri cua tham so m de ham so 

1 7 a/ 

y =-x 3 +{m-l)x 2 +(2m —3)x— dong bien tren 
3 3 

[i;H 

A. m> 2. B, m< 2. C. m<l. D. m> 1. 

Cau 29; Tim tat ca cac gia tri cua m de liam so 

y = i x 3 - 2x' 2 + mx + 2 nghich bien tren [0; 3]. 

A m> 3. B, m<0. C. m>A. D. m<0. 

Cau 30: Ham so y = 2x 3 +3x 2 +6(«t + l)x + «i 2 nghich 

bien tren r —2;0] khi w thóa man 

3 3 

A. m < —1. K m< —. C. m> —. D. m<— 3. 

4 4 

\ H ; Tim tat ca cac gia tri thuc cua tham so m de 
ham so y = 2x 3 - mi 2 + 2x nghich bien tren khoang 
(-2; 0) la 

B. m>- 2S. 


• 13 

a. m > -. 

2 


<C. m < 


243. 


13. m > 


13 


Caw 32; Tim tąp hop tat ca cac gia tri thuc cua tham so 
1 

m de ham so y = — x 3 - «tx 2 + x + m 2 - 4m +1 dong bien 
tren [l; 3]. 


A, l 


B-( 

-00;—l). 


2 10'1 


f 10 “ 

C. j 

—00;— 

v 3 J 

O. | 

—co; — 

l 3 J 


tłu 33: Tim tat ca cac gia tri thuc cua tham só m de 
ham so y = sin 3 x—3 cos 2 x—m sin x—\ dong bien tren 
n 


doan 


0 ;- 


A, m> —3. B. m< 0. C m<—3. D. m> 0. 
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Phan 2 - Osd de 1: Ham so va cac sftig durtg 

Cau 34: Tim tąp hop S tat ca cac gia tri thuc cua tham 

so m de ham so y = -x 3 -{m + l)x 2 +(nł + 2m)r-3 
nghich bien tren khoang (—l;l). 

A. S = [—1;0]. B. S = 0. 

CS = {-1}. D. S=[0;l]. 

Cau 35: Tim tat ca cac gia tri thuc cua tham so m sao 
cho ham so y = -~x 3 +mx 2 -(m+l)x-m+3 dong 

hien tren doąn có do dai bang 2. 
m = -l 


m = 2 


. B. m = - 1. C. ms!0. 


m = 2. 


„ (m-l)~Jx-l +2 

Cau 36: Cho ham so y = -- - ' -. Tim tat ca 

•Jx-l + m 

cac gia tri thuc cua tham so m de ham so da cho dong 
bien tren khoang (l7;37). 


___ The faest or rsotbing 

Cau 37: Tim tat ca cac gia tri thuc cua tham so m de 

hamso y = ^-^x 2 -x + m dong bien tren (-oo; 2). 

1 1 

A. m = -. B. m>~. C. m>2. D. m>7. 

4 4 

Cau 38: Tim tąp hop tat ca cac gia tri thuc cua tham so 
m de ham so y = mx + (m + l)'Jx-2 nghjch bien tren 
D = [ 2;+oo). 

A. [0;+oo). B. (-oo;-l], 

C. [—2; —l]- D. (-oo;—l). 

Cau 39: Tim tat ca cac gia tri thuc cua tham so m de 
hamso y =(m-x 3 ')\ll-x 3 dong bien tren (0;1). 

A. m>—2. B. m<—2. C. m>l. D. m<l. 

Cau 40: Tim tat ca cac gia tr} thuc cua tham so m de 
hamso y = (2m— l)x-(3m+2)cosr nghjch bien tren 


A, —4<m<-l. 


—4 < m < -1 


m > 


2 


m<~ 6 


m> 2 

C. . D. — 1 < m < 2. 

m < -4 


A. -3 < m < - 


C . m< -3. 


I. -3 <m< —. 

5 


D. m>-- 
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thsR a feo 


Su dung lęnh j 

End 2; Step 


-Bas śwt feai tap rers 


I (TABLE) vói thiet lap Start -2; 


©i l JJ i#3 i±J lisa 

n ot rtn nsn 




g nmrm 


S% w s Stóg 


Vói bai toan nay ta se sir dung gg] [jj (TABLE) vói 
hai ham sd 1 i x> QŚj i 2 iyói thłet ląp Start -5; 

End 5; Step 1. 

Vói A va B: Ta nhąp 

rrr?T* pr“s : x'- r 
ftnffli y } i r-rj t 


iJSl lAJ ćślJ CO 


a u i e £•.;*) 
5l EUgiggE 
3 i-S.SES “ID 
aI»l B 333I“E a 


0 Math 


S K F<K) 

S -DaEEE =0 o ail 


_0 


| S 1 F6 

silwHnHM-B.Bsil 

-0.666666666? 



K 

FCKJ 

3 

1.3333 

l a 5 m 1 

i 

50 

M 

5.01ŁS 


0 Math 





m 

Math 1 

1 H 

F CM> 

CCX) 


i 

-MS 

“SOI 


i -15 

-Si 

-33 


1 S “i 

s 

-s 




1 


r- <x:» 


Math 

0 CX) 


0 Math 

| X f FCX> 1 

i j JiMP r"”"!! 


F>CX5 

i 

at 


Math 

GCiU 

1 

391 

5011 


Quan sat bang gia tri ta thay tren gia tri cua 

ham sd giam dan, tóc ham sd nghich bien. Do vay A 
dung, ta chpn A. 

Cau 2: t)ap an A> 

Su dung lęnh -liii (T) (TABLE) vói thiet lap Start -5; 
End 5; Step 1. 

PI 23 >3 ®i§ - Tl [59 CS ® £E fi) ®!S n) iiB E @3 


Ta thay vói ham sd f(x) (tuc phucmg an A) thi 
/(O) = 1 khong thóa man, ta loąi A. 

Vói ham sd g(x) ( tóc phuomg an B) thi g(-2) = 7*3 

khong thóa man, do dó ta loai B. 

Vói C va D ta cung thiet ląp tuong tó nhu vói A va B. 

Sci Ig Q1S3 O <£> 133 GD HH) OJ H3 G3 Gj iis [I] 
j|§ CD S3 GD cg> IB CS Pi Cli Ii3 S SU Cii Ls! i~l 
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FCX) 

G(X) 

1 x 

F(X) [ 

C(K) 


im 

i 
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-Sil 

m 1 -a 

3 \ 

\ 6 


3 

-M 
-3 6 

-11 

-«3 


j | 
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-5 
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a -m 

al -a 

r~ 

F(X) 

SiE 

ioe 

SO 

Math 

-5 

| X 

m -a 

llwnaawl 

0 

FCK) 

10 

i 0 

-« 

Math 

O 


S M:.th 

I X 1 F(K) I fi(X> 

1 ! 3 11 

a a 19 sa 

iii isi 

3 


s -■ 

1 -i 

11^^ 

a 

F(J{> 

-a 

D 

-M 

Math 

2 

i x 

SD M 

i 

| F tK.a 

-so 

-5M 

Math 

Nhin vao bang gia tri ta thay /(*) (tóc phuong an C) 
thóa man (có su bien thien nhu bang bien thien de 


Nhin vao bang gia tri ta thay khi x chąy tu 0 den 2 thi 
gia tri cua ham sd tang dan, do vąy ham sd dong bien 
trenkhoang (0;2). TachonA. 

Cau 3: Dap an 15, 

Su dung lęnh gg [f j (TABLE) vói thiet ląp Start -3; 
End 3; Step 0,5. 

ggi (33 GD ®|§ Qj @ [53 Cg) 1S OS (Ili CO 53 SE GD 


Cali 5; EBp an D. 

Tąp xac dinh D = [2;4], 

Ta su dung fgg jT) (TABLE) vói thiet ląp Start 2; End 
4; Step 0,5. 

00 Gli ES IX! Ei Si <E> OB @ BI B fc® L 0 GID 

!sl CM3 isi tX AO l~J ijj i£j ihS 
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Math 
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0 
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Math 

s 

a 
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-a 

-SS 
-| loS 



1 ) -l.s 

i 6 

! a 


“1 

-3. 


1 I.S 

-0.5 

1 

1 

3 

s 

ESsfel 

0 

FC!0 

6 

a 

i 

Math 


g X 

SD 1.5 

0 

f m 
lll.s 

Si 

Si 

Math 

2.5 




i 





( 

mOsem 

0 Math 

FtX> I 
t. u ma 

M 

X | 

3o |J 

0 

F<X> 
um si 

Math 


1„5 

i 

B.33IS 

S 


| a i!6Mg 


1 

i 



2 






Ta thay khi cho x chąy tu -1 den 0 thi gia tri cua ham 
sd giam dan, do vąy ham sd da cho nghich bien tren 
(—1;0). TachonB. 


Nhin vao bang gia tri ta thay khi x chąy tu 3 den 4 thi 
gia tri cua ham so giam dan, do vąy ham so 
y = yjx-2 +^4-x nghich bien tren (3;4). Ta chon D. 

Cau 6: Dap an C. 

Ta su dung fcij [71 (TABLE) vói thiet ląp Start -6; 
End 6; Step 1. 

mm m m @3 bis cd® H 3 ®_®cp 
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''hceii j, — Chu cle 1 s Hann §6 va chc tfog diunie 


0 Math 

F CS) I 


I Bass? I, HI ES 

a -s i.aaaa 

3 -u i.a ibs 


K F CK) 

3 B B.MHB5 

3 -i- j _ i _I D.3333 

9 &mm-- n. SBMfi 


K F CK) I 
-3 I.1530 


□ Math 

K FCK) 

3 B.MH3E 
M B.5555 

HF a.5315 


Ta thay khi cho x chąy tir -5 den 0 thi gia tri cua ham 
so giam, do vąy ta loąi A. 

Ta thay khi cho x chąy tir -1 den 0 thi gia tri cua ham 
so giam, do vąy ham so khóng dong bien tren (-1;0), 
ta loąi B. 

Ta thay khi cho x chąy tir -5 den 1 thi gia trj cua ham 
so giam dan, do vąy ham so nghjch bien tren khoang 
(-5;l), thóa man, do vąy ta chon C. 

Cau 7: I>ap an A. 

Cach 1: Sir dung may tmh. 

Ta sir dung {g§§ (Tj(TABLE) vói thiet ląp Start -3; 

End 3; Step 1. 

s m w m m ca m m m © m s m m m 

©mii] 



0 Math 


K 

FCK) 

H F CK) 

1 

Di fi 

m o a 

2 -fi 

3 -1 

0*4 

1 

S i 


-3 

2 


F CK) 

S O. M 

3 D.3 


Ta thay khi x chąy tir 0 den +oo gia tri cua ham so giam, 
do vąy ham so nghjch bien tren (0;+oo), ta chon A. 

Cach 2: Giai toan thome thoteut. 


2 (x 2 +l) 4 

Dąo ham y =--- - =-. 

(x 2 +l)‘ (x 2 +l) 2 

Ta có y' < 0, Vx e (0; +<x>) va y' > 0, Vx e (-x>; 0). Nen 
ham so nghjch bien tren khoang (0; 4 «o) va dong 
bien tren khoang (-oo; 0). Ta chon A. 

Cau 8: Dap an A. 

Cach 1: Sir dyng may tinh cain tay. 

Ta sir dung gaf GD(TABLE) vói thiet ląp Start -5; 
End 5; Step 1. 

ni ® in D] 0 fii© 0 [agii]@PiB 
mmmmm© 

~ O Math 0 hteth 

, -di- F«) K FCK) 

i -son m -a -an 

a -m -11 a s -i -m 

3 -3 -SM 5 inn i ii 


K FCK) 

i i -a 

B 3 -M 

9 D 


K 

M_-2 

a 

FCK) 

-5U 

-M 

0 

Math 

O 

K 

10 U 

11 _5 

Ifi Muli 

a 

FCK) 

I E 
SD 

Math 


___ The best or rmthilng 

Ta thay khi cho x chąy tir 0 den 2 thi gia trj cii a ham so 
giam dan, do vąy ham so nghjch bien tren khoang 
(0;2), ta chon A. 

Cach 2: Giai toan thong tmromg. 

Ta có y' - 3x 2 -6x = 3x(x—2); y' = 0 <=> T ^ 
v ’ [x = 2 

Do y' < 0, Vx e (0; 2) nen ham so da cho nghjch bien 
tren khoang (0;2) va y' > 0, Vx e(-oo;0)u(2; +oo) 
nen ham so dong bien tren moi khoang (-oo; 0) va 

(2;+oo(. 

Cau 9: Dap an B. 

Cach 1: Su dung may tmh cam tay. 

Ta sir dung ® [fj(TABLE) vói thiet ląp Start -5; 

End 5; Step 1. 

e es © gd m m © es m © m ei ej id si 

i 5 i _ 

„ _ ^ @ Rxth 

F'.Kj k FCK) 

1 UI||I| M -a 3 

2 -U 5-1MM5 5 -I I»iaa 

3 -3 M.3SBB E SK I 


FCK) 

M 5.1MM5 
5 1 D IMIM 


Ta thay tren (-1; l) gia trj ciia ham so luc tang luc 
giam nen ta loąi A. 

Ta thay gia trj cua ham so tang khi cho x chąy tir 0 
den 5=>ham so dong bien tren (0;+oo), ta chon B. 

Cach 2: Giai toan thóng thurdng. 

Xet ham so y = %/2x 2 +1 tren R. 

Dąo ham 

, . _ ( 2 * +1 ) 4x 2x , . 



y' = 0<»x = 0. 


Ta có y' < 0, Vx e (-oo; 0) nen ham so nghjch bien 
tren (-oo;0); y' > 0, Vx e (0; +oo) nen ham só dong 
bien tren (0; +oo). 

Cau 10: Dap an D. 

Ap dung phuong phap sir dung may tmh cam tay 
trong vi du 11 phan li thuyet ta dupc. 

Thay 100 cho m thi ta dupc y' = 3x 2 -3.100 2 . 

m ca lii © m ta go es m bj b] ci ] m © © 

a Ms.tli A 

Y-Value Minimum® 

_ - 30 D 0 n 

Ta có -30000 = -3.100 2 = -3 .m 2 

Do hę só a = 3 > 0 nen ta doi dau 

Giai bat phuong trinh A < 0 <=> 3 m 2 < 0 <=> m = 0. 
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Ta chon D. 


Thay m = 100 ta có y' = x 2 — 2.100x +2.100 — 1. 
Giai phirang trinh y' = 0 ta có 


1 inimum= 

-9801 


Ta có y' = —-— ■ fx -j«). Ham so nghich bier 

(x + mf 

tren moi khoang xac ćtinh khi va chi khi 
y' < 0, Vx # —m <=> m 2 - 4m < 0 


-9801 = - (lOO 2 - 200 +1) = - [m 2 - 2m+ Ij = - (ot -1) 2 
Do hę so a > 0 nen ta doi dau tóc 
A < 0 <=> im— l) <0<=>m = l. 

Cau 12: D;W kn B, 

Gan m- 100 ta attoc y' = x 2 + 2.(l00+l)x— (lOO + l) 
Ta có 

g§g ® mmmmmm cii cśd od i±j dj co is) 


a<x<b 


0<X<4 


Do me Z nen m e {l; 2; 3}. Vąy có 3 gia tri m 

nguyen thóa man bai toan. 

Cau 15: Dap an C. 

Gan m = 100 taco y' = -3x 2 + 6x-100. 

Ta có 


ErdjODalfiiiiKiJlDSli 


0 Math A 

Y-Value Maximum= 

-97 


B M&th A 

Y-Value Minimum= 



-10302 

Do hę só a < 0 

nen ta girr nguyen dau 


10302 = 100 2 + 3.100 + 2 = m 2 +3m + 2. 

Ta có — > 0 nen ham so dong bien tren ffi khi 
3 

m 2 +3m + 2 < 0 <=> —2 <m< -1. 

m ® m od (a m (u cci mp 


HiAit 


-2<X<- , 1 , 


-97 = -100+ 3 = -m+3. 

Giai bat phtrong trinh —m + 3 < 0 <=> m > 3. 
Cśhi 16: Dap an A. 

Gan 100 = ot ta có y' = x 2 - 100.T + 2. 

©E)mS]$)GDGBS=IG 
(U _ 


Cau 13: Dap an A 

Gan ot = 100 ta có y’ = —3x 2 — 2.1QQx+(4.100 + 9) 
Ta có 

PI $ CS O (12 Ej 113 SD CD OD ES ii) 20 G2 

m ffl cs gb im es m m mm 


Y-Value Minimum= 
_ -2498 


13 M?.th A 


Y-Value Maximum= 

11227 


Do hę so a < 0 nen ta se bó mau va giu nguyen dau 
tu so 11227 = 100 2 +12.100 + 27 = m 2 + 12m + 27 
Giai bat phirang trinh m 2 + 12m + 27 < 0 ta có 

O H]ED GD * D SIO CD CD Es; 213 GD E§D isi 


- — = -2498 =s> A = 2498.4 = 9992 
4 a 

9992 = 100 2 -8 = m 2 -8. 

De thóa man yeu cau de bai thi 
m 2 — 8 < 0 <s> — 2'/2 < m < 2\/2. 

Cau 17: Dap- an D. 

Gan 100 cho m ta có y' = 100x 2 -2.100* 

Sfii S3(131I1 i1j®s)S(13ISC 


+ 3. 

£} UD 




A<X<B 


-9<X<-3 


(SI fi 


Y-Value Minimum= 
_-91 


Do ot e Z nen m e |—9; -8; —7; —6; -5; -4; —3} 

Vay có 7 gia tri nguyen cua m thóa man yeu cau bai 
toan. 

Cau 14: Dap an O. 


-A = _ 97 

4 a 

<=> A = 38800 = 3.100 2 +(l00-12).100 = 4m 2 -12m 
A<0<=>4 ot 2 -12ot <0<=>0<m<3 


ń<x<e 


0<X<3 


OK.VN 














Vąy gia tri nhó nhat cua m thóa man yeu cau de bai 
la m = 0. Chon D. 

Cau 18: Dap asi C. 

Dieu kien x*m. 


, -m(m + 1)+2 _,„ 2 _ m + 2 

y =-i- L -=-. 

(x-m) (x-m) 

De ham só' dong bien tren timg khoang khac dinh thi 
-m 2 - m + 2 > 0 . 

m <§> m m m b a (=j s m m m id m 

0 Math 

a<x<b 

_ -2<X<1 

Suy ra —2 < m < 1 thóa man, ta chon C. 

Cau 19: Dap an A. 

Dieu kięn x m. 

m(m + 1)-2 m 2 + m -2 

y =-i-- = -. 

(x-m) (x->«) 

De ham só da cho nghich bien tren timg khoang xac 
dinh thi m 2 + m - 2 < 0 . 

S Ci) m [IJ GD !.I3 £1) [T| jj£l (Hj [aj ijS j | Ej 

0 M;.th 

A<X<B 

_ - 2 <x<l 

Vay —2 <m< 1 thóa man. 

Cau 20: Dap an A. 

Dieu kięn x*3-m. 

, , m(m~ 3) + 2 m 2 -3m + 2 

Taco y -—----=-. 

(x + m-3 ) 2 [x + m- 3f 

De ham só' da cho nghich bien tren timg khoang xac 
dinh cua nó thi m 2 - 3m + 2 < 0 

m © m b [jj m id b m m m g o m 

0 Math 

A<X<B 

__ 1<X<2 

Vay 1 < m < 2 thóa man, ta chon A. 

Cau 21: Dap an. A. 

Tąp xac dinh D = R. 

T , , 2x x 

laco y =——-m = — - :-m 

2\jx 2 +1 sjx 2 +1 

De ham só' dong bien tren khoang (-oo; 400 ) thi 


Ta có y' = - 


Ta có y' = - 


y' > 0, Vx s R <=> -v- -m>0,VreR. (dau bang 
4x 2 +1 


xay ra tai huu han diem) 

x ,, 


p ,VreR <=>m< min ■ 

x 2 +i R 4771 


Sir dung TABLE de tim min 


Ta thiet ląp Start -9; End 10; Step 1. 

H! GD [ffl iii tli <S> © @3 CD © G0 GD (D (1! EJ 

© ej aaidjii 


a -a 

a -i 

a 

F CK) 

-n„aai 

-n»saa 

-Db 3B3 

Math 

-9 

a 

M -E 

5 -5 

e 

0 

FCK5 

-D-3HE 
-□b3B 
_ Qh 31 

Math 

-4 

i mmgg 

B ~E 

a -i 

0 

F (K) 

-D.SMB 

-n-im 

Math 

-3 

X 

IQ □ 

sa Hff 

0 

F CX> 

nm i 
0.33MU 

Mtth 

2 


■ m < -1 (thóa man 


Nhin vao bang gia tri ket hop vói cac phuong an A; 
B; C; D ta thay min = -1 => m < -1 (thóa man 

“ 477i 

yeu cau), ta chon A. 

Cau 22: Dap an B. 

Tąp xac dinh D = R. 

„ , , 2x -1 

Taco y =— . .., -m 


Ham so dong bien tren E <=> y' > 0, Vx e R (dau bang 
xay ra tai huu han diem) 

2x-l „ . . „ 


r-m>0,Vre] 


r <=> m < min - 

R , 


IX -X + ] 

2ar-l 

O TE 


Ta sir dung TABLE de tim min — ==.. vói thiet 

R i4x 2 -x + \ 

ląp Start -10; End 9; Step 1. 

m b ® o iii m ej m © m © pi m m b 

B CD IB 53 jgBBEi 133 iQ](i 


H 

FCX) 



X 

F<X> 


-D.3HE 


ą 

-1 

~D» 333 

-3 

-B 

-D.aas 

-D.33M 

-10 

5 

E 


-0»331 

-n«aBn 


0 

Mith 




X 

F CK J 



X 

F CXJ 

0 

-n,s 


14 

3 

Db 3443 

— i: 

Db 5 
DbBGE 


1 b 
IE 

wwś 

□ B 3nD1 
Da 3313 


4771 


Tir bang gia tri va ket hop vói cac phuong an ta dua 
, 2x-l 

ra ket luąn min —— = -1 => m < -1 (thóa man 

R 47-x+i 

yeu cau de bai), chon B. 

Ca« 23: Dap an C. 

Tąp xac dinh D = R. 

Ta có y' = cos x - sin x + m 

Ham só da cho dong bien tren R <=> y ' > 0, e E, 

dau bang xay ra tai huu han diem. 
<=>cosx-sinx+m > 0, Vx 6 IR 
<^>m> sin x - cos r,VreR 

<=> m > max (sin x - cos x) (do ham so tuan hoan vói 
chu ki 2;t nen ta xet tren [0; 2 jcJ . 
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Su dung TABLE voi thiet ląp Start 0; End 2Step 
271 

19' ^ _^ ^ ^ ^ __ 


X J {‘i 9 B<X 


AS ~ £ 3 


2<X 


» S = (-co; -2) cj(2; 3]. Ta chon A. 


iMfe- 

3 D.33DE 
aln.BBia 

“Se li 8 

-d. n« 

Mtth T 

0 

sja= 

jj 

m 

F(K) 

U35SH 

Math 


w? 

, 5 b i501 
10.111*1 

! 

3 

- 306939635I 


i jju 
b w® 

3 3.EM55 


F«SJ 
1 = 31113 

i.ms 

U355D 


g, 314S5774. 


;; 

3.S31B 


m»\tm 


i 
F(30 
a.HOii 


.1. 299021526 


JNmn vao Dang gia ui ta ma-y ~ -/ * - 

=>m> \fl thóa man yeu cau de bai. Ta chon C. 

Osu 24; 0$p asi A., 

Tąp xac dinh D = IR. 

Taco y' = m—cosx. 

Ham s 6 da cho dong bien tren 
R <=> m —cos x > O, Vx e R (dau bang xay ra tai hmi 

han diem). 

<=> m > cos x, \/x s R. 

<=> m > max(cos x)^>m> 1 . 

On 25; Gap an A, 

Tąp xac dinh D = R. 

2x 

Taco y' =-- - m. 

J x 2 +1 

Ham so da cho dong bien tren (-oo; -ko) 

<^> y' > 0, Vx € IR (dau bang xay ra tąi huu hąn diem). 

2x ■ 2x 

^m< -,Vt€Rom< mm ——-. 

x 2 +l * x +1 

Su dung TABLE de tim min vói thiet ląp Start -9; End 

10; Step 1. 

!* i f' 113IPS m <§> CU! ra 55 03 QJ IsD IsB bd 

[!)[=) LD® liDOJ 



0 

Math 

I ;•! 

f ;;■!) 



-0 o i 

-8 


i Dl D 

0 

- i 


Nhin vao bang gia tri ta thay 

min = -1 <=> x = -1. => m < -1. Ta chon A. 
R x 2 +l 

Cau 26; liMp an A. 

Dieu kięn: x ••»/. 

, , m 2 - 4 

Ta co y = ——■—r 
(x + m) 

De ham so dong bien tren (-oo; -3) thi 


m 1 - 4 > 0 
■mi(- oo;-3) 


m>2 
m < -2 o 
-m > —3 


m <—2 
2<m<3 

j UJ (Hj > 


Ta thay ba phuong an B; C; D deu xuat hien 1, nen ta 
se thu m = l. Do lęnh TABLE có the hien thi bang gia 
tri cua hai ham sd cung męt luc nen ta se thu cung 
vói 1 phuong an khac luón, ta chon m = 2(vicó the 
xet dupc ca A va D). 

Su dung lenh TABLE voi thiet ląp Start 1, End 3, Step 

0 , 2 . 

gifflmdn gffi CD 53 3KE 1 0 33 iii jD 5 


i. a 

i.u 


a 

F(HJ 

-3 

-3.3HE 

-3„B«S 


s m 
-a 

-a.BBB 

-s=s3B 


-a bse 

S! ! F(K> | GflO 
3.3 D.iaas -B.S3U 
.U 3.S39E 5.I31B 
Ęrla.SMSSlI3.BS1 


6 o i 


= —r~ 
F CK) 
-3.63H 
-3.IBS 
-E 


G CKJ 
-3.EE3 
-1.UE3 
-S 


a.a 


--B“ 

FtK) 
ib, as i 
as 


—ni*.. 

G CK) 
as .ihs 

ISO 


Ta thay vói m = 1 thi ham sd dong bien tren 
(l;3)=> loąi A. 

Vói rn = 2 ham sd luc tang luc giam => loąi C va 
Loąi C. Tu day ta chon B. 

Cau 28; Bap in D 

Ta có hę so y' có a = 1 > 0 nen do thi y’ la parabol 
quay be lom len tren. Ket hop vói yeu cau 
\f > 0; Vx s [l; -k») thi ta can tim m sao cho J/'(l) L 0. 

1. Gan m = 100 sau dó str dung chdc nang tinh dąo 
ham tąi mot diem de tim y'(l). 

Oj [5] faj KCj |D (|AJ, 

2. Nhąp vao man hinh 

gą pj (aj CD (g) [i] (&) iH C0 53 S) <® 93 G 3 SH§ 
pi Ej CD CD SP Cli © 0B Cii CS iS @ S Cl J S 
(Uli E) E3 CS ® 1 §j ® uJ Cs) 


Mjth A 

4rfJX : 3 -KY-i)X 2 i> 


396 


Taco 3 % = 400 - 4 = 4 m- 4 =>j/'(l) = 4m-4. 

4m—4>0<i>m>l. TachonD. 

Caxi 2 ¥Jkp a:n. B» 

Gan m — 100 

Hę sd y' có a = 1 > 0 nen do thi g(x) = y' la parabol 

quay be 15m len tren. Ket hop vói yeu cau 

y' < 0, Vx e [0; 3] thi ta can tim m sao cho y' (o) < 0 

va j/'(3)<0 
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Piiii-afii l -- iJiy fig 1: Gam so va cac urąg dug-g 

Gan 100 cho Y sao dó dung chiic nang tinh dao ham 
tai motdiemdetim y'(o) va y'{3). 

CD LS3 [13 HnS ® §U 

® GS [2 pj qj 

@ EE3 E§ §g0B OD <E> HD © 


@<3)Iped m ii 


0 Math A 

^(iX 3 -2X £ + VX-H- 


y'(0) = 100 = m;y'(3) = 97 = m-3 


-SLf Av 

rJx l 3 " 

B Math A 

3 -2X £ +YX+t 


_100 


1 „ „ <=> m < 0. 

[m- 3 < 0 

Cau 30: Dap an D. 

Vi y' = 6x 2 +6x + 6(m+l) có hę so « = 6>0 nendo 
thi y la parabol quay be 15m len tren (dang chu U). 
Ket hop hinh dang nay vói yeu cau y' < 0 tren 
[““2; 0] cua de bai thi ta can tim m sao cho j/' (—2) < 0 
va y'(o) <0. 

Gan 100 —» Y (Y ó day la m). 

Tim y'(-2)y(0) 

® gs m sra©® ® m @3 m m © m © 

□ BSfflBmgCTjfflpjgg® Fi [13 

m ~ —' 




B Math A 

3 +3X £ +6(Yb 

618 



^(2 X 

a Math a 

3 +3X 2 +6(Yt- 



-- - . 606 


, 618 = 6»z + 18 
Ta co < 

606 = 6m + 6 


6m + 18<0 fm<-3 

, , _ J <=>/TZ< -3. 

6m + 6< 0 [m<-l 


Cau 31: Dap an A. 

Vói A va B, ta se thu vói m = — — va m = -2c/3. 

Su dung TABLE vói thiet łap Start 1; End 3; Step 0,2. 

e 0 © m d u © © ® ej m © m m © s 

03 © EE3 GD H QJ Cs) GD ś 03 0 ® © GB (J[j 
ęp CII® i® 03©EJ cagpCS © EJ [Sl[fiEj 
UQ Ei CS © 


E Math 

_ f ck:. gck) I 

™ s łO.S 1 a MEMi 
-3 ISnElE IOdBMM| 

um suosb is.dti 


B Math 

u F(K.i ij i 
T 2.5 51. I SB MS.MSi 

a-ŁH 55. BBS 55. MDI 

3 BHRT SM. 555 53.1551 

_ 2.6 


i he best or nothin 

~ B Math 

F CK j G (H.i 

.5 53.035 5D.5B 

J 3B.3SM 55.MSI 
K ME 33. 555 


a Mjth 

f <k:< a (kj 

E.S BM. 553 53.153 
lOn.MB 15.555 

Sw MB. 5 31. 115 


Nhin vao bang gia tri ta thay ca hai gia tri 
13 r~ ^ 

n = —; m = —2y3 deu thóa man, do vay ta loai B, tu 

day ta cung loai duoc D. 

Vói C ta thu m = 4. 

s m ta s ca © @3 © s tu @ m © ® ca 


inuŁ ii J!!'ik j !t^ 

a ue 

3 IcM 

F CK> 

a 

G* D9E 
□pMMB 

i 

! a 

M 1 a G 

F CK) 
i. i 53 
a.3QŁi 
*4 

K 

n a D e 
s m&S 

0 

F CM) 

G.33G 
g n iina 
I3.3IB 

Math 

3 "s. 5 

b 

F CK) 

13o 31 2 
IB.1 MM 
SM 


Ta thay m = 4 thóa man, do vąy ta loai C, chon A. 
Cati 32: Dap an A. 

Gan 100 -> Y 
Tim y'(l);y'(3) 


@ m te) 5.J ® es <& @ m © © <g> ei s m 

B Q3 © EJ e EJ Ei @ © E) ffl H S 

ffimecDi© 


€5 @10 EJ 


-198 = -2 m + 2 
-590 = -6w + 10 



\-2m + 2 > 0 \ m ~ l 

l-6m + 10 > 0 ^ | < | <=> "^ 1- Chorr A . 

Cau 33: Dap an B. 

Taco y = sin 3 x-3cos 2 x-msinx-l 
<s>y = sin 3 x-3(l-sin 2 x)-wsinx-l 
<=> y = sin 3 x + 3sin 2 x-m sin x -4. 

Dat sin x = ł e [ O; 1 ]. 

Bai toan tró thanh tim cac gia tri thuc cua tham so m 
de ham so y = t 3 + 3f 2 - mt - 4 dong bien tren j^0; lj. 

Tuong tu nhu cac bai truóc, ta gan m = 100 
100 —>Y El f51 fol fsHirj gj 

Tinli y'(0);y'(l). 

BEJ© @3® El aj® CD @E) gp 
@ H CU Ei 133 CS> EJ dj 
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f-w> O \m< O 

i <=> i «■ m < 0. 

[-777 + 9 >0 [m< 9 

Ta chon B. 

100 -> Y 

Tim y' (—1); y'(l) 

pS§j ffi CII ® [13 ® liUl CD E5 @3 ® E3 CD SŚ® i® 
rg f lć CD lii CD (3 93 00 IIP iii 53 03 33 PS ii 

()jj (__) \ [ "«*■ ] jjSj (}>) f««*1 [i__l 


d 

dX 

a Mith A 

' 1^3_(¥+i)x 2 ^ 

10403 

,1J i=i 


d 

dx> 

a Mitti a 

^X 3 -Cv'+l)X 2 t- 

9999 


[10403 = 100 2 +4.100 + 3 = m 2 + 4/77 + 3 


nr pi 

[9999 = 100 2 -1 = nr -1 

m 2 + 4/77 + 3 < O I -3 < m < -1 

<=> < => m = -1. 

m 2 -1 < O [-1 < m < 1 

Om 33: t)ap an A. 

Taco y' = —x 2 +2mx—(in + l). 

i-S 

I 777 <- 

A' = m 2 —m — 1 > 0 <=> 


m > ■ 


2 

1 + S 


5 - i cd 03siBBSjas mm 


X<ń? 6<X 


u . i — ^ s fT i+^5 .. .... 


, / . , \x l +x 2 - 2 m 

Ap dune dinh li Viet ta co < “ 

r ' [X 1 X 2 = 777 +1 

1 ^ 

Do hę so o = - - < 0 nen ham so dong bien tren doan 

có do dai bang 2 

<=>jxj —x 2 1 = 2 <=> (x, +x 2 f -4x,x 2 =4 
<y>4 m 2 — 4m—8 = 0 


^ (t77— l)f+ 2 ^ ^ 

so m de ham so y = -- dong bien tren 


t + m 


(4; 6). 

, m 2 —m — 2 

y —ir-- 

(t + m) 

Ham so da cho dong bien tren [4; 6) 


[m 2 - m - 2 > 0 

|-m £ (4;6) 


m < -1 
777 > 2 

< 4 

-7)7 > 6 


7/z < -1 
777 > 2 
777 > -4 
777 < -6 


-4 < rn < -1 

777 >2 
m<-6 

m ® > m cd m cd m s m © b o © © 


X<h,E!<X 


a MaJh 


X< ~1s 2<X 


Vay ta chon B. 

C.au 37 ©Ef> er D. 

. „ 1 .« , 1 

Do A va 8 cung xuat hien m = — nen ta xet 777 = — 

& 4 4 

truóc. 

Su dung TABLE vói thiet lap Start -6 End 2; Step 
0,5. 

m ® f® @1 rn <s> ta ® s t® mi o na e 
m a © 0:1 ® ® © © s © m cs © oo e 

OD© 


35 

!E 

n 

a 

k I f «:k:» 

’?D?I 

Mith 

33 

IM 

IS 

Qp 5 

3 

a 

F W! I 

“On 5 I 

On ES j 

Ol 

S.th 

O 



2 





Ta thay vói 777 = i khi cho x chąy nhu‘ thiet lap thi 


ia tri cua ham so luc tang luc giam, do vąy m - 


1 


gia 


khóng thóa man. Ta loai A va B. 

TathiWói 777 = 3. 

ga gt ©1 ©'■ C§y (g> (g) IT (H (I'. .T7 (g) Cg) 

(Cr cg) (g> cpE igy i ć». i (Daj +1 -Dlij Gtj CI tyj ad tcj 
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■ Ch« de 1 ; Ham sfl va dc óng dung 


3 

3 

-5.5 

-5 

s 

FCX) 

-s.ioi 

-B.51M 

Math 

-6 

U 

5 

6 

X 

-Mo 5 

0 

F CX) 

-E.115 
-E.Di 

Math 

-3.5 

1 

3 

X 

0 

f *:h:« 

-S.31E 

-M.GT! 

“M 

Math 

-z 

IB 

16 

n 

X ( 

0 

F CX) 

-I.E3E 
-!,1BE 
-1» E3E 

Math 

2 


Nhin vao bang gia tri ta thay m = 3 thi khi x chąy tu 1 
-6 den 2, gia tri cua ham so luc tang luc giarn, do 
vay khóng thóa man yeu cau, loąi C, chon D. 

Cau 38: Etóp an B. 

Dieu kięn x>2. 

Taco y = m(x-2)+(m+\)sjx-2 + 2m 
Dat Vx-2 = f(f >0). 

Bai toan tró thanh, tim tąp hop tat ca cac gia tri thrrc 
cua tham so m de ham so y = mt 2 + ( m +1) t + 2m 

nghich bien tren [0;+oo). 

Vói m = 0 thi khóng thóa man, do vąy ta xet m 0. 
Tir day ta cung có the loąi duoc A. 

Nhin vao cac phuong an cón ląi ta thay deu la só am, 
do vąy ta xet m < 0 

Vói m < 0 thi ham só g(x) = y’ nghich bien, do vąy 
ta chi can tim rn de y'(o) < 0 la thóa man. 

Gan 100 -+Y 

laimsiiEimca 


utm 
UD DDE) tH 


@ S ® tS ID 


^(YX 2 +CY+l)X+;t> 
_10L 


Taco 101 = 100+1 = w+1 
m+l<0<=>m<-l. TachonB. 

Cau 39: Dap an B. 

Dieu kięn x < 1. 

Ta có 

y = (m-x 3 ')yfl-x 3 =(m-l + l-x 3 )Vl-x 3 
= (l-x 3 )Vl-7~ +(m~ l) \jl-x 3 
Dat t = Vl-x 3 ;f >0. 

Do ham só t = yjl~x 3 nghich bien tren (0; l) do vąy: 


l’he best c«r nothing 

Bai toan tró thanh tim m de ham só y = t 3 
nghich bien tren (0; l) (phan vi du da giai thich vah 
de nay) 

Gan 100 —>Y. 

Tim y'(0);y'(l) 

m @i§ rn @ m <s> gb m m @ 0 m tu 


^(X 3 +CY-1)X)| x > 
_99 




^(X 3 +(Y-l)X)| x £ 
_102 


99 = m— 1 
102 = m + 2 

m -1 < 0 \m < 1 

„ „o <=> m < - 2. Ta chon B. 

m + 2<0 [m<-2 

Cau 40: Dap an A. 

Do cac bai toan chi xuat hien -3; —. Nen ta se thir 

5 

m = -3 truóc, vi neu m =-3 thóa man, ta có the loąi 
dupc ca B va C. 

Vói m = -3 sir dung TABLE vói thiet ląp Start 0; End 
271 


2rt; Step 


19 


@00giBe®0D][aiii[30(i3 

mssfafflmmiaaHmtiwjtH)® 


0 a 33BE 
0.6613 


FCX) 

i 

M.305B 

D.B3ME 


X 

-3BMI 


FUM) 

IE.1 


e-3Lya | -an. hm 


2,645551703 


X 

3.9603 


m , aa | -3E.B 

II-3S.BB 


F <X) 

-33.51 


4,62971549 


X 

, B.33E 

SM 


F CKJ 
-3.I IS 

-i.sm 


ie.is. 

1 ■Ć53d69313 


X 

ID E.EDBE 
11 3m3ME5 -3D.05 

ieW¥¥E - 


ST 

F(X) 

-E1.T3 


-31.El 
3.637633599 


Mhm 

5.EEI1 

5.953M 


El Math 

F(X> ’ 

-33.3 
-33.BE 
-35.OM 
5. 291103J.17 


Ta thay m = ~3 thóa man, do vąy ta loąi B va C; D. 
Vąy ta chon A. 
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Tir dinh ly 1 ta có the dua ra 
ket Juan "nom na" v'e cuc trj 
cua ham so nhu sau. 

De tim diem cuc tri cua 
ham so bang may tinh ta có 
the su dung chuc nang dao 
ham de xet su doi dau cua 
dao ham qua diem dó, tir 
dó dua ra ket luan ve cuc tri 
ciia ham so. 


Binhlyl _ .. .. ^ B ,, __ _ 

Giasuham so y = f(x) lim tuc tren khoang K = (x 0 - h; x 0 + h) va có dąo ham 

tren K hoąc tren K \ |x 0 }, vói h > 0. 

a. Neu /'(x) > 0 tren khoang (x 0 -h;x 0 ) va f'(x )<0 tren khoang 

(x 0 ; x 0 + fe) thi x 0 la męt diem cyc dąi cua ham só f(x). 

b. Neu f'(x )<0 tren khoang (x 0 -h;x Q ) va f'(x)>0 tren khoang 
(x 0 ; x 0 + ft) thi x g la męt diem cuc tieu cua ham só f(x). 


Dinh ly 2 ^ __. . ; ,, -.. 

Gia su ham so y = /(x) có dąo ham cap 2 trong khoang (x 0 -h;x 0 + h), yói 

h>0. Khi dó 

a. Neu /' (x 0 ) = 0, f" (x 0 ) > 0 thi x 0 la diem cuc tieu; 

b. Neu /'(x 0 ) = 0 / /"(x o )< 0 thi x 0 la diem cuc dąi. 


Qtiy tac tim cuc tri 

Quy tac 1. 

1. Tim tąp xac dinh. Tinh /'(x). 

2. Tim cac diem tai dó /'(x) bang 0 hoąc / (x) khóng xac dinh. 

3. Ląp bang bien thien. 

4. Th bang bien thien suy ra cac diem cuc tri. 

Quy tac 2. 

1. Tim tąp xac dinh. Tinh f'(x) 

2. Giai phuong trinh /' (x) = 0 va ki hięu x ; (i = 1; 2;...) la cac nghięm 
cua nó. 


3. Tinh /"(x) va /"(*;)• 

4. Dua vao dau cua f"{x i ) ta suy ra tinh chat cuc tri cua diem x r 

B„ Cac phtftfng phap co ban su dung may tinh gias oai toan h 
quan den cifc tri cua ham só 

Có hai cach co ban de tim cuc tri cua ham so. ^ ^ _ _ 

[ Cach i: Sir dung lęnh tinh dąo ham tąi męt diem ciia ham só. 

1 Cach 2: Sir dung TABLE. 

Cac vi dy minii hoa 

tg 1: Cac bai toan co ban ye cuc tri cua ham só. 

Vi du 1: Cho ham so y = (x - 5) \/?. Męnh de nao sau day la dó 

A. Ham só dat cuc tieu tąi x = l. 

B. Ham só dat cuc tieu tąi x = 2. 

C. Ham só dat cuc tieu tąi x = 0. 








d 

dx 

a Matfc a 

(tX-5)x 3 ix^)|J> 

-1. 666666667 


-£L 

dx 

0 M*th A 

0 


d 

a Math a 

CX-5)x 3 ix r )|^ 

7.0.1345646179 

dx ^ 

0 Math A 

(X-5)x 3 ix2)j > 
0.1301494443 


Phan 2 - Chń de 1; Hani se va cac ifog dung 

Lisi giai 

1. Su dung may tinh ca ni tay. 

Vói A: Ta nhąp 


■ beat os - nothi 


Ta thay tai x-l dąo ham cua ham so da cho khóng bang 0, do vąy x = 1 khóng 
phai la diem cuc tri cua ham so, loąi A. 

Vói B: Ta nhąp tiep tuc tren man hinh cua phuong an A ® <3) gE) CU (=) 

Ta thay tai day y’(l) = 0. Ta tiep tuc kiem tra dieu kięn de x = 2 la diem cuc 

ti f U ' D ^ x = 2Va di§m c vc tieu cua ham so y = (x - 5) ^ thi dąo ham cua ham 
so doi dau tir am sang ducmg qua x = 2 

Kiem tra y (2 — 0, l) ta tiep tuc nhąp tren man hinh truóc dó 

@@0®0d)@ 

Kiem tra y'{l + 0,l) ta tiep tuc nhąp tren man hinh truóc dó 

Tir kiem tra tren ta thay y' doi dau tir am sang duong khi qua x = 2 va 

y (2) = 0, do vąy x = 2 la diem cuc tieu cua ham só y = (x - 5) \fx^. Dap an B. 

2. Giai toan thomg ihucmg. 

Tinh dąo ham 1 / = łfc 4. (v - A) 2 1 _ 3 * + 2 (*- 3 ) 5(x-2) 

3 %/x 3 %/x 3\fx 

t/' = 0<»5(x-2) = 0<=>x = 2. 

. fx-2>0 

5(x-2) 


3ł[x 


x>0 

*- 2<0 

x<0 


<=> 


x>2 

x<0 


y’<0<=>0<x<2. 

V ąy y'{ 2 ) = 0 v ' a y' doi dau tir am sang duong qua x = 2. Ta chon B. 


Dap am B, 



Cach t: Sir dung TABLE. 

Ta se sir dung TABLE vói męt khoang kha rong de xet tinh don dięu cua ham 
so y = |x| - 4x 2 + 3 tir dó xet duoc só diem cuc tri cua ham só. 

Ta se ap dung Start -10; End 10; Step 1,5. 

Cach nhąp 

11 m m h m m <b m is © s s m m m o mi m id o m m 


F CK) 

II -a.S|3BB. E ?I 

31 -li ISO 


-10 


X 

-s.s 

ilnś^ 


FCHJ 
MB.315 
3 

-6.315 


3.5 


F <X) 

-3.135 

aa 

loe.aa 


Math 


6.5 


-2.5 


13 

. X F(X> 

1 -I D 

a. 135 


a 

X FCX) i 

>3 a asa 

IM M35.31 


~ Math 


LOVEBOOK.VM I 70 












Bai toam nay ta nen su dung 
khoang reng de khóng bó 
sót diem cuc tri cua ham só'. 
Vói bai toart nay, de chac 
chan khong bó sót diem cyc 
tri nao cua ham so ta có the 
xet them TABLE tren cac 
khoang va 

(-10;+®) xem ham só có 
thuc su nghich bien tren 
^~oo; — 10) va dong bien 

tren(“10;+co) hay khong. 


Tu ket qua Men tren mam hinh ta phan tich nhu sau: 

- Ta thay gia tri cua ham so giam dan khi cho x chąy tir —10 den —2,5, 
Sau dó gia tri ham sd ląi tang khi x chąy tir —1 den 0,5. Do vąy ó day ta 
có mot diem cuc tri x = x 0 vói x 0 e (—2,5; —1 j. 

- Sau dó khi cho x chąy tu 2 den —3,5 thi gia tri cua ham so ląi giam. Do 

do ham so ląi co mot diem cuc tri x — x 1 vo’i €= ^0,5,2j. 

- Tiep theo gia tri cua ham so ląi tang khi x chąy tir 5 den 9,5 thi gia tri 
cua ham só tang dan, tóc ham só' ląi có mot diem cuc tri x = x 2 vói 

x 2 e(3,5;5). 

De dl hinh dung phantich tren ta có bang bien thien sau 


I x 

I f{ x 


+oo 




STUDY TTPS 

Vói cac bai toin tinh dąo 
ham cua ham so de cho 
khong phuc tąp thi ta nen 
su dung cach 2, vi nhu vąy 
ta se dl xet tinh doi dau qua 
cac dau duong am, eon 
cach 1 dl riham lan khi xet 
tinh don dięu. 




tix 


CE!)j : 


0 Math & 


i(i X 3- X 2_3X + |, 


Do vąy ham só da cho có 3 diem cuc tri. 

Cach 2: Tinh dąo ham sau dó sk dung may tinh gtM phwmg trinh. 


Neu x<0 thi (|xf] = (-x 3 ) = ~3x 2 . 
Neu x>0 thi(|xf) = (x 3 ) = 3x 2 . 
Vąy y ’ = ( \xf - 4x 2 + 3 ) = 3x \x\ - 8x. 


So diem cuc tri cua ham só ung vói so nghięm cua phuong trinh y' = 0. 

Ta su dung chiic nang MODĘ 7 de dó nghięm va syv doi dau cua y qua 
nghięm. 

P>6@ [f3 CE3 IPli CO dirl iS Uli CD <B S iii Ul CS lii IMS 0 @3 (13 El CO lii 
[II fil_1 


0 M?.th 

-nil 

“SIS 


0 MKth 

F (Hi | 


-s 


[ X I F£X> 
y -E -SD 

i La&aif i -fil 


a Miitti 

I X i F CX> I 
a 3! 

M l IB 

mmB h 351 


FOT 

-3 

« 

5 


0 Math 

| K B F | 

IE i BS 

ni] §s 

S I B gB E 


Ta thay y’ doi dau 3 fan => ham só da cho có 3 diem cuc tri, ta chon C. 

Dap an - 


1 5 

Vi du 3: Diem cuc tri cua ham só f(x) = — x 3 - x 2 - 3x + — la 

3 3 


A. x = — l;x = 3 
C x = -l;x = 5 


22 10 

B. x =- ;x =— 

3 3 

D. x = 4;x = 3 


Lol giai 

Cach 1: Su dpg MTCT. 

Ta se su dung chtic nang tinh dąo ham tąi mót diem cua may tinh. 
An gg) [£! (-jM) thi may hien nhu hinh ben. 
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Phai» 2 - Cho ćs ': Har.i sova cac Ńng dong The best or nothing 

2 ^ 

Nhap ham so — X - X — 3X + — tai gia tri X=—1 (Ta lan luot thh cac phuong 


Tai x — 1 thi y — 0 suy ra x = —l la męt diem cuc tri cua ham so. 

Tuong tu ta giu nguyen man hinh va thay x = -1 thanh x = 3 thi duoc ket qua 
tuong tę. Th dó ta chon A. 

Cach 2: Xet ham so f(x) = ~x 3 -x 2 -3x + - 
w 3 3 

Có TXD: D = R. Taco f'(x) = x 2 -2x -3-,y'= 0 <=> X = 3 

x = -l 


Bang bien thien 


X 

! -°° -i 


/'(*) 

+ 0 


f( x ) 

10 



3 \ 

—co 


—CO _| 

Th BBT ta thay ham so có diem cuc dai x = -l va diem cuc tieu x = 3. 




Ldi giai 


Taco y' = x 2 -2 mx + m 2 -m + 1; y" = 2x-2m. 

De ham so dat cuc dai tai diem x = l thi \ ° 

h"( l ) < o 

De ham só dat cuc tri tai diem x = 1 thi y' (l) = 0 <=> m 2 - 3m + 2 = 0. 
Ta su dung chuong trinh SOD® de giai phuong trinh bac hai 

iśmiijmdłBtadism© 

Tiep theo vói m = 2 thi y’ ’ (l) = 2.1 - 2.2 = -2 < 0 thóa man. 

Vói m = 1 thi y"(l) = 0 khóng thóa man. Vąy ta chon C. 



Vi dą 5: Tim tat ca cac gia tri thuc cha tham só m de ham só 
y~ x3 ~ 3 mx 2 + 3 {m 2 - l)x — 3 m 2 + 5 dat cuc dąi tai x = l. 


3. m~ 2. 


Ta thay neu ta thh vói m = 0 thi có the so sanh giha A va D. 

- Kiem tra khi m = 0 thi ham só có dat cuc dai tąi x = 1 khóng. 

@iS0@d]®0®a0a@®0i! 

Tiep theo ta lan luot kiem tra dau cua dao ham tai x = 1 - 0,1 va tai x = 1 + 0 1 

EJ® HD] (U 
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dx 


' v3. 


3X+5)| 


;=!-fc 

63 _ 
100 




E Matłi A 

/2 + 3X-7> 


d f v3 


0 Matłi 


i A i. 
63 
1QQ 


Q 

^(X 3 -6X 2 +9X-7:i> 

57 

~ 100 


I-JX 


Ta thay dau cua y ' doi tu am sang duong khi qua x = l=>x=l khong { 
diem cuc dąi cua ham so. Do vąy ta ioąi A va D 
- Tuong tu ta kiern tra khi m = 2 


la 


SHIFT! 




(A; Gd 14 J ®>h3 QJ & M3 Si SU tu fcitlj ® LU i=0 


(g> ;g) [d [oj Q7 yj |=j 

<s§> tg) d.) cg) c§> ® QB © 

Ta thay y' doi dau tu duong sang am 


> Ham so y — X > — 3mx 2 + 31 yn 2 — 1 j x — 3 m + 5 dąi cuc dąi tai x 1 


A. m<l. 


C. mc 0. 



yjf du 6: Tim tat ca cac gia tri thuc cua tham so m de ham so 
y - mx 4 + (m -1) x 2 + 2 có dung mot diem cuc dąi va khong có cuc tieu. 

m< 0 
m> 1 

LOi ^ 

Tinh y'=4mx 3 +2(m-l)x . De ham so có dung 1 cuc dąi va khong có cętc tieu 
thi y' - 0 có dung 1 nghięm va y'(x) doi dau tu duong sang am qua diem dó. 
Chon m = -5.Dung §»§§ (7) tinh nghięm y’=0 va khao sat su doi dau cua 

y\x). 


3 

W 

El 

FtKJ 

31 

Math 

m a ® m cd b tu tu e 

ha] CD @5 U <0 s±j G 

D G3 E) d) i~J GD CD 

i®l t 

10 

B 






3 8 

u 

-11 

0 






0 

Maili 

I K 

FCH) 


nl s 

-Si 

0 

m 

0 




0 Math 


Si j 

CM) | 



— 31 

30 

0 

1 1 

II 

0 


dung có the la A, B, C 

Chon m = 5. Dung S| GD tinh nghięm y' = 0 va khao sat su doi dau cua y (x) 

gci (g) fP) (g) (§> pi] <S <0 CD <0 (0 <0 <§> ® ® ii.-) OH HO tu 1MS OH 

Ta thay /'(x) doi dau 1 lan tu am sang duong=> m = 5 loąi => Dap an B sai 
Chon m = 0,5. Dung fil [11 tinh nghięm y ' = 0 va khao sat su doi dau cua 

y'(x). 

@ (g> <g> 0 QD 0 <0 <0 <0 (0 <0 cg> <0 <g> <0 ES iB Q UD dl E3 LU 

© . 

Ta thay /'(x) doi dau 1 lan tu duong sang am^ m = 0.5 thóa => Dap an C. 

Dap an. C. 

Pyriii 7; Tim tąp hop tat ca cac gia tri thuc cua tham só m de do thi ham so 
! y = x 3 + x 2 + mx - m - 2 có hai diem cuc tri nam o hai nua mąt phang khac nhau 

i y 

\ vói bó la truć hoanh. 


A. (-oo;0). 


^—oo; -l) \ {-5}. C. (-oo; o] . D. (-oo; l) \ {-5} 













STUDY TIPS 

Phuong trinh duóng thŚng 
di qua hai diem cuc tri cua 
do thi ham só bac ba bieu 
dien theo y'; y"; y la 


Phan 2 - G w de i: Ham s§ va eac drag dung The best or nothing 

- Ta có y' = 3x 2 +2 x + m. De ham so có dung hai diem cuc tri thi y' = 0 có hai 

nghięm phan bięt <=> A' = 1 - 3m > 0 <=> m < ~ => ca bon phuong an deu thóa 
man. 

- Chon m = -5. Ham so có dąng y = x 3 +x 2 -5x + 3. Tim hai diem cyc tri cua 
ham so bang lęnh gil [1] i Ti 

©©©©©His® tu od© 


Tudó suy ra /(* l ) = /(l) = 0;/(* 2 ) = / 


256 
’ 27 ' 


De hai diem cuc tri nam ve hai phia cua truć hoanh thi 
/ (*i ) -f { x 2 ) < 0 => m = —5 khóng thóa man, tu day ta loai duoc A va C. 

- Chi cón hai phuong an B va D, ta thu vói m = 0. 

Vói m = 0 thi ham so có dang y = x 3 +x 2 -2. Tuong tu ta su dung lęnh 
SU GD © de tim hai diem cuc tri cua ham só. 

ni en © m m © © © mm m 

Tu dó suy ra /(* 1 ) = /^-|j = -^ ;/ (* 2 ) = /(o) = -2. 

De hai diem cuc tri nam ve hai phia truć hoanh thi f[x x )f{x 2 ) < 0 => m = 0 
khóng thóa man, tu day ta loąi C. Vąy ta chon B. 


.p an 


Dang 2: Viet phuong trinh duóng thang di qua hai diem cuc dai, cuc tieu cua do 
thi ham só y = ca 3 + bx 2 + cx + d, [a * 0). 


Lói giai tóng quat 

Gia su ham bąc ba y = /(*) = ax 3 + bx 2 + cx+d,(a* 0) có hai diem cuc tri la 
x l ;x 2 . Khi dó thuc hien phep chia f[x) cho /’(*) ta duoc 
f{x) = Q{x).f'{x) + Ax + B. 

Khi dó ,a có {£i z i* (d ° r{x ' ): ■ ^ w-° : >■ 

Vąy phuong trinh di qua hai diem cuc dai, cuc tieu cua dó thi ham só y = f(x) 
có dang y = Ax + B. 


Den day ta quay tró ve vói bai toan toan 1, vąy nhięm vu cua chung ta la di tim só du dó 
mót cach tóng quat. 

Taco y' = 3ax 2 +2bx + c ; y" = 6ax + 2b. 

Xet phep chia y cho y’ thi ta duoc: 


( \ b | 

y~y \j3 X+ 9a \ + %( x ) (*)' ó d ®y #(*) phuong trinh di qua hai diem cuc tri cua do 


3 9 a 

thi ham só bac ba. 


T«p mc „ có ~v-y-£**W 


U 


>g(*)=y~ 


y'-y' 


18a 


18fl 
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Sir dung tinh toan vói so 
phirc de giai quyet bai 
: toan. i 


Tiep theo ta có męt bai tkam soi 

j Vi du 2: Cho ham so y = x 3 -3x z +3( 1 - m)x - - i + Sm, tim m sao cho do thi ham 
! so có diem cyc ćLąi, cyc tieu, dong thói tim chroń g thang di qua hai diem cyc tri 
i cua do thi ham so da cho. 

1 A, m> 0; A:2mx + t/-2ra — 2 = 0 B. m> 0; A: 2:mx + y — 2.m -2- 0 

i C. m < 0; A: y = 202 - 200x D, m> 0; A: y = 202 - 2Q0x 


STU DY TiPS 

Vói nhung dang toan 
nay, ta lim y rang truóc 
tlen, ta can tim dieu kięn 
de ham so có hai cuc tri. 


Ta có y' = 3x 2 -6x+3(l— ni), y" = 6x-6. 

De dó thi ham so có diem cyc dąi, cyc tieu thi A' = 3 2 - 9. (l - ntj > 0 <=> m > 0 . 

Vói m > 0 thi ta thyc hien: 

Chuyeh may tinh sang che do §551 GD (CMPLX) 

y" 

Nhap vao may tinh bieu thuc y — y' - ta có 

18 <? 

X 3 -3X 2 +3(l-M)X + l + 3M-(3X 2 -6X + 3(l-M)) 6 ^~ 6 

An Sgj 

May hien X? nhąp i - 
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X 3 -3X 2 +3(1-M)X^ 

202-2001 


STUDY TIPS 

Vói buóc cuoi cung, ta 
can có kT nang khai trien 
da thuc su dung may tinh 
cam tay da duoc giói 
thięu ó phan chuc nang 
ban dau. 


-X 3 +3YX 2 -3Y-1-('i> 

-301+200001 


STUDY TIPS 

Hę phuong trinh phia dwói 
duoc tęo nen boi 

1. Ap dung dinh li Viet cho 
phuong trinh y' = 0. 

2. Hai diem A; B nam tren 
duóng thŚng A 


■r <MT! SO V3 CJsC itklg €^Ualg 


si or ^oirung 


May hien M? nhąp 100 = 

Khi dó may hien ket qua la 202 - 200/ 

Tathay 202 - 200/ = 2.100 + 2 - 2.100./ =>y = 2m + 2-2mx 

Vąy phuong trinh duóng thang di qua hai diem cuc tri cua dó thi ham so da 
cho có dąng 2 mx + y — 2m — 2 = 0. 

Dap ars B. 

Ta rut ra ket luąn ve cach lam dang toan viet phuong trinh duóng thang di qua 
hai diem cuc tri cua do thi ham bąc ba nay nhu sau: 

Buóc 1: Xac dinh y';y" . 

Buóc 2: Chuyen may tinh sang che dó tinh toan vói só phuc 
fioB G0(CMPLX) 

Nhap bieu thuc y - y'. . 

18fl 

Chu y : 

Neu bai toan khóng chua tham só thi ta chi só dung bien X trong may, tuy nhien neu bai 
toan có them tham só, ta có the su dung cac bien bat ki trong may de bieu thi cho tham 
só da cho, ó trong sach nay ta quy uóc bien M de de dinh hinh. 

Buóc 3: Gan gia tri. 

An [cAlcj, gan X vói i, gan M vói 100 

Luc nay may hien ket qua, tir dó tach hę só va i de dua ra ket qua cuoi cung, gióng nhu 
trong hai vi du tren. 


V? du 3: Cho ham só y = -x 3 + 3rax 2 - 3 m -1. Vói gia tri nao cua m thi do thi ham 

so da cho có cuc dai va cuc tieu doi xung nhau qua duóng thang 
d: x + 8y - 74 = 0. 

A. m = 1. B m = —2. C. m = 2. D. m = -l. 


I, 0 i giai 

Ta có y' = -3x 2 + 6 mx; y" = -6x + 6 m. 

Chuyen may tinh sang che dó §i®§ [2] (CMPLX) 

y" 

Nhąp vao may tinh bieu thuc y — y' —ta có 

s os o su ra &3 id <b ai cci @n m m\ ra @ ra co m pj ej m b 
cd e m m m m ® © m @ m ra m su m e tu m ra ra © m 

May hien X? nhąp i = 

May hien Y? nhąp 100 = 

liberiom® [Mig 

Ta có -301 + 20000/ = -3.100 -1 + 2.100 2 ./ => y = -3 m -1 + 2m 2 x 

=> A: 2 m 2 x — y — 3 m — 1 = 0 la phuong trinh duóng thang di qua hai diem cuc tri 

cua dó thi ham só y = -x 3 + 3mx 2 - 3 m -1. 

De dó thi ham só y — —x 3 + 3 mx 2 - 3 m -1 có hai diem cuc dąi va cuc tieu doi 
xung nhau qua duóng thang d: x + 8y - 74 = 0 thi duóng thang d vuóng góc vói 
duóng thang A va d di qua trung diem cua doąn thang noi hai diem cuc tri cua 
dó thi ham só da cho. 


dJ-A»2m 2 . - 


8 


= -1 <=> m = ± 2 . 
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CMPLX 0 _ M*th A 

X d 14X S —6X—2) —1 E> 


CMPLX El Matłi & 


X+4(4X 3 -=6X-2)- 


v ói m = -2 


* d di qua trung diem cua doąn thang noi hai diem cyc tri cua do thi ham so da 
cho, sny ra neu goi A{x 1 ;y 1 ),B(x 2 ; y 2 ) la hai diem cyc tri cua ham so thi 

(*i +3 0 , o (yi + y 2 ) 

2 2 


•74 = 0 (*). 


Mat khac ta có 


x x + x 2 = 2m 


+ x 2 = 2m 


[3/i + Vi = 2wi 2 (xj + x 2 ) — 6m — 2 \y 1 +y 2 —4 : m 6rn 2 

Thayvao (*) ta du>ąc m + 4(4fw 3 -6m-2)-74 = 0 
Ta CALC vói m = 2; m = -2 tir dó chon dap an dung. 


§Sj CD Ob IŚj QJ LU ffiii Li J l 


Vąy chi có m = 2 thóa man, chon C. 


pa TH tps R Ce1 slffl (Tl I 


Dąnp 3 : Cac bai toan cyc tri lien quan den ham so bąc bon trimg phurong | 
y = «% 4 + bx 2 + c,(c^0). 




Ve dąng toan nay o trang 63 den trang 70 sach Cóng pha Toan 3 tói da dua ra 
chńng minh cu the, do vąy o day tói chi dna ra bang cóng thiic tinh nhanh cho 
tóng bai toan. 

Gia sit ham só y = ox* + bx 2 + c có ba diem cyc tri 

\cf 


A(0;c),B 


b _ A 

'Ta 


A._A 

2 a 4 a 


(trong dó A = h 2 - 4 ac ) 


tao thanh tam giac ABC thóa man du kięn. 


E>ir Idęn j 

Cdng thiic thóa ab < 0 j 

; 1, Tam giac ABC vuóng can tai A. 

| ......... J 

b 3 

8 a + b 3 = 0 hay — = -8 j 

1 2, Tam giac ABC deu. 

b 3 1 

24a + b 3 = 0 hay — = -24 j 

8 a + b 3 . tan 2 — = 0 

2 \ 

i i 

S 3, Tam giac ABC có góc BAC = a 

i 4, Tam giac ABC có dięn tich bang S 0 . 

-\ł 1 

! 

0 32fl 3 j 

i 5, Tam giac ABC có dięn tich lón nhat. 

( - b 5 T i 

tim max -- i 

{32 a 3 ) j 

! 6, Tam giac ABC trong dó B;Ce Ox. 

\ 

c *° (c*0 i 

_A.o~ A.O 

4 a | 

I 7, Tam giac ABC trong dó BC = kAB = kAC;(k > 0). 

b 3 k 2 -8a(fc 2 -4) = 0 1 

| 8, Tam giac ABC có ba diem cyc tri tao thanh ba góc 

l 

\ nhon. 

b 3 +8a n 

i —-—->o. 

b 3 -Ba 1 

Hoąc b{b 3 +8«^>0 
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10, Tam giac ABC có ban kinh duóng tron ngoąi tiep 
la R. 


11, Tam giac ABC nhąn goc toa dó O lam 

a. Trong tam. 

b. Truć tam. 


b 2 — 6 ac = 0. 
b 3 + 8a — Aabc = 0. 


c. Tam drrdng tron ngoąi tiep. 

12, Truć hoanh chia tam giac ABC thanh hai phan có j 
dięn tich bang nhau. j 

1*13, Tam giac ABC có ba diem A; B; C cach deu truć” ! 
| hoanh. | 

K'lam giac ABC cimg goc toa dó O tąothanhhinh'] 

[thoi. 


b 3 -8 a-Babć = 0. 


b 2 


b 2 

b 


,2 

















Morę ióiip,. 


o:m r«. 

Ca.w 1; Do thi ham sd y = —x 3 + 3x có diem cyc tieu la 
A. (l;—2). B, (—1;0). C, (-l;-2). D. (l; 0 ). 
Os 2 : Cho ham so y = 2x 3 -5x 2 + 4x +1999. Goi 
x .; x 2 łan Itrot la hoanh do hai diem cyc dai va cyc 
tieu cua do thi ham so. Ket luan nao sau day la dung? 

s 2 „ . 1 
x 2 -x l =~. h. 2x 2 -x 1 =-. 


2x, - x 2 = - 


u. x, - = - 


CSu 3: Ham so y = x i +x 2 +1 dat cyc tieu tai 


x = ~l. 


x = l. 


C. x = Q. 


D. x = -2. 


Ctu 4: Tim gia tri cyc dąi cua ham sd y = x 3 -3x + 2. 

A. 4. B. 1. C. 0. D. -1. 

Om 5: Bo thi ham so y = e* (x 2 -3x-5) có bao nhieu 
diem cyc tri? 

A. 1. B. 0. C. 2. D. 3. 

CSu 6: Ham so y = |x| 3 -x 2 +4 có tat ca bao nhieu 
diem cyc tri 

A. 2. B. 1. C.3. D. 0. 

Ca u 7: Sd diem cyc tri cua ham sd y = 3x 4 - 2017 la 
A. 1. B, 2. C. 0. D.3. 

du 8 : Diem cyc tieu oia dd thi ham so y = x 3 - 3x + 5 
la diem 

A, Q(3;l). B. M(l;3). 

C. P(7;-l). D. N(-l;7). 

CJm 9: Cho ham so y = /(x) có dąo ham 

/'(x) = x(x-l) 2 (2x + 3). Ham sd da cho có bao nhieu 
diem cyc tri? 

A. 3. B. 0. C2. D.l. 

* + +1 CQ ' i-) ao n hieu diem 


x +1 


Cau 10, Ham sd' f(x) ■■ 
cyc tri ? 

A. 3 B, 2 C1 D. 0 

Cau 11: Ham so y = \Z4-x 2 có rrtay diem cyc tieu? 

A. 0. B.3. C.2. D.l. 

Cau 12: Khoang cach giua hai diem cyc dąi va cyc tieu 

cua dd thi ham sd y-(x + l((x-2) 2 la 

A. 2. B. 5>/2. C 2^5. D. 5. 

Can 13: Tat ca cac diem cuc dai cua dd thi ham sd 


y =-2x 2 -1 la 

A. (0; —l). 

C (-V2; -3). 


B. (>/2;-3) va (-x/2;-3). 
D. (>/2;-3). 


B. m = ± — . C. m = ±—. D, ?w = ±2. 
2 2 


luyen kf nang 

Gra 3 4: Gia tri cua wi de ham sd 
y = -x 3 - 2x 2 + mar + 2 m dat cyc tieu tai x = —1 la 
A. m< —1. B. C, rn = —1. D, m>— 1. 

Cau 15: Vói gia tri nguyen nao cua fc thi ham sd 
y = fce 4 +(4/c - 5) x 2 + 2017 có ba cyc tri. 

A. k = 1. e. fc = 2. C, fc = 3. D. Jfc = 4. 

Cau 16: Viet phucmg trinh dttdng thang di qua hai 

1 

diem cuc tri cua do thi ham sd 1/ = — x ó — 2x 2 + 3x. 

J 3 

A. 2x+3y+9 = 0. B. 2x + 3y-6 = 0. 

C. 2x-3y+9 = 0. D, -2x+3y+6 = 0. 

Cau 17: Goi Xj;x 2 la hai diem cyc tri cua ham sd 
y = x 3 -3 mx 2 +3(ra 2 -l(x-m 2 +m. Tim m de 
Xj 2 +x, 2 -x,x 2 = 7. 

A, m — 0. 

Cau 18* Ham sd y = x 3 -3mx 2 +(m 2 -l(x + 2 dat cyc 

tieu tai x = 2 khi m bang 

A. rn< 1. B. m — 1. C. m> 1. D, m = 2. 

Cau 19: Dd thi ham sd y = x* -2m 2 x 2 +1 có ba diem 
cyc tri la ba dinh cua mot tam giac vudng can thi m 
hang 

A, m = ±2. B, m = 1. C m = -l. D, m = ±l. 

Cau 20: Ham sd y = -x 3 +(2m-ljx 2 -(2-m)x-2 có 
cyc dai va cyc tieu khi m thóa man 

A. me(— 00 ;-l). 3. 

C. m e(-oo;—l)u^;+ooj. D. 

Cau 7.1; Dd thi ham sd y = -x 3 + 3 mx 2 - 3m -1 có diem 
cyc dai va diem cyc tieu doi xung vói nhau qua duóng 
thang d:x + 8y-74 = 0 khi m bing 

A. m = 1. B. m = —2. C. m = -l. D. m = 2. 

Cau 22: Cho ham so 

y = 2x 3 -3(2a+l)x 2 +6fl(«+l)x + 2. Ne u goi Xj;x 2 
lan luoi la hoanh dó cac diem cyc tri cua do thi ham 
sd da cho thi gia tri cua |x 2 — x, | la 

A. a+1. B. a-l. C. a. D. 1. 

Cau 23: Cho ham sd y = 4x 3 + mx 2 - 3x. Tim m de ham 
sd da cho có hai diem cyc tri x,; x 2 thóa man 
x, = -4x 2 . Chon dap an dung nhat. 


9 3 

,4. m = ±—. B, m + . 
2 2 


1 

C. m = 0. D . m = ± — . 
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Cau 24: Ham só y = —x t +2(2m-i}x 2 +3 có dung 
męt diem cuc tri khi m thóa man 

1111 

A. m > —. B. m > —. C. m < —. D. m < —. 

2 2 2 2 

Cau 25: Bo thi ham so y = x 4 -2{m+l)x 2 +nf có ba 

diem cuc tri tao thanh ba dinh cua mót tam giac vuóng 
khi 


A. m— 2. B, m = l. C. m = 3. D. m = 0. 


Cau 26: Ham so y = x 4 - 2mx 2 +1 có ba diem cęrc tri va 
duóng tron di qua ba diem nay có ban kinh bang 1 thi 
m bang 


A. m = -l;m = 
C. m = 1; m = — 


-\+S 

2 

-1-n/5 

2 


B. m = 1; m = 
D. m = 1; m = 


-1±V5 

2 

-1+S 


Cau 27: Ham só y = 2x 3 + 3(m-l)x 2 +6(m-2)x-l 
có diem cuc dąi va cuc tieu nam trong khoang (-2; 3) 
thi dieu kięn cua m la 


A. me(l;3). 

B. me(-l;4). 

C. m e (3; 4). 

D. me(—1;3 )cj(3;4) 


Cau 28: Dó thi ham so y = ax 4 + bx 2 + c có cac diem cuc 
dąi va diem cuc tieu lan luęt la A (0; —3) va B (-1; -5). 

Khi dó gia tri a; b; c lan 1 uot la 

A. -3; —1; -5. B. 2; -4; -3. 

C. 2; 4;-3. D. -2; 4;-3. 

Cau 29: Dó thi ham so y = x 3 - 3mx +1 có hai diem cqc 
tri 8vaC sao cho tam giac ABC can tai A( 2; 3) thi 


3 3 

A. m = —. B. m = —. 
2 2 


C. wt = ——. B. m = —. 
2 2 


Cau 30: Phuong trinh duóng thang di qua hai diem 
cuc tri cua dó thi ham s o y = ~2r’ + 3x 2 la 


A. y = x- 1. B. y = x+l. c. y~x. D. y=-x. 
Cau 31: Cho ham só f{x) = 2x 4 — 4x 2 +3. Tinh dięn 

tich S cua tam giac có ba dinh la ba diem cuc tri cua dó 
thi ham só. 


A. S = l. B. S = —. C. S = 4. D. S = 2. 

2 

Cau 32: Tim tąp hop S góm tat ca cac gia tri thrrc cua 
tham só m de ham só y = x 3 + (m -1J -J4 - x 2 có ba 
diem cuc tri. 

A. S = (-5; 7) \ {1}. B. S = [-5; 7]\{l}. 

C. S = (-l;3)\{l}. B. S = [—1;3]\{l}. 

Cau 33: Cho ham só y = (l - rnj x 4 - mx 2 + 2m —1. 

Tim m de dó thi ham só có dung mot diem cuc tri. 


A. m < 0. 


m < 0 
m > 1 


m<0 
m> 1 


B. m>l. 


Cau 34: Cho ham só y = x 3 + 3x 2 + mr + m — 2, vói m la 
tham só va có dó thi (C n ). Tat ca cac gia tri thuc cua 
tham só m de (C m j có diem cuc dąi va cuc tieu nam 
ve hai phia doi vói truć hoanh la 

A. m<2. B. m< 3. C. m<3. D, m <2. 

Cau 35: Goi S la tąp hop tat ca cac gia tri thuc cua tham 

so m de dó thi ham só y = ix 3 -mx ! +{nt 2 -l^x cóhai 

diem cuc tri la A va B sao cho A; B nam khac phia va 
cach deu duóng thang y = 5x-9. Tinh tóng tat ca cac 
phan tu cua S. 

A. 0. B. 6. C. -6. D. 3. 

Cau 36: Cho ham só y = x 3 -3(m + l)x 2 +9x + m-2 có 

dó thi (Cj. Hói có bao nhieu gia tri thuc cua tham só 
m de dó thi (C) có diem cuc dąi va diem cuc tieu doi 
xung vói nhau qua duóng thang d : x — 2y = 0. 

A. 0. B, 1. C. 2. D 3. 

Cau 37: Duóng cong y = x 4 + mx 2 +1 có ba diem cuc 
tri ląp thanh męt tam giac deu. Gia tri cua tham só 
thuc m la 


A 1 

A. m = —=. 

3 S 

B. m = -n/24. 

1 

II 

S 

U 

D. m = -n/3. 


Cau 38: Tim gia tri nguyen nhó nhat cua tham só m de 
dó thi ham so y = 3x 4 - mx 2 - 2 dat cuc tieu tai hai 
diem B; C va dat cuc dąi tai A(0;-2) sao cho 

|x c -x B | < ^6m(m-l). 


A. wj = 1. B. m = 2. C. m — 3. D. m = 4. 
Cau 39: Tim tat ca cac gia tri cua tham só thuc m de 
duóng cong y = 2x* - m 2 x 2 + m 1 -1 có ba diem cuc tri 
A; B; C sao cho A; B; C; O ląp thanh bon dinh cua mót 
hinh thoi (vói O la goc toa do). 

A. m e |->/2; \/2J. B. m = c/2. 

2 ' 2 }' 


<L. m 




D. m e < - 


Cau 40: Tim tat ca cac gia tri thuc cua tham só m de dó 
thi ham só y = x 4 -2 mx 2 +1 có ba diem cuc tri phan 
bięt A; B; C sao cho O A + OB + OC = 3. 

A, m = 0. B. m — 1. 


C. m = 


S-i 


). m<E< 0;1; 


n/5-1 
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i M fi 


fsTirfl Pi '(-■? W&M f') ixĄ fal (F' i - 1 ] 1 3 ■ : TG) Q ] (P , ■ ] tyj 




m MMKy 

tĘ|t (~ l '3X) | x _ i 

0 Mit h Ł 

^(-X 3 +3X)! a .,_ 1 

_Oj 

0 


Ta thay x = -1; x=t la cac diein cyc tri ciia ham sd. 
Hę so a = -1 < 0 nen do thi ham sd có dang chu N 
ngiroc => x = — 1 la diem cyc tieu cua ham so 
(—1; —2) la diein cyc tieu cua do thi ham sd. 

Ciu 2: ESap an C. 

Taco y' = 6x 2 -10x + 4. 

Giai phtrcmg trinh y' = 0 ta có 


li 

g 00 (3l J] (13 E3 CD L£ 

HU E) Hi © 


a MsthV 

Xi- 

IM Math^A 

X2~ 



2 


1 

3 


Do hę sd a -2 >0 nen do thi ham so có dang chu N, 


2 

tóc x = — la diein cyc dąi cua ham sova x = 1 la 


diem cyc tieu cua ham so => 2x x - x 2 



Chon C. 

Cśiu. 3: :Oap an C. 

Ngoai cach thu lan luot tirng dap an de lay ket qua. 
Neu ta ap dung męt chut tu duy thi phep thu se dien 
ra nhanh han. Do thi ham bac 4 doi xung nhau qua 
truć tung. Neu ham sd dat cyc tieu tąi x = -1 thi se dat 
cyc tieu tai x = 1. => Dap an A va B loęi vi ta chi duęc 
chon 1 dap an. 

Thu vói x = 0 


113 ffl I® C:: ®3 ® (IMB S [II63 lii Ei (S> Sil 

[Hj (5|) £5|> [ 0 ] f «j [T] (5) (<§) (3) 0) 0) 0) fep Q0 

lf|j 


0 Ma.th Ł 

^(X 4 + X 2 U)| I=0 

0 

0 Math A 

^(X 4 ->X 2 + l)I„ 0 t 

51 

"250 


0 Math & 

^(x 4 *x 2 u)| I=c i» 

51 

250 



Ta thay /'(0) = 0, f'{x) doi dau tir am sang duong 


=> x = 0 la cyc tieu. Chon C. 

C.au 4: Dap an A. 

y' = 3x 2 -3;y' = 0<=>x = ±l. 

Khao sat sy doi dau qua diem cyc tri x = —l bang cach 
tinh /'(-l-0.l) va /'(—l + O.l) 




Vay x = —1 la diem cyc dai cua ham sd da cho 

=> f (—l) = 4 la gia tri cyc dai cua ham sd. Ta chon A. 


O* ilŹSlp -3X1 A.* 

Taco y' — e x (x 2 -3x— 5^+e 1 ' (2x-3^. 

Sir dung TABLE de khao sat sy doi dau cua y'. 

SS§ m SB SO @5 03(83 00 ®S Cli © ED @3 
p i j CO E3 @3 CD GB @1GIB 63 SU CD <S [D GD 


mm&mmmE 






0 

Math 



0 

Math 


K 

F CKJ 




F(K> 


T 


0.81SS 


ss 


“Mia.aa 


0 

-D.ai 



-md. n 


§ 

-i 

“Sb SOI 

“2 

i m 

51 


3 


Ta thay y' doi dau hai lan => Do thi ham so có hai 
diein cyc tri. Ta chon A. 

CSu 6: Dap an. C. 

Neu x>0 thi (j-tf] = (* 3 ) = 3x 2 . 

Neu x<0 thi ^|x| ) = (-x 3 ^ =—3x 2 . 

Suy ra ta có y' — 3x|x| -2x 


y' = 0 <=> 


x = 0 

x = ± l- 
3 


Dung TABLE vói thiet Lip sao cho x chąy qua ba gia 


tri nay ta se khao sat duyc sy doi dau cua y'. 

||f Ej ® Hi CD ®I) S3 (3 ® E3 GS ii! CD 


-B“ 

1 -a.iaś 0 . 333 I 
-O»6666Ć 

Math 

,66667 

li 

1 

E Math 

K F CK) 

M n.333| 

0=1333 ~a n i33 

O 


§ 

§ 

SO 

S-S F 

”0 

0 

.333 

a 

666 

Math 

66667 


0 a f 6.S 


Ta thay / r (x) doi dau ba lan => ta chon C. 


Cats 7: Dap an A. 

Ta có y' = 12x 3 = 0 <=> x = 0. 

Sir dung TABLE de xet sy doi dau cua y' qua x = 0. 

g5§ @3 [T) Ej iHU [Ti (55 Oj cg) (sl (=3 0 CD G§]E3 
Eli CD s3 



E Math 

i K 

F CHS i 

Z -1 

Hg 

0 

M§ I 

si! 


0 
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Thóa man, vąy ta chon A. 

















- Chui de 




ara sd va cac ui ig dyn 


Cau 8: Dap an B. 

Ta có y' = 3x 2 -3 ; y' = O <s> 



e@®B0@E®ineB)isii 

BEKS® 



0 Mith 


0 Ms.tti 

X 

FCX) 


X 

FCXJ 

IwM 

1.15 

□ 


E D.5 

i wmm\ 

-i.g5 

0 

M -D« 5 

“g«S5 


B !,5 

a-ns 



-i 


i 


Ta thay y' doi dau tu am sang duong qua x = 1 => 
x = 1 la diem cuc tieu cua ham sd. 

=>M(l;3) la diem cuc tieu cua dó thi ham sd da cho. 

Cau 9: Dap an C. 

x = 0 

Ta có /’(x) = 0 x = l 


Su dung TABLE de xet su doi dau cua y’ qua ba diem. 

HBScassBEammBSGia 



X 

0 

F (Xj» 

1 

2 

mssrł- 

IB 

3 

-1 

-M 


0 Math 

X I F<XJ j 

-□. 5 ! -H.as 


El 0. 5! D.Sl 

0 Math I 


X F (XJ 

0.5 0.5 

win □ 

!r 5 S„S5 


Ta thay y' chi doi dau khi qua x = - — va x = 0, eon 

qua x = 1 thi y' khóng doi dau, do vąy ham so chi có 
3 

hai diem cuc tri la x = - — va x = 0. Ta chon C. 

Cau 10: Dap an B. 

, , (2x + l)(x + l)-(x 2 +x + l) x2+2 * 

Tacoy =-£-- =- 

(x + l) (x + l) 2 

Giai phuong trinh y' - 0 


gólll][3](I](D(l]{DCó) 

IDiD 

0 Mathf 

Xi = 

0 M?.thTA 

X2= 

-2 

0 


Su dung TABLE de xet su doi dau cua y' qua hai 
diem. 


v ' ' 

0 

X 

F CX> 


□.5555 

□ 

M -1.5 

-3 


0 

Ms.th 

F(XJ 


-3 


□ 


□.5555 

0 


Vay ham sd da cho có hai diem cuc tri. 

Cau 11: Bap an A. 

Dieu kięn —2 < x < 2. 

™ , , i r n' —2x -x 


Taco y' = (v4-x 2 = 


-x 

74-x 2 


LOVEBOOK.VN i 82 


y' = 0 <» x = 0; y' khóng xac dinh tai x = ±2. 

Su dung TABLE de xet su doi dau cua y' qua ba diem. 

H S ffl B H di ® ® EJ El H CII (53 H 3 dH 

ej tu m ta hj m b cs hj 



0 

X 

fcx:> ! 

m -a.s 

□ aiSBlj 

5 UH 

0 

E fl.5 

-n.assS 


Ta thay chi có x = 0 thóa man y’ doi dau qua, tuy 
nhien y ' ląi doi dau tu duong sang am qua x = 0 nen 
x = 0 la diem cuc dąi cua ham sd, chu khóng phai 
diem cuc tieu, do vąy ta chon A. 

Caa 12: Bap am C. 

Taco y' = (x-2)~+2(x-2)(x + l) 

Giai phuong trinh y' = 0 bang SHIFT SOLVE 

0 Math 0 Miiith 

CX-2) 2 +2(X-2)(Xh (X-2) 2 +2CX-2)CXl> 
X= 0 X= 2 

L-R= _ 0 L-R= _oj 

=> (0; 4); (2; 0) lan lupt la hai diem cuc tri cua dd thi 
ham sd da cho => khoang cach 
l = -^(0-2) 2 +(4-0) 2 = 2s/5. Ta chon C. 

Cau 13: Dap an A. 

Ta có y' = 2x 3 -4x 
Giai phuong trinh y' = 0 

j gCSBGDmtBIUEliaiUtaiUE) 

0 S MlthtrS 

Xl= X2= 



Do hę sd a > 0 nen do thi ham sd có dang W, vąy do 
thi ham sd có mpt diem cuc dąi (0; -l). Chon A. 

Cau 14: Dap an C. 

Khi thu phuong an, ta uu tien thu gia tri xac dinh 
truóc. Vói C khi m = -1 => y = -x 3 -2x 2 -x-2. 

m m b m m m cu © ej ej m m @ ej m 

mB@©E[Di@© 0 E 0 Q]i@g 
® El GS [U 

0 Mith A ~ 0 tfeth A 

^C-X 3 -2X 2 -X-2l ^C-X 3 -2X 2 -X-2T 

23 

_UJ_ Z 100 

0 M,.th A 

^(-X 3 -2X 2 -X-2> 


Ta thay /'(—l) = 0; f'(x) doi dau tu am sang duong 
=> x = —1 la diem cuc tieu => chon C. 


Cau 15: Dap an A. 

Tinhdąoham y' = 4kx 3 +2(4k-5)x 












De ham so da cho có ba diem cyc tri thi y' = 0 có ba 

nghięm phan bięt. 

Ta chi can giai phuong trinh bąc ba 




/cc 3 +2 (4/c-5) 
ói A: k = 1. 

ix = 0 

r _, . ._ 

@ mm 

Xi = 

pr 

2 

X2= 

_g_ 

L - -— -—— 



ta Mjitb & 

0 



Vay Ic = 1 thóa man, ta chęn A. 

( '16: Dap an C. 

y' = x 2 -4x + 3;y" = 2x-4. 

Chuyeh may tinh sang moi truong so phuc va nhap 

, y" 

vao man hirth bieu thiłc y - y ■ —- ta co 

lod 

'Tl iWs [3j (S5 [T] O [13 '® E3 GD @18 LO © QEi 

nr) pij [Ti ED CD ®§ Dl © B ES @§ 03 33 GD CE 
Cg CD CS ii! CD 0 GD CD BI E11103 G3 M ES 

CALC X = i 

SI ii lii 


« -Jh %?¥"<' 


O— 


2 - — i = 2 - — x=>y = 2~ — x<»2x + 3y-6 = 0 la 
3 3 3 

phuong trinh duóng thang di qua hai diem cuc tri cua 

do thi ham so y = -x 3 - 2x 2 + 3x. 

3 

Can 17: Dap &n D, 

Taco y' = 3x 2 -6mx+3(m 2 -l). 

De ham so có hai diem cuc tri thi y' = 0 có hai nghięm 
phan bięt. 

<s> A' > 0 <=> (-3 mf -9.(w 2 -l) > 0 «• 9 > 0 thóa man. 

\x 1 +x 2 -2m 

Ap dung dinh ly Viet ta có < _ 2 


x 2 +x 2 2 -XjX 2 = 7 



Ta thay m= 1 thóa man, do vąy ta loai C va D. 

Ta thirvói m = 0,5 

filti gg sa rjj (gj UJ cg) El SJ iS Ej EJ OD Pi CD 
© Ej CD GD EJ GD © E) GD CB @§ 03 E) 123 <B CS 


1 Math & 

^(X 3 ”3x0.5X 2 +^ 

^ 21 


Khóng thóa man, vay ta loai A, chon B. 

Can 19: Dap an D. 

Ap dung cóng thuc da dua ra ó phan ly thuyet ta có 

8 a + b 3 = 0<=>8 + (-2 m 2 f =0 
Su dung SOLVE ta có 

śu © m o ca iii ca © ca © go <s> @ sed m 


mm bsjsć 


6 

8+C-2X 2 )' 3 

X= 

L-R" . ... 

Math 

I 

0 

ET 

8+C-2X^)‘ 

ffeth 

X= 

-1 

L-R= 

0 


Vay ta chon D. m = ± 1. 

Can 20: Dap in C. 

Taco y'=-3x 2 +2(2m-l)x-(2-m). 

Ham só da cho có cyc dai va cuc tieu khi 
A'>0<=>(2m-l) 2 —3(2-m)>0 

IS ® Oj CC CD GD (D E 3 33 $ SJ (U CD ES SJ d 


<=>(xj +x 2 ) 2 -3x 2 x 2 -7 <=>4m 2 -3 (nr -l)-7. 

0 Math 

X<ftjB<X 

ffiEum © a cs m m m m ej od cd b cs 

x<-i.|<x 


IŚHMj [CALC) l~ 


4X 2 -3lX 2 “l)-7 n 
X- 2 

L-R=_0 


Chon D. 

Ta uu tien thu gia tri xac dinh truóc. 
Vói tli— 1 ta có 


Vąy m e(-oo; — ;+°oj.Ta chon C. 

Cau 21: Dap an D. 

Viet phuong trinh duóng thang di qua hai diem cuc 
tri cua do thi ham só y = — x 3 + 3 mx 2 - 3m - 1. 
Chuyeh may tinh sang moi truóng só phuc. 















Fhars 2 - Chu ee 1 Nam só va dc uhg dung 

Nhąp vao man hinh bieu thuc y - y— va CALC 

18a 

cho X = i;Y = 100. 

100 SU ES ® SS <g> GB m SU S m Qj gg 
EtDHiBSBEESHIIiaSl W 
B!jpSBE[lj£M{B]E>j[I][Mi Dl m fel j 


“cmpo? a mr- 

-X 3 +3YX 2 -3Y-l-fi> 

i301±20000| 


-301 + 20000; = lm 2 x - 3m -1 

=> phuong trinh diróng thang di qua hai diem cyc tri 
cua do thi ham so da cho la y = 2m 2 x-3m~l. 

De do thi ham so y = -x 3 + 3mx 2 - 3m -1 có hai diem 
cyc dai va cyc tieu doi xung nhau qua diróng thang 
d: x + 8y - 74 = 0 thi diróng thang d vuóng góc vói 
duóng thang A va d di qua trung diem cua doan 
thang nói hai diem cyc tri cua dó thi ham só da cho. 

* djLA<=>2w 2 /-~] = -l<»m = ±2. 


* d di qua trung diem cua doan thang nói hai diem cyc 
tri cua dó thi ham só da cho, suy ra neu goi 

A (*i I Vi ) / 5 ( x 2 > Vi ) la hai diem cyc tri cua ham só thi 

_ (v^) lS (yi+y 2 ) 


-74 = 0 (*). 


, \x 1 +x 2 =2m 


Mąt khac ta có 

[Th +y 2 =2 m 2 (xj + x 2 )-6m-2 

[x t + x 2 = 2 m 

ll/i+J/a =4m 3 -6m-2 

Thay vao (*) ta duyc m + 4^4m 3 -6/n-2)-74 = 0 
Ta CALC vói m = 2; m = -2 tir dó chon dap an dung. 

IfflfflBElSSBO] 

© m ® b cs m m b ej rs s m es 
Mi gej m 


CMFlS S HTS— 

X+4(4X s -6X-2) 

cmpls a srars 

X+4(4X 3 -6X-2)-> 

. .. 0 

_rJj64 


Vói m — 2 Vói m = —2 

Vąy chi có m = 2 thóa man, chon D. 

Cau 22; Dap an D. 

Taco y'-6x 2 -6(2a + l)a + 6«(« + l). 

De ham só có hai diem cyc tri thi phirong trinh y' = 0 

có hai nghięm phan bięt 

<=>A = (2a + l) 2 -4a(fl + l) = l>0 

Vąy ham so luón có hai diem cyc tri x = x,; x = a, vói 

x 1 ; x 2 lan luot la nghięm cua phuong trinh y' = 0. 

Ta có |x,-x,| 2 = (x 1 +x 2 f -4x x x 2 = (2a + l) 2 -4a(« + l) 


The best o r not I 


=>|* 2 -x t | = ^(2fl + l) 2 -4fl(a + l). 

Nhąp vao man hinh ^ j(2X + lf -4X(X + l) CALC cho 
X = 100. 

© m e es m c® m m e b s s m ej b 
EffiEJESmE]®® 


J(2X+1) 2 -4X(X+1> 


=>\x 2 —x 1 \ = 1. Vąy ta chon D. 
Cau 23: Dap an A. 

Taco y' = 12x 2 +2mx-3. 

Ta thir cac phuong an. 


Vói A 

* 9 

m = — 
2 


! !3J (U dl Cl] (Ml CU S) CU] O CU (U EJ (U [M) (sJ 


Xi= 


X2= 


1. 

4 


■m = — thóa man. 
2 


T m = — 


@®0 EJ (=)(=) 


S MatW 

A1 - 

0 MathTA 

A2= 

i 

i 

.... ~ 4_ 


y’ = o«> 


Vąy m = - - thóa man. Tir day ta chęn luón A. 

Cau 24: Dap an C. 

Taco y’ = -4x 3 +4(2m-l)x = ~4x(x 2 -2?n + l) 

x = 0 

x 2 -2m + l = 0(*) 

De ham so có dung mpt diem cyc tri thi phuong trinh 
(*) v ° nghięm hoąc có dung mót nghięm x = 0 

«> -2 m +1 > 0 <=> m < —. 

2 

Cau 25: Dap an ID. 

De dó thi ham só y = x 4 - 2 (m +1) x 2 + m 2 có ba diem 
cyc tri tao thanh ba dinh cua mót tam giac vuóng thi 
8 a + b 3 = 0 <=> 8-8(m+l) 3 =0 


8-8(X+l) 3 

Mith 

X= 

0 

L-R= 

0 


Vąy m = 0 thóa man, ta chon D. 

Cau 26: Dat> an B. 
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Ap dyng cong thuc so 10 trong bang dua ra d phan li 
thuyet ta có 

b 3 -Sa , (-2m) 3 -8 , w 3 +1 

R = -—- «■ 1 = -7-7- O i - 


8 . (-2 m ) 


2 m 


m 3 - 2m + 1 = 0 


^ MatW 3 

Xi“ 


-1.fi18033989 1 

I 

1 


y+Oo3x 2 - 3 m = 0<+ x 2 -rn = 0 
Vći iw > 0 thi ham so có hai diem cyc tri. 

x = Jtri => y = myfm - 3m4m +1 

x 2 - ni = 0 cs> r— i— _ i , 

x = -\jm => y = -m\/m + 3m .lrn + i 

=> B (\/m; -2mJm +1 j, C 2m\fm +1) ■ 

Tam giac ABC can tai A =>AB = AC 
<»AB 2 =AC 2 

/ r -\2 / . r-\ 2 A. /ZT\ 2 , 

>\2-y/mj + (2 + 2mvm] = ^. + V«j -ryZ 


(m -2) = 6p 2 + (m— l) x + (m 2)J. 

-- W Ma.th 

16X'fX-8-!'X 

X= 0.5 

x+(m-2). 

1 -R= _A 


n_fil 30339881 

Vay ta chan B. 

Ta có 
y' — 6x 2 + ( 

Dat f{x) = 

Be ham so da cho có diem cyc dai va cyc tieu x l ; x 2 
nim trong khoang (-2; 3) thi phuong trinh y' = 0 có 
hai nghięm phan bięt thóa man -2 < x, < x 2 < 3. 

(m-l) 2 -4(m-2)>0 

(-2) 2 +(m-l).(-2)+(m-2)>0 

' 3 2 + (m-l).3 + (m-2)>0 
-m +1 


<=>! 

_4 sfm + 8m-Jm - 4\/m + 8m\Jm = 0 
«• 16m\fm - 8\[m = 0 


Nhan 






A > 0 

l./(-2)>0 
l./(3)>0 

_2<^<3 

2 


o 


-2 < - 


- < 3 


m 2 —6m + 9 > 0 
4 - m > 0 
4 + 4m > 0 
-4 < -m + 1 < 6 


-1 < m < 3 
3 < m < 4 


m < 3 
im > 3 
<=> ■ m < 4 
w > -1 
-5 <m <5 

(Giai hę bat phuong trinh ta su dyng fepji <32 Oj 
giai bat phuong trinh dau cua hę). 


Ta chon D. 

■Can 30: Oap śba C, 

Chuyen may tinh sang che do tinh toan vói so phuc 

Nhąp vao man hinh bieu thiłc sau do 

CALC X cho i. 

';C O © SS tli @ OS <& ES GD @® CD ® W 
"f}2 ■? CI ; &?§ cii © BB ® fe® uj 03 ®QJU0 
A ; vi j ■; xj [Tj O CD GD CD l:t) 00 DJ fe' ii 


-2X 3 

CMPLX 0 Ma * fl ^ 

+OA 18X- 


i 


X*A 


X^3_l 


• J L ^ 

tri erka do thi ham so y = -2x 3 + 3x 2 la y = x. 

Ta chon C. 

C:iu 31 Sap an C. 

Ap dyng cong thuc so 4 trong bang dua ra ó phan li 


thuyet taco S 2 =-^y 


Vay ta chon D. 

Cau 28: Dap an SJ. 

Bó thi ham so có diem cyc dai la A(0; -3) va diem cyc 
tieu la B (—1; —5). 

Tu cac du kięn tren ta thiet lap duoc hę phuong trinh 

= -3 fc = - 3 

a + b + c = - 5 \a + b =-2 

Ta thay chi có cac gia tri ó 3 thóa man hę phuong 
trinh, do vay ta chon B. 

r." . >yą.. 

Taco y' = 3x 2 -3m 


rsci m srrp m msS® fsl (9) fs3 CS [sS CD® eil 

5 ' - ‘ ’ ‘ 1 '—— CMPli " Cs M:'.h r I 

(- 4) s 
’32X2 3 

4 


Vąy ta chon C. 

C s.ii. 32i Osp 4?i A. 

Nhin vao cac phuong an ta thay cac phuong an na 
na" nhau, do vay ta se su dyng phuong an thu. 

Bieu kięn -2<x<2. 

*Vói m = -5 taco y = x 3 -6y4-x 2 

Su dung TABLE vói thiet lap Start -2; End 2; Step 0, 

gj® ff ! .TT 1 Q] £ąę5 [|J ® t) l§j b&i tiii *d3 l -zJ 







0.4 


Nhin vao bang gia tri ta thay do ham só chi doi chieu 
1 łan, do vąy ham so khóng thóa man có ba diem cyc 
tri, ta loąi B. 

Vói m — -4 ta sir dung TABLE vói thiet Iąp Start -2; 
End 2; Step 0,3. 

jj®(BCg)(S)(g)(s^iiq[i]j§]jSjf=igira 


S 

F(X) 


I -3. 
g_zLdli-3.131 

3 ^awri-a.Msi 


-1.4 


0 

K F(XJ | 

, -I.l-B.ai3 


H FOi) 
-D.3 -n.SBI 
L—Jhi -1.3BB 

IHWW - 1 .n« 


Matfc 


-Q. 5 


0.4 


Quan sat bang gia tri ta thay do thi ham so doi chieu 
ba łan, thóa man ham so có ba diem cyc tri, do vąy ta 
có the loąi duyc C va D. Ta chon A. 

Cau 33: Dap an C. 

Ta có the’ chon luón C boi vói m = 1 thi ham so tró 
thanh ham só'bąc hai, dó thi ham so luón la mot 

parabol có dring mot diem cuc tri. Tu day ta Ioai duoc 
A; B; D. 

Cau 34: 0ap an C* 

Neu dat hai diem cyc tri cua (C ,) lan luot la 
A (^;y,),s(x 2 ;y 2 ) 

Do thi ham só (C m ) có hai diem cyc tri nam ve hai 
phia doi vói tryc hoanh <=> y l < o ) 

Taco y' = 3x 2 +6x + m. 

Luc nay x,; x 2 la hai nghięm phan bięt cua phuong trinh 

y' = 0. Phuong trinh có hai nghięm phan bięt 

<=> A' = 3 2 -3m > 0 <=> m < 3. (Tir day ta có the loąi B). 

Do neu bieu diln y,; y 2 theo y = x 3 + 3x 2 + mx + m- 2 thi 
bÓt phuong trinh (*) se có bąc 6, qua lon, do vąy ta se su 
dung cach viet phuong trinh duóng thlng di qua hai 
diem cyc tri cua do thi {C m ) bang may tinh cam tay, tir 
dó the vao bat phuong trinh. 

Chuyen may tinh sang che dó tinh toan vói so phuc, nhąp 
CALCcho X = i;Y = 100 (Yćt day la m). 


1 CD HU Dl @ o <g) Q0 o e (U gg ga « 0 

s cd m m in ej m ej cd m m m m mm 

S dl (33 III dl O] ® (U [§J H O Q 0 [fi Qj (a) 


hj en (ii m [5i 

~ĆMPLX a wn * 

X s +3X 2 +YX+Y-2- f > 

.2 

3_' 3 


194 + _194^ 


Taco 194 + lg4- = 2 .100-6 2.100-6 . 
3 3 3 q ( 


y - + = 3)(l + x) 

Vąy voi m< 3 ta có 

( It )<4>|(wj-3)“(l+Xi)(l + x 2 )<0 

(m-3y ( X] x 2 +x, +x 2 +1) < 0 


<=> 


<=>(m-3) 2 (f-2 + 1 |<0 


<4> (m 3) — l^J < 0 ni <; 


Vąy ta chon C. 

Cau 35: Dap ar* A. 

y' = x 2 -2 mx + (m 2 -1); y" = 2x-2m. 

Tuong ty nhu cau 34, de tranh vięc tinh toan vói m bąc 
qua cao, ta se tim phuong trinh duóng thang di qua 
hai diem cyc tri cua dó thi ham só. 

Chuyen may tinh sang che do tinh toan vói só phuc va 

nhąp vao man hinh y-y'.iC_ CALC cho 

18fl 

X = i;Y = 100. 

S ta © e Dl © 03 ® o <B B ® @ (Ul Q] 
®ffltuisfei b m cd m d ej en m m 
® sta fei fi co sj m @ fii ej m ca m 
m fei ca b ca s m w, © m iu m m m « 
tu tata ts @ 


CMPLX 


4r-YXMY 2 -l)X> 
_ 333300-fi 


333300 i = |(l00 3 -100) i 

^>y = --x + -m(m 2 - 1) 

Luc nay 

A { X ''~h + l m ( m2 - 1 )} B (* 2 ;-§* 2 Ąm(m 2 -l) 

De thóa man yeu cau de bai thi trung diem 

,( x i +x 2 . x,+x 2 1,0 

2 3 + 3 W ( m “Dl cna doąn thang AB 

nam tren duóng thŚng y = 5x-9. 

2tn 1 


- + ~m(m 2 -l) = 5. 


2 m 


<=> — w 3 - 6m + 9 = 0 

jjJJS 01 Ig GD © d] m S [6) fSl fil (=1 

“ 1 ' ~S ESfZ— 1 


Xi= 


-4,854101 


X2= 


Xs= 


J■354101933 
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Ta thay tong ba nghięm cua phuong trinh bing 0. la 
chon A. 

Tucmg tu’ ta có 

y' = 3x 2 -6(tn+l)x+9;y" = óx-6[m+l). 

Viet phuong trinh duong thang cli qua hal diem cuc 
tri cua do thi (c). 

Chuyen may tirih sang che do tinh toan vói so phric va 

y" 

nhąp vao man hinłt y-y —- CALC che 


X = i;Y = i 


<~d 

Wl dl63 00 Ś3D @l§ CD ® S® §§ E) GD EJ GD GB 
,7 ’ y i pi fą 3 rngUifs»gGB Fil[2@H OJGBlSJ 

, a '[i m b ra m s m ffl i d cd m ffl 

jj !jj gg gl [=8 !Ti CfO Liii g 


1 Msth ; 


X 3 -3(Y+1)X 2 +9X^ 
■203961 


J:y = -(2m 2 +4m-4^x+4m+l. 
De thóa man yeu cau de bai thi 
AB±d4=>l.(2m 2 +4m-4) + (-2).l = 0 


m = 1 
m = -3 


Laj usj 

|j) MathV | 

0 MatWA 

Xi- 

X2= 



1.1_ 

-3 


kięn trung diem cua doąn thlng AB nam tren d. 

- Ham so có hai diem cuc tri 

. ,, m>- 1 + \/3 

<=> A' = 9(m 2 +2m-2) > 0 •» <-• 

Theo hę thuc Viet ta tim duoc x A + x B = 2 (m +1). 

=>I^m + l;-(2rrf 2 +4m-4)(m + l) + 4m + l) 

Thay vao d ta thay chi có m = 1 thóa man. Do vąy ta 
chonB. 

Cau 37: Oap an B. 

Ap dung cóng thuc than ly thuyet ta có 
24 a+b 3 =0<=>24.1 + m 3 =0 <»M = -n/24. 

Ca« 38: Dap ars B. 

Trong phan ly thuyet ta da dua ra dang 3 ve bai toan 
ctrc tri lien quan den ham bąc bon trimg phuong. 
Trong phan dó tói có dua ra cóng thuc 
Gid sit ham sff y = ax 4 + bx 2 +c cóba diem cuc tri 


A(0;c),B 
A = b 2 - 4 ac) 



b __ A_ 
2 a 4 a 


,c L- 



2a 4 a 


(trong dó 


Tu day ket hop vói du kięn. de bai ta suy ra c - -2. 



Luc nay ta có \x c —x B | < Jóm(m -1) 

.— _ f m > 1 

<s> 2 J— < Jómfm-l) <=> -j 2 , 2 <.('’) 

Su dung chuc nang giai bat phuong trinh 


X<ftsB<X 


X<Q ? J r<X 


f)~ 


m > 1 

"<° om3. 

10 9 

m > — 

9 


Mąt khac ta tim gia tri nguyen nhó nhat cua tham só m 
thóa man dieu kięn, do vąy ta chon B. 

OcHi 3§* ^.11 A, 

Ap dung cóng thuc ta có 

b 1 -2ac = 0 <=> w 4 -4(m 2 -l) = 0 

m cii 00 cd 




o m 2 = 2 m = ±\/2. Ta chęn A. 


CAii 40: Dkn An D. 


Trong phan ly thuyet ta da dua ra dąng 3 ve bai toan 
cuc tri lien quan den ham bąc bon trung phuong. 
Trong phan dó tói có dua ra cóng thuc 
Gid su ham so y = ax i + bx 2 +c có ba diem cuc tri 

( r-T- . 3 ( r~Y 




,c 


\l 2 a ’ 4 a 


(trong dó 


A = t> 2 - 4ac) 

Tir day taco A{0;l),B^-xftn;l~m 2 ^,C^\fin;l-m j 

OA+OB+OC = 3 


>^7F + 2 J{-^f + (l-m 2 f 


= 3 


Jm+(l-m 2 ) =1 


Ta thu cac phuong an bang CALC 

GS S m 0BO1O3 S @® CD 63 CD @ <B E3 CD 

m cs iu m ei © @s cd ed rs m b cd ca es 
m ej _ 


ix^(l-X 2 3 2 “l 


Ta thay tat ca cac phuong an A; B; C deu thóa man, do 
vąy ta chon D. 
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STUDY TIPS 


Neu Ax = x - x 0 

A y = /(*)-/(* „) 

= /(x 0 + Ax)-/(x 0 ) 


thi f'(x ) = lim — 

V 4I-.0A* 


+ Ax goi la so gia cua doi so 
tai diem x 0 . 

+ A y gpi la so gia cua ham 
so tucmg iłng. 


STUDY TIPS 

- Ham so lien tyc tai diem 
x 0 có the khóng có dao 
ham tai diem dó. 

- Ham so khóng lien tuc tai 
x 0 thi khóng có dao ham tai 
diem dó. 

®®*B^BSSWSSSBSSFi®SMBB:saS8®SBaK86iaSiaBffiaHa 


A. Kleń thut nen tang 
1. fljnli nghfa tfp ham tai mot diem 

Clio ham so y = f(x) xac dinh tren (a;b) va x 0 e (a;bj. Neu ton tąi giói han 
- f ~ f(x ) 

(hiru han) lim -■ thi giói han dó duoc goi la dao ham cua ham so 

** X Q 

y = /(x) tąi diem x 0 . 


Ki hięu: f 

( x o) 

1 hoąc y'\ 

(a 

)■ 

Vąy | 

i 

\/'M 

x ^ x ° x-x 0 

*o)| 


2. Oąo ham bert trał, bert phi 


a) Dąo ham hen irai 


/'(*i) = limAAZfe) = lim Ąy 
x -«0 X - X 0 óx-*or Ax 

trongdó x->x~ duoc hieu la x->x 0 va x<x 0 . 

b) Dąo ham ben phai 

f'{ x o ) = Hm IMZŹM = lim % 

x - x 0 to-»o ł Ax 

trong dó x -»■ x 0 duoc hieu la x ->• x 0 va x > x 0 . 

Nkąn xet: Ham só f(x) có dąo ham tąi x 0 o/'(x 0 + ) va f'(x~) ton tąi va bŚng 
nhau. Khi dó: /'(<) = /'(x 0 -) = /'(x 0 ). 

3. Sąo liasn tren fdieanp, Irin fioan 

£j 

| a) Ham s ° V = f( x ) du, óc goi la có dąo ham tren khoang (a;b) neu có dąo 
!j ham tąi moi diem tren khoang dó. 

| lJ ' Ham só y = f(x) duoc goi la có dąo ham tren doąn [a;b] neu có dąo 
jj ham tren khoang (a;b) va có dąo ham ben phai tąi a, dąo ham ben trai tąi b. 

4„ te hę piffa ssl ten tąi cóa tfąo ham m tsnfa len tuc eńa ham s6 

- Neu ham só y = /(x) có dąo ham tąi diem x 0 thi nó lien tuc tąi diem dó. 



dąo ham cua ham so 


Ta sg Slr d M n 8 lęnh tinh dąo ham tąi męt diem cu a may tinh [|inl 

dx®)|x= D 

| Tir dó tinh cac dąo ham cua ham so. 

| L JlRh d# ° Mm CŚ P 1: Ta thrróng sir dung bang dąo ham vói cac ham so 
| don § ian ' vói c ac ham só phuc tąp han ta có the ket hop vói may tinh 
| UU ffijśau dó CALC X = 100 tir dó phan tich da thńc, tuy nhien cach nay 
jj cung han che' vói cac só le. 
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d 

dx 

A 

Kla.tti A 

60191 

L j 

-2.752 

0 ivhn, a 


ńns^ft 

_ -2.75260191 


SSTUDY TIPS 

Ta thay khi su dyng may 
tinh có the cho ra sai so. 
Tuy nhien sai so rat nhó 
nen ta có the lya chon duce 
dap an chinh xac. 


Om?i: jjha k? thtsaf 




cosiśg tiltrc -CLB.O hhx 


y "( x 0 )= 


y'(x„ + 0,000001) — y' (x 0 ) 
0,000001 


| Buóc 1: Tinh dao ham cap 1, dąo ham cap 2, dąo ham cap 3. 

| Buóc 2: Tim quy iuąt ve dau, ve hę so, ve so bien, ve so mu roi rut ra cóng 
f thiłc tong quat. 


0 f. 3 r‘r'5. -i rp| ?? 


r 


VI dą 1: Dao ham cua ham so y = - 
4\fx - 2x 2 - 3 




-sfx 


2 4^{x-rx) 

4x - 2x 2 - 2 
2 xy[x^x-\fx^ 


bang bieu thiic nao sau day? 

4\fx + 2x 2 - 3 
' W.v(.V->/.v)" 

4x + 2x 2 +1 
2x\fx - \/x j 


LOl KI 


1. Só dy ng may tuth cam tay. 

Trong bai toan nay ta se sir dung chirc nang tinh dao ham tai mot diem ciia 
may tinh sau dó so sanh vói cac phuang an. 

- Nhąp vao may tinh 

r »r! Qj») (gj ms 33 33 bil CO <B> 00 0.1 SB 33 (5) SIU 03 ES © !lMi fJ! 

(£) <)>) (g> [2j fcsi 

Gan gia tri vira tinh dtrpc vao A (§S§ go] |t5j 

‘ * GO * 7 “;fn 

! 3 CU <S> Cl] © GD IZS @3 (£> <B ® 3300 33 © J 


00 ®SMM 


Vói B: Giu nguyen man hinh an £Sjs) de sira bieu 
I thirc dao ham theo B. 


j 

*™4~ 


"ód C 


_ (3 

a 4-..‘2"-2x22 

M?.th A 

-3 

" 233 

5 x(2-sT) 2 

4.609xin 11 

A 4-4^2 4-2x22- 

Math A 

■3 

" 2-^2 : 
-1 

x( 2-729 2 

[3.78267946 



H- 


72-2x22-2 

2X272 (2-759 2 
1.67049 5129 


■/2 +2x2 2 + i 
2x2/2 X ( 2—72") 2 

-8.117640687 


Ta thay phuang an A có do lęch nhó nliat « 0. Do vay ta chon A. 

2. GfM toan thdng tłurórsg. 

f i 1. ./ * \ f . \ 

1 + 


Ta có y' - 


i 1 3/ r\ f r lY, i 

— r= + ~7 U'-vy - x + yx— 1-=- 

2v* x r ’ V *A 2 sj x 


(x->/xj 


2 3 

x 2 x%/x 


fx 


-%ix 


4>/x - 2x 2 - 3 


|x-\/xj 2 x 4 x { x -'[ x ^ 





d rx.+ n . 
dx[ Ąi' : , Jlx=3 

-O-07101839757 


ńns*ń 

-fi. 07101839757 


-3sin(3X) XCOS tC 
I cos (3?<;) I 2 




□ M&th A 

&(ln(lcos(3X)l* 
_i3 



Tuong tir nhir vi du 1 ta se sir dung lenh tinh dąo ham tąi mot diem. 

Chon x = 3 tacó@©®@mffiCD®(I3@em®®®[D 
Tiep tuc gan y' ( 3) — > A. {sniFTl gaj O 

Gan 3 — >X ta thir tirng phirong an. 

Vói A: 

iti O El ® CD E3 GS SD CD H CD GE CD O (D DE3 CU CD @ GD 63 G 


0 hfeth A 


f. l-2x (K+l ) xln ( h 

_-2.25xid 14 


Ta thay sai so rat it (tuong tir nhir vx du 1), do vąy ta chon A luón. 


Dap an A. 



Cach 1: Dąo ham truć tiep roi CALC. 

Taco (ln|cos3x|)' =^-j.(|cos3x|) 

(|c°s3x|)’-(<&?£) lcos3 ,| 

:=>(ln|cos3x|) 


-3cos3xsin3x 


2>/cos 2 3x 
-3 sin 3x cos 3x 


cos 


3x| 


Taditim J. 

iśHPrl fiopą fT) ® R f3l & [f] ImaI CU CD £5S| dl B CD CD ® jj) jj i§ H] El 

Cach 2: Sir dung chuc nang tinh dao ham tai mot diem cua may tinh. 

m i® Qa) @ h 13 o ®s m m <s> m © @ @ o tn o m 

May hien -3. Vąy ta chon A. 

Dap an I- 

71 

Vi du 4: Tinh vi phan cira ham so y = sin x tąi diem x 0 = —. 

\I3 1 

A. dy = — dx. B. dy = — dx. C. dy = cosxdx. D. dy = -cosxdx. 


Lói eiai 


Tir y = sin x ta tien hanh vi phan hai ve (y')dy = (sinx)dx dy = (sinx) dx 

TU 

Tinh (sin*J tąi x 0 = —. 
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jha !: i ti>uai Casio 


d , . .. 

13 Math & 

rtK^int 

F- I} \x=4- 


0.5 


d 

H o MathW 

(SinCK) ji^+Cc. 


i-sin(X)xc 

0.7071055564 

Ans 

13 Mfcth Ł 

+A 

0.7071055564 

d 

1?] Math A 

(sin (X) :i t•; 

dx 

i-sin ( X 3 xc 

0.7071067812 

Ans 

(3 Ms.th & 

+B 

0.7071067812 


ń—B 

a Ms.th A 

1735667. 

U o c 

tooooi 
_ 1 oo 


E Math A 

(sin(X)3 3 +(cos c 
i-sin (X) xcos i. 


1.524744871 


d 

E Math A 

'SKS-3X-2Q'|. . 


. K2-2K-3 JP 
-4.333341111 


, c i j- 

Vav ta chon B. 







Vi a ca bon phuong an deu xuat hien y" nen ta se thtrc hien tinh y" theo cóng 
thuc y"( x 0 ) = 


y'{ x o +0,000001 )-3 (* 0 ) 


0,000001 


Chon x-~. Tmh t/'( — + 0,000001) 

12 y 1^12 J 


roi gan vao A. 


31 CD@3pi]QjQ](g)<g)®|sfn £cto~i (w ) Hi fal cg)SDUliGdCSJ[SI(31 
flO to] CD OD !»!j! §gp O] 

7 ( vi i 

Tiep theo ta tmh y'\ — roi gan vao B. 

v!2 y 

c^> (s) UD iGJ spu m fely ©Si itaj tey ftej [£s; (tHFTj jscy Ky 

tc | A-B 


Tmh. y" 


12 ) 0,000001 

m m e b m es © m a ts m si ar; m m m 

Tinh y[ 


( tt 1 s/ó 

12 “ 2 


ffl U3 SS3 i®S CD 03 CIJ @ lH C*D i33 L<J te§ I® Q3CDQJ!3Ci]@0j3 © 

m m cb $3 g§ ®i m m m m m a m od m @s 


Tu hai ket qua vua nhan duac ta thay y"\ — 


-—y 



y"(* 0 )= 


y'(x 0 + 0,000001) -y'(x 0 ) 


0,000001 

l.Tim y'(2 + 0,00000l). 

Ta nhąp 


i) Li ... 
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3 Maik A 

Ans*A 

-4.333341111 

d 

a m 

5x2-3X-20] 

th A 

l:A 

dx 

L X2-2X-3 


-4. 333333333 i 


a Mstł, A 

Aris*B 


-4.333333333 

i Math A 

ft-B 

O.00000i 

-7.77778564 


^Ce -x sin(X))| a: > 

-0.1793792622 

0 Math A 

Ans+A 

-0.1793792622 

i MaSTA 

ax(e"*sin(X))| a: > 

-0.1793793748 

a Math A 

Ans*B 

-0.1793793748 

a Mjtt, a 

ń-B 

O.OOOOOi 

0.112638413 

O Math A 

Ans^C 

0.112638413 

0 Math A 

C+2B 

-0.2461203366 

a Math A 

e“*sin(X) 

0.1230600248 


Gan cho A. {asfO )Rcy (oj 

2. Tim i/(2). 

ęsa) <3) Ip eD ! 51115 aj Su jreO jpąi pj (deO (Bal P] 

Gan cho B. @ gQ 0 


3. Tinh y"( 2). 

ffi iii o B Hi 0 ®mmmmrsiroiroi misi 

4. Th u 1 CALC cac phuong an cho X = 2. 


foty ® [aj [g] CCJ CO QD {^fj lsj <gp GB CD CU H 

ta o b ® gd ni co ej s es dj <s> co my uj 
© 3 oa @§ cu ej eu m m m m m © @ 


a Math A s 

2X (7X3 + 15X2-93>1 ; 
( K 2_2X-3) 3 ? 

-0.(518) | 

Ta chinh ląi dau de phu hop vói phuong an B va an 

!D 


0 Math A \ 

2x( 7X3-15X2+93)' t i 
(x2-2X-3) 3 i 

-7.(7) i 

Tuong tu tren. 


0 Math A | 

2x(7X3+15X2+93X 1 
(X2-2X-S ) 3 

-16.(6) i 

i Tuong tu tren. 


0 Math A 1 

2X< 7X3-15X2-93?'. ! 
(x2-2X-3) 3 1 

8. (370) I 


Quan sat ta thay chi có phucmg an B la dua ra ket qua giong vói ta da tinh o tren, 
do vąy ta chon B. 


Dap an B. 

Vj dii 7: Cho ham so y = e~ x sin x, dąt F = y" + 2y'. Khang dinh nao sau day la 
dung? 

A. F = -2 y. B. F = y. C. F = -y. D. F = 2y. 

Lad giai 

Ap dungcongthuc /»(*„) = f '^° 

Chon x = 2; Ar = 0,000001 roi tinh dąo ham cua ham so y = e~* sin x. 

1. Tinh y'(2 + 0,000001) va gan vao A. 

mm m eh a ei s m <§> ® e m m <® @ m m ej ® go lh ta 

[ 0 ] ij/i [§0 §13 |oj O 

2. Tinh y'(2) va gan vao B. 

® <3) <5> 13 SD @ ii dO 10 SO @9 SU UJ m 10 0 

3. Tinh y''(2)va gan vao C. 

y"(2)= A ~ B 

y v ’ 0,000001 

4. Tinh F = C + 2B 

lAŁPHAl f}yj| LiJ 12J i ałpha! bz3 GID 

5. Tinh y(2). 

Nhin vao ket qua ta có the dua ra ket luąn y" ( 2 ) = —2y(2) => ta chon A. 

Dap an A. 
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PM nnc:■ Do bai toan nay 
cho san dąng thóc cua 
bieu thiic dao ham nen ta 
có the sir dung chiłc nang 
tinh dao ham tąi męt 
diem, trong bai toan nay 



VI d o. B: Cho ham so y = 2016.e 8 . Khang dinh nao sau aay la dr 

A- i/' + 2yln2 = Q. B. y' + 3yin2 = 0. 

C, y'-8i/ln2 = Q. D. y' + 8yln2 = 0. 

1. Tinh dąo harn tai x = 2 vao Itru gia tri nay vao A. 


SIO LU p£j JSHŚff? |Cl) 0) 

2. Tinli gia tri y(2) va Itru vao B. 

GD [f] CD © Ul 513 S5 Ili □ J S3 053 B 01 ® lll cg) CD PU 

3. Thir cac phircmg an. _ __ 


; h-)* y-J [#j p%; nnj ; 2j QJ S 


§ Msth & 

A+2Bln(2) 

-21.83413619 


;j 

! HeS®@SQH)CI3CL'(U 

i 

jj .... . ... 


A+3BIm(2) 

1.121x»io 


| 

\ 

\ O E; 013 SOI £3 013 (11 CO 0§) 

| iii O OB [13 E3 OH CIj Dj 1§3 

1 

1___________ 


0 Math &. 

A-8Bln<2) 

-240.1754981 

0 Math X 

ft+8Bln(2) 

109.1706809 

- 

\ 

1 

| 

> 


Tir cac ket qua hien tren man hmh ta thay chi có B la dap an dung, ta cho 

Da 

| Vi du 9: Bąo ham cua ham só y = \j5x 2 - 2x + l bang bieu thuc c< 

UX “t - b ‘i t _ .. 


. Khi dó T = - bang 
!5x 2 -2x + l b 

A. T = —5. 5. T = 5. 


C T = 10. 


i), T — TO. 


*(h9.8X z )|„ s 
_49_ 


Van tóc tóc thói trong chuyen dong foien doi tai thói diem £ = £, có gia tri la S (t, 

BGj®CI3<1O3E3O0CDQ!j i® ClJ{i3®[lj[lj 

Ta thay van tóc tai £, = 5 la 49. 













ren luyfin Scf siing 



X = 1 

X = 1 


A. 

. B. 

x = -3 

x = 3 

c. 


Cau 1: Tim dao ham cua ham só y = : -. 

4 X 

l-2(x + l)ln2 l + 2(x + l)ln2 

A. y' =-i-- . B. y' =-1---. 

l-2(x + l)ln2 l + 2(x + l)ln2 

C. y' =--. D. y' = --. 

2? 2 l 

Cau 2: Cho ham só y = e x ^3 - x 2 ). Dąo ham cua ham 
so trięt tieu tai cac diem 


. D. x = 0. 


Cati 3: Cho ham so y = 2016.fi 8 . Khang dinh nao 

sau day la dung? 

A. y' + 2yln2 = 0. 8. y'+3yln2 = 0. 

Cy'-8yln2 = 0. D. y' + 8yln2 = 0. 

Cau 4: Tinh dąo ham cap hai cua ham so sau 
y = (l-2x) 4 tai x = 2. 

A. 81. B. 432. C. 108. D. -216. 

Cau 5: Cho ham so f[x) = e x . sinx. Tinh /"(0). 

A. -2e. B. 1. C. 2. D. 2e. 

Cau 6: Cho ham so /(x) = ln|cos3x|. Gia tri cua 

/{śj tóns 

A. -3. B. 3. C. 2. D. 1. 

Cau 7: Cho ham so y = x.e x? . Khi dó /"(i) bSng 

A. lOe. B. 6e. C, 4e 2 . D. 10. 

Cau 8: Cho ham so y = — --- ^ C ° S * . Khi dó ta có 
1 - sin x cos x 

A. y" = y. B. y" = -y. 

C. y" = 2y. D. y" = -2y. 

Cau 9: Cho ham so y = e^sinx, dat F = y" + 2y'. 
Khang dinh nao sau day la dung? 

A. F = -2y. B. F ~y. C.F = -y. D. F-2y. 

- x 2 + 2x - 3 

Cau 10: Cho ham só y = —-. Dao ham y' cua 

x — 2 

ham só la bieu thuc nao sau day? 


C. -1 + 


3 

’(*-2 ) 2 
3 

\x-2f 


(x-2f 

3 

~(x-2f 


Cau 11: Cho ham só y = ■■ ■ — Dąo ham y' cua 

\V +1 

ham só da cho la bieu thuc nao sau day? 


(x 2 +l) 'Jz 2 +1 


(x 2 +l^\Jx 2 +1 
x(x 2 +lj 
sfx 2 +1 


2(x 2 +l)Vx 2 +1 y^+l 

Cau 12: Dąo ham cua ham só y = x\!x 2 —2x la 

. , 2x — 2 ,, , 3x 2 -4x 

A -y=-pf=- b -y=~r=r=- 


, 2x — 2 

1 = . 

V* 2 -2x 

, 2x 2 -3x 


, 2x - 2x -1 

y =— . 

yx 2 -2x 


Cau 13: Cho ham só /(*) = k.%fx+\fx. Vói gia tri nao 
cua fc thi /' (l) = ^. 

A. k — 1. B. k = — . C. k = -3. D. k = 3. 

2 


/\ \ 2x — 3 <• 

Cau 14: Dao ham cua ham só y =- J2x la 

3 5 + x 

, 17 


(x + 5 ) 2 >/2x 


(x + 5) 2 2^2x 


,13 1 ,17 x 

C. y = ---=r-. D. y =--—=-. 

(x + 5) 2\fix (x + 5) 42x 

Cau 15: Ham só y = %/cot2x có dąo ham la 

. , 1 + tan 2 2x , ~ (l + * an 2x) 

A - y= -jrom- B ’ y —7^r- 


-(l + cot 2 2x) 


_ , 1 + cot 2 2x 

C. y' = —=z 

Vcot 2x 


^ smr-xcosr , , , , , i 

Cau lu: Ham so y =- co dao ham bang 

cos x+x sin x 


-x . sin 2x 
(cosx + xsinx) 2 

-x 2 . cos 2x 
(cos x + x sin x) 2 


(cosx + xsinx)“ 


cos x + x sm x 


Cau 17: Ham so y = 2Vsin x - 2ycos x có dąo ham la 
. , 1 1 „ , 1 1 


/sm x ycos x 


, _ 1 t 1 
->/sin x Jcosx 


, cos x sm x „ , cos x sm x 

y = ..... — . . D. y = — —. + 

Vsinx v cosx Vsinx Vcosx 


Cau 18: Cho ham so y = cos — 2x . Khi dó 

U 


có gia tri nao sau day? 



( 71^ 

y'\ 

jj 


^ 71 ^ 

y'\ 

JJ 
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1. 


■a 


'a:ii 19: Cho ham so y = /(s 


/ | | -3/'[ 7 | bang 


^2 

2 

cos 2 


L + sm x 


D. 0. 

—. Bieu thuc 


2. 3. 


a 3 

C:m 20: Cho y = 3sinx+2cosx. Gia tri cua bieu thuc 
A = y"+y bang 

A. A = 0. B. 21 = 2. 

C. A = 4cosx. D. v4 = 6smx+4cosx. 

Cau 21: Dao ham cap 2 cua ham so 
y = tanx+cotx + sinx + cosx bang 

. 2 tan x 2 cot x 

A, — ---smx + cosx. 

cos 2 x sin 2 x 

B. 0. 

Co tan 2 x - cot 2 x + cos x - sin x. 

_ 2 tan x 2 cot x 

l o --—i---smx-cosx. 

cos 2 x sin 2 x 

Cat* 22: Cho ham so y = x. sin x. Tim hę thuc dńng? 


A. y" + y = -2cosx. 
C. y" + y' = 2cosx. 


B, y''-y' = 2cosx. 
D. y” + y = 2cosx. 


fia 23: Vi phan cua ham so /(x) = 3x 2 -x tai diem 

x = 2, tmg vói Ax = 0,1 la 

A, -0,07. 3. 10. C. 1,1. D. -0,4 


Cats 24: Cho ham so y = 


x 2 + x +1 
x — 1 


Vi phan cua ham 


so la 


, x 2 -2x—2 , , 2x + l 

A. dy =-dx. fo, dy = - 


dy = - 


(x-ir 

2x+l 


(*-ir 


-dx. 


(x-l)~ 

„ , x 2 -2x-2 . 

U. dy = —--dx. 

(x-l ) 2 


Cau 25 r Cho ham so y = /(x) =-. Bieu thuc 

0,01./' (0, Ol) la so nao? 

A. 9. 8 , -9. C 90. D. -90. 

Oh 26: Cho ham sd /(x) = -\/cos2x. Khi dó 
sin2x 


A - d [/W]=^ 


r dx. 


cos 2x 
sin2x 


B. d[f(x)] = -^=dx. 


Cd[/(x)] = -=| 


/cos2x 
sin2x 


dx. 


cos2x 

C>.d[/(x)] = ^dx. 

V cos 2x 
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lap an cli tąp ren 


ł: Dap an A. 


E Mart, A 

£=1.25 


Chon x = 1,25 roi tinh dao ham cńa ham so y =- 

4* 

bang lęnh tinh dąo ham cua ham so tai męt diem. 

g gg O @H D3 EB GD <S) EJ @ ip§ CD © <g> © 

0 Math A 

JŁ('ó± i"|i 

dxl. ąX JIx=i.25 

-Q.3746135104 

Thń vói A: 

m m ed oo cd m ca m m m ee w m ® ca 

©mscatiiicDacijraiMi 

S Marti A 

ln(2) 

2 2K 

-0.3746185104 

Tir ket qua ta chon luón dap an A ma khóng can thir 
B; C; D. 

Cau 2: Dap an A. 

Ta hieu dao ham bi trięt tieu tai diem x = x 0 tire la 
/'(*, 0 ) = 0 . 

Sir dung chńc nang tinh gia tri cua dao ham tai męt 
diem. 

Vói A: Khi x = l 

[shTft i ® (fu ga [x s j su ca <& cd es ej h cd @ 
mc© cd ii] 



^(e x (3-X 2 )) 

Math A 

*=> 

0 

Khi X = -3 © <3> 10 El Ei (D 


^(e x (3-X 2 )) 

Math A 

0 


Vąy phuang an A thóa man, ta chęn A. 

Can 3: Dap an B. 

Chon x — 1, 25 roi tinh dąo ham cua ham so 

x tai 

y = 2016.e 8 ta có 

IHS B9 dl CS (U CS OS! ES Si!) HS CD Oa) ® CD 
® OD ® m © © CD ES GD GD SU ® gy O 

a MathTA I a Math A 

Alsoise* 1 '’^ 1 ńns<ft 

-311.HR37?ial -311.5337?!3 

Tinh gia tri cua y tai x = 1,25. 

cd cci cii so h es @3 ®s m ® od ® m © ® 

© CI) iHD CO CD CS d) © 1110 © 0 <s> 

- - ______ _ M>th A 

xxinfi'| Ans*B 
2016e ls; 

149.8400965I 149.8400965 

A 

Ta có -= -3=>A + 3Bln2 = 0=> ta chon B. 

Bln2 


i liiyfin !cy nlng 

jgj iMi O © iHI CB [[0 [lj!l](D 


A 

Eln(2) 


Cau 4: Dap an B, 


Ap dung cóng thńc f"(x 0 ) = 


/'(x 0 +Ax)-/'(x 0 ) 


Chon Ax = 0,000001 roi tinh dąo ham cua ham só 
y = (l-2x) 4 . Tinh y' (2+0,000001) = A. 

@ m cd s sE! es m ca m © ta <& ® ca m 

CS Ej 13 es CS CS CS CD (D @ © O 

0 MathTA I 1 Math A 

^((l-2X) 4 )| x=2 > Ans+ń 

216.000432I 216.000432 

Tinh y'(2) = B. 

® © ® © ID 110 ID © © © © © ID 

0 Math A 0 Math A 

^(Cl-2X) 4 )| x=2 Ans*B 

__ mi _ m 

Lap vao cóng thńc dau tien ta có 

m m (Hi s ®s £3 <s> m ei w m cs ts ca m 

[=i 

0 Math A 

ń-B 

O.OOOOOl 

_43Ł0QQ247_ 

Ta chon B. 

Cau 5: Dap an C. 

Tuong tir cau 4. Chęn Ax = 0,000001. 

Tinh y'(0+0,000001) = A 

Iśiiirfl |jg| i|mj gffj |gj ilg [Tj <E> Si) HH [Ti CG ® CS 

cd m m ca oa ej m m m m e 

0 MathTA T 0 Math A 

&(e*sin(X))|, eiB £ Ans*ń 

500001 500001 

_ 500000 _ 500000 

Tinhy'(o) = B. 

<£> © © © SS SO @ © © SIO IM) 

0 Math A 

^Ce x sinCX))| :e= £ 

_1 


Lap vao cóng thńc f"(x 0 ) = 


f'(x 0 +Ax)-f'(x 0 ) 


Ifil Sil O E3 LU <S> CS E) CS E) El to] El OJ m 

a Math a 

A-l 

O.OOOOOl 

_1.9999996 


Ta chon C. 

Cau 6: Dap an A. 
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Su dung chuc nang tinh dąo ham tai mot diern cua 
may tinh 

C. _ I... ! ~ I . . . >" 


Tinh v"l —1= A B ~ 


Tir day ta chon A. 

Tinh /' (l+0,00000l) roi lun vao A. 


^lx=i+o. 


[aj [s JK fg] O 


I_ B. 154872668 i _ 8. lb487266S 1 

Tinh f (l) roi luu vao B. 

® ® C3> ;eD ii] UD UD H3 iiQ iii Sal! HO © (H3 HO 

0" M?.thVń | 13 frlath ż 

ńns+B 

ci?: •• • - Is:=l 

8.1548454851 8.154845485 

Thietlap = ———-— 

w 0,000001 

i@OE ®1 Hi) ® OD EJ rn CE GD CE SE dl 


-B 

O.000001 

_27,18286827 


12) 0,000001 


^Qn(!cos(3X) lt> 

m Math & 

0.00000i 

-3 

-1.224735667 


L±J li® I -10*! Ł=j 


T «* yJj^J 

CO Cli S3 O] d) CD G3 B i® 03 CD @ Hi CD Qj 
IS3 HS lilii ffl CD SI 1 h 3 Ul 

B PSatTl 

{sintjKJ ) (cos_f , 
i-sin(X)cos(A 

1.224744871 

Tu hai ket qua vua thu duoc ta ket luan 

y '{#) = " y [ś)^ Tach9nB - 

Cau 9: Dap Sn A. 

Chon x = 2, Ax = 0,000001 roi tinh y'(2 + 0,000001) 
gan vao A. 

H3 iffl iii GE S3 GD iii CD cli S£i ®ś§j EJ Qj <£> 
GO GB OD 0 S I 01 SI CU 0Q GD HU HS © O 

0 MathTć. ~~S Math A 

^(e~ x sin(X))l K £ ńns-^ń 

-0.1793792622 -0.1793792622 

Tinh f'{l) lim vao B. 

® ć!> ® 10 §3 CIO 09 IB §D JM! 10 HS SU iS3 §ćp 


101839 


Jj(£~*sinCX)){ x i> 


Vąy ta chon A. 

Cau 8: Daa axi B, 


Chon x = —. Tinh 1 /' -^- + 0,000001 roi luu vao A. 

12 V U2 J 

:ili yg 053 GD ®ń) gg CD EJ CD 63 GD (E> GB CD @ 
,■ 7 il\~_ -1 " "Di 

r > g g V, igffi 13 [IKS? ES 3] EJ GB 

-33 CS] GD CD CO IU ®!3 lii O ® 

0 mm, 1 0 Math A 

_d_f (sin(H))a+(r t Ans+fi 

dxl : i n f X : XĆ 

_ 0.70710555641 _ 0.7071055564 

f 71 1 

Tinh y' — roi luu vao B. 

J 1,12 J 

Ev 61) EJ) SilO 10 jggj HB ia|y [gię ieD fej Hi us 

_ _____ | g mECE 

d f (sin(K) ) J +(f i ^ ns ^g 
ds: i-sin (X) xc 

0.70710678121 0.7071067812 


I -0.17337937481 -0.17937937481 

y"(2)= A ~ B . 
y x ’ 0,000001 

SB IS O 3 (li E3 @ !S CI! tli El [S Ge] 0] Qj 


0 Math i 

0 Ms.th A 

A-B 

O.OOOOOl 

Aris-^C 

0.112638413 

0.112638413 


Ta có C+2B= lAliHA j rhypl P|J [2j ?J.P§j Q 

i Matni 

IE2B 

_ -0.2461203366 

Tinh y(2). 

g® gU) @ E3 E|gj Qj Cfe) H Ul CD [Tl gyCj ij] i 

0 Matm 

«r*sin(X) 

0.1230600248 

Vąy F = -2y. Ta chon A. 

Cau 10: Dap an C. 

1, Skc duns; mfa tinh. 


VN i 




















Tinh y'(l). 

m m a o m en m ffl sses cg ® 

! Q] (3 ED ® ® OD !§3 


-( n / x 2 +1 )' 


d i 

a 

-X.2+2X-3 

Wath Ł 

)|*=> 

dx 1 

K-2 



2 


\jx 2 +1 y 
-(x 2 +l) 


n +1 


2\jx 2 +1 [x 2 +l) \jx 2 +1 (x 2 +1) 


Thu vói cac phuong an. 

Vói A: 

e m e) tu ra m m m s ® m m @ m © 


0 Math A 


-1- 


(K-2)2 




Tu day ta chon B. 

Cau 12: Dap an C. 

1. Su 1 dung may tinh cam tay. 

Su dung may tinh tinh dao ham tai x = 3. 

SEBtlDiHfflBEllHE©® 

[urs)@@e 


YóiB: ®®@®®1SŁ1@CI1(D 

0 Mr.thYA 

^CxJX 2 -2X)| x=3 

5.196152423 

0 Mat h A 

Ans*A 


0 Math A 

1+ 3 


5.196152423 


Vąy ta loąi B. 

Vói C: ® B m CD (U 


Thu vói cac phuong an. 
Vói A: 


^ 0 Math A 

BCSilS 


1 

1 —' 
+ 

X 


0 Math A 

2X-2 

2 


ix2-2X 

ta chon C. 


2.309401077 


2. Giai toin. thong thwóng. 

(-x 2 +2x-3) (x-2)-(-;r 2 + 2x-3)(x-2) 

Ta có y'=--- 

(-2) 2 

_ (-2x + 2)(x-2)-(~x + 2x-3).l _ x 2 + 4x-l 


Vąy ta loai A. 

Vói B: 

©©®id]HCD©@©©iS®@ 

HBJSS 

0 " Math"i 


(,- 2) 2 


(x-2f 


■3XZ-4X 

2 ~ - .6 60254038 


= -i+- 


(■*" 2 ) 

Cau 11: Dap an B. 

1. Sir dur#g may tinh. 

Su dung may tinh tinh dąo ham cua ham so tąi x = l. 

[asTi [gi(¥j m ® w m i^ 5 ! frcti©®© m 

§B1B 


Vói C: 

<3) ® <5D ® <3> @ [3] © @> © © (3) < 
©fi_ 


i ca 


ZX2-3X 
Jx2 — 2X 

5.196152423 


0 Math A 

-0.3535533906 


ńns*ń 

-0.3535533906 


Ta thay C cho ra ket qua giong ket qua phia tren. Tir 
day ta chon C. 

2. Giai toan thong thuÓTig. 

' = yjx 2 -2x + x.- ^ X ^ 


Ta có y' - 


Thir vói cac phuong an 
Vói A: 

(H m m © m m ra ® m m m © m m m 

mmsmED® 


2*Jx 2 -2x 


x -2x + x -x 2x -3x 


(X2 + D-Ix2 + 1 

0.3535533906 


Ta khóng can thir them ma suy ra B la dap an. 

2. Giai toan thóng thmmg. 

Ta có 


\/x 2 -2x y/x 2 -2x 
Vąy ta chon C. 

Cau 13: Dap an D. 

Sir dung may tinh cam tay vói lęnh CALC de thir 
xem phuong an nao dung. 

Vói A: 

lis) El B ED Ul Gg BU m ©fflUBE® 
©ElHfflimi 



















•-~~ 1 tóathl 

fi. 8333333333 


Vói 1 


^(A 3 fx + ix)| x _.< 


cis 


¥óiC: 


-- i MJ.th A 

-0.5 


Vói D: 


- H Mith A 

Jr(A 3 /X+^x)| x= i 

1.5 


Vąy ta chon D. 

Ca# 14: Dap a:n A. 

Tmh dąo ham. tai x-2. 

■'lic i)?! ® CU @3 El 3 GD ®!® GES ii® 
f® S] Uli f li (IB 1 U3 sl 


0 Math A 


-n.9346938776 


Thir cac phuong an. 

Vói A: 

Sg ES [U@ OTJ m CD ŁE 00 CD @B®S tffl CD 

®; Aj [f] gfgj QQ IlCDOIitii 


13 


1 M?.th , 


1 


EX+5) 2 J2X 

-n.? t 3469397755.»J 


Vąy ta chon A. 

fcati 15: Dap 4n D. 


, 

Tmh dąo ham cua ham só da cho tai x = — • 

ps gp nn gigiSB®0SQ3®@00 ii® UJ OJ 
t Są ip) (SĄ («#*) i®?T« S-s1Q'!l ifii lii OB IŚD 

.W ■“ —-* 0 ■ Math Ł 


.dj j_x__ ii » 

ds U tan (2X3 )\x-- 

-3.039342743 


Thir vói cac phuong an cón lai: 


rg.] pi gg [{] SE] [aj @@ CD CD 03 §3 <S> fisi śffl l£) 
rę--) rsa rsi sil rnCDSyfi SUDiS3 tBOjSia 

——_ - Math A ' 


1 tan(2X) „ 

1.013114248 


Tit day ta loąi A va B. 
Vói C: 


■i tan f 2X3 

3.02,8342743 


Tir day ta loąi C chon D. 

Cau 16: Dap in 15. 


Sir dung may tinh cam tay tinh dąo ham tai x - 

m ® eis 3 ra ® ® 03 iS 21 fS 


12 


d 

-- 1 Ms.th I. 

* sin CX)-XcosV 

ds 

.. cos (X) +Xsin 

0.0841447697 


Thir vói cac phuong an A; B; C; D. 

Vói A: 

CD GB ®S CD S® Hi GD CD CD © §§§ Ili SSi CS 

m na m _ 


■-~ 0 Mjkth A 

-X 2 xsin(2X3 k 
( cos(X)+xsin(X3 

-0.03207238485 


Vąy ta loąi A. 

Vói B: 

cg) fg gy go CD @ (liii CD UJ CD © f£Mi 'i® 

E0 S Cii£' 1 


--- i Mith &. 

-X 2 XŁOS(2X) ^ 
(cos(X3+xsin(X3 

-0 nFiRFiFi 100008 


Vąy ta loąi B. 

Vói C: 

(3) <3> (® !S @ 10 IB li IS SIO §11 §§ GD S [.I 
03 iS|g ii* M Sj CO CŁt f® 


“1 Math Ł 

-X 2 005(2X3 ^ 

t cos (X 3 +sin(X)) 

-0-0395709636 


Vąy ta loąi C, chon D. 

Cista 17: Dap an D. 

Sir dung may tinh tinh dąo ham cua ham so tai 
n 


x = ■ 


12 


jag} Qg (33 f/g ia S li] CD <B S CD @ @ @ 2j 
CD ® '© ffl ID I7SC @ 03 ijKil 


^(2JsIriÓÓ"-2JćF 

7.101997829 


Vói A: 

pgl pp pgi ggj IaIPhai Qj Oj (S) (® !3 fi] fflj !'/SJ fel 

55® Q] CD @ SU!) iS 03 ta IS Dj 33 UD 


i 


0 Mdth A 

1 


isin(X) Tcos CX) 

0.9481452872 
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Vąy ta loąi A. 

Vói B: 

® ® tsP ffl) fflD (511 <•§) ffl) fflf) (3) iipj ffl [cMj j fi 


Vąy ta loąi B. 
Vói C: 


+ Jcos(X) 

—2,983115735 


a «uk a 


Jsin(XI Jcos(X) 

1■6353087?1 1 


Vąy ta loai C. Tir day ta chon D. 

Cau 18: E>ap an D. 

Ta nhąp 

ffl -1113 ES @ ffl (UD S13 ® (I] ® g (13 H O] 
CI! ® (Ul H3 ffl [H ® @ Q@ @ ffl @ ggg (j> 


o 

cos 

ib 2 *} 

Ma.th A 

)lx 

0 


Vąy ta chon D. 

Cau 19: Dap an C. 

Sir dung may tinh nhąp 

(JSJ El @ m CE CD QQ [|3 <$) (13 ffl ffl © pj qj 
CE CE gg c© E3 [£1 Hj © (gj ffl (ć§ ji|§ jjj [Ti ffl 
® ® dl ffl (I)J@ §§) CE CE CD gg <g> (g) ffl |S®j) 


Vąy ta chon C. 

Cau 20: Ban an A. 


(COS(X) 

MMh A 

-3* 

1+(sin(X ))2 


_3 



1. Tinh y 


Chon At = 0,000001. Tinh y '|J + 0,00000lj va gan 
cho A. 

SU! ES GD @3 i®! dl dl ffl @ @ s m ffl <g> gg 


Luc nay y" (— | = —E—U 

UJ 0,000001' 

ffl m B 0 S ffli> GD H OB OD (oj 
diisHfeyCE 


UsŁJ UL 



Ta thay ket qua rat nhó » 0, do vąy ta chon A. 

Cau 21: Dap an D. 

Tinh dąo ham cua ham so tai x = — + 0 000001 

3 

@p iii) @_m m ffl P CD cg) Ib! m CD en ® 

ffl isia] gwljE Qj ffl (cosj [msj (T| Q3 (g, ffl |Ti CT| 

® ® ® L±j © E] (ffl iffl es m [0 im dl ii# i;< 


U MathVA 

^[tan(X)+ tan 1 (? f 

lii Math A 

ńns*ń 

2.300655293 

2.300655393 


Tinh dąo ham cua ham so x = - 

3 

® © ID 1E3 ii; © © (to pa g) (=3 

jsHirrj jfiaj 


H Math A 

hi Math A 

ńns+B 

2^00641262. 

—_— -2^00641263 


A-B 


Tinh 

0,000001 

® ® O 0 H E3 ® Cg] EJ il) (ffl (oj qd ijrj [T] 
0=0 


ft-B 

O.OOOOOl 


Math A 


ujmom 


Vąy ta loąi B. 

Vói A: 

fei CU [iii] [wij CE DCI ® CD @ lwi® (Tj [Tj (yj [pi <g> 
(3 [ffl ffl (13 cg) @ (ąSHa 3 CE ffl ® co @ Li® [Tj di 
0 &3 ® 0 i® @1 CD CD ffl |«£j p® cd CE gpj “ 
@ gir] ffl @3 feO 


f;Tj © ffl 



13 Math A_ 

^C3sin(X)+2cosh 

. . hi Math A 

Ans^ń 


^ ■ Jl3 1 (1 A ł 

(oos(K)j 2 (sini 

11.95078034 

_-0.2320544056 

_ : 0.2320544056 

Vói C: 



Tinh gan cho B. 

® <S> <3> ® ES @ © gaj © © © ig pi (gnj (Ren 


ej ® m m m ca © s ffl m ® cd © @ ca 

CE UJ©® ffl@ CE L)J £3 i® @D fi] [E (ćpj 
@@o3ffld3(DQ 


13 MathTA 

^(3sin(X)+2cost> 

[3 Math A 

Ans*B 


\ L-C4I J ^ p 

< tan i. 

2.300641263 

_:0.2320508076 

-0.23205081176 

Tir day ta chon D. 


Math A 

1. 
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STUDY TIPS 

Mói cach có mót the 
mąnh rieng, vói bai toan 
ta có the tim duęc bieu 
thiłc dao ham nhanh 
chóng thi ta nen SOLVE 
nghięm phucmg trinh 
/'(*) = 0 degiaiąuyetthi 
se dua ket qua nhanh va 
chinh xac han so vai 
TABLE. 


Ptóin 2 - Cłifi SĄ 


ii. im iif uh uli, g?i hi im glin mu || 

A. Kier* tbite nen ta lig 

Cho ham so y = f(x) xac dinh tren tąp D. 

a. So M dupo goi la gia tri lon nhat cua ham so y = f(x) tren tap D neu f(x) < 
vói moi x thuoc D va ton tai x„ e D sao cho f(x 0 ) = M. 

b. So m dirąc goi la gia tri nhó nhat cua ham so y = f(x) tren tap D neu f(x) > 
vói moi x thupc D va ton tai x 0 eD sao cho f(x 0 ) = m. 

Dinh lv 

Mor ham so lien tuc tren mpt doąn deu có gia tri lon nhat va gia tri nhó nhat 
tren doąn dó. 


M 


m 


is. PhiAAig phap suf dung may tfnh gi M baj 
nhat, gia tri nhó nhat cua ham so 




b 


n i c#P"i 


I SuMdunglęnh @@13] (TABLE) de giai quyet. 

| Sir dung TABLE xet ham so f(x) tren [«;&] 


I Cdc lu>u y cach chpn cac gia tri Start, End va Step. 
Start? Ta nhap gia tri a. 

End? Nhąp gia tri b. 




Step? Nhąp buóc nhay phii hpp (thuóng ta chpn buóc nhay la 
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-)• 


• Tir day ta có the nghien cuu nhanh dang dięu cua do thi tren doąn [a;b], 
; tu dó chpn gia trj thich hpp. 

| Cach 2; 

| 1 ' Giai P hu,an g h-inh f'(x) = 0 bang cach sira dung nut SOLVE (lay gia tri 
| Clia * nśm trón M d * d ° nghiem), ta dupc cac nghięm cua phuong 


j trinh f'(x) = 0. 

i s 

| 2. Dung GALC de tim cac gia tri cua f(x) tai cac diem dau mut va cac 

diem x 0 la nghięm cua phuong trinh f(x) = 0 roi so sanh tir dó ket luąn 
min, max. 


C. Cac; Y5 dy minii hoa 

V j du 1: Tim gia tri nhó nhat cua ham so y = (x 2 - 2x + 3) 2 - 7. 

miny = —5. B. miny =-7 C. miny = -3 D. Khóng ton tąi min. 


Lód 


Sl f, dving chdc nang jy® (TABLE) thiet ląp vói Start -9; End 10; Step 1 

IpjPjp ® co m s m @13 m gej m ca @ b m © m ^ 1=1 nr 

E-J LlJ i™ 1 " ~~ “ “ 


UJ 


Sau do man hirih. hięn ket cjua nhiy sau 


, X F 

1 -a 10331 

2 -5 EBB3 

3 IJ3M9 


-7 


X FCJO 

-3 311 

SBSfi ja 


FCXJ 

a 

al i 


FCHJ 

1 m 
311 

isa 


Qua bang gia tri ta thay ngay min y = —3 


<=>x = l. 


f ap ars c. 


LOVEBOOK.VN I 102 










Bai toan nay ta de dang 
tinh dtroc f’(r) nen su 
dung SOLVE se chinh xac 
hem. Va cac phuang an la 
cac so vó ty nen khó su* 
dung TABLE han. 


[., !.i Tli 

2X*(2X 2 +3X+9)-P 
X= 0,205257702 
L-R=_0 



0.205257702 

2Xx(2X 2 -e3X-*-9)“(s> 
X= -4.871924369 
L-R- _0 


ńns*B 

-4.871924369 


x£+i 

2X^+3X+9 

0.1074357744 

1 Msth A 

_0^59 097 6924 

0 Maili “A” " 

x 2 +i 

_0 ,500 0.0 75 

-B-tak A 

. ?2 + L 

2X.2+3X+9 

0.4999924999 


0 Math 

C2X-l)(X 2 +X+ł)-t> 
X- -1 

L-R- _0 


0 Math 

(2X-D(X 2 +X+l)-t 
X- 1 

L-R- _0 


Tim gia tri lón nhat ciia ham so / (x) = 

22 + 2\ls8 


x 2 +1 


13 

22 


2x - 
57 + 5-JS8 


■ 3x + 9 


tren 


63 


161 


Khóng ton tai. 


Do bai toan yeu cau tim gia tri lón nhat cua ham só tren toan bo tąp só liny-; nen 
ta se quy móc R = [-99999; 99999] va coi nó nhu męt doąn. 

Bai toan nay vięc tim phucmg trinh y' = O de dang do vąy ta se sit dung chuc 
nang SOLVE. 

Ta có /'[x) = Q«i>2x.[2x 2 + 3x + 9)-(4x + 3)[x 2 + l] = 0. 

Nhap bieu thuc vao may tinh va SOLVE nghięm 
Tim nghięm thu nhat va gan vao bien A. 

fs] WM L> j m Dl] fUii Oj GS 03113 S5P EJ1GF fH H j p! fTj 11 ] WM O] 00 ! 


LU LcSu i. 

f \ i 


(Hi: -i 


Tttong tu ta tim duac nghięm thu hai va gan vao B. 

gd mmmm ś J śd ls © So ® oti Si s iss ^ LJ 

Thuc hięn thay cac nghięm vira tim duac cimg cac diem dau miit tir dó so sanh 
dua ra max. 

Nhap vao man hinh bieu thuc f{x) va sir dung CALC 

® i!| m m br m <& im im mmmmmm m m m jem ai m rsi 

mźi O tli Cl j EU Cii [fi UD 
MM LID GB GD UD CJD ® 

Vąy gia tri lón nhat cua ham só dat duęc khi ,v = B. 

Ta thay ■ —— = 0,590976924... Vay ta chęn B. 

63 

©ap an B. 

| Vi do. 3: Goi M, m łan luęrt la gia tri lón nhat, gia tri nhó nhat cua ham só 

1 

'\s 2- _ 1 

y =—-— tren M. Gia tri cua M + m bang 

X “f - X ~ f - 1 


11 
3 ' 


C. 3. 


Lwi JU/si 


D, 


10 


Cach Ir Sit dung $QLVE 


Do bai toan yeu cau tim gia tri lón nhat cua ham só tren toan bo tap só thuc nen 
ta se quy uóc M = [-99999; 99999] va coi nó nhu męt doąn. 

Tuang tu nhu bai toan ó vi du 2 ta có 

y’ = Q <=>(2x -l){x 2 + x + l]-(2x + l)[x 2 - x + l] = 0 

Thuc hien nhap ve trai cua phuang trinh vao may tinh va su dung SOLVE de 
giai phuang trinh 


• [jj Qj QJ {Pj p] RESI] L-LJ l.±j ijj i 

J LfiJ L?J lO STL' 


lii 


oll 
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*2 = X±1 
K 2 +X+l 


X'ć-X+1 

K 2 +x+i ^ 

_3 


>&->■,+i 
?^2 ++1 


1.00002 


ft 2 -X+l 

X 2 +X+l 


0.99999 


STUDY T2PS 

Vói bai toan nay do gia tri 
lón nhat, gia tri nhó nhat 
dat duoc tai hai gia tri 
nguyen nen de dang hien 
tren bang gia tri, tuy 
nhien dói khi phuong 
phap TABLE nay khóng 
cho ket qua GTLN, 
GTNN hięn tren man 
hinh, do tuy chon STEP. 


STUDY TIPS 

Neu cac bai toan lien 
quan den cac dai luęng 
luong giac ta chuyen may 
tinh ve che' dó Radian. 






Ta nhąp ham so vao may tinh va su dung CALC de fim gia tri cua ham so tai 
hai diem dau mut va tai hai nghięm. 

~ T] Efi CD <S> HS CD liii OB Sfl! CD GB Q] R 


SIU 


im® su®® es® 

1 

Th cac ket qua hien tren man hinh ta thay miny = y (1) = — = m va 

» v 3 


max y — y (—1) = 3 = M- 


u _ 1 10 
■ M + m = 3 h— = —. 

3 3 


Gach 2: Sit dung lęnh TABLE. 


Ta se su dung TABLE vói Start —9; End 10; Step 1 

e m m m m @ s m ra ej cd <§> id m m ffl ©§ dj ej mm i 


F(K5 
I n 331 
1=4951 
I□EI53 








0 

Msrh 


(3 Maib 1 



!■! | F CHJ 



K 

FCK) 


:•! 

f ck:« 



9 

>-3| 1.3591 


in 

Mii 

2 

1 


13 3| 

D.53B4 



B 

3 

-2 3.3333 

igrali 3 


11 
12 

D.1333 
0.42B5 


14_M 

ISlHHUrl 

B. 5 13 
D.S994 


-4 



-i 




1 



5 


Nhin vao bang gia tri ta thay miny = y(l) = - = m va maxy = y(-l) = 3 = M 

3 ^ 


Ar 0 I 10 

=>M + m = 3 + — = —. 

3 3 


ars D. 


Vi dii 4: Ham so y = |3cosx-4sinx + 8| vói xe[0;27i]. Goi M, m Tan lupt Ja gia tri 
lón nhat, gia tri nhó nhat cua ham só'. Khi dó tóng M + m bang bao nhieu? 

A. 8-J2. B. 7<J 3. C. 8-S- D. 16. 


Ldi gia! 

1. Su dung may tinh cam tay vói chuc nang |§!§ £13 • 

De tinh toan cac bai toan lien quan den luong giac thi ta chuyen may tinh ve 


che dó Radian. {§§§ |ibo| [4j 


Su dung TABLE vói thiet łap Start 0; End 2rt; Step 


2 n 
19 ' 


m m © m a m a © & m 00000 m m m ca 1 



... 

a 

F CKJ 

Math 


K 

B 

f ck:» 

Math 

| 

IHHHST 

1 1 


1 

i.BByi 

3-I3IB 


a 

3 

U.33DE 

D.EGI3 

Ba 53BE 
1.3105 

0 

B 

B 

Hłtan! 

E.EMSS 

2, 

3.DEEa 

3-M5m 

, 3148 

57745 


1 ! 

K 1 



- s~ 

FCK5 
IS.EiM 
E.BBB 
E. BEM 


5.BE II_ 

5.291103417 


Quan sat bang gia tri ta thay gia tri lón nhat F (X) có the dat dupc la 
/ (5.2911)* 12.989 = M 

Gia tri nhó nhat F (X) có the dąt duoc la / (2.3148) * 3.0252 = rn 

=>M + m = 16 (trong cac phuong an chi có 16 la cong lai hai gia tri xap xi duoc 

ket qua). 

2. Leń giai thóng thuong. 

Ap dung bat dang thuc Bunyakovsky ta có 

(3cosx-4sinx)~ <|3 2 +(-4) 2 j(sin 2 x + cos 2 x) = 25 

=>|3cosx-4sinx|<5<=>-5<3cosx-4sinx<5<t3-3<3cosx-4sinx + 8<13 
Vąy 3<|3cosx-4sinx + 8|<13. 

==>M + 7rc=3 + 13 = 16. 


OYEBOOK.YN I 104 












+ cos x la 



•Jl. O, Khóng ton tai. i 


Tiicmg tu nhu < v vi du 4, do chu ki cua ham só sin, cos la 2n nen ta chon Start 

—2rc; End 2 tc; Step —. 
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Ląpbang gia tri cho y = 'Jl + sinx + \/l + cosx vóilęnh Muli -7i 


S LU L/ J c.Si 






{2J My] irrJ UU l§iiiFT| ląlO j f4 1 j SHirTf hrj Jj i %] 

Quan sat bang gia tri ket hop vói cac phtrong an ta chon B. 


r>ap a:n n, 


Vi du 6; Goi M, ra łan krat la gia tri lón nhat va gia tri nhó nhat cua ham so 
y — — tren doąn [-1; 1J. Khi do 

1 1 
A. M = -;m = 0. B. M = e;m — 0. C. M = e;m = - . D. M = e ;m = 1. 


... K . , FCK5 
S SM! Sali BI 

3-n.Bau i b bsbi 
s -o*las i D anas 


H F CK? 

3 i i. |-as3 

la D.I51B D.DEiS 

O.05263157895 


PhAu thkr - Ta thay du; 
kięn de bai cho 
X 2 + x -y~12 = 0 thi 
X’,y d$c ląp vói nhau do 
vąy ta có the de dang rut 
y theo x tir dó thay vao P. 
Bai toan tró thanh tim 
gia tri nhó nhat tren mot 
doąn. Dua tren dieu kięn 
y < 0 ta có the tim dupc 
dieu kięn cua .t. 


STUDY TIFS 

Ta thay bai toan nay vięc 
sir dung TABLE khóng 
cho ra ket qua chinh xac 
cua min P ma ta phai sir 

[-4;3] 

dung phan doan l<e't hqp 
cac phuong an. 


Ta sit dung lęnh TABLE vói Start —1; End 1; Step —. 

fsl TE1 

Quan sat bang gia tri ta thay M ~ 2,7182 = e dat duoc khi X = -1 va 

m = 2, 6.10 « 0. 

Dat> an B, 


Vi du 7: Cho cac sd x; y thóa man dieu kięn y < 0; x 2 + x - y -12 = 0. Gia tri nhó nhat 
cua bieu thuc P = xy + x + 2y + 17 bang 

A. -12. "i. -9. C -15. D. -5. 

i ai gia' 

Ta có x 2 +x-y-12 = 0 ta rut ra duoc y = x 2 +x-12. 

Matkhac y<0ox 2 +x-12<0»-4<x<3 

(De giai bat phuong trinh tren ta su dung chuc nang giai bat phuong trinh cua 

may tinh: f§R0 (5) PP ; T j hT‘ fil i'£Tj ‘Tl (Sj pó (Tl fal Ej |~H ]) 

_ __ 

ń<X<B 

_ -4<X<3 

Luc nay bieu thuc P tró thanh P - (x + 2)(x 2 + x -12) + x + 17. 

Bai toan tró thanh tim gia tri nhó nhat cua P tren [-4; 3]. 

1. Su dung TABLE. 

Su dung fgg (jj (TABLE) vói thiet lap Start —4; End 3; Step — ta an 
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iii [13 Lp H® Oj 33 ii) CD CDIII CD @ ffi ip CD E) CD iH 03 BB@ Q] 

i Mafh 

Ig U BiliIH Gb 13 
_ j g 157694737 
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Tir bai toan vói hai cach 
lam nay, ta dua ra ket 
lu?n nen sir dung SOLVE 
khi bieu thuc -lao ham có 
the tim duoc de dang, có 
vąy mói dua ra ket qua 
chinh xac. 


STUDY TIPS 

O cac bai toan dąng nay 
ta thay do de bai chi có 4 
phuong an, nen ta chi can 
thir 2 lan la có du<?c ket 
qua. 



Pkailitch: Bai toan a vi du 
7 ta da sir dung phep thir 
vói TABLE. Trong bai 
toan a vi du 8, ta se có mot 
cach khac de giai bai toan 
nay, dó la sir dung phep 
the cho tham so bang 100. 
Tuy nhien chu y cach giai 
nay chi mang tinh chat du 
doan, khóng phai cach 
lam chinh thong. 


Quan sat bang gia tri va so sanh vói cac phuong an ta thay minP = —12. 

2. Sw clung chuc nang SOLVE. 

Ta có P' = (x 2 + x-12) + (x + 2)(2x + l) + l. 

Ta nhąp bieu thuc vao man hinh va su dung chuc nang SOLVE de giai nghięm. 

d§ cl si ff; im ?ti Fi m tri m m m m m ra m rei m ra » m pfi 
m m Q0 iij gfri (=3 su (mi es gd ono 

Ta thay phucrng trinh P' = 0 có hai nghięm X =1 va X = —3. 

Luc nay ta su dung de tinh gia tri cua P tąi hai nghięm va hai diem dau 


msmEB@EmsQ]0ffla ra b m es ni m m m $ m 

S jfcaci fT~>i UJ fil foALcl OH l-j IcAffil fi] fS| [5E6] p| S3 (Ś| 

a Ms.th' a"~^ Mat Ii A 1 Q MatT A ' 13 R5tE A 

(X+2)CX 2 +X-12)+> (X+2)(X 2 +X-12)+> CX+2;i(X 2 +X-12)-h> CX+2)(X 2 +X-12)tt- 


Tir vięc so sanh cac gia tri ta ket luan min P = -12 khi x = 1; y = —10. 


Bap an A, 


4 ^ 


i Vi du 8: De ham só y = x i - 6 mx 2 + nł có max = — thi gia tri cua tham só' thuc m la 
J r_ o.ii o ° 


[-2;1] 9 


Lód giai 

Dau tien ta gan cac gia tri o cac phucrng an lan luot vao cac bien A, B, C, D bang 
lęnh STO nhu sau: 

An [OJ {§§§ goj (la nut STO) O 
Tuong tu vói B, C, D. 

Luc nay ta kiem tra hai phucrng an A, B thi ta nhąp ham f(x) = X 4 - 6A.X 2 + A 2 
g(x) = x 4 -6.BX 2 + B 2 nhu hinh ben. 


Tiep theo nhąp Start? -2; End? 1 Step? 0,2 Ta thay cac gia tri cua ham só ó hai 
truóng hop m hien nhu sau 



Ta thay khi m = 0 thi ham só khóng dat gia tri lón nhat bang - (loąi). 
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Vięc ta tach 
-9900 = 100 -100 2 
= m - m 2 la str dung ki 
thuat khai trien da thiic 
bang may tinh da diroc 
giói thięu trong płian 
chńc nang. 


/■V.- .y,, • , ’ . 

Day khóng phai cach 
lam dung cho tar ca cac 
trudng hop, do vąy ta 
chi sit dung vói cac bai 
toan don gian, ngoai ra 
de xu ły can ke ta có the 
gan them M = —100; 
m=0,01; jii = -0,01. 


Bai toan nay do phuong 
trinh can SOLVE chi có 
męt nghięm nen vięc lam 
theo łuróng nay se giai 
quyet bai toan nhanh han 
thóng thuóng. 


•y-K + 3 


X- -0.064516129 
LzR=_0 


s _B D 8 n ł b„ 

hi Mfith 

i-X 3 

x= 

L-R= 

- 0.8 

0 


Khi su dung phep the cho tham só m -100 ta dtroc j 
9901 


(x) = 


Xt 1 


r(x) 


(x + l) 2 


■Q,Vx^-l. 


“ min/(x) = /(0) = -9900 = 100 -100 2 = m — m A 


Luc nay theo de bai ta có — m 2 +rn = — 2 <=> 


m = —1 
m = 2 


Xz= 

i Matt.m 

Xi= 

IB MithT 


-i 

2 


Vąy ta chon D. 


/ , as ■> \ /v 2mx -f- \ r -j \ 

10. Gia tri lón nhat cua ham só y =- tren doan 2; 3 la-khi m 

m-x • l j 3 


: nhan gia tri bang 
i A —5. B.. 1. 


0 . 


- 2 . 




Ł Se dyn.fi, may lirtlt c3m tav. 


Ta thay neu gia tri nho nhat cua y bang — -i tren doan [2; 3 j thi phuong trinh 

y + i = o có nghięm thuoc doan [2; 3]. 

, —10x + l 1 

Viń A ta co ———— + - = 0. Su dung chtłc nang dó nghięm SOLVE. 

OB 3 OJ OD iHS ii; 0B CD © 3 ( Sj 01004 C C) <E> ;3El ffi) GD @ GD 119 <c£c ] 

Ta thay nghięm cua phuong trinh khóng thuoc [2; 3] nen ta loai A. 

,. ,, , , 2x + 1 1 

V cn s; ta co- 1 - — 

1 -x 3 

fi! C13-@ CD Er) Cii CD 3 Ul [T] ||ff) Cd <B> {§9 SIEI CS 01! 

i i 


■ + — = 0. Su dung chuc nang dó nghięm SOLVE. 


— + - <=> x = 3 e [2; 3]. Vąy ta chon C. 
—x 3 


Giai todrs thóng 


Tinh dąo ham y' = 


r _2m(m-x)-(2mx + l)(-l) 2m~ +1 


(m - x) 2 


(ot-x ) 2 


> 0 vói moi x*m. 


=> Ham só y = 
=> Ham só y = 
=>y(3) = -|<=> 


2rnx +1 
m - x 

2 mx +1 
m — x 

6 m +1 
m — 3 


luón dong bien tren timg khoang xac dinh. 


dat gia tri lón nhat tai can tren x = 3. 


1 

— <=> m = 0. 
3 






















. a 


Car 18. Gia tri nhó nhat cua ham só 
y — | x 2 - 3x + 2j + 3x +4 la 

A. 5. B, 8. 

C. 6. D, 3. 

CAj. 19: Gia tri nhó nhat cua ham só’ y = e toI+1 tren 
[e;e + l] la 

A. 2. B, e 2 . 


A, min.P = 5. 

,, . D 17 

'. mm P 


ii. mmP = 


rrdnP ■ 


115 


3 3 

Caw 26: Tim m de gia tri nhó nhat cua ham só 
y = x 3 - 3mx 2 6 tren doan [0; 3] bang 2. 

„31 3 

A m = 2. B. m = —. C. m> — . D m = 1. 

27 2 

Ca a 27: Có bao nhieu gia tri cua tham só thuc a de ham 


■Cau 20: Gia tri nhó 

nhat cua ham só 

V = In 2 x i- - - bang 

In 2 x + 2 


, 3 

B 1 

2 


c i. 

D. 2. 

2 


CA; 21: Tim m de gia tri 

. nhó nhat cua ham só 

y = x 3 + (m 2 +ljx+m 2 +2m tren 0;2 bang3. 

A. m = ±3. 

B m = 1; m = —3. 

5 

u 

1+ 

D. ot = xf2; m = -2. 

Cau 22: Cho ham só y = x 3 - 

3x + 1. Tim tąp hop tat ca 

cac gia tri rn>0 de gia tri nhó nhat cua ham só tren 

D = [m+l;m+2] luón be hon 3 la 

.4, (0;l). 


C. (-oo;l)\{-2}. 

D. (0;2). 

Cau 23: Tim tąp hgp tat ca cac gia tri thuc cua tham só 

w sao cho bat phuong trinh \/x + 5 + \/4 -x>m có 

nghięm 


.A. (-oo; 3]. 

B. (- 00 ; 3^2 J. 

c. ( 3 ^; + 00 ). 

D. (-oo;3n^2). 


Chi 24: Cho x; y la cac só thuc thóa man 
x + y = 4x — l+ J2y + 2. Goi M, ot lan lugt la gia tri 
lón nhat va gia tri nhó nhat cua 
P = x 2 +y 2 + 2(x + l)(y + l) + 8, ii /4-x-y. Khi dó, gia 

tri cua M + m bang 

A. 44. B. 41. 

C, 43. D. 42. 

Cati 25: Cho x; y la hai só thuc khóng arn thóa man 
x + y = 2. Tim gia tri nhó nhat cua bieu thuc 
1 

P = — x 3 +x 2 + y 2 - x +1. 

3 * 


„ cosx + a.sinx + l ... 

so y = - co gia tri ton nnat y = 1 < 

cosx + 2 

A. 0. B. 1. C. 2. D, 3. 

Cau 28: Cho hai só thuc a, b deu lón hon 1. Gia tri nhó 
11' 

nhat cua bieu thuc S =-— h -bang 

ło S (fl6 ) a lo S® b 


A i B 9 ,, 9 1 

9' 4’ 2 ’ ' 4 " 

Cau 29: Tim gia tri lón nhat va gia tri nhó nhat cua 

ham só /(x) = 2 cos 3 x-cos2x tren D = 


7t 7t 

3 7 3 


A. max ; r (x) = l;min f(x) = — . 

.vsD ^ ' i zD J > 27 

B. max /(x) = —;min f(x) = -3 . 

xeD J W 4 KO A / 

C. max f(x) = 1; rrdn f(x) = -3. 

jreD ' 7 X«D J ' > 

D. max/(x) = — ;min/(x) = —. 

xeD J i i 4 ,eD J V ’ 27 

Cau 3fł Vói gia tri nao cua tham só thgc m tłu tren 
[0;2] ham só y = x ? -6x 2 +9 x + m có gia tri nhó nhat 
bang -4. 

A. m = ~8. B. m = -4. C. m = 0. D, m = 4. 

Car 3i: Tim gia tri lón nhat va gia tri nhó nhat cua 

, , ^ 2sinx + cosx + l ,, 

ham so y =-la 

sin x - 2 cos x + 3 


f max y = 2 

[ max y = 2 

B. . „ • 


A. \ . 1 . 


|mmy = - — 

[mm y = 1 


(max y = 1 

fmaxy = 2 


C. \ . 1 . 

D. i 1 • 


l y 2 

[mmy = - 


Cau 32: Cho ham só y = —x 

■ 3 -3mx 2 +2. Gia tri nhó 

nhat cua ham só da cho tren 

[0; 3] bang 2 khi 


A. m> 0. B. m — —\. 

3 

31 

C. m> —. D. m = 



2 

27' 
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Su dung TABLE vói thiet ląp Start 1; End 3; Step — 

gEg CSIli CO O GD 0 LEI [MS ni O ED 33 
SO® CII GE) Hj EM! CU CD EsJ ClJ IMS LSI GE CD li' 


i ddi F(X \ 

3 I. 1052 -M.5IU | i9lla.BSUnl-3.dBI I 

3 1.2105 -U.99B IBlMW I -li 

_ 1 I _3J 

Quan sat bang gia tri ta thay F (X) lón nhat có the 

dat duoc la f (3) = —2. 

Vąy maxi/ = -2 khi x = 3. 

Cau 2; Dap an D, 

Chuyen may tinh ve che do Rad. 

[Sg |or® C33 

Su dung TABLE vói thiet ląp Start 0; End 2it; Step 
2 ti 
19 ' 

S55B !j2 SD Igi ® §«§ gy® 03 CD 0 GD @i H CS 
113 EJ O G=j GU 03 UD @3 (lij iSE (!) (23 dłUS ii® 

smaii 

s Math 13 MatS I 

X F(K> X F(Xł 

i mam n i e u-asny is. e m 

1 D.33DE 9.53BE 11 tWflll 12.999 

3 D.BBI3 1,9105 IS 5.B2I1 12.BEM 

_O_ 5. 291 103417 


X F(X) 
IB 2.1B9U -U.OIU 
19 B.B3U1 -3.OBI 

aa MM* -a 


a D.33DE 9.53BE 
3la.EEI3h.9IDs! 


X F<X) 

a I.9 BUI 3.I3Ifl 
B P*li 3.0252 
9 b.emss a.nsn 
_ 2.314857745 

Nhin vao bang gia tri ta thay gia tri lón nhat ham so 
có the dąt duoc la / (5,291l) = 12,989 «13 = M. 

Gia trj nhó nhat ham so có the dat duoc la 
/ (2,314) = 3,0252 ® 3 = m. 

Vąy M+m = 16. TachonD. 

Cau 3: Dap an C. 

Su dung TABLE vói thiet lap Start 1; End 4; Step 
0,3. 

IfJ SIOH CD li 5 ) CSCBffi m E3@ CD 03 O 


X FCXł 

9 mam 13 

a 1*3 15,403 
3 I.E H.1DM 


X FCX> 

E 3*1 9.MD9 


X 

M 1.9 

s a»g 

e mstK 

3 

F CXJ 

I1.9MI 

ii.ise 

Math 

IE.315 

2.5 

X 

10 .Ł1 

1 1 Hi 

3 

F<XJ 

-M.E53 

-IM 

Math 

IS 


4 


lalH^Ulaiil 


Nhin vao bang gia tri ta thay min y = y(4) = -14. Ta 
chon C. 

Cau 4: Dap an B. 

Sir dung TABLE vói thiet ląp Start 0; End 2; Step 0,2. 


§słl Cl, ii i> 

fol (§=] i 2 ] |ssj [OJ [ 


3 

Math 



3 

Math 

FtX) 



X 

FCX) 


5 

M.MDB 


5 

E 

»dy 

3* NE 
3 


3* BEM 

O 

1 

I.E 

3« 1EB 

1 




3 

Math 


X 

FCX) 


R 

i* m 

3n 5MM 


9 


M.E9E 


Ifl 

5-M3E 

1.8 



Nhin vao bang gia tri ta thay min y = 3 khi x = l. 

Cati 5; Dap an D. 

Sir dung TABLE vói thiet ląp Start 0; End 2; Step 0,2. 

Sai g] !Hj (Tj (gj (33 <g> g i[|j [Mij Q] ggj 00 (Tj OH) 

(n sj ni cii p (jd [ii oo m 

0 Math 

X FtX5 
9 I.B B.M33E 

ID I.B 5.0119 

I I 9 

_____ 21 

Nhin vao bang gia tri ta thay max / (x ] = 9 khi x = 2. 

Ta chon D. 

Cau 6; Dap an B. 

Sir dung may tinh vói thiet ląp Start 2; End 4; Step 

0 , 2 . 

li® m fii Pi fD^BB @ OD GS OD ® i® Ci 

R [Tj fS] jg rai P[4] HE im m [2'i HI 




3 

FCX> 

Math 


X 

3 

FCX) 

Math 

| 

B 


5 

muM 

i.naaa 


E 


1.5333 


E 

i 


3 

E-M 

1.E51I 

2 

1 

3. E 

1.DIBI 

3 


Nhin vao bang gia tri ta thay gia tri lón nhat cua ham 
so y = x ^ ~ tren doąn [2; 4] la M = 8 khi x = 2. 


Gia tri nhó nhat cua ham só y ■ 


x 2 +x+ 2 


tren doan 


[2; 4] la m = 7 khi x = 3. Tir day ta chon B. 

Cau 7; Dap an A. 

Sir dung TABLE vói thiet ląp Start 0; End 2; Step 0,2. 

g§| CO (fi) li§ Cli (Ili ED SD ® H DI) Li) ID ID LU 


i nanann' 

3 

F <XJ 

-I.EEE 

Math 

a D.a 

a n.u 

-I.S5 

-l-«E3 

0 


Nhin vao bang gia tri ta thay gia tri nhó nhat cira 
x 2 -5 5 

ham só y =-- la — khi x = 0. Ta chon A. 

x + 3 3 

Cau 8: Dap an B, 

Dieu kien: -x 2 - 2x+3 > 0. 


lli.EŁilll 

■zĄ P-H f 2l [-i l 3 | jssl fssi 

A<X<B 

-3<X<1 


Vąy ta se tim GTLN cira ham só tren [—3; l]. 
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Chuyen TABLE sang che do tinh toan. vói męt ham 

so t J 

Sił dung TABLE vói thiet lip Start —3; End 1; Step 

0 , 2 . 


©p 

[Jj 

'2 IjO 1 : 

S a 

u 

Fm 

f.trli 

1 -! o M 

1 b iliS 


1™* 

e 

-1 


Nhin vao bang gia tri ket hop vói cac phuomg an ta 
ket luąn GTLN ciia ham sd tren [—3; l] la 2 khi 


x = — l.Ta chonB. 


Su dung may tinh vói thiet ląp Start 0; End 


Step 


n 

38' 

fef jj 


I±j (V*J jA ^A! LU 


t.n.DBiE I.EB 5 E 
al n„ i issa 1 i.aasHl 



H 

.udsii 


iw 11 -” 


’ Ś Math 

F(K) ‘ 


570796327 


Nhin vao bang gia tri ta thay min y = 1 khi 


x = 0 

n ■ 
x = — 
2 


O ; 20: L : an O. 

Chuyen TABLE sang che dó tinh toan vói hai ham sd 
Sił dung may tinh TABLE vói hai ham sd tren [0;l]. 


Vói A va B ta thpc hięn an 

■ 1 (11 Pi CD (*5'f] <S) ffl [13 [®1 @1) CD Ci3 GD l~ : ’ 
|| ■ ;j gg ijj (B :£ :33 CS (K|i 03 CS ijj @ 2 j 111 




5] [0 i [•_] [ 




Ma.th 

CCK) 

18 

3*001 
[Sb Sili 

_i 


Xem bang gia tri ta thay vói m = S',m — 3 khóng thóa 


man. 

Vói C va D ta thuc hien an 

M r @ & t_s 1 § Ul (i 11= 1 _ 

, ! J f|D SD \30 CD Ul 03 CS LC isD CE Lii Gs 




0 

Math 

, 


F CK) 

g 

s 


E 

Ł a 

E.EDi 

| B 10I 


i 

0*1 

3=MD3 






O 


Nhin vao bang gia tri ta thay m = 4 thóa man. Tu 
day ta chon D. 

Cau 11: f>ap An C. 

Chuyen TABLE sang che do tinh toan vói hai liam sd 

Su dung may tinh cam tay vói thiet ląp Start -2; End 
2; Step 0,5 Vói TABLE hai ham sd. 


Lam 1: Th u vói m = 2; m = —2. 



I :-: j fck)^I S4 | 5 a j 

i„bI n»sail-o«aaaI 
_ Ł 


Ta thay chi có trudng hop m = 2 thóa man, do vąy ta 
loai A; D. 


Lam 2: Thił vói m = 3. 




0 hfath 

f ‘A 

FC&?? | 


Li 


lh! 

i§ i 5 s 

i 


Ta thay m = 3 cung thóa man. Tu day ta loai B, chon 
C. 


nUAć .c Ze £$.TŁ 15* 

Tuong tu cac bai tren ta se thii cac phuong an bang 
cach sił dung TABLE cho hai ham sd. 

Chuyen TABLE sang che do tinh toan vói hai ham sd 


Lam 1: Thu vói A va B. 

IĘ | (Jj @1pil UJ Et 03 013 33 CO © iii 

ep gs fi cd E® ®ąca cii © su oj t 




B Math 

i 


F CK) GtKJ 

n -a 


3 

o B a 

o D ssos!-t B nsi 


i 


DnlEEEl -i.S 



O 



Nhin vao bang gia tri ta thay G(X) thóa man, hic 


m = 2 thóa man, tu day ta chęn B. 

Cihi 12: : D»p An B. 

Dat f = sin 2 x; (f e [0; l]). 

Luc nay bai toan tró tharih tim gia tri lón nhat va gia 
tri nhó nhat ciia ham sd y = f 2 - 4f + 5 tren doąn 


0 ; 1 ~. 


| 


B 

FCK5 

i 

Math 

a 

K | 

0.1 

m 

FCK5 

E.4U 

Math 

i 

i 

0. 8 
S.E 

y D ss 


10 

51 


S.i! 

i 


O 



i 


Nhin vao bang gia tri ta thay gia tri lón nhat cua ham 
sd M = 5; gia tri nhó nhat cua ham sd la m = 2. 

Ca# 14; kn C* 

Dieu kięn 1 < x < 3. 

Su dung TABLE vói thiet ląp Start 1; End 3; Step 0,2. 



T] (Ho f8 


idŁti 

1 Sal 

31 ! D M 

s 

FCK> 

i.ums 

DsillE 

Mith 

s 

n 


0 

a*iii! 
LMIŁSE 

Math 


i 



3 










Phan 2 — Chu de 1: Ham só va eac uhg dung 


Nhin vao bang gia tri ta thay gia tri lón nhat cua ham 
so tren [l; 3] la %/2. 

Cau 15: Dap an A. 

Vói x^0. 

,,2 


The bes 


l + y - + ^ 


Chia ca tu va mau cho x 2 ta duoc P = - 


1 .l + r 


Dat t = —, (t * 0). Luc nay bai toan tró thanh tim gia 

tri lón nhat cua P = - + ^ + ^ . 

1-f + f 2 

Su dung TABLE vói thiet ląp Start -9; End 10; Step 
1. 

GB CD GE) ®iD d) GE) S CD [13 <$> CD GE) H® CD GB 
ES CD EEI [=) fD F>1 ffj jsj fn fo] i=) m gy (S) 

I ‘ 0 Math I 

I x I FCK) ! 


Nhin vao bang gia tri ta thay gia tri lón nhat cua P da 
cho la 3 khi t — 1. 

Tuc gia tri lón nhat cua P la 3 khi x = y. 

Cau 16: EJap an B. 

Lan 1: Thu A va B. 

Su dung TABLE vói thiet ląp cho hai ham so. 

Chuyen TABLE sang che do tinh toan vói hai ham so 

(UD H © [U GD 

Start 1; End 2; Step 0,1. 

Bd!iS[DSCIi[l[D®H CD GB CD (D 

® i33 m m si m ® s co a m m m m m 

m (u s od m _ 



s 

Math 1 

1 

f <h:« 

-Do 5 

-e 


2 \«\ 

-Do SE 

“So EG3 


3 ua 

“Da B1D 

“2o 555 




_u 


Nhin vao bang gia tri ta thay vói rn = 3 (tuc G(x)) 

thóa man, do vąy ta chon B. 

Cau 17: E*ap an. C. 

Vói y^0 

2 - 

Chia ca tu va mau cho y 2 ta có P = —-—. 


Dat t = — . Luc nay bai toan tró thanh tim gia tri nhó 

y ' 

nhat cua P = . 

t 2 +l 

Su- dung TABLE vói thiet ląp Start -9; End 10; Step 1. 

srarassmcssmiaffimiEiiDB 

EiEEiEi 




0 

Ms.th 

a 


-S 


to 
i i 

0 

0 

-1 


Nhin vao bang gia tri ta thay gia ti nhó nhat cua P la 
—1 khi t =—1 <a> x = —y. VąytachonC. 

Cau 18: Dap an C. 

Su dung TABLE vói thiet ląp Start -9; End 10; Step 1. 

S0@SHE0B[SB(I)EEfl]® 



0 

Math 

!■! 

fch:> 


id nt 

T 

E 


11 i 

1 

o 


Nhin vao bang gia tri ta thay gia tri nhó nhat ma ham 
só dat duoc la 6 khi x = 0. Vąy ta chon C. 

Cau 19: Dap an B. 

Su dung TABLE vói thiet ląp Start e; End e + 1; Step 

0 , 1 . 

iHI d) EP (jjjgi @ Qn) EU [p CU GB CD [=) [=) |m) 
j^D(5i)iMif^mmr=iróimmf^ _ 

0 S MśSh 

^ , S-ć , ^ F CK) W FCK) 

iRmr 1.3BB M 3.BI BE b.edus 

ES.BIBĘ 1.S6DB S 3.IIH? F1„IHK=! 

3 E.SI3E 1.B3En E PffiTTB B.1MBI 

L .2.718281328 3.218281828 


X F CX) 

1 3.31 BE a.DE 

i§muui 

_ 3.518281823 


X 

M BoDlBE 

imm 

3 

0 

F CK) 

Bo EDMS 
Do MTE3 
HolMHI 

= 2182 

Math 

81323 

K 

ID 3oEiDa 

1 1 

0 

F CK) 

Do D3SS 

1 D<> ! Dl 

Math 


Nhin vao bang gia tri ta thay gia tri cua ham só tang 
dan, vąy ham so dąt gia tri nhó nhat tai x=e. Vąy 
min y = y[e) = e lne+1 = e 1 . Vąy ta chęn B. 

p;e+lj 

Cau 20: Dap an C. 

Dieu kięn x > 0. 

Su dung TABLE vói thiet ląp Start 0; End 10; Step 1. 

m m cd ou m m ca ca m qb ® m ® m ra 
m rn m ra gg m id m © mm m w 0 m 


1 

a i 

d al 

0 

F CK) 
ERRflR 
D. 5 
D.BB3E 

Math 

0 

K 

M 3 

IW 

0 

F CK) 
ł.SIBT 
So HE1 
a.BDBI 

Math 

5 

1 E 

B 1 

3 

0 

F CK) 

3.DDB3 

3.3593 

M.4BEE 

Math 

s 

K 

ID 9 

a 

FCK) 

M.9nM2 

5.M3BB 

Math 


Nhin vao bang gia ti ta thay gia tri nhó nhat cua ham 
só da cho dąt duoc la 0,5 khi x=l. 

Cau 21: Dap an B. 

Do bai toan nay moi phuong an deu có hai gia tri cua 
m nen vięc thu gia tri la mat nhieu thoi gian. Mąt 
khac ham só la ham da thuc nen ta de dang dąo ham 
va nhąn xet. 

Ta có y' = 3x 2 +m 2 +1 > 0 

ham só da cho dong bien tren [0; 2]. 

Vąy gia tri nhó nhat cua ham so la y(o) = tir +2m. 
Theo yeu cau de bai m 2 + 2 m = 3. 
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.. . 

‘ SL ’^ ' . w * ar 

W UuthW 



Xz~ 

i 

-3 


Vąy ta chon B. 

Sii dung TABLE de tim khoang dong bien, nghich 
bien cua ham so. 

Thiet ląp Start -9; End 10; Step 1. 

R '■ 9 i fi j (Oj {^J i 1J t-Sj _ 


K \ F CK) 


' “ 1 Ms.th 

| K | FCK) | 
i jjl .M | ^Sij 


llf i! *313 j 

id _1 Mii 

IBlilllll:! 103! 


FCK) 


“B Math 


10 


Nhin vao bang gia tri ta thay ham so dong bien tren 
khoang fl;+oo). 

Tren D = [m+l;wt+2], vói m> 0 taco 
min y = (m + 1) -3(m + l) + l 

[m+l;m+2] ' 

De min y < 3 m 3 + 3m 2 - 4 < 0. 

[m+l,m+2] 17 

gi <£> f il rai m m 1=1 @1 fg 


X*ń 5 X<B 


fUj [§D Ł) GD 1§0 6 

M&th 


X*-2,X<1 


Ket hop vói dieu kięn m> 0 thi ta có m e (0; l). 

Vąy ta chon A. 

(Zim 23: Dap an B. 

Dieu kięn x e [-5; 4].Dat f(x) = \ix + 5 + j4-x. 

De thóa man yeu cau bai toan thi m < max f(x). 

Su dung TABLE vói thiet ląp Start -5; End 4; Step 
0,5. 

lei CII 5s iS Dj 03 S €> GB® 03&J®S Cl3 ® 




a 

M?.th 



FCK) 


9 

S0 


Mn S3G 
Ma EMSS 


g t 

0 

MbESE 





-0,5 


Nhin vao bang gia tri ta thay gia tri lón nhat cua ham 
so dat dirac khi * = -—<=> ! T s a ?>/( v • = f{~ 2 ) = 

Vay m<3\[2. Ta chon B. 

Cśa. 24: Dap an C. 

Ta có (x + yf = ( v'y 1 + \/2.Jy + lj 

< (l + 2) ((x -1) + ( 1 / +1)) = 3{x + y). 

=> 0 < x + y < 3. 


Biet dirac dieu kięn cua x + y nen ta se dua P theo 
an x + y. 

Taco P = x 2 +y 2 + 2(r + l)(y + l) + 8j4-r-y 

={x+ 1 i) + 2(x + y) + 2 + 8 .J 4 - (x + y). 

Dat f = x + y. Dieu kięn 0 < t < 3. 

Luc nay bai toan tró thanh tim gia tri lón nhat, gia tri 
nhó nhat cua P = ł 2 +2t + 2 + tren [0;3]. 

Sir dung TABLE vói thiet ląp Start 0; End 3; Step 0,2. 


SI CS ii! CD 63 GB [U S1L_ _ 


"j i j 


ite T ;;i 
il d.e ha.Dau 
31 n.nns. iaal 


0 


m z.s 
15 M 


F(K> 
23=MBS 
EM.1D3 


Nhin vao bang gia tri ta thay min P = 18 <s> f = 0 va 
max P = 25 <s> f = 3. 

[0:3] 

=>M+m = 18 + 25 = 43. TachonC. 

Cłu 25: Dap an B. 

Taco x + y = 2<s>y = 2-x. 

1 \2 

Liicnay P = -i 3 +r +(2-.r) —x + l. 

•«=> p = — x 3 + 2x 2 - 5x + 5. 

3 

Bai toan tró thanh tim gia trj nhó nhat cua 

<=> P = - x 3 + 2x 2 - 5x + 5 tren [0; 2]. 

3 

Sit dung may tinh vói thiet lęp Start 0 End 2; Step 

0 , 2 . 

spił f?) [si [Tl ijS <$> il] Cg) !B LIKifl liJ fe 

mm m m o m m l=j isj s eh 

:ai 




E Math 


K 

r- :;o I 

s 

B 


E«MiOi 

E.333S 

1 

\ E E 

s.mssS 



1 


Nhin vao bang gia tri ta thay gia tri nhó nhat cua 

7 

ham so dat duoc la - khi x = l. Ta chon B. 

3 

Cau 26; Oap O. 

Ta sir dung TABLE vói thiet ląp Start 0; End 3; Step 

0 , 2 . 

Lan 1: Thir A va B. 

SU Ejj SB CD @ CU ® O ® Hi 01133 _® 
jap m §s m <& EJ m 0S CS Uj ffl 331 z) <B !Mi 


Eli 


r j i§j l^j lJJj i 


On 1 
0 b Ł5 


s 

FCK) 

i 

Sr, lii 
Sn 8 OM 


GCK) 


iciiai 

i.ssse 


=j 

ol [ * i 

fil (3 


K 

F CK) 

IM 

lag 

-SEnSI 

!i 

!E 

EHiltf 

-ISnOS 

-il 


G CK) 
0 D ES 55 

1 


Nhin vao bang gia tri ta thay gia tri nhó nhat cua hai 
ham só dat drrgc deu khac 2, do vąy ta loąi A va B. 
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Do A khóng thóa man, tóc m = 2 khóng thóa man 
nen ta loąi luón duoc C, tu day ta chon D. 

Cau 27: Bap an C 

rj, , cosx + asinx + l 
1 a co: y = 


cosx + 2 
( cos x + 2) + a sin x -1 
cosx + 2 


= 1 + 


flsinx-l 


cos x + 2 

Theo gia thiet: asinx-l = 0=>sinx=2 (l) 

a v ' 

a + 2acosx-sinx 


y 


(cosx + 2) 2 
Tir (l) va (2) suy ra: 


= 0<=>fl + 2acosx-sinx = 0 (2) s( x )~ 


a + 2a, /l —i— i = o 
a a 

iii CD ESEJ m CD © EU B CD ffl jm) Q] @ ® 

® b cd su wś ca pd m m m uf śocn 

D(H) 


, , . . . , W Matu 

" *2 X 

X= 1 

LrRż_0 


X= -1 

LsR= 0 


Sd dung may tinh ta thay phuong trinh da cho có hai 
nghięm phan bięt, do vąy ta chon C. 

Cau. 28: Dap an. B. 


1 og*fl + Iog u b log « ab + lo &' 


( i i) 

aW 


1 


S = l + lo g .ł» + Ilog ł a + i = | + Iog.fc + - 4iog ^. 

Dat log 0 b = x; (x > 0). Bai toan tró thanh tim gia tri 

nhó nhat cua S = — + x + —-. 

4 4x 

Su dung TABLE vói thiet ląp Start 0; End 5; Step 0,5. 

m cd es] m tu ce> ej m cd fei m ® nj m 

E3 1=0 ES (=) CU EU rsj m dl [=] 




s 

Mrtth 

, 

X 

□ 

f <k:> 

ERfiOF; 


B 


B- 25 


3 

1 

Ba 5 

O. 5 


Ta thay = | <=>x = | o log a b = i. 

Cau 29: Dap an A. 

Su dung may tinh lęnh TABLE vód thiet lap Start 

^ r j ^ c? l 271 

—; End —; Step —. 

3 3 v 57 

!lśl DQ ES CD @ (lusS CD [Ti CD © GD <S> S §?§ (j] 
i™iCD CD Esl Esl E3 Pin] LWi i«FI fal 1=1 fsfiSj GPj ę~) 

' 00 IsHgrl £0 fs] [T\ f=l 

Math ' ' 


IB 


IfMii 


F(XJ 

D.aasa 
■ aaaa 

ai3M 


,IE53_ 

O.05511566059 


X 


FCXI 

0.1303 

o.iosa 

D.1I33 


.aaaa _ 

0.8267349088 


Nhin vao hang gia tri ta thay gia tri ket hop vói cac 
phuong an ta thay max / (x) = 1; min / (x) = —. Tit 

xeD J V > xeD J V > 27 

day ta chpn A. 

Cau 30: Dap an B. 

Su dung TABLE cho hai ham so vói thiet ląp Start 0; 
End 2; Step 0,2. 

Lan 1: Thu A va B. 

Vói /(x) = x 3 - 6x 2 +9x- 8 va 

6x 2 +9x—4. 


@flg lli @g d) <& b [Fj mą 




ca s 


GD S=) SD LD @ d j <g> S3 QD Eli Q] @3 ffl® wm 




s 

Math 1 

1 

BHHT 

FtKJ 

-a 

GCKJ 

-M 


B 

Da a 

-Sa M3B 

-3.M33 


di 

Ga M 

~5» B9E 

-I.33E 





_Ol 


Nhin vao bang gia tri ta ket luąn tren [0; 2] thi g(x) 
có gia tri nhó nhat bang -4 khi x = 0. 

Vąy vói m = —4 thóa man yeu cau de bai, ta chpn B. 

Cau 31: Sap an A. 

Su dung TABLE vói thiet ląp Start 0; End 2 n; Step 
2 n 
19 ' 

H EJ W CS !iS] ®i [Ti (Tl QB &§ H [U CD ff ] CD 

® © m ca cd b ci] ii su m m m iu i=J cd' 

C D EU LaJ a Rtci [=1 fa) (iiiffj ^ 0 m fsl f=n 


Q n 33DE 
0.EEI3 


F(X) 

S 

i.aioa 

I.MBEI 




D.aEDM 


FCX> 


-n.nas 

-d.msI 

4.629715d9 


fmaxy = 2 

Nhin vao bang gia tri ta thay i 1 . Tu day ta 

[miny = -- 

chpn A. 

Cau 32: Dap an B. 

Su dung may tinh de thu hai phuong an B va D 
truóc. 

Dung TABLE vói thiet ląp Start 0; End 3; Step 0,2. 

Si (U o @ cii © di cg) ff] (u im cd r T m m 
UJ O Ul CE © dJ <B B [Ci fD d3 EJ m “ 
® ssą m GE 3 ! fB [2.i [C C5i ECI [fi ĘS] fol fj] [f] (H| 


i HK 

3 0.3 

3 O.U 


F CK) 

GCH> 



H 

a 


15 

3. 113 

f«HSUB 


IG 

BaMIE 

1.3000 


n 


F(X) 

3.5EB 

3 


Math 

GtKJ 

-MG-S5 

-SE 


Nhin vao bang gia tri ta thay vói m = -1 thi thóa 

^ ^ 32 

man yeu cau de bai, cón m = — thi khóng thóa man, 
do vąy ta có the loąi A va D. 

, 31 3 

Ta có the loąi luón C vi m = — > —. Vav ta chon B 

27 2 2 
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Nłur v$y ds tim tięm can 
ngang cua do thi ham so 
ta chi can tinh giói han 


cua ham so dó tąi vó cuc. 


ST' DY Ti PS 

Khi tim tięm can ngang cua 
do thi ham so ta có the su 
dyng tinh chat sau 

lim -i- = 0, r > 0 ; 

JT-J.+O0 

lim-i- = 0,r >0. 
x r 


Cho ham so y = /(x) xac dinh tren moi khoang vó han (la khoang dąng 

hoąc (-oo;+oo)). Ducmg thang y = y 0 la dnithg tięm cza n gang 
(hay tięm can ngang) cua do thi ham so y = f{x ) neu it nhat moi trong cac dieu 
kięn sau duoc thóa man 

f( x )= = y* ■ 


i * )imc = c; 


i * iirn — = 0 ( c la hang sd, k nguyen duong); 
i *~*±“ x 

i * lim x = +qo vói k nguyen duong; 

f: '• X-X-oo 

! * lim x k = -oo, neu k la so tu nhien le; 

gę . Xr->-00 ■ 

| * lim x k = +oo, neu k la so tu nhien chan. 

Ił 


ii 


X-»-oo 


idng pMp sir dhrsg snay tinh carn tay gia« bai toast tięm cfn 
KI nartjf sit dane m.§:y i mh cam tay (MTCT) ćń tim Hem s ' 




A, 


fo im ham so 


Vói bai toan can tim giói han cua ham só tai vó cuc ta se su dung chuc nang 
IM) de tinh cac gia tri cua /(x) tai cac gia tri x rat lón. 

I 1. De tinh lim /(.v) thi ta nhąp ham so f{x) vao man hinh va su dung 

|i igl de tinh gia tri cua ham so tai x = 10 in . 

| 2. De tinh lim /(.v} thi ta nhąp ham só /(x) vao man hinh va su dung 


| Ul de tinh gia tri cua ham so tai x = -10 10 . 

Duór.g thang ,v = .y, duęc goi la duóng tięm can dung (hay tięm cąn dung) cua 
dó thi ham so y = f[x) neu it nhat mot trong cac dieu kięn sau dirąc thóa man 

lim/(x) = +co ; lim/(x) = -oo, 

x~>Xq ' ' x->Xq ' ' 

lim f(x) = -oo, lim/(x) = +oo. 


Ky ruinę; Bit miną MTCT de i; *r, itsa 




De tim giói han cua ham só tąi mót diein, ta su dung may tinh cam tay nhu sau: 
I; 1. De tinh lim f(x) thi ta nhąp ham só f(x) vao man hinh, su dung lęnh 

j\ x->a + v r ^ f 

| iOlćS va gan x = a + 10” 9 . 

t 2. De tinh lim. f(x) thi ta nhąp ham só f(x) vao man hinh, su dung lęnh 
i feiCi va gan x = a- 10” 9 . 


Cac vf dit minh hoa« 


Só tięm can ngang cua dó thi ham só y = 


i. 0. 


1. 


2 . 


la 


D. 3. 








0 Ms.th A 

Vk 2 + 1 

1 


S fcfeth A 

Jx 2 + i 

-1 


STUDY TIPS 

Neu c la mgt so thyc thóa 
man q(c) = 0 va p(c) * 0 

v* „ p(x) 

thi do thi ham so y = ■ ; ; 

q(x) 

có duóng tięm cąn dung 
x = c. 


Xi= 


0 MathT 


-i+^i 

4^ 4 1 


X2= 


0 MatWA 


4 4 1 


Phan 2 ~ Chu <fe 1: Ham so va cac uha dyna 


The Sjest or nothine 


i, S£r dymg maty tmh cam tay, 

X 


Nhąp vao man hinh 


>/x 2 +1 


va CALC cho X = 10 10 . 


LU U 


Tiep theo ta CALC cho X = —10 10 . 

@eB[s©m©ii]© 

Vąy dó thi ham so có hai tięm cąn ngang la y = -1 va y = 1. 

2. Giai toan thóng thtidng. 


Ta có lim y = lim 

X—M-oo X-»+oo 


lim y = lim 

X —>-00 X—»—co 


\lx 2 +1 


r = lim - 


j/y 2 +1 


= lim- 


1 + ^ 

: — —1. 


- 1. 


Y-ACO 1 

-J1 + -4 


Vay dó thi ham só có hai duóng tięm cąn ngang la y = ~1 va y = 1. 


Dap an C, 


x 2 - 3x + 2 1S 


Vi du 2: Tat ca cac duóng tięm can dung cua dó thi ham so y = -— 2 ^ — la 

A. x = -2. B. x = 2;x = -2. C. x = 2. D. x = 4. 

Leń giai 

Ta thay day la ham phan thuc bąc hai tren bąc hai, nen ta se giai phuong trinh 
mau thuc bang 0 va kiem tra xem nghięm dó có phai nghięm cua phuong trinh 
tu thuc bang 0 hay khóng. 

Taco x 2 -4 = 0<=>x = ±2. 

Kiem tra: Nhąp vao man hinh tu thuc va su dong CALC. 


B00SE 




X 2 -3X+2 


X 2 -3X+2 


J2 


Nhin vao ket qua ta thay ta loai x = 2 do la nghięm cua phuong trinh tu thuc 
bang 0. 

Dap an A, 


Vi du 3: Có bao nhieu duóng tięm can cua dó thi ham só y = 


x + l 


j/i 


1. 


5. 2. 


C. 3. 


x 2 + 2x +1 
). 4. 


Lói giai 

1. Tim tięm can dung. 

Giai phuong trinh mau thuc bang 0. 

\/4x 2 +2x + l = 0 <=> 4x 2 + 2x +1 = 0. 

s es ta tu id ci] © cd (n m 

Phuong trinh khóng có nghięm thuc, do vąy dó thi ham só da cho khóng có 
tięm cąn dung. 

2. Tim tięm cąn ngang. 
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X J rl 



STUDY TIFS 

De giai bai toan tięm can ta 
can su dung nhieu ky thuat 
tmh giói han cha ham só, do 
vąy ta can doc ki phan giói 
han ham sd truóc khi doc 
bai nay. 


0 

x-i 

Math A 

—8^+2 

i 


0 

tf-i 

Math & 


-I 


[mb. lim • 


\i4x + 2x +1 

[pi pij Q 3 [33 CD v§> © GD SIS CD OD 33 GD iii Oj CE jJ HP >JJ 

j o l |Tli os \ 


x -ł~1 


jj 1 A , ,v^ . -o \ 

li m ™ ' ~- = — zz>y = — la rnot dudng tięm cąn ngang cua do thi nam 

^°4^x 2 + 2x + l 2 ~ 2 


so. 


Tmh lim - 


X 4“ 1 


\f 4x^ 4- 2.x + i 


Giu nguyen man hinh tren va tiep tuc ah WM O LU iSSJ i^fj LU 
x + l 1 1,. 


lim 


so. 


_ __ y = _ i la mot dudng tięm cąn ngang cua do thi ham 

y4x 2 +2x +1 2 2 


Vąy do thi ham so da cho có hai duóng tięm can, chon B. 


Vi du 4; Cho ham so y = 


x-l 


Vx 2 -3x + 2 


có dó thi (C). Męnh de nao duói day la 


A, Do thi (C) có hai dtrdng tięm can ngang la y - 1 va y = -1. 

B. DÓ thi (C) có dung mot dtróng tięm can ngang y = 1. 

C Dó thi (C) có dung mot duóng tięm cąn ngang y = -1. 

D. Dó thi (C) khóng có duóng tięm cąn ngang. 


x — 1 


Tmh lim ,- 

J ^Vx 2 -3x + 2 

fgj p>§) fjj Q fTj (p Syfi] jAlis) 'Ti p; [-£i diO pi j CD ffl iiD fcftci lii OD ts!ś OJ LfeO 
[iii!.. ... 

=> y = 1 la męt duóng tięm cąn ngang cua dó thi (C). 


Tmh lim - 


x-l 


\/x 2 -3x + 2 

Giu nguyen man hinh phia tren va tiep tuc ah m& itJ 03 UJ fil Cli CS 1=) 


' TtŚ Math 

Math ERROR 

C AC 3 s canoel 
•? '[D 1 Soto 


Vąy dó thi (C) có hai duóng tięm cąn ngang la y = 1 va y = -1. 


tj&p art A* 


[ Yś du 5: Tim tat ca cac gia ti thuc cua tham so m sao cho dó thi ham só' 
x +1 


y= 


ymx 2 +1 


a. m 


có hai duóng tięm cąn ngang. 

<0. B. khóng có m thóa man. C. m- 0. V- m> 0. 


.Łoi giai 

Vói bai toan nay ta se su dung cach thu phuong an. 
Vói A: Ta chon jw = —1. 

Tim lim , X —— . 

*^4-x 2 + i 

{®1 {mMa! [Tl 33 CD ® ćsj O Li J L*3 cl 


















ft+i 

7x2 + 1 

-U.9999999999 


STUDY TIPS 

Dat f{x\ | la mót 

ham phan thire, trong dó 
p(x);q(x) la cac ham da 
thu'c. 

Neu bac cua tu thirc p(x) 
bang b|c cua mau thuc 
q(x) thi y = -■ la duóng 

tięm can ngang cua do thi 
ham so y = f{x ) trong dó 
a; b lan kręt la hę so cha 
hang tu có bac cao nhat cua 

p( x YM 4 

EBX&Sa^BaXSaSBBmsa2BSBa&B2B$a£SBmSS5!BB 


9X 2 +6XY+36Y £ 


khóng the có hai 



u 

Mat Ii Ł 

Mi 



Yk 2 +1 


1 


Vąy lim - r X + 1 khóng ton tai => dó thi ham só y = - X + 1 
duóng tięm can ngang. Vay loai A. 

Vói C: Vói m = 0 thi ham só tró thanh y = x +1. Do day la ham da thuc nen ta 
khóng can thu tim tięm cąn, do do thi ham da thuc khóng có tięm can. 

Vói D: Ta chon m = 1. 

rp ' i . . -Y 1 1 

1 mh hm — . 

W ”V* 2 +1 

mM m m m © @ !M| O] @ SB m M) CD ® © CD @ © 

X + 1 


yf: 


=> 3/ = 1 la mót duóng tięm can ngang cua dó thi ham so y = 
Tinh lim - ~ + — , 

x ~*~ m 4x 2 +1 

semtagicDcamd) 

=> y = -1 la mót duóng tięm cąn ngang cua dó thi ham sóy = 
Tu ket qua thu D ta cung loąi luón duoc B. Do vąy ta chon D. 


x 2 +1 


X + 1 


yf. 


x 2 +1 


__ _______ Dap an D. 

_ ~ł~ 2 .jc 3 

V i du 6: Cho ham só y = —---. DÓ thi ham só nhan duóng thang 

nx + 2 mx - 2 b 6 

x = 2; y = 2 fan luot la duóng tięm cąn dung va tięm cąn ngang thi gia tri cua 
bieu thuc 9 m 2 + 6 mn + 36n 2 bang 

3 


14 

3 


21 

C. —. 
6 


D. 


Lal giai 

DÓ thi ham so nhąn duóng thang x = 2 la duóng tięm cąn dung 
^2n + 2m = l(*) 

1 


4 n + 4 m -2 = 0 

<=> 

4nz + l*0 


m^t- 


m 


Dó thi ham só nhąn duóng thang y = 2 lam duóng tięm cąn ngang => — = 2 

n 

<=> m = 2 n. 

Thay m = 2n vao (*) va SOLVE giai phuong trinh 

fu d3 im ct m su g cii b m w @ © © 


2X+4X-1. 

X = 0.1666666667 
L-R= _ 0 


1 1 

>n = — =>m = — (thóa man) 
6 3 

Nhąp vao man hinh 9X 2 + 6XY + 36 Y 2 va CALC f—-»X- ——> Y I 

3 6 '' 


me mną 

GEJ OD (ID 


GB GD GEJ H§ ®§ © IM§] Cl Hi LB © fi] 


! an. 


[2łfl — fl\x + TYIX + 1 

j Vi dii /: Biet dó thi ham. so y = - -— - -—-— nhąn truć hoanh va truć tung 


lam hai duóng tięm cąn thi m + n bang 


x 2 + mx + n — 6 


L 6. 


B. -6. 


C. 8. 


9. 
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la mot 




, . piii 

Dat / m= ; la mot 

har.n phan thiic, trong dó 
la cac ham da 

thiic. 

Neu bąc oia tó thiic p(x) 
nhó han bac cua mau thiic 
ą(x ) thi y = 0 la mot 
dudng tięm can ngang cua 
do thi ham so y = f{x ). 




2X2-3X 

X 


2X^-3X 

X 


2X.g-3X+l 

X-i 


2X^ -=3X4= 1 
X-1 


2Xg-3Xł2 

X-2 


2X^ “”3X“S"2 
X—2 


( ii/f/ _ 11 \ X~ "h , ! /7X -h 1 

Tir STUDY TIP ben canh ta có de do thi ham so y = -—-— - nhąrt 

x + mx + n — 6 

truć hoanh lam dudng tięm cąn ngang thi 2m — n = 0. 

De do thi ham sd nhąn truć tung lam dudng tięm can ngang thi x = 0 la nghięrn 
cua phuong trinh mau thuc bang 0 va khóng la nghięrn cua phucmg trinh tli 
thuc. 

jm. 0 + 1^0 
— 6 = 0 

„ , jn = 6 

Ket hop ta co < =>m + n = 9. 

}m = 3 



LA.ń 


m — Q-=>y 


2x 2 - 3x 


2x- -3x , 2x 2 -3x 

Tmh lim- va hm- 

x—> 0 ^' x *->o x 

fSj m Pi fTi (1! F) PO Hi Oj @ SU CO m OD ffi III OD S3 E3 CU CD ID 
m GD B CD fol @5 ES dl cc m 

Suy ra do thi ham so khóng có tięm cąn dung, vąy m = 0 thóa min, ta loąi D. 

— “ł" 1 

Ta tiep tuc thu m = 1 xem có thóa min hay khóng, tmh lim--—- va 

x—X JL 

2x 2 -3x + l 
hm-. 

i-->r x -1 

|®| fi] gp) CD [53 ED tlj p>ś§ CD 33 CD ® f SSS GDO 0 E 3 IM) CD GE! LlJ OD fe!) 
B 33 ił) ii S £3 CD 00 ©B tf) M 

Tir ket qua tren man hirth ta thay vói m = 1 thi dó thi ham só' khóng có dudng 
tięm cąn dung, vąy m = 1 thóa man. 

Luc nay ta loąi duoc A va D, chi cón B va C. Ta tiep tuc thu vói mot gia tri 
m-2. 

m , , 2x 2 - 3x + 2 .. ,. 2x 2 -3x + 2 

Tmh lim-—va hm-——• 

i-» 2 ł x — 2 *-+ 2 " x — 2 

rB 3113 il§ CD Si 3 Cl] Ie§ CD © GD <S> ®3 CS E 3 GD®H Ul 90 CD dl © 

Ta thay x = 2 la mot dudng tięm cąn dung cua dó thi ham só', vąy ta loąi C, 
chon B. 


V£ du 9; Tim tat ca cac gia tri thuc cua tham só' m de dó thi ham so 
y = x + m*Jx 2 + x + l có duóng tięm cąn ngang. 


A. m = —l. 


B. m< 0. 


D. m=± 1. 


Lei aiai 
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X-j'x 2 +X+1 


x+ix 2 +x+i 
_ 2000000001 


x+Jx 2 +x+i 


1. Vói m = -1 thi ham so tró thanh y=x- 4x 2 +x + l 
Tinh lim \ x-\Jx 2 + x + l) 

X-H-oo \ J 

iss © s cu © ej EU m si m ii s 


=> ]’ I] 1 { x ~ 4x 2 + x +1 j = -—=>y = -i la mót duóng tięm can ngang cua dó thi 

ham so y = x — \jx 2 + x + 1. Vąy m = -1 thóa man. 

2. Vói m = 1 thi ham so tró thanh y = x + 4x 2 + x +1 
Tinh lim (x +'[x^~+~x + l) va lim (x + 4x 2 + x + 1 ) 

x->+co \ / x—>—co \ / 

ei om tu 

2 

=> y = -~ la mót duóng tięm can cua dó thi ham só y = x + \jx 2 + x + l. Vay 
m = 1 thóa man, ta loai duoc A; B; C. Chon D. 


-2\><Z + l 
X-1 


- 2.000000002 


2^X? 


+1 


X-1 


-1.999999990 


Vi du 10: Tim tat ca cac gia tri thuc cua tham só m de dó thi ham só 


IMp an D. 

m\Jx 2 +1 
x -1 


có duang thang y = —2 la mót duóng tięm can ngang. 

A. mej—2;2}. B. me|l;2|. C. wie|l;-2}. D. 


Loi giai 


Vói m = -2 thi ham so tró thanh y = 


-2^ 


x 2 +1 


X-1 


~2\f. 


X 1 +1 


Tim lim 

X—>+00 % _ 2 

® e mtmm m@ ej cd® ihi m ej m i 

Tir ket qua hien tren man hinh => y = -2 la mót duóng tięm cąn cua dó thi ham 
-2\/x 2 +1 


so y 


x -1 


> ra = —2 thóa man. 


Vói m = 2 thi ham so tró thanh y = 


2vx 2 +1 

x-l 


- 2 >/ 


x 2 +1 


Tim lim 

x _ 1 

Giu nguyen man hinh phia tren va tiep tuc an 


=>y = -2 la mót duóng tięm can ngang cua dó thi ham so y = 
Tir hai ket qua vira tim duoc thi ta chon A. 


^emiEEiEiiD 

-24 X 2 +1 


x -1 


Dap an A. 
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2&a 1: Do thi ham so f(x) 


\fx 2 - 4x - 'Jz 2 - 3x 

bao nhieu duóng tięm cąn ngang? 

A, 3. B. 1. C. 4. D. 2. 

Cau 2: Do thi ham so nao sau day khóng có tięm cąn 
ngang? 


y = 
y = 
y = 
y= 


V? - -+ 3x 2 +7 


2x-l 


x — 2 
2x~3 
x+l 


- + 1 . 


X + 1 


Casi 3: Do thi ham so y — - có bao nhieu duóng 

x 2 -4 

tięm can? 

A. 4. B. 1. C. 3. D. 2. 


/x 2 -4 

Can 4: BÓ thi ham só y =-— có bao nhieu duóng 


x-l 


tięm can? 

A. 1. B. 2. C. 3. D. 0. 

Cau 5: SÓ duóng tięm can dung cua dó thi ham só' 
(x 2 ~3x + 2jsinx 


y = - 


x 3 -4x 


la 


A 1. B. 2. C. 3. D. 4. 

Cau 6: Tięm cąn dung cua do thi ham só' 

x 3 — 3x — 2 

V = -la 

x + 3x + 2 

Ą. x = -2. 

.8, Bo thi ham só khóng có tięm cąn dung. 

C x = -1; x = -2. 

D. x = —1. 

Ca u 7: Só duóng tięm cąn ngang ciia do thi ham só 
;/ --- 2x J • v 4x 2 ~ - 4 la 

A. 2. B. 1. C. 0. D. 3. 

C A*i. S; Só duóng tięm cąn cua do thi ham só 

4^x 2 +x + l ,, 

y = -——r— la 

x-2 

A. 0. B. 2. C. 1. D. 3. 

C&a 9: Trong cac dó thi ham só sau, có bao nhieu do 
thi ham só có dung hai duóng tięm cąn? 


(i) y = 


X + 1 


(III) y = x 2 +1 


(II) y = 


(IV) y = 


x -1 
x 2 - x - 2 
1 


x 3 +l 


A. 1. B. 2. C. 3. D. 4. 

Cau 10: Bó thi ham só nao có duóng tięm cąn ngang? 

x~ +2 


y = x-x+ 3. 


y = x 3 - 2x 2 + 3. 


»■ y = 


1/. v = - 


x-10 
A0 
x 2 +2 


Cau 11: Hói có bao nhieu gia tri nguyen cua m de dó 
x 2 -3x + 2 


thi ham só 1 / = 


khóng có duóng tięm 


x - mx-m + 5 

cąn dung? 

A. 9. B. 8. C. 11. D. 10. 

Cau 12; Tim só duóng tięm cąn cua dó thi ham só 
2x-\lx 2 -x-6 

y =-c-:-• 

x -1 

A. 1. B. 2. C. 0. D. 4. 

Cau 1.3: Tim so duóng tięm cąn dung va ngang cua dó 

thi ham só y =--—. 

x 3 -3x-2 

A, 2. B. 3. 

C. 1. D. 0. 

Cau 14: Tinh khoang cach d giua hai duóng tięm cąn 

2x + 3 


ngang cua duóng cong y = 


44x 


4x“ + x - 5 
A. d = 2. B. d = l. 

C. d = 3. B. d = 4. 

Caw "i S Tinh khoang cach d giua hai duóng tięm cąn 

■ jt ' x ~$ 

ngang cua duóng cong y = 


^4x 2 +x + 7 
ii. d = 2. li. d = 1. 

C. d = 3. D. d = 4. 

Cau 16: Duóng phan giac góc phan tu thu nhat clt cac 


tięm cąn ngang cua duóng cong y = - 


x-5 


tai cac 


slx 2 - X + l 

diein M, N. Tinh do dai doąn thang MN. 

A. MN = 242. B. MN=3. 

C. MN = 5. D. MN = 6. 

Cara 17; Goi m, n, p lan luot la so duóng tięm cąn cua 
cac dó thi ham só 


y 


4x + 2 2x-3 


;y = ^ 


y=- 


li 


x+3 '' x + l ' “ 4x 2 +x-2 

nao sau day la dung? 

A. m>n>p. 

B. n>p>m. 

C. m>p>n. 

D. p>n>m. 


. Bat dang thiic 
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Cais 18: Goi m, n, p łan krat la s6 dudng tięm cąn cua 

, »v, , . „ x + l x 2 -6x4-5 

cac do thi ham so y =-; y = ---; 

- X-!* x 2 -l 


y =-. Tinh gia tri cua bieu thiic Q = mnp. 

x + l 

A. Q = 12. B. Q = 8. 

C. Q = 2. D. Q = 4. 

Cau 19: Do thi ham so nao sau day khóng ton tai 
dudng tięm cąn dung? 


(x4-6) 2 


x 3 + x +x + l 


X 1 +2x + l 


X 4- +1 ^ 

Cau 20: Dudng cong y =- ■ ■ ■ ■ có bao nhieu 

dudng tięm cąn? 

A. 1 tięm cąn. 

B. 2 hem cąn. 

C. 3 tięm cąn. 

D. 4 tięm cąn. 

Cau 21: Trong mąt phang toa dp Oxy, cho dudng tron 
(C) tam O, ban kinh R- 3. Cac dudng tięm cąn 

x 4 . yj<yx~ — 1 

ngang cua dudng cong y =--- va dudng 

tron (C) có bao nhieu diem chung? 

A. 1 diem chung. 

B. 2 diem chung. 

C. 3 diem chung. 

D. 4 diem chung. 

Cau 22: Trong mąt phang tpa do Oxy, cho dudng tron 
(C) tam O, ban kinh R = 4. Cac dudng tięm cąn 


có bao nhieu 


ngang cua dudng cong y = 


2x + V4x -x + 5 


dudng tron (C) có bao nhieu diem chung? 

A. 1 diem chung. B. 3 diem chung. 

C, 2 diem chung. D. 4 diem chung. 

Cau 23: Gia su d la dudng tięm cąn ngang phia duói 


, , N v i i s 

cua duong cong y --;-. 

x + 2 

diem A thuóc d sao cho AO = -s/3. 


-. Tón tai bao nhieu 


A. 1 diem. 
C. 3 diem. 


B. 2 diem. 
D. 4 diem. 


Cau 24: Gia su d la tięm cąn ngang nam phia tren truć 

hoanh cua dudng cong fc) : y = - — ■ A - z ; I la giao 

v ' x-l 

diem giua d va tięm cąn dung cua (Cj. Tinh dp dai 
doąn thang Ol. 

A. Ol = s/l. B. Ol = 1. 

C. Ol = 75. 0.07=4. 

Cau 25: Tim tóng so giao diem cua dudng tron tam O, 
ban kinh R = sfl va cac dudng tięm cąn ngang cua 


dudng cong y = -=-. 

x-sl2 

A. 1 giao diem B. 2 giao diem. 

C. 3 giao diem. D. 4 giao diem. 

Cau 26: Ki hięu m va n lan lupt la so dudng tięm cąn 
dung va tięm cąn ngang cua do thi 


Ix 2 - 2x + x 


Tim męnh de dung trong cac 


męnh de sau. 

A. m > n. 


C. m+n = 7. D. m+n — 6. 

Cau 27: Tim so luong dudng tięm cąn dung cua 

, , x-sl2x~l 

duong cong y = - -—-—. 

(4*-5)(*-l) 

A. 1 tięm cąn dung. B. 2 tięm cąn dung. 

C. 3 tięm cąn dung. D. 4 tięm cąn dung. 


Cau 28: Cho dudng cong y - 


slx 2 +l-sj3x-l 
x 2 +x-6 


męnh de dung? 

A. Dudng cong khóng có dudng tięm cąn dung. 

B. Dudng cong có hai dudng tięm cąn dung va 
khóng có dudng tięm cąn ngang. 

C. Dudng eon có hai dudng tięm cąn dung va mót 
dudng tięm cąn ngang. 

D. Dudng cong có mót dudng tięm cąn dung va 
mót dudng tięm cąn ngang. 

Cau 29: Dó thi ham só nao sau day khóng có tięm cąn 
dung va tięm cąn ngang? 

. rr t „ x—i 


Jx -x+l. 


x +2x-3 


2x + x +1 


Cau 30: Cho ham só y = —-——-— có dó thi (C). 

v 2x + 3 v ’ 

Goi m la só dudng tięm cąn cua dó thi ham só (C) va 

n la gia tri cua ham só tai x = l. Luc hay m.n bang 
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,t' @ sn ky ^ " 

Tir ket qua hięn tren mar, ranh ta thay do tlił lram so 


a. Tinh Iim/(x) 


. j fcj Uli alit! L ŁJ (fet G3 ;k» i iii; 


it Mi.th 


=> y = —2 la mót duóng ciem cąn ngang cua do thi 
ham so f(x). 
b. Tinh lim /(%)• 


1 


0 Mkth A 




=> y = 2 la mót duóng tięm cąn ngang cua dó thi 
ham só f(x.) 

Tu day ta ket luąn dó thi ham só da cho có tat ca hai 
duóng tięm cąn ngang. Ta chęn D. 

2, Glśi toan thdng thwóng. 

Tren tąp xac dinh ta có 

1 


lim 


\Fx 2 - 4x - \[x 2 - 3x 

4 r T 

xjl -1 — 


= lim 


Vx 2 - 4x + \lx 2 - 3x 


-x 


lim 


l- 4 + .l- 3 

x - lim V x V x —2 

*-«* -1 


► 1 / = -2 la tięm cąn ngang. 


lim. - --— - 7 == 

x ^4x 2 ~4x~4x 2 ~3x 

M 


. \Zx 2 - 4x + 4x 2 -3x 
= hm- 


: lim - 

a:—»■— 


xjl---xjl- 3 

X 


= lim - 

x—*—eo 


1-- 


■ = 2 


-+ y = 2 la tięm cąn ngang. 

C 4 2; Ekip an A. 
i. ST dung may tinh. 

Vói A: 

- r , o gg tiML fc '‘ ! 1 dB 3B G3 ® 

. ■ ' '- 1 '■ r ■ “J Mii Ml Si _ iii • MM • Ml S 1 


0 MathT 


0 MathTA 


4- i' 


2X-1 

500000000.3 


+3K 2 +7 
2X-i 

-499999999.8 


4x l +3x2+7 4x*+3x 2 +7 

lim-= +co; hm - 


2ar — 1 


2x-l 


V x* + 3x 2 + 7 . , . , ... . 

y _-_---knong co dućmg nem cąn ngang. 

Tir day ta chon luon A. 

Ta thay C va D la hai ham phan thsłc bąc nhat tren 
bąc nhat nen luon có duóng tięm cąn ngang. 

Vói B thi la ham phan thurc có bąc tó nhó han bąc 
mau nen luon có dućmg tięm cąn ngang y = 0. Tir 
day ta cung loąi B, chon A. 

Cau 3: Dap an C. 
i. Tięm cąn ngang. 

!¥j pSj Lii RB jT] ® f>1 [53 Fj [4] t at;; fTj |o] iM 


S MathV 

;«;+i 

’ ■ MrA .Witm;_ 

G5 Wiath¥iiŁ 

v2 _4 

IW- 1 

^2-4 

-9 k 999999939xm ł1 


, x +1 X +1 

Tir day ta thay lim-— = lim A-= 0. Vay dó thi 

x - ~ 4 X J _4 

ham só có dudng tięm cąn ngang y = 0. 

2. Tięm cąn dimg. 

i® 113 03 CD 3D © O iiJ GD CE (i] §H iii Ei (Ii 


0 Math^ń 

K+ i 

E Matli A 

K+l 

7500000000 

-7500000000 


,. X +1 

hm —-= +oc 

x->2* x~ — 4 

1 . X + 1 

hm-= — co 


• ,v = 2 la mót duóng tięm cąn 


l~-2 ■ X 2 - 4 
dung cua do thi ham só. 

m ^ s sj w cc mu © e m od m @ m e m 


0 MathV 

i :: i+ i 

E Matfc A 

ó+1 

X 21 " —<4 

2500000000 

-4 

-2500000000 


.. X + 1 

hm-= +qo 

,->-2* x 2 - 4 

.. x + l 

hm — : -= -CO 


> x = —2 la mót dućmg tiem can 


*~ T x z —4 

dung cua dó thj harn so. 

Tir cac ket qua da tim dirgc ta ket luąn dó thi ham só 
có ba duóng tięm cąn. 

Cau 4: Dap an B. 

1- S, k.MJTl 

®j xM il d) Sei £1 

i 


3 31 ® HB Li! 3 LD fej G 


0 MathTA 

0 fetii A 

4 

X -1 

i 

—4 

K-l 

-0.9999999999 


=> y = 1; y = — 1 la hai duóng tięm cąn ngang cua dó 

thi ham só. 
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X +1 .. 

lim •.. = - = 1 


i ' SfV -ii. 9999999999 


> y - 1; y = -1 la ha i duóng 


tięm can ngang cisa do thi ham só. 

2. Tięm. can dimg. 

Do phuong trinh mau thirc bang 0 vo nghięm nen dó 
thi ham só khóng có duóng tięm can dńng. 

Vąy do thi ham so có 2 duomg tięm can, chon (I). 

Vói (H): Do do thi ham só la ham phan thuc có bac tir 
bang bac mau nen dó thi ham so luón co hai duóng 
tięm can la x — 2 va y = 1. Tu day ta chon (II). 

Vói (III): Do ham só la ham da thuc nen dó thi ham 
só khómg có tięm cąn, ta loąi (III). 

Vói (IV): 

1. Tięm can ngang. 


ii m rś] s 

Siei F5! iii ro| 15? 

imioimis] 

i 

""" " "a 

i_ 

X 3 -i-1 

t- A -.o 30 

X 3 + l 

-lx.i 3 0 


=>y = 0 la męt duóng tięm can ngang cisa dó thi 
ham só. 

2. Tięm can diing. 

iii) O Cli ED [DE] S9 E3 CD E3 03 © śli§ O CD 


*•110 i#* «-■>! 1 1 1 1 W i l 

T~ ^— 1 "a v " WhVr~~ 

1 

~ 1 -* 0 MŚtfTI 

1 

+ i 

-3333333338 

+ i 

nfłS3333l333 


lim —-—— = -oo 
*-*->■ X +1 
1 

lim ——— = +■*> 
x +1 


=> x - -1 la tięm cąn dimg cisa 


dó thi ham só. Vąy ta chon (IV). 

Tu cac ket qua tren ta chon C. 

Can 10: Dap an D. 

Ta loąi A va C do day la hai ham da thuc nen dó thi 
ham só khóng có tięm cąn. 

Vói B: 

® iii! CI] ® S) CD © iii CO EJ [I JGS fil CD CS 


j£fU_£j [ f M i 

gB M?tWA 


^^ 4-2 X ^+2 

'A— i 0 X— 10 

i, ńnooonnn i y m i Q 1 - 9999999990 ... 

Nhin vao ket qua ta thay dó thi ham so khóng có 
ducmg tięm cąn ngang, do vąy ta loąi B. Tir day ta 
chon D. 


Giai phuong trinh x 2 - 3x + 2 = 0. 

tlzhj. *~,rJ "~'” J n£thV 

Xl“ X2= 


De dó thi ham só da cho khóng có ducmg tięm cąn 
dung thi có hai truóng hop xay ra. 

THI: Phuong trinh x 2 -mx-m + 5 = 0 có hai nghięm 
x 1 =2;x 2 =1. 

TH2: Phuong trinh x 2 - mx - m + 5 = 0 vó nghięm. 

Ta có 

THI: Thay x = 2 vao ta có 
2 2 ~2m-m + 5 = 0<=>m = 3 thóaman. 

TH2: A = (-ffi) 2 - 4. (-m + 5) < 0 

Kol Cr) Oj Qj PO OJ d B B hd IB '.S 13 CsD 

—— i ~ 0 bte.tli 

ń<x<B 

-?-?]&<X<-2+2J& 

=>-2- 2 y/ó < m <-2 + 2c/6. Do m la só nguyen nen 
m e |-6; -5; -4; -3; —2; —1; 0; 1; 2 j. 

Ket hop vói truóng hpp 1 suy ra có 10 gia tri m 
nguyen thóa man. Ta chpn D. 

Cau 12: Dap an A. 

1. Tięm cąn ngang. 

®(HSBS CD 0®@i3pĘ!@O3BJ3@ 
im CD © B GD p! CD CCS @53 (U GyQjfsJ@0 

U j JSn. D C-j|| TO — I- AT M*th 4 

2X-/B -X-6 £X- -t X 2 -X-.-j6. 

* 2-1 Wsłol -3x.i 1Q 

=> dó thi ham só có duóng tięm cąn ngang y = 0. 

2. Tięm cąn dimg. 
x 2 -1 = 0<=>x = ±1. 

@1! O J GB CD C0 @3 O CD CIO CD © <3> Sil CD E3 



0 Math 

Math 

ERROR 

EńC3 

i Canoe1 


>3:Goto 


=> dó thi ham só khóng có tięm cąn dimg. 

Tir day ta chon A. 

Cau 13: Dap an B. 

1. Tięm cąn ngang. 

jgj m 03 GB O j <3? iH CO @ O ® CO GD ©i) 0_ 
E3 CE H CD IB © OJ CS © III EJ CS CSU Cci 03 


^ i UJ Lisi _ 

1 Mathf 

0 Math A 

X+ 1 

X+1 

K s -3X-2 

K 3_3j<_2 

1 Xia^- 3 

q q99q9qg99 Xl a2i 


=> dó thi ham só có duóng tięm cąn ngang y = 0. 

2. Tięm cąn dung. 

Giai phuong trinh x ó - 3x - 2 = 0. 







Phan 2 — Cho d§ 1: Ham so va esc ufa 


poti 0j Si ii i 


3 GD 0=3 a g] CD R lal (Si Bi 


a MathT 

Xi= 

a M*th &. 

X2= 

_2_ 

-1 


> y- 


X + 1 


1 


x -3x-2 X 2 -x-2 
=> dó thi ham so van có hai duóng tięm cąn diing 
x = -1; * = 2. 

Vąy ta chon B. 

Cau 14: Dap an A. 

Tim tięm can ngang. 

GS) CS il CO GB S] <S> EU CO &§ PD gg Qg @ o 
0 UJ S LU E3 © (D O (FJ s © m !j] @ CD 
E] m (Hl 


Q MathTA 

2X+3 

a Math ii 

ZX+3 

-iUk 2 +K-5 

_u 

J4?^2+^-5 

-0.9999999999 


lim 

*->+00 

lim 


2x + 3 


y/4x 2 + x-5 
2x + 3 


4^ + x-5 
y = l;y = -l la hai duóng tięm can ngang cua 
2x + 3 


duóng cong y = 


44x 


4x + x - 5 
=>d = 2. Ta chon A. 

Cau 15: Dap an B. 

Lffl S CD GE) OD ® GD GD H Qj ixJ EH ®i® CD f+i 
CzJ @ [Ti O a ED L£! D3 i 


H MathTA 

K+S 

Q Math A 

J4X2+X+7 

. 0.5000000002 

J4X2+x+7 

-0.499999999R 


x + 5 


lim ■ ,_ 

*->+oo /, 2 i—r 

V4x +x + 7 


lim —= 


x + 5 


x +x + 7 


1 1 ,, , . 
'2' y = ~2 aha ' 


duóng tięm can ngang cua dó thi ham só da cho. 

=>d — l. Ta chon B. 

Cau 16: Dap art A. 

1. Tim tięm can ngang. 

® s co gb Lu ® © m ca ® s 1111 ca eh gd 


0 MwhTA 

^+5 

a Matii a 

^+5 

Jx2-x+l 

l.oonnnnnm 

i 

-0.9999999995 


=> y - C y = -I la hai duóng tięm can ngang cua do 
thi ham só da cho. 

2. Tim giao diem. 

Phuong trinh phan giac góc phan tu thu nhat la 
y = x. Vąy hai diem M; N lan luot có toa do 

M(l; l), IV(-1;-1) => AfflV = 2^2. Ta chon A. 


s he oe$t or rsolhisie 


Cau 17: Dap an B. 


1. Xet ham só y 


4x + 2 
* + 3 


a. Tięm can ngang. 

ffl © SD CD GB GD <$> @ CD E3 CD @ (T| E3 @ 
CD Coj M i«tci jĘj fTj fó] fgj 0 fp i El 


■j | K+r 

X+3 

9.999999999xm ć 


Matki ERROR 

CMC] sCanoel 
C < ] C >];Goto 


=> dó thi ham só' có duóng tięm can ngang y = 0. 
b. Tięm can diing. 

S O GD GB GD (Tl 1*3© (Tl to] m (Hi 


Matki ERROR 

Cńd : Canoe 1 
c 4 1 1 1 3;Goto 


dó thi ham só khóng có duóng tięm can diing. 
Tu hai ket qua tren => rn = 1. 

2. Xet ham só y = —- la ham phan thuc bac nhat 

* +1 

tren bac nhat luón có hai duóng tięm can =>n = 2. 

3. Xet ham só y = -—-. 

4x 2 + x - 2 

a. Tięm can ngang. 

ffi CD CO ® (33 SD CD H3 EE) SD Dl GFJ [a] (calc] |Tj 

o (*3 cd to] p i [H] rćńici rr-7i m m (*3 ir i od 'je 

"a" M».thV 


U 


4*2+K-2 


2. 75xin 2Q 


=> do thi ham só có duóng tięm can ngang y = 0. 
b. Tięm cąn diing. 

Giai phuong trinh 4x 2 + x - 2 = 0. 


^ t 0 Ms.thT 

X i = 

X2= 

3 MithTA 

-1 +J 33 
s 


-1-J33 

3 


a) do cu ® es ip) ca Si m ca 0 bi m co 
ecu gb gsj ct j cii m ca 0 es m en ® @ 0 

Dl GD ca (D S CD o CD E 3 Gs) (!) (D CD (Tj 0 
f si R i i i roi 1*3 ik+i m m m rsi 


0 MathT 

11 

0 Ms.th A 

11 

4X^+X—2 

1.914900499^10 

4X Z +X-Z 

:.1.914808432™ * 0 


11 


lim 

-ił^3 * 4x 2 + x - 2 
-1+.Ó3 4x 2 + x - 2 


-1 + ^33 A 
> x =--- la mot 


duóng tięm cąn diing cua dó thj ham so. 

_ 2 _ JF 33 

Tucrng tu ta cung suy ra x = ■ la mot duóng 

tięm cąn diing cua dó thi ham só. 

=> dó thi ham só có ba duóng tięm cąn => p = 3. 
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• p>n> m. 


Ta chan D. 


1. Xet do thi ham sd y = la do thi cua ham phan 
x—2 

thiic bac nhat tren bac nhat nen łuón có hai dudng 
tięm cąn => m = 2. 

x 2 -6x+5 


2. Xet do thi ham sd y - 
a. Tięm can ngang. 


2 i 

X -1 


I i nj-j f.-. 


: s..:_ 


i }fx*\ fi lic 


El Math*"A 

0 M&ih iŁ 

X 2 -ćX+5 

0.9939999934 

x 2 -i 

1.000000001 


x 2 -6x + 5 „ .. x 2 -6x + 5 „ 

=> i im ---= 1; lim —-= 1. 

X—i»+co J£- _^ x-»-oo -^2 _2 

• y = ) la męt duong tięm can ngang cua do thi 
ham sd. 

b. Tięm can dumg. 

x 2 10 <•_>x - ±1.Ma x~llk nghięm cua phucmg 
trinh x 2 ~6x+ 5 = 0, do vay do thi Mm sd chi có męt 
duong tięm cąn dumg la x = -1. 

Tir day suy ra n = 2. 

\fx 2 ~^6x +10 


3. Xet ham sd y = - 


x + l 


a. Tięm can ngang. 

1SS GD ®§ Q3 [i3Ei[§3!li[Ijl±lGjflj(5>@li33 
OS CII (II CD [oj©CD£S{i3®eCDIS!©(D 


aj l*su 

- g -— 

0 Ma.th A 

Jx 2 -6X+10 

X-r, 

. _0232332333% 

7x 2 -6X+iO 

X+i 

"1 


> y = 1; y = -1 la hai duong tięm can ngang cua do 
\lx 2 ~6x +10 


thi ham so y = - 


z + 1 


b. Tięm can dumg. 

j Spi O CD GB [3 SD p E3 CI ’ GD CB 1=1 §g) O Cli 

f ”i co no os Ei ci] [u [gj_ 


0 Mktłi A 


*="SK’3“ i O 


*X£--6X+10 


x+i ?<+i 

123105626xin 10 1-4.123105626xmio 


\!x 2 -6x + 10 
lim —-= +oo 


lim 


> x = 1 la duong tięm 


-r X + 1 

can dumg cua dd thi ham sd => p = 3. 
=> Q = mnp = 2.2.3 = 12. 

Cati 19* Dap an D. 


1. Xet ham sd y - 

- - - icijpni 

[Ti (oTl fP51 


x 2 +7 

(,t + 6) 2 


i! SB lii i 


0 Ms.rfiT^ [ 

0 MMli A 

X 2 +7 

(X+6) 2 

4 „ 3xin 2 * 

(X+6) ^ 

4 D yxm 21 


=> x = -6 la duong tięm cąn dumg cua do thi ham sd, 

ta loai A. 

2. Xet ham so v = ———. 


[fii U0 S ij® co <§> iMMj Dj i£j ng ni [oj gg nj 


so] (D gfficj O Lij io j 


2-X 

X 2 


0 


2xm 20 


2—X 
X 2 


0 M&tli 


2xio 2Q 


> x = 0 la mdt dudng tięm can dung cua dd thi ham 


so. 


3. Xet ham so y = 


x +x~ +x + l 


GB SIS CD §3 GD Cg) Ltl wm Dj i£l 33 ifflSI CD 33 CD 
® Eu CG fej CD OD ls!’ ES GD UD © (tSLij O Q j CfiJ 


X \ !<~>j [ 1 ! 


” 1 | a mżSTa 

X 3 -i-X 2 4X+1 X 3 +X 2 +X+t 

X X 

lxinlgj -9999999999 


=> x = 0 la mdt duong tięm can dumg cua dd thi ham 
sd. 

Tir day ta chon D. 

C+łi 20: Oap an. C- 

1. Tięm can ngang. 

i® PI CD El CD CS !§ Cli S3 ffi CD ® GO iii Q] 
3E m S :J ca Oj [EiH ©i 5 ! CD 


3X~1 


0 M;.tiv7 


I 4 1 1 

jJ_ ^P.3333333333 


i 

=>y = l;y = -— la hai duong tięm cangngang cua do 

thi ham sd. 

2. Tięm cąn dumg. 

smffliijfflsciissesTici] nipg m® 

-fi B m fol ®5 ^ (T) fol fHi 


0 Math & 


4- 1 E -y X | 

3X—1 3X-i 

51172791.961 -5117279194 


i 

=> x = — la mdt duong tięm cąn dumg cua do thi ham 
sd da cho. 

Vąy dd thi ham sd có 3 dtrdng tięm cąn, ta chon C. 
l_«ii 21: Oap ao. B„ 

Tim cac duong tięm cąn ngang. 
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ffl Smj (TJ © lll @ DJ B CD (g) SOI CD GE 

m m m ® eg co oo (u m e m tu m m m 



a M*thv 

r,< 2 -i 

S Math A 

X+J9K £ -1 

X+2 

3.999999999 

X+2 

-2 


=> y = 4; y = -2 la hai duóng tięm cąn ngang cua do 
thi ham só da cho. 

Taco (c):x 2 +y 2 = 9. 

Duóng tięm cąn y = 4 cat duóng tron (C] tai 0 
diem. 

Duóng tięm cąn y = -2 cat duóng tron (C) tai 2 

diem, vąy ta chon B. 

Caw 22: Dap an B. 

Tim cac duóng tięm cąn ngang cua dó thi ham só. 

lOaaSC^JBBBSBBEfflUJ 

<s> m ca eb 03 m m b @ m b m m e m 

nniiPimreKsi _ _ 


2X+J4XZ-X+5 

X+2 


2X+J4X 2 -X+5 

X+2 


I 3.999999999 I -2.500000001 m 11 

=> do thi ham só có hai duóng tięm cąn ngang la 
y = 4 va y = 0. 

=> duóng tron (C) có męt diem chung vói duóng 
tięm cąn ngang y = 4 va hai diem chung vói duóng 
tięm cąn ngang y = 0. Do vąy ta chon B. 

Cau 23: Dap an B. 

Tim duóng tięm cąn ngang. 

m © m m m w m m ej do <s> m m gb ca 

m m ro i @ m nn g \m f>i m m m p 

■}'A 2 +X+9 -i}<2+X+9 

X+2 K+2 

0.99999999991 _JJ 

=> y = 1; y = -1 la hai duóng tięm cąn ngang cua dó 
thi ham so. 

=>d:y = - 1. 

Asd=>A(r;-l). Ma AO = yfŚ \lx 2 +1 2 = 

=> có hai diem A thóa man. Ta chon B. 

Cau 24: Dap an C. 

1. Tim tięm cąn ngang. 

GB O CD GE) © IM! ffl 63 E3 CD © @ CD ED CD 


]- J 

Q MMh A 

X-1 

2 

x+Jx 2 - 1 

X-1 

0 


=> d : y = 2. 

2. Tim tięm cąn dung. 

m m os cd ta® e m b m 


LOVEBOQK.VN! 128 


l. f 000014142xinio 

=> x = 1 la duóng tięm cąn dung cua dó thi ham so' 
da cho. 

=> I (l; 2) => Ol = yff i 2' = 75. 

Cau 25: Dap an D. 

Tim duóng tięm cąn ngang. 

es s m m H 3 b m <§> m es s © m © s 

m rn @ m m t=i icm] f>i m nn si m m i=i 

(3 MathTA S M;<.th A 

Jx 2 -9 Sx 2 -9 

^- 1 / 2 " A—d2 

_ ll -0.99999999991 

=> y = 1; y = —1 la hai duóng tięm cąn ngang cua dó 
thi ham só'. 

Ta thay R > 1 nen hai duóng tięm cąn ngang cat 
duóng tron (Cj tai 4 giao diem (moi duóng tięm cąn 

cat duóng tron (C) tai 2 giao diem). 

Ta chon D. 

Cau 26: Dap an B. 

1. Tięm cąn dung. 

m ®s m oj @ m m ® ca cii e m <s> w 
m ra m ® m cd BSEieci b b ca 
0 e cd ca mes m tu w @ e co © 


x(Jx' 2 -2X +x) 

^3660254031: 

x(Vx 2 -2x+x\ 


X C — 2'y-, -tóO 


x \yx 2 -2x + : 


lim —i---= - 00 ; lim ---= +. 

,r->-r x 2 -1 x -1 

=> x = -1 la męt duóng tięm cąn dung cua dó thi 
ham só. 

m LIj C€i LIJ © 0 e 03 El UD 
m\ m b m m m iBB§ 

ca fiuth 

Math ERROR 

CAC3 :Canoe1 
m 3 Ł » 3 i Goto _ 

=> x = 1 khóng phai la duóng tięm cąn cua dó thi 
ham só. 


=> m = l. 

2. Tięm cąn ngang. 

©SQ] 0 @O] 0 iS@ffl®@S E 



=>y = 2; y = 0 la hai duóng tięm cąn ngang cua dó 
thj ham só. 

=> n = 2. Vąy ta chon B. 

Cau 27: Dap an A. 





















(4x-5)(x-l 


= O <=> 


^ _ 5 
~ 4 
x = 1 


1. Vói x = —. 

4 




Cl UJ | 


0 MłOTA 

0 Ll?.t h A 


i 

S4X—5)(X-i) 2 

1010205144 

(4K-5)(X-i)2 

-1010205144 


x - tJZx — 1 .. x 

lim-- = +oo; lim 


-sf2x-l 


(4x-5)(x-l) 


(4x-5)(x-l) 


r=> x = — la męt duang tięm cąn dung cua dó thi ham 
sd. 

2. Vai x = 1. 

ISalSI 53 E [U OłHiS O CD OD El WM 03 GB 33 5 D 

i3 o m Lei m 


13 Math & 

a Mfcth A 

X-/2X-T 

X-J2X-1 

(4X-5J (X- 1 3 *- 

0 

C4X-5) 

... 0 


=> x = 1 khong phai la dtróng tięm cąn diłng cua do 
thi ham sd da cho. Vąy ta ch<?n A. 

Cau 28: Dlp an A. 

1. Tięm can diłng. 
x 2 +x-6 = Q 


S Math? 


Xi = 

&= 

2 

-3 


Vói x = 2. 

9:1'-a] [} : !,Xj [Ti '-HE' 1 i 4[! LU 0'L Itttl [Al [Lj AL; LtJ 
R CO ® !®®i Oj OrS GEJ i!® [Ij E) GD iMi 00 GB CO 

od m e m od ii] m m s m go @ e co m 


S MithT 

4 rt*- -fi* l 

a Mjth 

‘Ą Ł J, 

A 

559 

X 2 +X-6 

55? 

12500 

12500 


Vx 2 +1-V3x-1 Vx 2 +1-n/3x-1 559 

=> lim --r-= lim - ” 


x-> 2 * x 2 +x-6 *- >r x 2 +x-6 12500 

=> x = 2 khóng phai la dtróng tięm cąn diłng cua do 
thi ham sd. 


Vói x = -3 


Mat-h E 
ts 3 C 8-ł5 Goto 


=> x = —3 khong phai la dtróng tięm cąn dung cua do 
thi ham sd. Vąy do thi ham so da cho khong có 
dtróng tięm cąn dung. Ta chon A. 

Cau 29: Dap. an A. 

V6i A: 

Tięm cąn ngang. 

(gl!SBE3CD[lJBLl)jl3E) 


0 Math .4 




lxinjg 


=> do thi ham sd khong có duóng tięm cąn ngang. 
Mąt lchac do thi ham sd khong có dtróng tięm cąn 
diłng, do vąy ta chon A. 

Cau 30: Dap an A. 

1. Tięm cąn mgamg. 

W i® CD 83 © (U ffil CD S3 3 CS ® CIS Ul CD 
33 GD GSOil 03 OD @ 53 GD (=0 @ O OJ (13 S3 uO 


0 MathVA 

X+—3 

0 Math A 

K+44K2-3 

2X+3 

L5 

2X+3 

-0„5000000001 


3 1 

=s> y = —; y = - — la hai dtróng tięm cąn ngang cua do 

thi ham sd. 

2. Tięm cąn diłng. 

m e ® iii es Es s © m b cd m m m e 


a Ms.ttiVA 

0 Ms.th A 

X+4- X —3 

X‘4”i4-X^“3 

2X*S-3 

4747448713 

2X4*3 

-4747448715 


3 

=> x = - — la dtróng tięm cąn diłng cua dó thi ham so 

da cho. 

=s> m = 3. 

6 

=> m.n - 3.y (l) = —. Ta chon A. 
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Phan 2 - Chu de 1; Ham so va cae óne dune 


The fo< 


: or noirsiiria 


lilii i® 


A, Kien thufc nen fang. 

1. Tiep tuyen cńa dućmg cong phditg 
Dinh Rghia: 


c 0 )+Ax | 

L_ 

f( x o) 

Mo 

O 

x , 


(O/A 

”#f M 


Neu cat tuyen M g M có vi tri giói hąn M 0 T. Khi diem M di chuyeri tren (C) 
va dan tói diem M 0 thi duómg thang M a T duoc goi la tiep tuyen cua duang 
cong (C) tai diem M 0 . Diem M 0 (x 0 ;/(x 0 )j duoc goi la tiep diem. 


x„ + Ax x Dinh lv: 


STUDY TIPS 

-Hęsogóc k = f'(x a ). 

- Neu cho x 0 thi the vao 
2/ = /(*) tim y 0 . 

- Neu cho y 0 thi the vao 
y = f(x) tim x 0 . 


STUDY TIPS 

“Tiep tuyen dli A :y = ax + b 
=s>k = a. 

*Tiep tuyen d lA:y = ax + b 
=> k. a = -1. 

* k = tana, vai a la góc 
giua d vói tia Ox. 


STUDY TIPS 

Diem M(x 0 ;y 0 ) có the 
thuęc hoac khóng thuóc 
duang cong (C). 


Cho ham só y = f(x) xac dinh va có dąo ham tren ( a;b ) va (Cj la dó thi 
cua ham só. Dąo ham cua ham só /(x) tąi diem x g la hę so góc cua tiep 
tuyen M 0 T cua (C) tąi M 0 (x 0 ;/(x 0 )). 

2. Pktnmg trinJht tiep tuyen 
a) Tiep tuyen tąi m@t diem 

Phuong trinh tiep tuyen cua do thi (c): y - /(x) tąi diem M 0 (x 0 ; y 0 ) e (C): 


\y=f'{ x a ){x-\)+y 0 

b) Tiep tuyen biel hę so góc 

- Hę so góc k cua tiep tuyen: k = /'(x 0 ) (*) 

Giai phuong trinh (*) ta tim duoc hoanh do tiep diem x 0 va the vao phuong trinh 
V = f{ x ) timtung dó t/ 0 . 


- Khi dó phuong trinh tiep tuyen: | y = k(x - x 0 ) + y 0 jj(ri) 

c) Tiep tuyen di qua mót diem 

Ląp phuong trinh tiep tuyen d vói (C) biet d di qua 

Phuong phap: 

- Goi M 0 (x 0 ;y 0 )e(Cj la tiep diem. 

- Phuong trinh tiep tuyen tąi M 0 : y = f ( x 0 ) ( x - x Q ) + y 0 (d) 

- Vi duóng thang d di qua M nen y M - y Q = f'(x 0 )(x M -X 0 ) . Giai phuong 
trinh ta tim duoc x 0 va y 0 . 

hińfng phap ssuf cJursg may tmh giai bal foan tim tiep tuyen 
cua do thi ham so. 

De viet phuong trinh tiep tuyen cua dó thi ham só ta thuóug su dung 
chuc nang tinh dąo ham tąi mpt diem jsiri @ 




£<0)| x=d 


Su dung ung dung [CAffi] 100 de phan tich tim phuong trinh tiep tuyen. 









on* pria ki thu&t c 




d j 

r 1 i 

m Math Ł 

|j 

dx * 

i. 2K-1J 

“ ’ i 


V £ Qi<? aTlsSM^ OOcI* 

_ r ^ ^ % -\- 1 

VI uą i; Cho ham so y = - 


2x — 1 

; có hoanh do bang —1 có hę so góc bang 

! A i „ i 

i 3' 6' 


có do thi (C). Tiep tuyen cua do thi (c) tąi diem 


- g,r.j 


Hę so góc tiep tuyen la dao ham tąi tiep diem => k — f (—l) 

§i!3j tiś tal IBS CD 50 UD® IJJ tSJli lii fcJ CD <JE> (§5 E3 i 


0 Math śl 


da: 


^(-X 3 + 3K-2)|„t; 


__fBai toan nay, 
vięc sir dung may tmh 
cam tay se dpa tren suy 
luąn ty luąn, do vąy ta se 
xet phuong phap tu luan 
truóc de hieu rd ban chat 
cach sir dung may tźnh. 


i och a 


[3 Math Ł 


100 


13 MathfiŁ 


^C2X 3 -3X 2 + l)| x t> 
_5940008 


2X 3 -3X 2 +l*B 


1970001 


ń-B 


13 Math j 


397000'. 


Vi du.2: Cho ham só y = —x 3 +3x — 2 códothi (C). Viet phuong trinh tiep tuyen 
cua (c) tąi giao diem cua (C) vói truć tung. 

A, y — —2x + l. B. y-3x-2. C, y = 2x +1. D, y = —3x —2. 

LM giai 




Giao diem cua do thi (C) vói truć tung la diem M (0; —2). 

Tinh /'(0). 

®SifflSiSQ]ii!!ll]iE[13ili[IjE33j(©iS]il3 

Luc nay ta có phuong trinh tiep tuyen cua (C) tąi giao diem cua (C) vói truć 
tung có dąng y - 3(x -0) -2 <=> y = 3x-2. 

Dśp an B. 

i du 3: Cho ham so y = /(x) = 2x 3 3.v +1 có do thi jC). Viet phuong trinh 

tiep tuyen cua dó thi ham so da cho, biet rang tiep tuyen dó di qua diem A (0;8). 
A, y = 12x + 8. 3, t/ = 3x + 4. 

C y = 12x + 3. T>, y = 2x + 5. 


! V 


Lor giai 

1, Giai toan thong thuimg. 

Ta có y' = /' (x) = 6x 2 - 6x. 

Phuong trinh tiep tuyen tąi diem M (x 0 ; y 0 ) có dąng 
V = (K 2 - 6x 0 )(x - x 0 ) + (2x 0 3 - 3x 0 2 +1) 

Ma tiep tuyen dó di qua diem 

A(0; 8) => 8 = (óx 0 2 - 6x 0 )(0 - x 0 ) + 2x 0 3 - 3x 0 2 +1 <=>-4x 0 3 + 3x 0 : 
<s> x 0 = -1 => phuong trinh tiep tuyen y = 12x + 8. 

Buóc 1: Gan 100 —>X. CQ @1 CfiJ @3 SO CD 
2: Tim phuong tinh hoanh do giao diem. 


-7 = 0 


a. Nhąp J-(2X 3 -3X 2 +1) 

jsim \rn m [SSffl m ia? 
iHi C23 GB Cli ifT Hu 


X + 8 —» A. 

<S> £3 2D S1IS CO [13 i 
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STUDY UPS 

Ly giai buóc 2. 

a. Ó buóc a vięc ta nhąp 

—(2X 3 -3X 2 +1) 

dx' ,, 


X + 8 


la ta viet phuong trinh tiep 
tuyen bang cóng thuc viet 
phuong trinh tiep tuyen di 
qua mót diem M(x 0 ; y 0 ) va 
có hę só' góc k cho truóc 

y-y 0 = k ( x ~ x o)- 

b. Vięc ta nhąp 
2X 3 -3X 2 +1 —> B la ta tinh 
gia tri cua ham só da cho khi 
x = 100. 

c. Vięc A — B la xet 
phuong trinh hoanh dó giao 
diem cua tiep tuyen can tim 
va do thi ham só da cho. Sau 
khi dua ra ket qua, su dung 
chuc nang phan tich ham só 
tu CALC 100 de tach 
phuong trinh theo x, giai 
phuong trinh ta tim dupc 
hoanh dó tiep diem. 


100+X 


JUDO 


■^■(X 4 -4X 2 +l)| x _> 
_391221601 


X 4 -4X 2 +1*B 


99960001 


A-B 


291961600 


Xi = 


X2= 


Phan 2 - Chó de 1: Mara só va cac img dung 1 be best or nothing 

b. Nhap 2X 3 ~3X 2 +1->B. 

GD @ CD @3 CS <g) ES [f] Hi UJ @ El CD lii © E3 

c. Tinh A — B= ||I§ O B SU E3 GD 

Ta có 3970007 = 4.100 3 - 29993 = 4.100 3 - (3.100 2 - 7) = 4x 3 - 3x 2 + 7. 

Buóc 3: Tim hoanh do tiep diem bang cach giai phuong trinh hoanh do giao 
diem su dung jMODEj fs~l RTj 

^©[TitiJiiJSEMiHElUtzllUGi] 

Phuong trinh có mot nghięm thuc duy nhat la x = —l la hoanh dó tiep diem. 


Xi = 


-1 


Buóc 4: Tinh — f 2X 3 - 3X 2 + l) 
- dx^ ’ 


tuyen can tim. 


= 12 => y = 12x + 8 la phuong trinh tiep 

Dap an A. 


Vi du 4: Phuong tinh tiep tuyen cua dó thi ham so y = x 4 — 4x 2 + 1, biet tiep tuyen 
di qua diem A (2; 1) la 

32 37 

A. y = -16x + 33, y = 1 hoac v = — x-. 

Zf ' J • J r^rj 27 

32 37 

B. y = 16x-31,y = l hoac y = —x-—. 

32 37 

C. y = 16x-31,y = l hoąc y^- —*- —• 

32 37 

D. y = -2x + 5 ,y = 16x-31 hoac y = — x- —. 


Lói giai 

Buóc 1: Gan 100-»X CD 113 (U HH © D3 


Buóc 2: Nhap D_(x 4 -4X 2 +l) 
dx 3 ’ 


(X-2) + l-*A 


m ss m m @®®Ba m m m gs m <& m ca ® co m m o 

UD dl GE) Qj (swt| © E3 

Nhąp X 4 — 4X 2 +1 —» B. 

m CU @ @3 <B Q GD m 03 (13® GD li m s 

Buóc 3: Tinh A-B - SEBE3(MlE3 (13 

Ta có 291961600 = 3.100 4 -(8.100 3 + 4.100 2 -16.100) = 3x 4 - 8x 3 - 4x 2 +16x 

Ta có phuong trinh hoanh dó giao diem giua tiep tuyen va dó thi ham só da 

x = 0 


cho 3x 4 — 8x 3 -4x 2 + 16x = 0 <=> x(3x 3 -8x 2 - 4x +16^ = 0 <=> 


x = - 


(Giai phuong trinh 3x 3 — 8x 2 — 4x +16 = 0 bang 

!Ói © ® ® (D E) CU (U B GE) GD m (53 OD! 


x = 2 
! CU ta nhąp 


2 



0 Math Ł 

Vai x~0 ta co phuong trmh tiep tuyen y = 1. 

^(X 4 -4X z +l)| x X 

, H / . ., \ 

= 16. 

Vói x = 2 taco — (X 4 -4X 2 +1 

16 

dx y ’ 

x =2 
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rera 



4, %724824 


Sł?±l.^D 
X-i ° 


CX“l) 2 x(A"B) 




ro>s 


Bmk 1: Gan 100->X fil fffl fo 1 faeni SUi i V 

rl f ? X 4-1 ^ 

Btróc 2: Nhap — —-—— (X + 7) + 5—»A 

F dx{X-l) x=x K 

jiarj fgE) j'jgj [f] Si J/Ę Qj GE) Qj' " :: - 1 (H-S 3 G "i Cl ■ -S> cii) lisi Oj ® 

'SmfflCBiiISO 

Nhąp 2X + 1 ■ -> B. ® [li ii! [Ij |±1 CI) ® H® ii] S CD 1@ d 

Bkóc 3: Tmh (X -1) 2 (A - B) = 

CD S!i CD E3 Q] GO (53 13 CD OD 03 ■ .. [Mii E3 DJ CD 

28785 = 3.100 2 -1215 = 3.100 2 -12.100 -15 = 3x 2 -12% -15 

lii m GD Sj Cii E) CD ® dl E) CD 0" \B (U 


Trong bttóc 3, vięc ta nhan 
them (X-l) 2 la ta da quy 
dong mlu so phuong trinh 
hoanh dó giao diem (do 



c d [ 2X +1 

Voi % = 5=>— ——— 
dxl X-1 


3 3 59 

= —0,1875 =- =>y = — -—x + —— 

16 * 16 16 


V ) (x-l) 

mlu so xuat hien (x -1) 2 ). 

-^®US^5K , '^33a^tó4!K3S»Vr3«S«JS»aŁ5BaSrHSKri^aES : lBftiSDt««K 


trinh tiep tuyen. 


Vói % = —!=> 


tiep tuyen. 


Af2X±i| = -0.75 =—-=>]/ = -—4 —— la i 

dt(X-lJ I _ > 4-44 


0 ilteth A i Math jŁ 

d d f ZK \-;. J 

dxl K-l Jlx=5 dxl X-i Jlx=-1 













Phan 2 - Cha JĄ 1: Ham sd va cac (jhg sfersg 


STUDY TIPS 

Trong mót so trućrng hop, 
de tang dó chfnh xac cua ket 
qua, nguoi ta gan X = 1000 
thay vi 100. 


1 ooox 

0 Math A 

ioon 

mon 

O Mat ti A 

.001998 

0 M&th A 

x 

999.997998 

CX-1) 2 x(A 

3991 

H A 

-B) 

998424 


dx (^ :=■=;— i Jl v:=2 


j V, dii 6; Cho ham so y = /(*) = *-—- có do thi (c). Viet phuong trinh tiep 

tuyen cua do thi ham sd da cho, biet rang tiep tuyen dó di qua A(3;3). 

A. y = 3x-6. B. y = 2x-3. C.y = x- 2. D.y = 3x + 4. 


Lói giai 

Bu'óc 1: Gan 1000-^ X. [Ti jo] fol fol jjjrl Eol f)1 


Buóc 2: Tim phuong trinh hoanh dó giao diem. 

x-UL (x " 3)+3_>A 

(HO MB H Oj ES GD fi] Sil CD 0 GO <B <& PI ID ® CD IMS CD R 1 
ramsifiraiwi ' • ~ ^ 


d ( 2 

Nhąp - X 


Nhap X - 


X-1 


-> B. 


SQ]01CD®®(I) 0 GD HH @ Eri 

Tinh (X-l) 2 (A-B) = 

cd m es 0 m m m su m s o 0 s 0 m m 

Ta có ket qua «3992 

3992 = 4.1000 - 8 = 4x - 8 

4x-8 = 0<=>x = 2. 

T , df 2 
Ta co — X 


= 3 


dx ^ X-l, 
phuong trinh tiep tuyen y = 3(x - 2) + 0 = 3x - 6. 


Dao an A. 


Vi dtt ?: Cho ham sd y — ——— có do thi (Cj. Goi d la khoang cach tir giao diem 

| 

cua hai duóng tięm cąn cua do thi (C) den mót tiep tuyen bat ki cua (c). Gia 
tri lón nhat d có the dąt dupc la 

A. 3n/3. B. n/3. _ C. -Jl. I). 272. 

Lói giai 

Goi tiep diem cua tiep cua cua do thi (Cj la M ( x 0 ; y 0 j = 3 - Phuong trinh tiep 

tuyen y = f'(x 0 )(x-x 0 ) + y 0 . Trong dó hę sd góc k = f(x 0 ) = -— 7 . 

(*o+l) 

Dó thi (C) có tięm cąn dung x = -l va tięm cąn ngang y = 1 nen giao diem hai 
duóng tięm cąn la /(-!; ] j. 

Ap dung cóng thuc tinh khoang cach tir mot diem den mót duóng thang ta có 


h = 


= d ('-M)= 




x 0 +2 


(*o +1 ) (E +1)" 


x„ +1 


f \ 2 

1 


.(*0 +1 f 
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Tu bang gia tri ta suy ra h msx = \/2. 

| V!. d '4 8: Tim toa do tat ca cac diem M tren do thi (c) cua ham so y = ——- s. 

| X ~T 1 

I ? 1 7 

| cho tiep tuyen cua (C) tai m song song vói duong thang d: y = — x + —. 

| v / ■ 2 2 

| 4. (0;1),(2;3). B, (l;0),(-3;2). C. (-3;2). D. (l;0). 


Ta thay B va D có chung toa 

do diem (i;0) nen ta se thu Tiep tuyen song song vói d nen tiep tuyen có hę so góc bang hę so góc cua d va 

1 

D va sau dó B traac. bang —. 




dxl X+i JI; 


_g_rx=rii 

dxlx+iJIx=-3 


Tinh /' (l) = — => M (l; 0) la mót tiep diem thóa man. 

Tinh /' (-3) = ^ => M (-3; 2)la mot tiep diem. 

Dap an B. 

Vi dii 9: Cho ham so y = 2x 3 + 3x 2 — 4x + 5 có do thi (C). Trong só' cac tiep tuyen 
cua (C) có męt tiep tuyen có hę só' góc nhó nhat. Hę só' góc cua tiep tuyen nay 


I tń głś?. 

Ta có y' = 6.v : - 6x - 4. Tim hę só góc nhó nhat cua tiep tuyen tuc ta di tim gia 

Y-Value Miniińum= tr » nhó Th&t CLSa v' =6* 2 + 6x - 4 tren r. 

-M. Ta su dung chuc nang @ [sj lj] @3 OH [f] (U (3 H3 UD GU OH (U (U 

Tu ket qua hien tren man hinh ta chon B. 

____Da p -in B 

jj Vf. c!u 10: Cho ham só y = x 3 —3x 2 +2 có dó thi (c). Duóng thang nao sau daj 
• la tiep tuyen cua {C) vói he só góc nhó nhat 
study TIPS j A. y = —3x + 3. B, y = —3x — 3. C. y = —3x. D. y — 0. 

Ta cune có the tim min cua ~~ _ , . .,, 

& Lm eiai 

_ 0 ° Goi tiep diem la M(x 0 ;y 0 ) => Phucmg trinh tiep tuyen y = /'(x 0 )(x — x 0 ) + y 0 

mś f5l GD(EQNB 




SO 

8 1 

X 

llliiil 

ia 

F(X) 

0 

-i 

Math 

Si 

i 

0 

t 


Łoi giai 

Goi tiep diem la M(x 0 ;y 0 ) => Phucmg trinh tiep tuyen y = /'(x 0 )(x — x 0 ) + y 0 
Trong dó hę só góc k = /'(x 0 ) = 3x 2 — 6x 0 . 

Tim GTNN bang TABLE 

Ta thay =f( l) = -3=>* 0 =l^y 0 =1 3 -3.1 2 +2 = 0. 

The vao phucmg trinh tiep tuyen taco y = —3 (x —l) + 0 = —3x + 3. 


Dap an n 
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san 2 - Chu de 1: Ham so vs eac uYig dursg 


fhe best or nothine 


: Phuong trinh tiep tuyen cua duóng cong 
(C): y = x 3 -2x + 3 tai diem M(l;2) la 

A. y = 2x+2. 

B. y — 3x-l. 

C. y=x+ 1. 

D. y = 2-x. 

Cau 2: Tiep tuyen cua duóng cong (Cj :y = x\[x tai 
diem M (l; 1) có phuong trinh la 

A 3 1 

9 2 2 

r 31 

a, y- — x + —. 

2 2 

f, 3 1 

9 2 2 

n 1 3 

O. y=-x+—. 

2 2 

Cau 3: Cho ham so y = -x 2 +5 có do thi (c). Phuong 
trinh tiep tuyen cua (C) tai diem M có tung do 
y 0 = -1 vói hoanh dę> x 0 < 0 có phuong trinh 

A. y = 2\fó ^ + 

B. y = -2-j6{x + S)-l. 

C. y = 2v/ó(x->/6) + l. 

D. y = 2>/6(*->/6)-l. 


Cau 4: Tiep tuyen cua do thi ham só y = 


2y + l 
x-l 


tai 


diem có hoanh dó bang 2 có hę só góc k bang 
A. Jt = -1. B. k = - 3. 

C. fc = 3. D. fc = 5. 

Cau 5: Tiep tuyen tai diem cuc tieu cua dó thi ham só 

y = ~ x 3 - 2x 2 +3x-5 la duóng thang 

A. song song vói duóng thang x = l. 

B. song song vói truć hoanh. 

C. có hę só góc duong. 

D. có hę só góc bang —1. 

Cau 6: Cho ham só (C): y = x 3 —3mx 2 +(m+l)x— m. 

Goi A la giao diem cua dó thi ham só vói Oy. Khi dó 
gia tri cua m de tiep tuyen cua dó thi ham só tai A 
vuóng góc vói duóng thang y = 2x—3 la 

A. - B. -- 

2 ' 2 

1 1 

C. - D. -- 

2 2 
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Cau 7: Tiep tuyen cua dó thi ham só y = — + 3x 2 -2 

có hę só góc k = -9 có phuong trinh la 

A. y = —9x — 43. 

B. y = -9x + 43. 

C. y = —9x—ll. 

D. y = -9x-27. 

Cau 8: Cho ham só y = 4x 3 -6x 2 +1 có dó thi (Cj. 

Tiep tuyen cua (Cj di qua diem M(—1;-9) có 

phuong trinh la 

A. y = 24x-15. 

r 15 21 

9 4 4 


C. 


y = 24x +15 
_15 21- 

y '4 ł 4 


D. y = 24x + 33. 

Cau 9: Cho ham só y = -2x 3 +6x 2 -5 có dó thi (C). 
Goi d la tiep tuyen cua (C), biet tiep tuyen di qua 
diem A(-l;-13). Phuong trinh cua duóng thang d la 

A. y = - 6x-19 hoąc y = 48x + 35. 

B. y = -3x-16 hoąc y = 24x+9. 

C. y = 3x-10. hoąc y = 48x + 35. 

D. y = 6x-7 hoąc y = —48x-61. 

Cau 10: Só tiep tuyen di qua diem A( l; -6) cua dó thi 

ham só y = x 3 - 3x +1 la 

A. 3. B. 2. 

C. 0. D. 1. 

Cau 11: Qua diem C (5; -l) ke duoc bao nhieu tiep 
, „ 2x -1 

tuyen vói dó thj ham so y = —— ? 

A. 1. B. 2. 

C. 0. D. 3. 

Cau 12: Phuong trinh tiep tuyen cua dó thi ham só 

y = ói qua diem M (5; -l) la 

1 2 

A. y = — x + — hoac y = 3x-16. 

3 3’ 

B. y = 3x-16. hoąc y = -3x + 14. 

1 2 

C. y = — x -i — hoac y = 2x-ll. 

3 3' 

D. y = -—x + — hoac y = -3x + 14. 

9 3 3 ' 9 

















y = - 


Phuong trinh tiep tuyen cua do thi ham so 
x 2 - 5x + 6 


x-l 
_ 1 v _J 
^ 6 i 

y = x— 1. 

V = 2x—2. 


di qua diem H (l; 0) la 


v =—x + —. 

8 8 

14: Goi (C] la do thi cua ham so 
2x 2 -3x+l. Có hai tiep tuyen cua (c) 


1 3 
■—x 
3 


cung có hę so góc bang — la 

3 29 , „ 3 . 

A. v = -x -1-hoac y~ — x + 3. 

s 4 34 ' 3 4 

V 3 37 „ 3 _ 

R y = — x -hoac y = —x-3. 

y 4 12 4 

3 37 , „ 3 13 

5 4 12 ' 4 4 

3 29 , „ 3 

D, y = — x -hoac y = — x + 3. 

' y 4 24 ' 4 

Gra 15 : Só tiep tuyen cua dó thi ham so 
y = x 3 -9x 2 +17x + 2 di qua diem T(-2;5) la 

A. 2. B. 3. 

C 1. D, 0. 

Caii 16: Cho ham so y =- có do thi (CJ. Tiep 

tuyen cua C tąi diem có hoanh do bing 2 di qua diem 
M (0; a) thi gia tri cua a bang 

A. 10. 8. 9. 

C. 3. D. 1. 

Cau 17: Cho ham só y = x* -2 m 2 x 2 +2m + l có dó thi 
(C m ). Tąp tat ca cac gia tri cua cham só m de tiep tuyen 


cua dó thi ( C m ) tai giao diem cua (C m ) vói dirong 

thang d : x = 1 song song vói dudng thang 
y = —12x+4 la 

A. rn = 0. B. ot = 1. 

C. ot = ±2. D. ot = 3. 

1 1 

Cau 18: Cho ham só y = — x 4 — x 2 . Viet phucmg trinh 
2 2 

tiep tuyen cua dó thi ham so biet tiep tuyen di qua 
diem O(0;0). 

, n s . ~ s 

4. V = 0; v =- x hoac y = — x. 

n n/3 u ^ 

B. v — 0; v = —— x hoac 1 / = — x. 

J J Q ' J g 

, n ^ . 3& 

C. y = 0; y =-x hoąc y = — x. 

>/3 , „ \f3 

D. y =-x hoac y =— x. 

~ 9 6 

Cau 19: Viet phuong trinh tiep tuyen cua dó thi ham 
so y = (2 - x 2 ) . Biet tiep tuyen can tim di qua diem 
T (0; 4). 

a, y = 4; y = x + 4 hoac y = 3x + 4. 

B y = 4; y = - x + 4 hoąc y = 3x +4. 

„ 16 -S , , „ 163/3 

C. y = 4; y = —-— x + 4 hoąc y =-- x + 4. 


X y = 3x + 4;y = 2x + 4 hoąc y = - 


163/3 


x + 4. 


Cau 20: Só tiep tuyen cua dó thi ham só (c) : y = 

ke tir góc tpa do O la 

A, 2. B. 0. 

C. 1. D. 3. 


x+l 

~x-2 
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Phais 2 - Chu de 1: Ham so’va cac ung dyng 


The best or nothing 


Cau 1: Dap an C. 

Tim hę so góc. 

®@®(I]@(l]<g)S(Tl@[I]E)El]®CI] 

m 


^(X 3 -2X ł 3)|„ 1 


1 


=>y = l.(x— l) + 2<=>y = ;e+l la phuong trinh duóng 
tiep tuyen cua duóng cong (c) : y = x 3 - 2x + 3. Vay 

ta chon C. 

Cau 2: Dap an C. 

m os e cd © m m @ © m su 




X=1 


1.5 


3 3 1 

=>y = — (* —l) + loy = — x—— la phuong trinh tiep 

tuyen cua dudng cong (c) . Ta chon C. 

Cau 3: Dap an A. 

—1 = —x 2 +5 <=> x 2 = 6 <s> x = ±-Jó. 

Do x 0 < 0 nen 

m cb f> 3 iipaimagisiceoEgii] m 


4.898979486 


=>y'(-l) = 2^. 

=> y = 2-Jś + \[ó j -1. Vąy ta chon A. 

Cau 4: Dap an B. 

Hę so góc cua tiep tuyen cua dó thi ham sd da cho tai 
diem có hoanh dę> bang 2 la k = y' (2). 

s&Draoa m m bb cd © m ta es m © <s> 

[23(1] 


Cl 

0 M».th A 

d:c 

X-i Jlx=2 


-3 


=>k = —3. Ta chon B. 

Cau 5: Dap an B. 
y' = x 2 -4x + 3. 

u © en cd (ii b (u ® m m m 


Hę sd góc cua tiep tuyen tai diem cuc tieu cua dd thi 
ham sd la y' (3). 


^(iX 3 -2X 2 +3X-t> 
_0 


=> tiep tuyen song song vói truć hoanh. Ta chon B. 

Cau 6: Dap an B, 

Do A la giao diem cua dó thi ham sd vói Oy nen 
A(0;—m). 

Su dung may tinh. 

i od mm o ta (u 


^(X 3 -3YX 2 +(Y-h> 
_ 101 


101 = 100+1 = ra+l=>y'(0) = m+1. 

De’ tiep tuyen cua dó thi ham sd tai A vuóng góc vói 
duóng thang y = 2x-3 thi hę sd góc k cua tiep tuyen 
thóa man 2 k = —1. 

<=>2 (m + l) = -l . Ta chon B. 

Cau 7: Dap an C. 

Ta có y' = x 2 +6x. 
y' = -9 <=> x 2 + 6x + 9 = 0. 


H UD GD CD 


(D ta (D [BID (U 


x= 


a3 


=> y = -9 + 3) +16 <=> y = -9x -11 la phuong trinh 

tiep tuyen can tim. 

Vąy ta chon C. 

Cau 8: Dap an C. 

Gan 100 ->X E d] (1) @ ® CD 


100 *X 


100 


Nhap — (4X 3 -6X 2 +l) (X + l)-9->A. 

@ GD GD @1 CD @3 EU (© B O till CD G3 ffi CD 

dl iii) 13 O 


0 MatkT 

Xi= 

3 

Q MathTA 

X2= 

1 

© s m ® 133 S m S3 Ej m E) I 


a Mjth A 

^C4X 3 -6X 2 +l)| > _b 

am sd da cho có he sd a = 

1 W X ^ 

= — > 0 => do thi ham sd 


11998791 


Nhap 4X 3 -6X 2 +1-+B. 


có dąng chu N (phan nay tói da giói thięu trong sach 
cong pha toan 3) 

=>x = 3 la diem cuc tieu cua ham sd da cho. 


4X 3 -6X 2 +1+B 
_3940001 
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0 Math A 

ft-B 

8058790 


Tinh A — B = 


8058790 = 8.100 3 + 5.100 2 +(l00-13).100 + 100-10 
=> 8x 3 + 5x 2 +(x -13) x + x -10 = 0 la phuong trinh 
hoanh do giao diem can tim. 
ej> 8x 3 + 6x 2 — 12x—10 = 0 


3998808 = 3.100 3 +(100-l).100 2 +{lOO-12).100+8 
=> 4x 3 —12x + 8 = 0 



Vói x = —. 

4 

SB OS) SIE OB ;3j m CIH15 CII ® ■ 3 LII i® CS 
:£! OJ CD B> CaJ B) GD si _ 

B Math A 


15 f 5 ) 9 15 21., t .„ ^ 

=> y = — x —-oy = — x-la tiep tuyen 

4 l 4 i 16 4 4 

can tim. 

Vói x = —1. 

® 510 @ 10 ID lii 03 CD Cs 

i Marii'A 

^C4X 3 -6X 2 +1)| x i> 
_24_ 

=> y = 24x +15 la męt trong cac tiep tuyen can tim. 
Vąy ta chon C. 

C ->u 9: łMp an D. 

Gan 100 cho X. !T] [sj GD ilŚSj HS [7] 

1 Math A 

1Q0+X 


Nhąp (-2X 3 + 6X 2 - 5) (X +1) -13 -> A. 

(Sir; ;7N £73 f!3 liii CD @ CIS Cg) E±j © EU m @ EJ 
i l <g CD 111 [ 0 GB CD CD E3 OSI @3 JUS 
Ul o _ 

0 M:- th A 

^(-2X 3 +6X 2 -5)|o 

_ -593S813 

Nhąp -2X 3 + 6X 2 —5—>B. 

b : m m os<s>® mm cd m a mm 

IR 

0 ktath A 

-2X 3 +6X 2 “5^B 


Tinh A-B ■ 


-1940005 

i Math jŁ, | 


-3993808 


iSElfl (DE 

0@E 

ijj ijB SaB 

Si] S~) isJ 

Xi= 

Math^F 

*2 

X2= 

0 Math Ł 

1 


Vói x = —2. 

gol [TJ Cffi ® O SU iii i 

Ci { nv3 


^ - 2X 3 +6X 2 -5) j i> 


=>y = —48x — 61 la mot tiep tuyen can tim. 

Ta khóng can tim tiep tuyen cón ląi nua ma chon 
luón D. 

Cau 10: Dars an D. 

Gan 100 cho X. 

Py OD (13 (Hi ®U CB 

1 fclath A 

100-A 


Nhąp — (X 3 -3X + l) (X-l)-6-»A 

x=X 

MM OJ <& AJ jgj B Ei CG GS SD BO i ii tei O 

B Math A 

£(X 3 -3XB)j K=;: .> 
_ 2969697 

Nhąp X 3 - 3X +1 —» B. 

Eli Q; Bi OD ® CD GO 1® CI3133 CD 11310 £3 

0 Mith A 

X S -3X+1+B 
__ 999701 

Tinh A-B = §Mi -<93 Q il^i IR) jss) 

1 Math A 

ń-B 

_ 1969996 

1969996 = 2.100 3 - 30004 = 2.100 3 - 3.100 2 -4 

=^2x 3 -3x 2 -4 = 0 


0 hlatht 

B MatlrFA 

Xl = 

X£= 

2 

-i+0.968245836^ 


-j-0 = 968245836^ 

Phuong trinh có duy nhat mot nghięm thuc, do dó 
chi có mot tiep tuyen thóa man yeu cau de bai, ta 

chon D. 

Cau 11: Dip an 3. 

Cau hói có thay doi doi chut, tuy nhien cung la bai 
toan viet phuong trinh tiep tuyen di qua mót diem 
cho truóc. Do vąy ta se giai tuong tu cac bai toan 

phia tren. 

I.0VE600K.VN i 1 i 




















Gan 100 cho X. LU Cg] foj [«J kij i_)j 

0 Math & 

ioo*x 

_ioo. 

^s[f^L (x - 5) -’: A 

i sHiFTj yj>] jsi no pi] m (3 oj (w) Oma m 13 m ® <►) 
@□3® BSEBuDCDBCDIifa @ O 


a r ^-n i r-y-t 
dxt X-£ Jla:=x' lA k 

-1.029675135 


... . 2X-1 D 

Nhap- > B. 

_ X-2 

® Gu ia® CD E3 CD <$> Su® CD EMU ta laJ Eu 

i a Math a 

! 2X-1 : .p 


Tinh (X-2 f (A-B) = 

ST! [Mjtj 03 (3 fj] CD [13 ST; IphaI Ej B IMI g [7] [ 

S Math A 

(X-2) 2 (ń-B) 

_ -29391 

29391 = 3.100 2 -6.100-9 
=> 3x 2 -6x-9 = 0. 

fil [SI 113 m Es] B !D iii E) Ci] (D (ii 

9 ShSRf 0 fiatSWT 

Xi= X2= 

_3J__ zl 

Phuong trinh có hai nghiem nen có hai tiep tuyen 
thóa man. Ta chon B. 

Cau 12: Dap an D. 

Gan 100 cho X. (U ® (S @ © DCI 

0 Math A 

10Q+X 


ta © ® CU Ii) E E3 fi] ® @p CfJ Ej CU ® ® 
ID CD <g> CD li) ET] E isj 01E3 [D ta ID O 


-1.029675135 


. 2X-1 „ 

Nhap- > B. 

r X-2 


OS CS Sw Ca B Cl) ® PS [D El GD tai © a 



Tinh (X-2) 2 (A-B) = 

ED SS CS E3 CgCSiaCDPilRRW S Q] li 

0 Math A 

CX-2) 2 CA-B) 

_ -29391 

29391 = 3.100 2 -6.100-9 
=>3x 2 -6x-9 = 0. 

ID CI3 CS ES £D E) EU il] E) DB d) El 
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Xi= 

0 MathT 

X2= 

0 MathTA 


3 

-1 


Vói x = 3 

g® 03 m ® HJ CD @3 CO S ES ® SIS l 

oo cg) <g dj gn 


tar g?<-i ii 

dxl x-2 .JE-: 


=>y = —3(x-3) + 5<=>y = -3x+14 lamótphuong 
trinh tiep tuyen can tim. 

vói x =— l 6§) ® SD O Oj EhS 


tai tata) i 

dta X-£ JE=-1 

-0.3333333333 


12,. 

> y = - — x + — la mot phuong trinh tiep tuyen can 


Tir hai ket qua vira tim duoc ta chon D. 

Cau 13: Dap an D. 

Gan 100 cho X. CD ES ES ta © CD 

0 Math A 

100*X 

_ 100 . 

.„. dfx 2 -5X + 63 (v . 

Nh,p 4 _ x z i _ L ( ^ 

tal GS GS p3 CD © S CS S CD BE! [I] ® jp) 

[ >] 0 [ii (f) cg) [Mą) CDI ® OH H Qj EH Q j CD ta! 

iii o _ 


d 

-5X+6 1. M “ h A . 

dx 

X-1 Jlx=X t 


9799 

99 


.... X -5X + 6 „ 

Nhap-> B. 

F X-1 

te m ca m s m m oj es ca ® s m b m 

ta ID 0 _ 

0 Math A 

x2-5X+6 


Tinh (X-l) 2 (ri-B) = 

CD ! 1 j S CD LI) (I 5 ! CD iii O B P® F«J O J El) 

0 Math A 

(x-n 2 (ń-B) 


i c_ r i 

29007 = 2.100 2 + (100 -10) .100 + 7 
=>2x 2 +;c 2 -10x + 7 = 0«3x 2 -10x + 7 = 0. 

@ E3 CS CS (U B CD CS (=) (ZI dO (D 

0 Math 1 ? 

Xi= 

7 

3 

0 MathTA 

X2= 

1 

Vói x = — . 


3 


-Hi OD ta GS ® @11 [Tj i 

g] b ES m m b es 

® H DJ B GO ® ® Ci 

! fij S3 (=) 






























-0.125 


m M^th ł 

1 

H 

rH j GO 
I 

tl 

ft 

— i - — -» y = - — x + —. Vay ta chon D. 

3 16 7 8 8 

dxlx-i \\-x~z 

-3 


Ta có y' = -x 2 -4x-3. 

3 3 

w' = —<=>x +4x + 3-i— = 0. 

J A A 


ici S5J [jj tu [ui lS Cc IU. 


El 

E! MatWA 

Xi= 


3 

5 

2 

2 


3 , 31 3 ) 17 3 13 

Voi i = — thi v = — \ x + — + — <s> y = — x 4-la 

2 ■ y 4l v 2j8 4 4 

mpt tiep tuyen thóa man yeu cau de bai, khong can 

tim tiep tuyen cón ląi, ta chon luón C. 

Car, .15: Bats an B, 

Gan 100 cho X. i li fol ' o] [sffiFri ióti I )j 


100+X 

lath & 

100 

-9X 2 4-17X4 2) 

x=X 

IX + 2) 


Nhap — j 
dx 

Si gg (ffilf (Ti H3 GD ® E3 HO SU 0113 GB CD GD 
XT (Jj 03 00 ®> Ul CD © CO Si® CD GB GD CE GB 

‘ffer i r , j 


El Math A 

■£p. 3 S)( z +m*y 


2878,101 


Nhąp X 3 - 9X 2 417X 4 2 -> B. 

‘J§§ CD gg OBCE) S (13 SU Dj @3 GE CD © Sil CD 

\ 00 ty O fsoj 


X 


3-qy2 


-<-i7X+2*B 
_ 911702 


Tinh A- B - 

1 Math A 


v~o 


1966437 


1966437 = 100 3 +(l00 - 4).100 2 +(l00 -36).100 + 37 
=>x 3 +(x-4)x 2 +(x-36)x+37 = 0 
<=>2x 3 -3x 2 -36x4 37 = 0. 


Xi = 

-4.0 

0 

158421985 

0 Math^A 

X2= 

4.558421985 


0 Math A 

Xs- 

1 



Phtrong trinh có ba nghięm phan bięt => có ba tiep 
tuyen thóa man, ta chon B. 


=>y = -3(x-2)+4<=>d:y = -3x +10 la phrrang trinh 
tiep tuyen can tim. 

M(0; aj e d => a = 10. Ta chon A. 

Can 17; O ar? kii (7 

A (l; 2 - 2 m 2 4- la giao diem cua d va (C n ,). 

Ta nhąp 4~ (X 4 - 2Y 2 X 2 4- 2Y +1) CALC 

X=1 

X = l; Y = 100 

jgSr] PB Sm [Ti Si fgj (g> FS fal SSl GD gj ililS j [Tj 
i%3 Efcj m Stw igygi [J] (U (P) LO fesit" ii) O-ii CO CS [33 


0 Mfcth &. 

^(X 4 “-2Y 2 X 2 t2Yi> 


-39996 = -(4.100 2 - 4) = -(4 m 2 - 4) = 4-4w 2 . 

=> y - (4 - 4m 2 ) x 4-1 la phtrcmg trinh tiep tuyen can 
tim. 

Ma tiep tuyen song song vói dttóng thang 
y = -12x4-4 nen 4-4m 2 = -12 <=> rrt 2 -4<^>m-±2. 
Vąy ta chon C. 

Cau CS; Dap an B. 

Gan 100 cho X. (TJ [5] [Oj jifffl |Su [Tj 


i 00 ' X 


X —)■ A. 


Nhap — Cx 4 --X 2 

• K dxU 2 

® 19 CD Wi (E> iifg [>1 d*j mR fil iiiffl Ig O 


d 


(|x 4 -ix 2 )|„,ę 

199990000 


Nhap -X 4 --X 2 ~»B. 

*2 2 

ffi CD ® CIO <§> @1 [D @ OD <S> 3 CD ffl 51 <E> 



149995000.2 = 29990000. 

(O day do ham só da cho có cac hę só la phan só nen 
ta nhan them 2 de tranh khó phan tlch). 















299990000 = 3.100 4 -100 2 = 3x 4 -x 2 . 


> 3x 4 - x 2 = O <=> x 2 (3x 2 -1 j = O • 


x = O 


s 




Vói x = O => t/ = O la mót tiep tuyen can tim. 
y/3 

Vai x = —. 

3 

m! m m m ej <§> m m © ® <s> es m m tu 
<g> m m iiB(g)ig-Braj®Eig! 




ax 1 


-0.19245DD897 


So sanh ta thay ket qua tren man hinh la 

S S v « łłS - . - - 

- — => y = —— x la mot tiep tuyen can tim. 

Vói x = • ®®®<3>®®®®®E)ID 


E Math , 


£(ix 4 -ix 2 L.-> 

n. iwroag? 


y/3 ,, „ A , ^ , 

=> y = — x la męt tiep tuyen can tim. 

y/3 y/s 

=* y = 0; y =- x hoąc y = — x la cac tiep tuyen 

9 9 

can tim, ta chon B. 

Cau 19: Dap &n C. 

Gan 100 cho X. |T) QTj QT) fsiiiT j @ (Tj lijrl 


100*X 


100 


Nhap — ((2-X 2 ) 
dx ' v ’ 


X + 4-> A 


m ffl iii ni ej m m m m m <& ® oo ® 

Hi 1X1 08 (33 ii»ti IhgO M)_ 


a %((2-X 2 ) 2 W 
iwrewirn 


Nhap (2-X 2 ) 2 —> B. 


(I) CU H H 


X Ul CS Łri B §5 S 


(2-X 2 )^b 


99960004 


Tinh A-B = 


s o s ra s osi 


A-B 


299960000 


299960000 = 3.100 4 -4.100 2 


* 3x -4x 2 =0 <=> 


x = 0 


s 


y/3 

Vói x = 0 => y = 4 la phuang trinh tiep tuyen can tim. 

Vdi x = 4=. 
y/3 

@13 ® m OD SHQ3@ Q3 © <g> CS 15) © (S 
(H 


a 

dx 


S Math A 


U2-X 2 )^Jk__fc 

V 

-3,079201436 


■y-- 


16y/3 


x + 4 la tiep tuyen can tim. 


2 , 16y/3 ,, 

Tuang tu voi x = —— thi ta tim auo c y =- la 

y/3 9 

tiep tuyen can tim. Vąy ta chon C. 

Can 20; Dap as: A. 

Gan 100 cho X. OJ [g] QTj jfifTj (Raj CS (aSPrł 


100*X 


100 


Nhap 


d f X + 1 


dx l X - 2 


X-> A. 


m m gb m en ej co ® w m b m <b <b 

SOlOiJBii 


dxlx-2Jlx=?<^ + A 

-0.031236984 59 


XTU „ x+i 

Nhap -- > B. 

r X-2 

ffl di CD śeęti S 


K+l -,n 

X-2 


1Q1 

98 


Tinh (X-2) 2 ,(A-B) = 


(23 dii Dj E 


.a ca si3 co m o o 


CX-2) £ CA-B) 
_-10198 


3 m tu 


10198 = 100 2 +100 + 100-2 = x 2 +2x-2. 

x 2 + 2x - 2 = o S o (U CD Ul O id 0 IB dS d 


Xi= 


-1+-/3 


X2= 


E MatWA 


-1-/3 


Phuong trinh có hai nghięm phan bięt do dó có hai 
tiep tuyen thóa man yeu cau de bai. Ta chon A. 
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— o*' tOHg :«jaat Xet su ttremg giao cua hai do thi (C 1 ):y = /(x) va 

1 ( c 2 ) ; y=/(*)• 


| Buck 2; So giao diem cua \ C ~ X ) va (C 2 ) la so nghięm cua phuong trinh 

E n 


Bas toan ciura tham se 


| Tien hanh xac dinh phuong trinh hoanh do giao diem. 

| Có ląp tham sd m va dua phuong trinh ban dau ve dąng f (x) = m (2). 

| Sd nghięm cua phuong trinh (2) la sd giao diem cua do thi ham sd 
1 y = / (*) va ducmg thang y = m. 

B. PhiTcmą ptiap s&dung mav tiuli cam tav m&l bai toan ti/ong 

¥ ^ KJ 1 i i J 'O 


Thóng thudng de tim nghięm phuong trinh hoanh dę> giao diem ta thudng 
dimg lęnh SHIFT SOLVE (ifjl jęjjl ). 

C. Cac vf du minh hm. 


Lid glai 

Ta thay phuong trinh (*) chi la phuong trinh. bąc ba. Trong khi dó trong 
may tinh có chuc nang giai phuong trinh bąc ba. Do dó ta se su dung chiic 
nang nay de doan nghięm cua phuong trinh (*). Ta se thu cac truóng hęp 
rieng cua m tu dó rut ra ket luąn. 

Thu m = 1. Ta barn may nhu sau: 

Luc nay phuong trinh có hai nghięm la x l = 1; x 2 =3 

Tiep tuc ta thu truóng hop 2: m = 2. Ta cung barn may tucmg tu: 


|od| © ffl fu (ki E 


Thi ta có phuong trinh có 1 nghięm x = 2. 

Ta có the thu tiep vói cac truóng hop khac, tuy nhien tir hai truóng hop 
thu ó tren ta da có the ket luąn phuong trinh (*) luón có męt nghięm 


i.OVEBOOK,V!M 1 143 


Tru-ong hop m = X 


Truóng hop m = 2 


Vi du 1: Gia tri cua m de do thi ham sd (C):y = mx 3 -(ó + m 2 )x 2 + 15mx - 9m 
cat truć Ox tai hai diem phan bięt la 

A. m- 2. B, m = 0. C. me {-2; 2}. D. ras{-l;lj. 
















STUDY TIFS 

Trong truóng hop khóng 
tim duoc nghięm cua 
phuong trinh hoanh do 
giao diem thi phuong 
phap ham so van toi uu 
hon ca! 





STIJDY UPS 

O day ta có the phan tich 
102 = 100 + 1 + 1 vidoham 
bąc ba chia ham bąc hai 
nen khóng the ra bąc 1 
duoc, nen ta phai phan tich 
xuat hien x 2 ma 
-1 = f = x 2 . 


Phan 2 — Chfi de 1: Ham so va cac tfese tiung 


Ta có ( ł )o(t:-ra)jmi 2 -6x + 9?nj = 0 

(*) có hai nghięm phan bięt <=> mx 2 -6x + 9m = 0(* *) có dung męt nghięm 
khac m hoąc có hai nghięm phan bięt trong dó mót nghięm bang m. 

- THI: (* *) có dung mot nghięm khac m. 

fh'= 9 - 9 m 2 =0 
\m.rn 1 - 6 m + 9 m *0 

TH2: (* * ) có hai nghięm phan bięt, trong dó có mót nghięm bang j 
m^O 

A' = 9-9m 2 >0 hę vónghięm. 
m.m 2 -6m + 9m = 0 
Vąy m = ± 1. 




<5>m = ± 1 


: m. 




Vi dis 2: Tim tat ca cac gia tri thuc cua tham so m de duóng thang y = mx — m + 1 
cat dó thi cua ham so y = x 3 -3x 2 +x + 2 tai ba diem A, B, C phan bięt sao cho 
AB - BC. 




A. me(-oo;0]u[4;+co) i. mel 


C. me — ;-K>o 
4 


D. 2;+oo) 


Loi giai 


Xet ham sóbac ba, ta có y' = 3x 2 -6x + T; y" =6x-6; j/" = 0 <=> x = 1. 

Khi dó diem uón cua do thi ham só'bąc ba la U (l;l) va U la tam doi xung cua 
do thi. 

Phuong trinh hoanh do giao diem cua do thi va duóng thang: 
x 3 -3x 2 + x + 2 = mx-m + l<=>x 3 -3x 2 +(l-m)x + m + l = 0 (*) 

Ta thu cac gia tri m = 1; m = 2; m- 3,... bang may tinh vói chuc nang 
rn fil thi phuong trinh luón có mot nghięm x = 1. 


=> (*) có nhan tu x -1. 

(hoąc ta có the suy luąn ta thay tóng cac hę so cua VT phuong trinh (*) bang 0, 
do vąy phuong trinh (*j luón có mót nghięm x = 1). 

Phan tich (*} ta su dung chuc nang CALC 100 de phan tich. 

x 3 -3X 2 + (i-r)x + r + i 


Ta thuc hien nhąp 


X-1 


CALC cho X = z; y = 100. 


m m @ m m m © cg> s m m m oe m m es m m s m ra 
rn m @ §3 a <s> e m ei tu m m (D cd e® tu id 

May hien ket qua 

-102 - 2i = -(100 +1 +1) - 2i = -{m +1 - x 2 ) - 2x = x 2 - 2x - m -1 


(*)<^>(x-l)(x 2 -2x-m-l) = 0<=> 


ń x ) =: 


-2 x-m 


1=0 (l)' 


Vói x = 1 => y = 1 chinh la cac toa dó cua diem uón cua dó thi ham bąc ba. 
Yeu cau bai toan ++ Phuong trinh (1) có hai nghięm phan bięt khac 1 
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1 12 OPlA iii 


<z> 


O ( 

ll 0 

- n - 2 0 „„ / _ \ 


' <s> 

o ki > -2 . V ąy m e (—2;+oo) 

U' 

= 2 + m > 0 

\nt > —2 



0 

Młth 

1 ^ 






J 



§ 91 ! 

-i 

0 




Mi.th 

I K 

FCK) 



-S 



-M 


s iS i 

0 

2 


f y I 

Je-i I 

/\ l # 

__ j r Ą r Ą .| ^„1 , . u , -, ,.- 

! i \ ! / 

| | \ 
fol x 



Vi du 3. Tat ca cac gia tri cua tham sd m de do thi ham sd (c):y = X 3 - 3x z + m 

cat truć hoanh tai 3 diem phan bięt thóa man 

A, —4<m<0 B. -4<m<0 C, 0<ra<4 D. 0 < m <4 

L M giai 

Xet phuang trinh hoanh do giao diem cua do thi ham so (C) va truć hoanh ta 
có x 3 -3x 2 +m = 0(l)<=>-Mi = x 3 -3x 2 . 

Dat /(x) = x 3 — 3x 2 . 

Sd nghięm cua phuang trinh (l) la sd giao diem cua do thi ham sd y = f(x) va 
dudng thang y - - ni 

De khao sat ham so y = /(x) ta su dung lęnh fH CS(TABLE) voi Start -9; 

End 10; Step 1. 

m CD m Oj a GD <B 3 © n® co m E=) © O ClJ a CD © m 10 

Quan sat bang gia tri ta thay ham sd có gia tri cuc dai la 0 va gia tri cuc tieu la 
-4. 

Quan sat db thi ham sd ta thay de do thi ham sd cat nhau tai 3 diem thi 
-4 < -m < 0 <=> 0 < m < 4. 

Dau an D, 


STUDY T1FS 

Giai thich ctieu kięn (*) . 
Do khi phuang trinh (2) 
có 2 nghięm t l >t 2 >0 thi 
phtrctng trinh (l) có 4 
nghięm 

< ~ t/0 < ^/h" < "fii 

cho nen tu dó ta có dieu 
kięn (*). 


[ Vi du 4: Cho ham sd y = x*-2mx 2 + m 2 -4 có do thi (C). Vói gia tri nao cua 
! tham sd m thi dc thi (C) cat truć Cr tai bon diein phan bięt trong dó có dung ba 
j diem có hoanh clę- lón hor. -1 ? 

m <-1 


A. —3<m<-l B, —2<m<2 


C 2<m<3 


m> 3 


aattSńS 3« ! 


0 


0 

Z 

_ ~_2L 


Xi= 


X2= 


0 MathvA 

i 

_ 2 


u«:t giai 

So giao diem cua do thi (C) vói truć hoanh la sd nghięm cua phuang trinh 
hoanh do giao diem x 4 -2 mx 2 + m 2 -4 = 0(l). 

Dat x 2 =t,(t> 0) thi (l)e>t 2 -2mt + m 2 -4 = 0 (2) 

De phuang trinh có bon nghięm phan bięt trong dó có dung ba nghięm có 
hoanh do lón han -1 (tuc la dung mot diem có hoanh do nhó hon -1) thi 
0<f 2 <l<fj (*) 

Ta thu vói tung phuong an. 

Vói m = —1,5 tanhap 

m © m © m B m m o m a m © © o © a © co m s a © 

Ta thay hai nghięm cua phuang trinh khong thóa man dieu kięn, do vąy ta loąi 
luón A va B. 

Vói m = 2,5 tanhąp 

Ul © CU DO @D E3 © SD GD a © (3 CS CD OD GE) S EJD (eIUD 
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STUDY TIPS 

Tir vi du 5 ta thay bai toan 
tirong giao cón duoc dung 
cho vięc bięn luąn s 6 
nghięm cua phuong trinh 
chiia tham so. 


Phatt Uch : Do do thi (H) 
có duóng tięm can ddng 
x = l nen khi d cat (II) 
tai hai diem phan bięt có 
hoanh do lan lirot la 
x 1 =a;x 2 =b thuóc hai 
nhanh dó thi thi hai diem 
nay nam ve hai phia cua 
dirong tięm cąn, hic 
a<l<b. 


1 + HE i 


Nhin vao ket qua ta thay m = 2,5 thi cho ra ket qua thóa man (*) . Do vąy ta 
chon C. 

____________ Dap an C. 

¥i du 5; Tim tat ca cac gia tri thuc cua tham so m de phuong trinh 
4 l - 2‘ + 6 = m có ba nghięm phan bięt. 

A. m = 3. B. m>2. C. 2<m<3 n. 


2. 2<m<3 


}. 2<m<3. 


SÓ nghięm cua phuong trinh 4 1 ' - 2** +2 + 6 = m la só giao diem cua dó thi ham 
so / (x) = 4 - 2?* z + 6 va duóng thang y = m (cung phuong vói Ox). 

Ta se xet so giao diem hang vięc su dung TABLE de xet tmh don dięu cua ham 
só y = f[x) vói thiet ląp Start -9; End 10; Step 1. 


I GO GD dii HI i=i 


13 <B E! d] d3 13 CE @3 GS CU © i 


B MaTh 

_ FO« 

5C S-inMH 
-B 3-m3E 
-T 3-mB3 
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IB K I9B 
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li -B 

S -5 

G MB? 

s 

FCHJ 

MiaEi 
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M.SiaS 

Math 
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a 
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Ms.th 

-1 

X 
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! M li 

ss Mm? 

0 

FW) 
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H.S-idS 

1 -id ! 5 

Msrth 

5 

I X 

IG E 

ni i 

13 

F «CK> 

M-mBI 

3-mE9 

3-m3B 

Math 
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Tir ket qua trong ban g g ia tri ta có the dua ra hang bien thien nhu sau 
| X — 1 0 1 +00 J 

! /(x)T+oo x ~Z\ 


S* 3\ 
541 2 


Ta thay do thi ham só y = f (xj cat duóng thang y = m (cung phuong vói Ox) 
tai ba diem phan bięt khi va chi khi m = 3. 

___ _ _____ Dap an A. 

Vi du 6: Tim tat ca cac gia tri thuc cua m de duóng thŚng d:y = mx +1 cat dó thi 

X + 1 

\H ): y = -—- tai hai diem thuóc hai nhanh cua dó thi (id). 

A. -l<m<0. B. m>l. C. 0<m<l D. m>0. 


1. Su dung may tinh cam tay. 

Dó thi ( Hj có duóng tięm can dung x = 1. 

Xet phuong trinh hoanh dó giao diem cua duóng thang d va dó thi (H ) ta 

» 1 X +1 fx*l [x*l 

duoc mx + l = ——o , 

x 1 [(mx + lj(x-l)-x-l = 0 [mx 2 -mx-2 = 0(*) 

De duóng thang d cat do thi (id) tai hai diem thuóc hai nhanh cua dó thi (H) 
thi phuong trinh (*) có hai nghięm phan bięt x 1 ; x 2 thóa man x 1 < 1 < x 2 . 

Vói bai toan nay ta se su dung pćipii Sj[] [3] de thu cac phuong an. 

Vói A: Ta thu m = -0,5 thuc hien nhap 

smtsieDDEiaDiiiBODEiBiijeajdKii 

Ta thay vói m = - 0,5 khóng thóa man, ta loai A. 
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,: 4or-s mgr. ii bc» + 


13 >;b:;::vA 


Ł.-.ŚJJŁ 

Z 2 


Xi = 


11803398. 


0 Ms.tłtVA 


A2- 


-n.818033988? 


Xi= 


2.561552813 


0 MathVA 


..561552813 


£M«-Q£fc Tir cac vi dę 
phia tren ta da biet de giai 
bai toan nąy ta can tąp 
phnong trinh hoanh dó 
giao diem. Vói bai toan 
riay lai có dieu kięn dąć 
bięt tii gia thiet cho, ta có 
x = 1 la męt nghięm cua 
phtrong trinh hoanh dę 
giao diem. Tir dir kięn 
nay ta se tach phuong 
trinh hoanh do giao diem 
thanh (x - l)h{x,m) = 0, 
trong dó h(x,m ) la męt 

tam thńc bęc hai. Ta tiep 
tuc sń dung du kiśn 
BC = 4 de tim m. 


CMPLX 0 Mj.t.h Ł 

4 1 C V““ i ) a : ' : ś 'Ł 
x-i 

_102+41 


Vod B: Ta thii m = 2 thuc hien nhąp 

phg gj {€} i. S j (ssj Pj {_2 j fssj fMJ y0 Ej LEJ12® <0 liii 

Ta thay vói m = 2 thi phnong trinh (*) có hai nghięm phan bięt thóa man 
Xj < 1 < x 2 , tir day ta loai diroc C. 

De xet xem B hay D la dap an ta thii them m = 0,5 thuc hien nhąp 

Ta thay vói m = 0,5 cung thóa man, do vąy ta loąi B, chon D. 

Giai tośii tlickog 

De phuong trinh (*) có hai nghięm phan biet x t ; x 2 thóa man x i < 1 < x 2 thi 


m # 0 
A > 0 

fx, -l)(x. 


<=>1 


-l)<0 


nt^O 

m~ + 8 m > 0 

XjX 2 - (xj + x 2 ) +1 < 0 


m ^ 0 
m >0 
m < —8 

2 2 

--1 + 1 = -—<0 
m m 


<u> 


o m > 0. 


(m ^ 0 
m> 0 
m < -8 
\rn > 0 

Vąy vói m > 0 thi thóa man yeu cau de bai, ta chon D. 

Dap an. D. 

V h Tim tat ca cac gia tri thuc cua tham só m de duóng thang d:y = x + m + 2 
j cat dó thi (C m ):y = x 3 + 3x 2 + mx -1 tai ba diem phan bięt A; B; C sao cho jj 
BC = 4, biet rang x A =1. 

A. m = 0 B. m ~—1 C. m = 3 15. m = ~2 

LM giai 

Xet phuong trinh hoanh do giao diem giua (C m ) va d ta có 
x 3 +3x 2 + mx -l = x + m + 2<=>x 3 + 3x 2 + (m-l)x-3-m = 0 (*) 

Do phuong trinh <*) có mot ngięm x = 1 ner. VT se có nhan to x-1. Ta tim 
nil ar., tli cón ląi bang cach phan tich bang CALC 100. 

Cluiyer. may tinh sang moi truong tinh toan vói só phiic va nhąp vao man hinh 
X 3 +3X 2 +(Y-l)X-3-Y 


X-1 


va CALC X-i;Y = 100. 


psi rcs rPJ] U} bf \ yy i® R;1 [hj [am; LU 0 ifl LI] iiPS tei fc! lii i 

Man hinh hien ket qua 

102 + 41 = 100 + 2 + 4ż = m + 2 + 4x = m + 3 + 4x — 1 = x 2 + 4x + m + 3. 

(Ó day ta tach duąc nhu vąy boi nhan tii cón ląi la mót tam thiic bąc 
hang cao nhat la x 2 nen ta tach 2 = 3 —1 = 3+i 2 = 3 + x 2 ) 
^)<^>^x-l)(x 2 +4x + m + 3^ = 0. 

x = 1 


Ti pi m 


hai có só 


<u> 


x 2 + 4x + m + 3 = 0 (l) 
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Ro rang viec bien doi cho 
den khi xuat hien (i) sau 
dó thu phuong an bang 
may tinh cam tay se tiet 
kięm thdi gian han so vói 
vięc giai trąc tiep, mat 
nhieu thoi gian. 


Pham 2 — Chu tfe 1: Hann so va cac ćog dt/ng "jhe beat or notliir, 1 

1. Sń dung may tinh cam tay. 

Do ó bon phuong an deu chi xuat hien mot gia tri cua m, do vąy ta có the su 
dung may tinh de tim nhanh xem gia tri nao cua m thóa man dieu kięn. 

Vói A: m = 0 => ta nhap gg [g] d] Q] {=} gj {=} [g] {=} QE) 

Ta thay phuong trinh có hai nghięm 

{ x 2 ~ x c = - 3 ^ c {- 3 %) =>BC = ^~ (_3) ) 2 + ( 2 ~( _1 )) 2 = 271 (khÓngthÓa 
man). Vąy ta loąi A. 

Voi B: m = -1=> ta nhap @ © SI] 0] (D @] (U 0 CD ffi CU [=j (E 


Ta thay phuong trinh có hai nghięm 

x 1 = x B =-2 + 'f2=>B(-2 + j2;-l + yl2) 

, ._ [=> BC = 4 (thóa man) ta chon B. 

x 2 = x c = —2 — v2 => C (—2 — v2;—1 — v2 j 

2. Giai toan thóng thucmg. 

Dedcat (C m ) tai ba diem phan bięt A(l;y A );B;C thi phuong trinh /(x) = 0 
phai có hai nghięm phan bięt khac 1. 

J4'>0 J 4 -(m + 3)>0 — Jm<l 


4- m + apu m < 1 , , . . . , 

[/(l)*0 [l + 4 + m + 37t0 \m=t- 8 ' ' ' ) \ ) 

Vói dieu kięn nay thi B(x 1 ;y 1 ),C(x 2 ;i/ 2 ) la hai giao diem cón lai cua d va 
( C m) • Luc n ay ta có x,; x 2 la hai nghięm cua phuong trinh (l) va dong thoi 
B, C e d nen 

y, = x 1 + m + 2; y 2 = x 2 + m + 2. 

Tir day ta có BC 2 = (x 2 - x, ) 2 + (y 2 - y t f =2(x 2 - x 2 f = 2(x, + x 2 ) 2 - 8x,x 2 . 


Mąt khac, theo dinh ly Yiet ta có 


Xj + x 2 = -4 
x,x 2 =m + 3 


. Do vąy ta có 


BC 2 =2.(-4) 2 -8.(m + 3) = 8(l-m). 
8C = 4»8(l-m) = 16<t>m=-l. (thóa man (2)). 


Dap an B. 
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CAti X: Tim dieu kięn cua tham só m de duóng cong 
:/ . x 1 - 4 mx 2 + m -1 cat trać hoanh tai bon diem phan 
bięt. 

A. m< 0. B. m> 1. 

C, 0<m<4. D. 1 < m < 2. 

Cau 2'. Ton tai bao nhieu gia tri nguyen cua m thuoc 
doan [-19; 19] de duóng cong y = x 4 -4mx 2 +m-4 

cat truć hoanh tai bon diem phan bięt. 

A. 19 gia tri. B. 18 gia tri. 

C. 15 gia tri. D. 38 gia tri. 

Caii 3: Tim tung do giao diem cua duóng cong 
2x-3 


V 


va duóng thang y = x—l. 


x + 3 

A, 0. B. 1. C. 2. TA -1. 

Clu 4; Tim so giao diem cua hai db thi ham so 
y = 2x 2 -llx + 21 va y - 3i/4x -4. 

A, 3 giao diem. B, 2 giao diem. 

C 1 giao diem. D. 4 giao diem. 

Ou 5: Duóng cong y — x 3 -3x 2 +2x-l cat parabol 
y = x 2 - 3x +1 tai hai diem phan bięt A, B. Męnh de 

nao sau day la diing? 

A. 0 < AB < 2. B. 2 < AB < 3. 

C. 3 < AB < 4. D. 1,5 < AB < 2,5. 


x—1 


Cau 6; Db thi ham so y = ^x + l-A^- cat duóng 

thlng di qua hai diem (4; l) va (8; l) tai męt diem duy 
nhat M. Hoanh dę diem M gan nhat vói gia tri nao sau 
day? 

A. 2,13. B, 1,61. C. 3,42. D. 4,56. 

Cau 7; Db thi ham so y = Vx 2 +24-Vx 2 +15 cat 
duóng thang y = 3x-2 tąi duy nhat męt diem 
M(a;b). Tinh gia tri bieu thuc S = a+b. 

A. S = 3. B. S = 2. C. S = 4. D. S = 5,5. 

Ca« 8 : Duóng cong y = $fx + 1 + a/3x + 1 cat duóng 
cong y = v~ tąi bao nhieu diem? 

A. 2 diem. B. 3 diem. C. 1 diem. D. 4 diem. 
Cau 9: Tim só giao diem cua duóng cong 
y = yjx + ^ll-x+(x + 2)Jx-x 2 va duóng thang 

y = l. 

A. 1 giao diem. B. 2 giao diem. 

C. 3 giao diem. D. 4 giao diem. 

Cau 10: Tim so giao diem cua duóng cong 
y = 2a/x+3\/4—x+4(x + 2)a/4—x va duóng thang d 
di qua hai diem [l010;4] va (2017; 4). 


|n ky aang 

A. 1 giao diem. B. 2 giao diem. 

C- 3 giao diem. O. 4 giao diem. 

Cau U: Ton tąi hai gia tri rn = a; m = b thi duóng cong 
y = x 4 -2(rn+l)x z +2m+l cat truć hoarJi tąi bon 

diem có hoanh do ląp thanh cap só cong. Tinh gia tri 
bieu thuc T — a+b. 


T = 


32 


T = l. 


T = 


22 


2 

T = — . 


Cau 12: Ki hięu S la tąp hop cac gia tri cua m de duóng 
cong y — —x i +2(m+2]x 2 — 2m —3 cat t rl ,ic hoanh tąi 

bon diem phan bięt có hoanh do ląp thanh mot cap só 
cóng. Tinh tóng M cac phan tir cua S. 


A. M = 


14 


B, M = 2. 


M = 


22 


D. M - 


17 

9 5 3 

Cau 13: Tim dieu kięn ciia tham só thuc m de duóng 
cong (c) :y = x i —(6łw+4)x 2 +3(6m+l) cat tnie 
hoanh tąi bon diem phan bięt trong dó có ba diem có 
hoanh do nhó han 2. 

A. m> 1. B. m>0,5. 

C. m>2. D. 0 < m < 4. 

Cau 14; Tim tat ca cac gia tri cua tham só m de duóng 
cong y = (m-3)x 4 -2mx 2 +6m va tryc hoanh có diem 

chung. 

a 0<m<l. 5. 0<m<3,6. 

C. 2<ni<3. D. 0<m<3. 

Cau 15: Tim tat ca cac gia tri thpc cua tham só m sao 
cho db thi ham só y = x 3 + mx +16 cat truć hoanh tąi 
ba diem phan bięt. 

A, m> 12. B. m<—12. C. m<0. D. m«0. 
Cau 16: Tim tat ca cac gia tri thuc cua tham só m de 
phuong trinli 2x 3 +3x 2 -12 x = m có dung mot 
nghięm duóng. 


772 < -7 

Ti 

[772 =-7 

0. 

m > 0 

m > 0 


m<-7 
m > 20 


D. me0. 


Cau 17: Tim tat ca cac gia tri thpc cua tham só m de 
phuong trinh 4 1 " -2*' +2 +6 = m có ba nghięm phan 
bięt. 

A. jn = 3. B. m > 2. 

C, 2<m<3. D. 2<7w<3. 

Cau 18: Só nguyen duóng lón nhat m de phuong trinh 

2 gi+'/i-? _( m +2)5 1+ '^ r +2772+1 = 0 có nghięm la 

A. 20. B. 35. C. 30. D. 25. 

Cau 19: Tąp gia tri cua tham só m de phuong trinh 
5.16 1 -2.8T = ra.36* có dung 1 nghięm la 

\m < —J2 


m > 0 . 


m > -Ji 


C. YwieK. D. mg0. 
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Cau 1: Dap an B. 

Xet phuong trinh hoanh do giao diem 
x 4 -4/m; 2 +7n-l = 0 

De do thi ham so da cho cat truć hoanh tai bon diem 
phan bięt thi phuong trinli (*J có bon nghięm phan 
bięt. 

Dat x 2 = f (f > 0 ). De thóa man yeu cau tren thi 


phuong trinh i 2 - 4mt + m -1 = 0 có hai nghięm 
duong phan bięt 0 < i t < t 2 . 


<=> 


A' = (-2 nif ~m +1 > 0 
t 1 t 2 > 0 

j >0 


4ra ~m +1 > 0 
m -1 > 0 
4m > 0 


BeEaEtsisaiEii 

’ E Math 

ńll Real Numbers 


bpt <=> 


\m > 1 

i <=> w > 1. Ta chon B. 
[m > 0 



Cau 4: Dap an C. 

Xet phuong trinh hoanh dó giao diem 

2x 2 —llx + 21 = 3\/4x —4 

<^>2x 2 -llx + 21-3^4x-4 =0 

Su dung TABLE de xet tinh dong bien, nghich bien 

cua ham so /(x) = 2x 2 -llx + 21-3%/4x-4. 

@Bii 




ta 

Math 


K 

F CK) 


13 

3 

2= asm 


13 


0 


IM 

M 

a- la n 

3 


Dua vao bang gia tri ta có the ket luan phuong trinh 
hoanh dó giao diem có mot nghięm duy nhat la 
x = 3 => hai do thi ham só' y = 2x 2 -llx + 21 va 
y — 3ij4x - 4 có duy nhat męt giao diem. 

Cau 5: Dap an A. 

Xet phuong trinh hoanh do giao diem 
x 3 -3x 2 + 2x-1 = x 2 -3x + l 


Cau 2: Dap an C. 

Xet phuong trinh hoanh dó giao diem 


<=>x 3 -4x 2 +5x-2 = 0. 

IMSiBSi® (D B1511 (U (U 


x 4 -4wx 2 +m ~4 = 0(*) 

Xi= 

E MathV 

X2= 

0 Math A 

Dęt t = x 2 (f >0). 


2 


1 


(*)«i>f 2 -4mf + ra-4 = 0. 

De thóa man yeu cau de bai thi phuong trinh tren có 
hai nghięm duong phan bięt. 

[a' = (-2 nif -m + 4 > 0 
fjt 2 = m-4 > 0 
fj + f 2 = 4 m > 0 

m <s> m m bbi b m m o m tu 


ńll Real Nurnber-s 


bpt <=> m > 4. Vay có 15 gia tri nguyen cua m thóa 
man yeu cau de bai. Ta chon C. 

Cau 3: Dap an D. 

2x ~ 3 _( r 

x + 3 1 ’ |2x-3 = (x-l)(x+3) 

133 H DD S fi] @ @ CD H (Tl B (31C3 CD 
s cd E) ca ni (na dg) o m gd cu m nu in 
mistiiED 


2X-3=(X-l)(X+3) 
x= o 

L-R= _0 


=> A (2; —l), B (l; —l). 

AB = ^(2-l) + (-l + l) = 1. Vay ta chpn A. 

Cau 6: Dap an B. 

Phuong trinh duong thang di qu a (4;l) va (8;l) la 

y = i. 

Xet phuong trinh hoanh do giao diem 
vx+l 


= 1 . 


Dieu kien: 


x—1 
x 

X>1 

-1 < x < 0 


Sii dung SOLVE de tim nghięm cua phuong trinh. 

GD @H B ffl El ® El © ® H [D El El ® 
CO ® ® ED G1 is) jg) © CS] El CS [§] 


1X+1-^-1 

X= 1.613035316 
L-R= _0 


= 0 => y = -1. Vay ta chon D. 


=> nghięm x vua tim dupc chinh la hoanh dó cua 
diem M. Vąy ta chon B. 

Cau 7: Dap an B. 

Xet phuong trinh hoanh dó giao diem 
i/x 2 + 24 -%/x 2 + 15 =3x-2 
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Ę M&H 

t 2 +15- 


L~R- 


x . "• ~>a - i . • 1=>S = 1+1 = 2. 

Ta chonB. 

Xet phuong trinh hoanh do giao diem 
^x+l+^3x + l = %/xAL 

m fsniPT! psi i® m hfj CD cs> (fi te 
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Oua vao bang giń tri ta có the ket !u§n phuong trinh 
có nghięm duy nhat x = — 1. Vąy hai do thi ham so 
cat nhau tai duy nhat męt diein. V|y ta chpn C. 

fcas 9: Dap an 5, 

Xet phircmg triniri hoanh dę giao diem 
4x + \jl-x +(x + 2) \lx-x 2 = 1. 

Dieu kięn 0 < x < 1. 

li [U Hj iD SS<£E)IS)GDBl®CB<e>E)CD 
pi] [T] fjg [J] r.D fvg fl)B CD fc“i LLS i£!i ® fc lii 
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D 

FOO 

PnHSIiS 
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Math 

O 
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IbwwI 

0 
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sL_ 

0 

FtK) 

I.SED1 

I.S2IE 

I„UB1B 

Math 

i 

i Q s i 

!°lB5BaM 

"a 

l.MBIB 

ia«a 

a 

Math 

o.s 

s. 


Nhin vao bang gia tri ta thay phuong trinh 
4x+^l-x+{x + 2)4x-x 2 = 1 có dung hai nghięm la 
x - 0; x = 1. Do vay dudng cong 
y = 4x+ -j\-x + (x + 2) a/x - x 2 cat dudng thang y = 1 

tai hai giao diem, ta chon B. 

Cau 10: Dap sit A* 

Dudng thang d di oua hai diem (1010; 4) va 
(2017; 4) có phuong trinh y - 4. 

Xet phuong trinh hoanh do giao diem 
2sfx + 3^4 - x + 4 (x + 2) >/4 - x = 4 
Dieu kien 0 h x h 4.. 


,„,2 1 

:ŚL?nSi ! >' ■ j ;JC ijJ - 
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1 K 

pras 


1 1 

SlsTO 



n B M8S 



i 
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:-> x = i la nghięm duy nhat cua phuong trinh hoanh 
do giao diem. Vąy hai do thi ham so cat nhau tąi duy 
nhat moi giao diem. Ta chon A. 

(2| a U: Oji; jn A. 

De dudng cong y = x 4 — 2(m+l)x 2 +2///+1 cat truć 
hoanh tai bon diem có hoanh do lap thanh cap sd 
cong thi 9 b 2 = 100«c (cong thuc dugc dua ra 6 sach 
Cong pha Toan 3) 

■t=>9.(-2) 2 .(m + lf =100(2m+l) 

<=> 36m 2 + 72m + 36 = 200m+100 
<=>36m 2 —128 /m—64 = 0 

III LID C£ GD OD (3 S Cj GD [II L?il ED ® GS [§L 


Xi= 


4 

jłj 


=>a = 4;b = --=>T = — . Vęy ta chon A. 

9 9 

Cau 12. tMp ńn A. 

Tuong tu nhu bai tren ta có 

9 b 2 = 10Gac <sj>9.4.(wi + 2) 2 =100(2?w + 3) 

<r.» 36 /h 2 +144 rn +144 = 200/w + 300 
«■ 36 m 2 - 56 m -156 = 0 

gg [U DlJ !1 j S3 l¥i EJOOEOliElG^GDCIjOIj 


“ i MatW 

13 MtfhfA 

Xi= 

X2= 


13 

3 

9 


„ , 13 14 . , . 

=>M = 3-= —. ta chon A. 

9 9 

C 8M 13: B. 

So giao diem cua dudng cong (C) vói truć hoanh la 
sd nghięm cua phuong trinh hoanh dó giao diem 
x 4 —(6m+4)x 2 + 3(6m+l) = 0(l) 

Dat x 2 =t(t> 0) thi phuong trinh tró thanh 
f 2 —(6w+4)f+3(6/n+l) = 0( s ') 

De thóa man yeu cau de bai thi phuong trinh (l) có 
dung ba nghięm nhó hon 2 (hic có dung mot nghięm 
lón hon 2) thi phuong trinh (*) có hai nghięm phan 

bięt tj; f 2 thóa man 0 <t l < 4 < t 2 . 

Ta thii timg phuong an. 













Huan 2 — Chń de 1: Harsi so va cac itog dong 

Vai m — 2 thi giai phtrong trinh 


Ibe best or not bing 

Ta thay nghięm x 2 ; x 3 la nghięm ao, vąy khóng du 3 


s ej on tu u=j ej cli su w m w a m m ej 

m m © so li j m m m m m m 


X2= 


0 MathTA 


Xi= 


13 


Thóa man, vąy ta loai C. 
Vói B ta thu m = 0,6. 


@m©0m®®[HE]®E)(I)[I)l=l[S(3 
mBiaEisBmmEHadjgi _ 

r~7. 0 MatW I B MathTA 1 


a SDtW 


Xi= 

X2= 

23 


5 

3 


Thóa man, vay ta loai A, cón D. 


Vói D tha thu m — 5. 


nghięm thuc, ta loai A. 
Vói m = -14. 


asiDSisiEjBmagmsii m 
mm 


0 MathV 

Xi = 

-4.21818670? 

X2= 

2.9 

a MathTA 

18522599 


S Math A 

Xs= 

1.299664103 



Ta thay có 3 nghięm thuc => dap an dung có the la B 
hoac C. 

Thu them vói m = —1 khóng thóa man, nen ta loai C, 
chon B. 


@m®BE[s®o(BfflramaiS(Dd] 

(stsaimmiDiD 


Xi= 


J31 


X2= 


Thóa man, vay ta loai D, chon B. 

Cau 14: Dap an B. 

Xet phuong trinh hoanh do giao diem 
(m- 3)x 4 -2 mx 2 +6m = 0 


Vói m = 3 thóa man (vay ta loai A va C). 

Vói m 3 ta thuc hięn thu. 

D|t x 2 = t (f > 0). Phuong trinh hoanh dó giao diem 
tróthanh (m-3)t 2 -2mt + 6m = 0(*) 


De thóa man yeu cau de bai thi phuong trinh (*) 

phai có it nhat mot nghięm khóng am. 

Ta thu vói m = 3,6. 


S©CBL3]0®0®(IiO(S(33®HGI] 
(s) EJ EJ EJ EJ EJ UJ (D© 


x= 


I_ŁJ 

Thóa man, do vay ta loai D va chon B. 

Cau 15: Dap an B. 

De dó thi ham só y = x 3 +mx +16 cat truć hoanh tai 3 
diem phan bięt thi phuong trinh x 3 + rax+16 = 0 (l) 
có 3 nghięm phan bięt. 

Vói m = 14 su dung §§d| [J] [4 | 

SElEllIKlHaiDdKaiDDDd]®©® 


(U 


0 MathT 

Xi= 

-1.058213891 

X2= 

0.5291069456+3.► 


a Math A 

Xs= 

0.5291069456-3.► 



Cau 16: Dap an B. 

Dąt / (x) = 2x 3 + 3.t 2 -12x Khi dó phuong trinh ban 
dau <=> f(x)~m (l).De (l) có dung 1 nghięm 
duong thi duóng thang y = m cat dó thi ham só 
y = f(x) tai dung mót diem có hoanh do duong. 

Su dung TABLE khao sat ham só 


SĘKU Irn 3 m 0 CS O GB EJ H Q] m EJ CD 

EjecaiHiiuBmiD im m ej m o tu 

I I „ , , Mul 1 TT -1 



X 

a 

Mith 




Mith 

M 

5 

F <X) 



X 

f ck:» 

mM 

n.s 

BD 


IB 

1 1 

nifl 

-5 


ET 

“ 1 ■ 5 

SB 

-2 

IB 

1.5 

-M.S 

1 


Ta thay ham só có cuc dąi la 20, cuc tieu la -7 nen ta 
có dó thi nhu sau. 



nhau tai dung mót diem có hoanh dó duong, ta chon 
B. 


Cau 17: Dap an A. 

Dat /(xj = 4’ —2 X +2 +6. Khi dó phuong trinh ban 


dau = 

Su dung TABLE vói thiet lap Start -4; End 5; Step 0,5. 

Ili CS (33 @ ES O (53 <g> E) CS @3 Ul m (13 (33 


o®®® 


=1 UJ EJ EJ UJ EJ UJ EJ Od) (U 




a 

F(X> 

Matfi 

5 

-B 

I9S 


fa 

1 

■iH 

9.EBBI 

B 

-i 
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Ta thay m = 3 thóa min, vay ta chon A. 

25 1+ ’^~* ? _ 2 . 5 1+ '^ ? + 1 

Có ląp m ta dttoc m 
Dat f(x 


25 1+ ^ - 2.5 1+ '^ J +1 




.iWj / _2 

. Khi dó phuang 


trinh ban dau <=> /(xi = m. 

Su dung TABLE vói thiet ląp Start —1; End 1; Step 

0 , 2 . 

gog S3 SUS] OD i?3 tli 93 El] CD E3 H§ CD © <® 
'->) Ej CD g] LICI S3 CD 03 GD Eli F3 iii! CD iia ® 
(g;> [±] CD (g> LII H5 CD ffi © CD EL liii UJ © CB> 
(& s CS (=D Ei E3 CD (Ii CD [IH53 CD CE OD 


LJL„ F <KJ 
iteM 1.3333 
3 -a.s li.aia 

3 "Ol, lii l!» lii 


Ouan sat bang gia tri ta thay f{x) < /( 0) = 25.043 
hay rn < /{O). Vąy so nguyen dirong m lón nhat thóa 

man la m — 25. Ta chon D. 


Cau 19: fJat> 




Co ląp m ta duoc rn - 


5.16* -2.8 
36* 


Dat f(x) = . Khi dó ohuong trinh ban 

■ J \ I 36 , x 

dau <=> f(x) = m. 

Su dung TABLE vói thiet ląp Start —9; End 10; Step 1. 

Ili®® d]® 0Q©@® m® 0GDS© 

CD © SS lii CD L 3 J © ©i H-śj UJ fel GśO E 3 ijj i*~J 

m rgi 


1 X 


m 

FCKJ 

Mat li 

fi [] 

p i 

igl D i| 


ii -a 


EBMo 1 


m -i 

! 

ŁJSS 0 E 

-9 


Quan sat bang bien thien ta thay f(x) luóngnghich 
bien. 

Suy ra duóng thang y = m luóng cat do thi ham so 
y = f (x \ tai dung 1 diem. V|y ta chęm C. 
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Trong may tinh cam tay, 
khóng có phim nao de ta có 
the nhąp vao trtrc tiep ham 
cotang. Vi vąy, de’ dua vao 
may ham nay, ta nhąp gian 
tiep qua cóng thuc cotx 

cos* , Z 1 

=- hoac cot x —-- 

sin* tanx 


sin(405° > +Sin t Ł 
COS(1830°)+COSr 

_J 6 -J 2 


Su dung cac phim jsjnj, jwg, {tenj de rthąp vao may cac ham luong giac. 
Su dung phim = de nhąp don vi dó. 



2, Cac dąng toan lien pan 

f Dąng 1: Tinh gia tri bieu thuc luętng giac chua cac góc dąc bięt 


Su- dung cac phim (sinj, (jwśj, [tehj va cac che dó góc (Deg hoąc Rad), nhąp vao may 
bieu thuc can tinh. An !|U, ta duac ket qua. 


Vi d ą 1: Tinh gia tri cua bieu thuc A - s ' n y sin 495 — duoc ket qua nao 

cos 1830° +cos 3660° ’ 1 

sau day? 


1 + 73 


E ^ 

1 + 73 


1 + 273 


2 + 73 


LM giai 


Dua may tinh ve che do IśhP] Rd§ f3l (Deg). 

sin (405°) + sin (495°) 

Nhąp vao may - — - - - 7 -ar 

r J -/loonoi __ 


s) di 0 m ® @ co m id m 0 m @ a id ta ca ca 0 en. 

An G§], may hien ket qua bang 76-77 = . 

1 + 73 


Dap a.n A. 


15l7t 2 85 tt 2 193tc _ ł2 37n , 

—— + 3cos-4tan -+ 7cot 2 . Gia 


V i ck? 2: Cho bieu thuc P = 5 sin 2 - 1 - 3 cos 2 -4 tan 2 - 

6 3 6 

tri cua bieu thuc P la 

A. 0 B. 3 C. 2 


Lad giai 

Dua may tinh ve che do góc la radian [|§Il gag GD (Rad). 

.... , , c . f 151ti V „ f 8571 Y „ f 1937t Y 

Nhąp vao may 5 sin I ——— +3cosl^-l -4 tani --- I + — 

































sinC825 a )xcos(-M 


ap vao may sm825 0 xcos(-i5 0 j + cos75 c ’xsin(-555 0 ) + tanl55 0 xtarL245 c 




.) ; i Ri Wnj k-)| i 


[13 UJ £3 Oj GB Si Oj CS © E3 Ui 

ket qua bang 0. 


o fjanj GD @3 GD E3 LlJ. An ©, may 


SIUDY TIFS 

Neu su dung bien doi 

7n 1 . i ~ 

cot— =-— va nhqp 

2 

tan— 

2 

bieu thuc vao may tinh, an 
[S] may hien Math ERROR. 

That vay, do cos^ = 0 nen 

7 n 

tan” khong xac dinh. 

Nhu vąy, neu bieu thdc 

nhap vao man hinh xuat 

7rc a 

hien tan— thi may khong 

the hien thi ket qua. 




Sit i . 7 tt 


■ V i du 4: Tinh gia tri cua bieu thiłc A = sin —— + cos 9 ji + tan —— +cot— 


Lói giai 

Dua may tinh ve che do góc la radian [550} W0§§ GLi (Rad). 

f 7n 


j n cos — 

, . (7A , n ^ , f 5n), L 2 , 

Nhap vao may sin — +cos(9jt) +tan —— h 

v 6 ) ^ 4 i sin — 

2 . 


An (sinj [?j (ŚHF 


El U] (B> CD GB S OłJ ifiS CD j l ! IG i' 1 j li( i* ( *? ® 1XI GE) 
GD HO SB ® CU ® DJ ® ®3 C£ S1D m ®IOD<©lIi-&i @0, may hi( 

qua bSng . 


! vi d-r- r. Tinh eia tri cua bieu thuc M = sin 2 25° + sin 2 45° + sin 2 60° + sin 2 65 


ud gJ.ai 


Dua may tinh ve che dó jsarri jg® UJ (Deg). 

Nhap vao may sin(25°) + sin(45°) +sin(60°) +sin(65°) , an |s»i lJ3 

f ipi 3B@®d]G3CD©0B Skii !®3 GD EB CD S3 GB (H3 SD1§3 LI 


i], may hien ket qua bang —. 
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Fhatu 2 - Cbu dl 2; Hani só va phuflrcg trinh ln iąrag giac The hest or nothin? 

. Dang 2: Dua vao gia thiet cho truóc, tinh gia tri cua mót bieu thirc luong gicie ^ 




r~ 


- Btrac V. Tir nhung du kięn ma gia thiet dua ra, ta có the tinh toan a ehe do góc 
radian: [shift] §od| (3] (Rad) hay tinh toan a che do góc do: jarfi jopg [Ti (Deg). Ó dąng 
toan nay, tac gia se chi thuc hien tinh vói dcm vi dó (Deg). 

- Biróc 2: Sir dung cac ham luong giac nguoc arcsin;t(sin -1 : [sHiFf| [sin] (sin -1 ). 
arccosx^cos _1 x^: (sjE) 0 (cos^ 1 ) hay la aretan^tan 1 x): fsHpfj [tani (tan -1 ). 

1 . 


STUDY TIPS 

Do sina = sin(l80 o -a) nen 

neu sina = i thi a = aj 

= 19°28'16,39' hoac a = 
180°-a t = 160°31'43,61". 


Yi du 1: Cho sin a = - va 90° < a < 180°. Cac gia tri lucrng giac cua góc a la: 


tan a = — 


2sj2 


B. cosa = 


2\jl 


C. tana = 


2sfl 


tan a = - 


n/2 


sirri(i) 

19°28M6.39” 


0 Math , 


180-Ans 

I60°3r4rt.fii» 


ńns^A 


0 Math . 


ifn.Kmru 


tan(ń)+ Sr 


0 Math . 


Ta có: 


Lói giai 

Dua may ve che do Deg: (Hf| @ Cl] (Deg) 

Tim a: An UD © (sirr 1 ) (g) QD <S> [U ® CD- An (=), may hien 19,47122063 
Nhąp 180-Ans: CD GD GD Q @H an (U, may hien 160,5287794 
a = 19°28'16,39" PreAns 
a = 160 o 31'43,61" —>• Ans 

Do 90° < a < 180° nen a = 160°31'43,61" = Ans . Gan Ans -» A: @@SDE>1- 
Nhu vąy a = A. 

- Phucmg dn A: Nhąp vao may tan(A) + , ah [tani (wl Fil ID ffl g) [p Cgi CD 

© CD. An i;-J, may hien ket qua bang 0. Chon A. 

Bap ara A. 


STIJDY TIPS 

Ly do ta tim diroc cac góc 
a = 131°48'37,13', hay la 
a = 228°11'22,87" la tir moi 
quan hę COS a = COS (-a) = 
= cos(360°-a) = ... 

Tong quśt: Vói keZ thi: 
cos a = cos(a + k.360°) 
cosa = cos (—a) 


, 2 3jt 

A. du 2: Cho cosa = — — va k < a < -— . Phuong an dung la: 
3 2 


n/5 2 

A. sin a =-B. tana = —= 

3 S 


sm a = 


s 


). tan a = 


£ 


cos-i(-§; 

131°4 

0 Math A 

S ? 37.13” 

0 Math A 

360-Aris 

228°li’22.87” 

ńns+A 

228 

0 Math A 

.1896851 

0 Math A 

sin(ń)+^ 

0 


Nhu vąy ta có 


Lói giai 

Dua may ve che do Deg: jiifl |qd| [ 3 ]. 

Tim a : Ta an {Suj jćo§ (w) (g) {W} <g) [3] (Sj) QJ . An HO, may hien 131,8103149. 
Nhąp 360 - Ans: GD (13 GD Q Si), an (Hj, may hien 228,1896851. 
a = 131°48'37,13" -4 PreAns 
a = 228°1T22,87" -> Ans 

Do 180°<a<270° nen a = 228°ll'22,87" la góc thóa man. Gan gia tri góc 
a = 228°11'22,87" vao bien nha A, ta an (fe) [shIft! (goj (w) (Ans —> A) . 

fc 

- Phuong an A: Nhąp vao may sin(A) + ~, aniiillOSffiH©®© 
GD. An l=), may hien ket qua bang 0. Loąi A. 

Dap an A. 
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Neu Met ianc = — ,(fle(0 0 ,90 0 )^ va tanb = —— ,(& e(90°,180°)^ thi j 


Ó vi du nay, ta tim duoc hai 
góc b — —18°26 , 5,82" hay 
& = 161°33'54,18" la do 
tanfe = tan(fo +180°). 

Tong ąnai: Vói fceZ thi: 
tarot = tan(x + fc.l80°). 


S cos (2a —b) có gia tri dung bang: 

I * B — 

S Jw 


1 


1 1 


/10 


0 Math . 


tarp[§J 

26 ° 33 * 54 - 18 ” 


lS :: 'ń 


0 Mat !l A 


28.58505118 


tatr 1 ! 

(-i) 

-18° 

@ flath A 

1 

26 5 5„82” 

0 Math A 

Ans+180 

161°33 s 54.18” 

ńns-H 

I 

J 

161 

0 Ma,th & 

.5650512 


cos( 2 ń-B)+ 3 = 
fi. 1309858295 


C0S(2fi-G)-j=j 

-0,632455532 


cos(2A-B)- 


■m 


.7634413615 


0 Math A 

cos( 2 A-B)+-i= 

■»2 1 U 


ŁiOi. 

i m 


Suy ra 


Dixa may tinh ve che dó Deg: [snPn H £] • 

Tim u : Au IsHiFt) jtsnj jj|Q i jj ( 3 ) I Ź \ \ y-;v O j. An gj, sau do an NH, M dtroc ket qua 
26°33'54,18". Suy ra a = 26°33'54,18' r do 0°<fl<90°. 

Gan gia tri cua góc a = 26°33'54,18" vao bien nhó A, ta ab gfeś] |a?rj |IoQ F>j 
(Ans —> A). 

Tim b : An @@ O GB 03 ( 3 ) (11 Cg> Qj- An {=§], sau dó an ggj, ta duoc ket 
qua bang —18°26'5,82". 

Nhap Ans+ 180: @ © Qj O EL An (§}, sau dó an Q, may hien 
161°33'54,18". 

~b = -18°26'5,82” -» PreAns 
b = 161°33'54,18" —> Ans 
Do 90° <b< 180° nen b = 161°33'54,18" va gan gia tri nay vao bien nhó B, ta an 
ii fiiFfi {§aj E3 (Ans -+ B) • 

Nhuvay cos( 2 a-&) = cos(2A-B). 

- Phuong dn A: Nhap vao may cos( 2 A-B) + -^=, an g5j QG iwj tri! ErJ &H bś 
Qj 0 FS O CD <5> SsJ US • An jSI, may hien ket qua 0,1309858295 * 0. Loai A. 

- Phuong dn 8: Nhap vao may cos(2A - B) - -j ==. An UD, may hien ket qua bang 
-0,632455532 *0. Loai B. 

- Phuong dn C: Nh|p vao may cos(2A - B) - -j= . An §=), may hien ket qua bang 
-0,7634413615 * 0. Loąi C. 

1 /S' V 

- Phuong dn D: Nhap vao may cos(2A-B)+-^==. An fjĘ}, duoc ket qua bang 0. 


Chon D. 




at» an u 


| Vi du. 4: Cho cot x = JE. 

Tinh gia tri cua bieu thurc P = sin 2 x - 

-sinxcosx + cos 2 x. 

j ta duoc ket qua: 




S 6-JE 

„ 6 —2\/5 

ą—JE 

„ 3-JE | 

f. y 

i. 1_L _ 

6 

6 

6 

, - . —o ,» • • • 


1.0 

SplSiLl 
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tarr 1 ^ 


0 Math A 


J 

24.09484255 


ńns+X 


24.09484255 


0 Math , 


sin(X) 2 -sin(X)ci> 

0.6273220038 


6-7s 

6 


0 Math , 


0.6273220038 


ńns-»X 


0 Math . 


71.56505118 


0 M&th A 

bimńj —L-y K 


Sin(3^)3+3GOSCXJ 

2 

_9 


0 Matti . 


tarrKS) 

71.56505118 


0 M&th A 

X= 0.7853981634 
L-R= _0 


ńns-»A 




tan(ń) 


1 


0 Math A 

tamxj+^n^f-t> 
X= 19.95670464 
L-R= _0 


ńns*B 


19.95670464 


Płtón 2 — Chi; de 2: Ham so va phuWng irir.ii iuWng giac 

r 


1 


— y= | - Nhap vao may [ŚHffl fi 
V 5 


he best or rtofhing 

! (ygj 


Tu cotx = \/5—»tanx = ~4=—»x = tan 

V5 

CS! <g> <g) fTl . An (U may hien ket qua la 24,09484255. 

Gan ket qua nay vao bien nhó X, an Kj @13 [f|0 EJ • Nhap vao may 
sin(X) 2 -sin(X)cos(X)+cos(X) 2 , an fiińl (EPil fTi mM|| 


6 — i/5 


An [SJ may hien ket qua bang 0,6273220038 = 


)ap an A, 


7 i du 5: Cho tan x = 3. Tinh gia tri cua bieu thńc M = — 


sini-cosi 


sin x + 3 cos x + 2 sin x 


chon ket qua dung: 

3 2 

A. - B. - 

7 9 


1 

4 


Lói gia! 

Nhap vao may fwfj ftińj [Tl fTl (tan -1 (3)). An {=[ may hien ket qua bang 
71,56505118. Gan ket qua nay vao bien nhó X, an [Arii 
sin (X)~ cos (x) 


J.J- 


Nhap vao may 


-, an ® [ii [fi [Tj [JJ £) @ S 


sin(x) + 3cos(x) + 2sin(x) 

CD CD <§> @3 SU CD O j (ii) @ 113 (D @ H di CO @ © (3D CS iii di CD 

,2 

fTl - An ID) may hien ket qua bang — . 

9 

Bap an C. 


¥i du 6; Biet tanx + 2 cot x = 3. Vay tanx va cotx theo thń tu bźng 
A. -1; -1 hoąc 0,5; 2 B. -1; -1 hoąc 2; 0,5 

C 1; 1 hoąc 0,5; 2 D. 1; 1 hoąc 2; 0,5 


Lói gia! 

Du-a may ve che dó Rad: (Sąg) §QDg (T). Su dung tinh nang SOLVE giai phuong 

2cos(x) 


trinh lrrong giac tan(Xj- 


sin(Xj 


-3 = 0. 


a . / \ 2cos(x) 

Nhap vao may tan(Xj + — : ——3. An 


im mm od as mm 


sin(x) 

HI@ di di CD® Q (3Q■ An [sfiśn] loEl , may hói Solvefor X, an [o]. An jjE) ta 

duoc mot nghięm la 0,7853981634. Gan ket qua nay vao bien nhó A, an 

1113 HO O (Ans -» A) . 

Tinh tanx, an jtąń) |imj fP)| [Tj. An |=) may hien ket qua bang 1. Nhuvąy tanx = l 
—»cotx = l. 

, , 2cos(x) 

* Quay ląi bieu thńc tan(X J + . ' - 3. An (*t) gg], may hói Solve for X, an 

sin (X j 

CS rjj • An (HE] ta diroc nghięm la 19,95670464. Gan ket qua nay vao bien nhó B, 

an fślTiFf! fgp Q (Ans —> B). 
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Tinh tan*, ab ' “i • An (U may hien ket qua bing 2. Nhtt vąy 


tan x = 2 — 7- co i. x = — . 

2 


■ hur luąnggiac 

| Ket qua rut gon cua bieu thuc p(x) la P (x) . 

| - Bwóc 1: Nhąp vao may P{X) -1’ (X). 

;; . b«6c 2: An ĘSM, may hói X? Nhąp cac gia tri tuy y sao cho thóa man dieu kięn 
| / . . 

| xac dinh cua bieu thuc P( xj. 

| - Bank 3: An {=!, may hien ket qua. Neu ket qua cho it nhat mot gia tri khac 0 tai 
ij męt gia tri x bat ki nao dó thi loąi phuong an tuong ling vói ket qua dó. Neu ket 
-I qua luón cho gia tri bang 0 vói moi x tuy y thóa man dieu kien xac dinh thi ta 
| chę>n phuong an tuong ung vói ket qua dó. 

Vi du 1: Rut gon A = cos(5ir — x) — sin| — + x + tanj^— — xj + cot(37i — *) ta 


i duqc ketqua bang 

i A. 0 


B. cosx 


D. -2cosx 


f 3n 1 (3n 1 cos(37t-x) 

Taco A = cos(57t-x)-sin|- + x + tan —~x + 


Dua may tinh ve che dq radian: jśwrT - CS (Rad). 


( 3n \ f 1 cos(3tc-X) ^ 

- Phuong an A: Nhąp cos(5rc-X)-sin| — + X + an 

smilias OH CD B g® iI3 §11 ®SCI3<BE)SCDQjfflgJ 
@3^®fljCI3<e>E}®C303$&? Cli dii SIS E) iii CI! CO GE! §1 iJ j 
gjgj pgj E3 jlśM l CO Oj. An g2g, may hói X? An CCI CD GD (X = 1,5). An (=}, man 

hinh hien ket qua bang 0. 

Dung CALC vói vai gia tri X khac ta deu nhąn duoc ket cua bang 0. 

Dap an A. 



! Vt du 2: Cho bieu il-uc P = sm A +sm2 - i cos x , Rut gon bieu thuc P ta duoc: 
i • tan 2x -1 

i 1 

i A. P = sin2x B. P=sin3x C. P = cos2x O. P = -- 
l ' ‘ 2 


Lei giai 

Dua may tinh ve che do radian: jaffr] f§H iJEj (Rad). 

sin(x) 4 +sin(2X)-cos(x) _ , ^ 

- Phuong an A: Nhąp vao may-tan(2X)-l sm(2X), an !l;j [ajn] 

pHi en 523 spi fTi cSh FPj |sp (11 j2®§ (Tl CO E9 @ CO CS tefi [4j (3) @3 ij] 
gjpj CO CD Gr! CD d® S ip GD RS (Tl CD - An IcSufl , may hói X? An (JJ Qj (§] 

(X = l,5). An (U, man hinh hien ket qua bang -1,131112505 a 0 . Loąi A. 









0 Math A 

sin(Xj4 +S i nt 2X). 


l J han 2 — Oiu de 2: Ham so va pht/ting trinh is.feJng 

sin(x) 4 +sin 

- Phuang an B: Nhąp vao may --— - -- 


sin| 

A ) 4 +sin 

,(2X 

)-cos| 

w 4 

tan( 

2X) 

-1 


-sin(3X). An (caŁ cL 


i ■. — - j - * ' ' • ^ 1*<__1 i v i 

, 0.01246237894 -o, 01246237894 * 0 . Loąi B. 


0 Math A 

sin(8ł4 +S in(2M) r 
tan(2X j- 


D , , „ .... , , sm(x) +sm(2X)-cos(X) . , „ 

* - Phuang an C: Nhąp vao may -—- -- ^—cos(2X). An Etc], 

tan(2X)-l v ’ —' 

CL may hói X? An LiJ E3 LU (X = 1,5). An (=], man hinh hien ket qua hang 0. 
Dung CALC vói vai gia tri X khac thi ket qua deu hien bang 0. Chon C. 

______ Bap an C. 

, (l-tan 2 x) i 

S A/l T?iif crrvn hion ł-T-nW' A — ' / m_ a * r 


0 __ Math A 

_ 

4tan(X)2 si 



|l-tan 


1 » 

4tan(x ) 2 

sin(2X ) 2 


Lód giai 

(l-tan(x) 2 ) 

Nhąp vao may -, an ® (T) CD E) @ E® Q3 (13 (13 

4tan(XJ sin(2Xj 

m © ® a @ e® ca ca s®E0 rs @ m e dj ca m ■ An 

may hói X? An (Tj Ej GD (X = 1,5). An (=3, man hinh hien ket qua bang - 1 . 
Dung CALC vói vai gia tri khac thi ket qua deu bang -1. Chon B. 

____ Dap an B. 

Vi du 4: Bieu thuc M = (sin 4 x + cos 4 x - l)(tan 2 x + cot 2 x + 2) có gia tri khóng 


(sin(X) 4 +eos(X)i> 

_ -2 


Lol giai 

Nhąp vao may (sin(x) 4 +cos(X) 4 -l) tan(X) 2 + C ° S W +2 , an R1 fiiń] lim] (71 

A słn ( x ) J 

□d© ® ® (±3 @ e® m ca @5 ® <b E) m cu m @ m ca ca © ® e 

IM® lD (33 © GS @ E® (3 E © GE) GD CD • An (5fię), may hói X? An 

03 CD (U (X = 1,5). An @, man hinh hien ket qua bang - 2 . 

Dung CALC vói vai gia tri X khac ta deu nhąn duoc ket qua bang -2. Chon C. 

Dap an C. 


Vi du 5: Rut gpn bieu thuc P - + *»*»♦*»* ka 4 dli 14 

cosx sinx 


A. P = 3 


Nhąp vao may 


C. P = 5 


Lói giai 

cos(x ) 3 -cos(3X) sin(x) 3 +sin(3X) 
cos(x) sin(x) 



















Morę thai 


tóiil f3] fcpM [>1 Oj( 5) jSy ®p Qj I )] . An jCAtOj, may hói X ? An AJ LU L 

(X = 1,5}. An Oij, man hinh hięn ket qua bang 3. 

Dung CALC vói vai gia tri X khac ta deu nhart dugc ket qua bang 3. Chon A. 


fQO= 


El Math 

' cos i )-i 


5 ii 


, n , FCK5 
114 SE! 
wi error 
■““"B-HEIB 


120 


g i: Tim tąp xac dinh cua ham só lugng giac 


1 - Buóc 1: Bua may tinh ve che do igr! jksi l3j(Deg). 

S - Buóc 2: An SUS @ ® [D EI3 va El (Tl (TABLE), nhąp ham so f (X) , an UJ 

| thi may hói Start?, End? va Step?. Ta se sit dung chiic nang TABLE nay hai łan cho 
Ij cimg mot ham só' /(X): 

| + Lan 1: Nhąp Start = O,End = 180,Step = 15 (don vi: do). 

| + Lan 2: Nhąp Start = 180,End = 360,Step = 15 (don vu do). 

I _ Buóc 3: Sau khi nhąp Start, End va Step, an (§j bang gia tri cua ham só f(X) se 
j! hien ra. 

ij _ Buóc 4: An <£> de thuc hien xem toan bó bang gia tri gom 2 cęt X va F(X). Quan 

| 

jj sat xem tąi vi tri nao cua bien X tuong ńng vói cot F(X) hien chu ERROR thi tai 

I dó ham so khóng xac dinh. Ta quan sat bon dap an A, B, C, D roi doi chieu de chon 

! 

ii dap an dung nhat. 





Hi 

Mjgh 

, 

I 

FCK) 

ERROR 


? 

Si 

- i . 101 


1 

iii 

“Ob S 31 

0 


Dera may tinh ve che dó (SHFfj psoj (Jj (Deg) 

l-sin(2X) 

An ilif!@<X>(H03 va 111CŻJ (TABLE), nhąp ham f(X) = -^^^y—An 

ffl 03 0 @ CU UD dl CS ® @ 00 iS CD CD H OJ G=j • 

Nhąp lan 1: An d) may hói Start?, an © (Start = 0). An ii] tiep, may hói End?, 
an Rj OD ® (End = 180) . An M tiep, may hói Step?, an Ij CD (Step = 15). 

An L#J bang gia tri se hien len. Sir dung nut <g> de thuc hien keo xuong xem toan 
bó bang gia tri, ta thay tąi X = 0 va X = 120 thi cot F (X) hien ERROR. Trrc la tąi 

r = 0 “var = 120° thi ham só khóng xac dinh. 

In 2: An K3 de tró ve ham só f () 


l-sin( 

2X) 

cos| 

(3X 

H 



K 

F (XI 

Matii 

U 

5 

@sll 

EftROR 


I 

lig 

-la IM 

240 


An [iO may hói Start?, an Qj (U © (Start =180). An © tiep, may hói End?, an 
-J] © © (End = 360). An © tiep, may hói Step?, an CO 00 (Step = 15) . 


LOYEBOC 


16' 







5TUDY TIPS 


Ta có 


- /l + C( 

V1—si: 


cot X 
— sin3x 


1 + - 


I sm x 
i l-sin3x 


sm 2 x(l-sin3jt) 




0 

Math 

s 

HŚtaUT 

FCK? 

ERRCR 


E 

15 

3.1331 


3 

30 

EftROF; 

O 


SuApfi' 

IE5 
i BU 


F(K) 
ERROR 
3.1331 
ERROR 


150 


fck> 

■Mkąiilj. ERROR 


135 

BID 


3. 353 
I.MIM3 


180 


El 355 
3 UftEF 
335 


FCK) 

1.3133 

ERROR 

1.3133 


270 


! 3 
13 

mm 

0 

FCK? 

E.S51I 

ERROR 

Math 




360 


Phan 2 - thń G# 2• Hasia so va phiAMig trinh iu'ęnc pia 


rhe 


o€;si or nceisiisns 


13 

13 

IM 

K 

mm 

a 

FCK? 
-5» iEl 
ERROR 

Ms.th 



360 


An G3 bang gia tri se hien len. Sit dung nut @ de thuc hien keo xudng xem toan 
bo bang gia tri, ta thay tai X = 240 va tai X = 360 thi cot F(x) hien ERROR. Tuc 
la tąi x = 240° va x = 360° thi ham so khóng xac dinh. 

Vay tąi cac góc 0,—,-^,2tr(rad) thi ham so da cho khóng xac dinh. Doi chieu 
vói bon phucmg an A, B, C, D ta chi thay A thóa min vói k = 0, k = 1, k = 2, k = 3. 



An ii gU ® [|] fDSH (TABLE), nhąp f (x) = 
An r ' 




(sin(x)) 2 x (l - sin(3X)) 

S) m H di d! OD W ® 0BSS dl @ łH Q3 [Tj. 

Nhąp fan 1: An (]§] may hói Start?, ah {&) (Start = 0). An GU tiep, may hói End?, 
an (Tl dJ (13 (End = 180). An (D tiep, may hói Step?, ah (T) {W} (Step = 15). 

■a/ ^ < 

An S bang gia tri se hien len. Sir dung nut <© de thuc hien keo xuóng xem toan 
bę bang gia tri, ta thay tąi X = 0,X = 30,X = 150 va X = 180 thi cpt F(X) hien 

ERROR. Tuc la tąi x — 0 , x = 30 , x = 150 va x = 180° thi ham só khóng xac dinh 

Nhąp fan 2: An g§ de tró ląi ham só f (X) = j--ł_. 

^(sin(x)) x(l-sin(3X)) 

An © may hói Start?, an Q] @ CU (Start = 180). An (U tiep, may hói End?, ah 
(Jj © © (End = 360). An © tiep, may hói Step?, ah Qj [fj (Step = 15). 

An §D bang gia tri se hien len. Sit dung nut © de thuc hien keo xuóng xem toan 
bo bang gia tri, ta thay tąi X = 180,X = 270 va tąi X = 360 thi cot F(X) hien 

ERROR. Tuc la tąi x = 180°, x = 270° va x = 360° thi ham só khóng xac dinh. 

Vąy tąi cac góc 0,—,—, jt, , 27c(rad) thi ham só da cho khóng xac dinh. Doi 
chieu vói bon phuong an A, B, C, D ta chi thay A thóa man. 

Vi dii 3: Tąp xac dinh cua ham só y = tan 2x + cot2x la 


D = m\\k-;ke Z 
2 


Daro an A. 


A. D = K\|ifc|;Jfce; 
C. D = K \ {Attc; k s Z) 


D. D = R\{k27c;keZ} 
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Dna may ve che do [sHiRj gg^j JO (Deg). 
An JHF;'! Iiks 


„ ^ , . , . cos(2X) 

s j LU va gjOffij] CD (TABŁE), nhąp f(x) = tan(2X) + — — 77 ^\' 


[jgJ [JJ L 


an ;jj Lej \jj, 
f=1 u 


1: An EHJ may hói Start?, an [o] (Start =0). An @0 tiep, may hói End?, 
180 ). An ijssj tiep, may hói Step?, ah Qj [sj (Step = 15) . 

An [A] hang gia tri se hięn len. Sb dung nut (A, de thtrc łiięn keo xuong xem toan 
bo hang gia tri, tathaytąi X = 0,X = 45,X = 90,X = 135,X = 18Q thicot F(X) hien 
ERROR. Tńc la tai x = 0°,x = 45°,x = 90°,x = 135° va x = 180° thi ham so khóng xac 
dinh. 




E M*th 



h 

Math 



0 Math | 

3 

S 

15 

F CK? | 

ERROR 

3 

m 

K 

30 

ms 

m FCK) 

-aÓ3103 


5 

1 

K 

15 

F(K) | i 

i&ll 

3 

10 

Sn s mul 

sl 

50 


B 

ms 




0 




ERROR 



ERROR1 



0 Math 


0 

Mat h 

H 

PCK) | 

1 K 

F CK) 


m i a o 

lOl 115 

feH 

IS i ES 
El lid 

i&fi 


ni iso 

-gaioi! 

ml 




ERROR 



ERROR 


Nhąp fan 2: An jAÓj de tró ląi ham só £(X) = tan(2X) + 


cos 


(2X) 


sin(2X) 

An 1=0 may hói Start?, an (jj [H Q>j (Start = 180). An tiep, may hói End?, an 
GO l®j [51 (End = 360). An (3 tiep, may hói Step?, an Qj [§J (Step = 15). 

An Os.: hang gia tri se hien len. Str dung nut (j) de thuc hien keo xuong xem toan 
bp bang gia tri, ta thay tai X = 180, X = 225, X = 270, X = 315 va tai X = 360 thi cot 
F(X) hien ERROR. Tóc la tai x = 180 o ,x = 225°,x = 270 o ,x = 315° va x = 360° thi 
ham só khóng xac dinh. 



tc tc 3tc 5tc 3tc 7 tc 

Vąy tai cac góc 0, — , — , —, n, —,—,—,2rc(rad) thi ham só' da cho khóng xac 
4 2 4 6 2 4 

dinh. Doi chieu vói bon phirong an A, B, C, D ta chi thay A thóa man. 

Dap an A. 


| Vi a u 4; Tim tąp xac dinh cua ham só y = ^ hc o s - 1 


sm x 


A., D = R\\- + k2n,kt 

U 

C. D = K\{far,iceZ} 


B. D = M 

D. D = M\(TC + /c27i:,fceZ) 


Loi 


Dira may ve che dó |hfvj Imoce} f3) (Deg). 
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Phśn 2 - Chu dl 2; Ham so ya phutfng irinfo lultng giac 


An jii-i j §jQD§ © [5] Qj va S553 Ifl (TABLE), nhąp f (X) 


1 he best or noihing 


l + cos(X) 
) sin(X) 2 


an 


1 

a 

3 

X 

D 

15 

iD 

a 

j=ixs 

Matb 

ERROR 

5.4113 

a,i3E 


ia 

13 

!U 

X 

155 

ISO 

a 

F<8) 

□-1135 

Math 

ERROR 

sta a iw? 


—rum 

X 

1 BO 
135 
E 1 

a 

f 

Math 

ERROR 

KmO? 

0.1132 

□ ,132 


12 

13 

14 

X 

345 

350 

a 

F CX> 
5-4113 

MMti 

ERROR 



Ba§iiG3Qj®SB(3D]& 

Nhąp lan 1: An UD may hói Start?, an QD (Start = 0). An [ssj tiep, may hói End?, 
an l~1i l"8l ? Ol (End = 180 ). An (§D tiep, may hói Step?, an (T) U] (Step = 15) . 

An (UD bang gia tri se hien len. Su dung nut © de thuc hien keo xuó'ng xem toan 
bo bang gia tri, ta thay tai X = 0,X = 180 thi cot F(x) hien ERROR. Tńc la tai 


x = 0° va x = 180° thi ham só khóng xac dinh. 
Nhąp lan 2: An @ de tró ląi ham só f (X) = 


l + cos(x) 


sin(x ) 2 


An OH may hói Start?, an (T) C1J f.§] (Start = 180) . An (=) tiep, may hói End?, an 
(H [JO {o] (End = 360). An {=) tiep, may hói Step?, an [T] [1] (Step = 15). 

An (MS bang gia tri se hien len. Su dung nut © de thuc hien keo xuóng xem toan 
bo bang gia tri, ta thay tai X = 180 va tąi X = 360 thi cot F (x) hien ERROR. Tuc 


la tąi x = 180° va x = 360° thi ham só' khóng xac dinh. 

Vąy tąi cac góc 0,7t,2~(rad) thi ham so da cho khóng xac dinh. Doi chieu vói bon 
phucmg an A, B, C, D ta chi thay C thóa man. 


Bap an C. 



a 

£ KJ \ _COS ( i]!" 

-60) 

U^j- Sin(2 ^ 

-60) 


2 

3 

M 

X 

15 

30 

M5 

a 

F (X) 

§yn 

1.132 

Math 

ERROR 


3 

X 

105 

a 

F(X> 

-1.132 

Math 

3 

ID 

ISO 

135 

1.132 

ERROR 


Dua may ve che do [śtffrl !m 3 j~3l (Deg). 

An@@®!l]Svaa0 (TABLE), nhąp f (X) = , an @ (D 

im m s ® o m m @ m m m s © m m. 

Nhąp lan 1: An 1=3 may hói Start?, an GD (Start = 0). An (MS tiep, may hói End?, 
an CU) CU C53 (End = 180). An (=] tiep, may hói Step?, an Q] [g] (Step = 15) . 

An (M3 bang gia tri se hien len. Su dung nut ® de thuc hien keo xuóng xem toan 
bó bang gia tri, ta thay tąi X = 30,X = 120 thi cot F(x) hien ERROR. Tuc la tąi 


x = 30° va x = 120° thi ham só khóng xac dinh. 

^ , \ COS 

Nhap lan 2: An @ de tró lai ham só f (X) =- 

sin 


(2X-60) 
(2X-60) ' 
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li męt so phiftósig trinh Itfdny glac co ban bing rrtlf t im sam tay 


Xet cac phuong trinh luong giac ca ban: 


cos u = cos v<^u = +v+k2n 


sin u = sm v <o> 


u = v + k 2n 


u = K—v+k2n 


tan« = tan» <^>u = v+kn cotu = cotv<z>u=v+kn 

Trong dó: keZ. 

Nhan thay, cac phuong trinh tren deu la bąc nhat theo k. Do vąy neu gan k = i 
trong phuong thuc CMPLX: fioH fal ta se có duoc ho nghięm tuong ung. 


I -Paigl- Phuong trinh dang cos(ax - fc) = m vói |m| < 1 va a ^ 0. 




Phan tleli: 


ax + b + (cos 1 (m) + k x 2n) 

I cos(ax+b) = m<»ax+b =+cos -1 ( m)+k2n <=>- --- = 0 . 


Ta cung có the thuc hien 
tuong tu neu don vi góc 
cua bai toan la dp. Tuy 
nhien, truóc khi nhap vao 
may can dua ve che do 
i ■ m i®,00 (Deg). 

Chuy: ir(rad) = 180° . 


| Quy trinh barn may: 

! * Buóc 1: Dua may ve phuong thuc CMPLX: gg (Tj va che do [gijffj gg Rj(Rad). 

[ * Buóc 2: Nhap vao man hinh (aX + b - (cos -1 (m) + Yx 2u) j + a . 

[ * Buóc 3: An faic \, nhąp X = 0 va Y = i . An (£0 may hien ket qua la só phuc dang 
| a + pi. Ta ket luan ho nghięm thu nhat cua phuong trinh la x = — a — kp,(keZ) 

I „ 

(doi dau ket qua cua may va thay chu i bói chu k). 
s * Buóc 4: Sua man hinh thanh (aX + fr-(-cos -1 (m) + Yx2Ti;)j-^a . 

| * Buóc 5: An {ms\ , nhap X = 0 va Y — i . An (=] may hien ket qua la só phuc dang 
y + 8i . Ta ket luan ho nghięm thu hai cua phuong trinh la x=—'y-k5,(k eZ). 


Vi du: Giai phuong trinh lupng giac cos nx + 


3tt| n/2 


5 J 2 


Ltri. giai 


' Buóc 1: Dua may ve phuong thuc CMPLX: |ffi| Gl) va che dó §|Ffj Ifil! [£) (Rad). 


f 3n f y 

Buóc 2: Nhap vao man hinh jtX +-cos -1 — + Y x 2 tc -s- n, an (Tj prr) 

5 2 


rpi Buwa rn m m (SiTi rm m n?i r rn iski w rai rai <p> ra-i rsi <p> m m 

(Im] m [x] !¥] f śir-ii [Sio 7 ] CD CD Sil fairl . 


CMPLX E Math 


Ux+§4cos-i|fi> 


* Buóc 3: An [CAl.c! , may hói X? Nhap (jQ (X = 0). An (f~j may hói Y? Nhąp 


/ \ ^ ^ ^ 7 i/ • 

( Y = i). An (sj may hien ket qua hang — - 2i. 


7 

Vąy mót ho nghięm la + 2k,(keZ). 


f ( f r\ W 

3n _ V2 

Buóc 4: Sua man hinh tharih nX H-—cos -1 - +Yx2ji a -n . 

5 2 


| | 3b. | -qqcT(-V * ^ U ° fc An ISĄLCj, may hói X? Nhąp fo) (X = 0). An © may hói Y? Nhąp | 


„ , u 

(Y = i). An JM) may hien ket qua hang — -2 i. 
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Q>r -::, <?fw. >:-i imy? '...as? > 


-17 - / 

Vąy ho nghięm khac la — + 2fc, [k e Z j. 


( 3tS 


TtX + — 


l 5, 

2 


- <=> 


x = —-—i- 2fc 
20 

-17 

x = —— + 2k 
20 


(fceZ). 


I Dftłg 2; Phucmgtrinhdąng sin(flx + &) = m vói |m|<l va <?^0 




Phsn tóch: 


sin(ax-i-iri = m<=> 


flX + 


b = sin 1 (m) + k2n 
ax + b = n- sin -1 (m) + fc27t 


<s> 


ax + fo - (sin 1 (m) + klitj 
a 

ax + b-(n-sin~ l (m)+k2Tt] 


| Qay trinh barn mśy: 

J! * Buóc 1: Dna may ve phuong thńc CMPLX: ggl GD va che do ® H Cli (Rad). 
I * Btróc 2: Nhąp vao man hinh (flX + t>-(sin 1 (m) +Yx2łc^^-fl . 

|| ^ rj , 

| * Btróc 3: An r mB, nhąp X = 0 va Y — i . An f §D may hien ket qua la so phńc dąng 
1 a + pi. Ta ket luąn ho nghięm thń nhat cua phucmg trinh la x = -a-k$,(keŻ) . 

| * Buóc 4: Siła man hinh thanh (uX + b - (jt - sin '(m) + Yx 2n) j + a . 

| *Biróc5sXn®,nh|p X=0 va Y = ż. Ani may hięn ket qua la so phńc dąng 
|j y + 5 i . Ta ket luan ho nghięm thń hai cua phuong trinh la x = -y - kS, ( k e Z) ■ 



hói gias 


omy. b Math Ł~ 


rJI-JIt 



cmplk 

0 



12 

Jfr bil8 

r 

ii 


Buóc 2: Nhąp vao man hinh 


r r 

2X + —- 
12 


sin 


-i 





Vl 


+ Yx 2n 

, 2 v 

JJ 

) jVy_ ; 

fg] <g> ffi [ 


+ 2, ah fT3 30 


ilS 6§ @D Cii dcii 513 L>3 03 d8 CS • 

* Buóc 3: An SE), may hói X? Nhąp GEJ (X = 0). An fgj may hói Y? Nhąp fg 

> TC 

(Y = i). An may hięn ket qua bang 


Vąy mót ho nghięm la-t- kn, (ic e Z). 

8 


* Buóc 4: Sua man hinh thanh 


2X + —— 

f 

n - sin -1 

(S) 

+ Yx2tc 

12 

V 

V 

l 2 J 

Jy 


-s-2. 


• Buóc 5: An jśsłfi), may hói X? Nhąp IJj (X = 0). An 3 may hói Y? Nhąp k 


\ 7Z 

(Y = i). An i=j may hięn ket qua bang - ni. 


Vąy ho nghięm khac la-t- kn, (k e Z). 
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CMPLX ' 13' Msth A 


'■=»erJI et Tli 


Pihan 2 - Chu de 2; Ham sd va phufdns trinh lifdn 


The oest or nothins 


Vąy sin 


7tt0 y /3 


2x-\ -= —— <z> 

12 2 


71 7 

x =- hkn 

8 

71 T 

x =-b ku 

24 


r“ 

5 Dane 3: 

t—- 


(łeZ). 

; Phuong trinh dang tan(ax + b) = m vói a =* 0. 


Phan tich: 

ii , ,n , , , . «x + &-(tan _I (w) + fc7i) 

tan(ax + bj = m=>ax + b = tan '(mj + krco-1-L _1 - L = o 

a 

Quy trinh barn may: 

* Buróc 1: Dua may ve phuong thuc CMPLX: @ (T) va che dó (Ifffj Sag [4](Rad). 

* Buóc 2: Nhap vao man hinh (aX+ -(tan -1 (ra) +Yx 7 t))-ba . 

| Buóc 3: An {ęaEcj, nhap X = 0 va Y — i. An QE) may hien ket qua la so phiic dang 
a + pi. Ta ket luan ho nghięm cua phuong trinh la x = -a - kp, (k e Z) . 


Vi du: Giai phuong trinh luong giac tan 


' - ^ 

5x + 

V 10 


71 1 \/3 


Lol giai 


* Buóc 1: Dua may ve phuong thuc CMPLX: STopI fal va che dó (si m) |gd'| [4 ;(Rad). 
" Buóc 2: Nhąp vao man hinh 5X + ^ - tan” 1 f •+ Y x n ) -e 5, an [D CU p 


f 

. 71 

f , 



5X + - 

tan 1 


+ Yxti 

10 


3 , 

V 

V 

V. y 

)) 


^mraodj. 

* Buóc 3: An [tAicj, may hói X? Nhap GD (X = 0). An [=) may hói Y? Nhap 
(Y = /). An (10 may hien ket qua bang - 


7t n. 

75~5 1 ' 


Vąy mpt ho nghięm la ~ + k—,(keŻ). 

75 5 v ’ 

Nhu " s ” ■=- ■ n 1 ^ 


Dang 4: Phuong trinh dang cot (ax + b) = m vói m*0 va «*0 


Phan tich: 

cot(ax + b) = m <=> tan(ax + b) = — => ax + b = tan” 1 ( — ) + kn 

m { m 


ax + b- 


<=> - 


tan ‘I — \ + k K 
m 


= 0 


Quy trinh barn may: 

* Buóc 1: Dua may ve phuong thuc CMPLX: @@]va che dp @ gÓD§ [4] (Rad). 

r 


’ Buóc 2: Nhap vao man hinh 


aX + b- 


tan 1 1 — | + Y x 7t 
m 


-b a. 


Buóc 3: An ięScj, nhap X—0 va Y — i . An (3 may hien ket qua la só phuc dang 
a + pi. Ta ket luąn ho nghięm cua phuong trinh la x = -a - fcp, (k <= Z) . 
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CMPŁX 

(2 X+§-( 



Loi giat 

jc 1: Dna may ve phuong tinłc CMPLX: pgg| [fj va che do ffiffj fgDg QQ (Rad). 


Buóc 2: Nhap vao mam hinh 


TC 

2X -i- 

7 


|tam 1 {^y 


Yxti U-2, an CD [l.s lii 





mm 0 Math Ł 

|.2X+ 

f-ttarDtiS 0 : - 


2 1. 




> wio 1 ! (® [T] (W GD CjO isHifjj Ol L/«" ■ i.Sj (& LO SD t«Mi @ jK] CHrfj [kbD Dj 
rji fi i. 

* Btróc 3: An jaię], may hói X? Nhap Q$J (X = 0j. An (ssj may hói Y? Nhąp jSC 
(Y = i). An may hien ket qua bang — — i. 

Vąy mot honghięm la ^ + t^,(/csZ). 


Nhu vay cotf 2x + — = — x 

{ 7) 3 

271 , JC /. 
= — + k-,(k 
21 2 v 

e Z). 


| Dąng 5: Phuong trinh dąng cos 

1 

= cos 

cx + d 

vai a&±c. • ! 

1 


i ita.ii o.Cii: 


s(ax + b) = cos(cx + d) < 


ax + b = cx+d + k2n 
ax + b = ~{cx + d) + /c2rc 


ax + b-{cx + d + k2n) 
a-c 

ax + b- (-cx -d + k2n) 
a + c 


= 0 


Ouy trinh barn mży: 

* Buóc 1: Dua may ve phuang thuc CMPLX: §§f, fD va che dę (55j) §®§ Df) (Rad). 

* Buóc 2: Nhąp vao man hinh (flX + b-(cX + d + Yx2n))^(fl-c). 

jj * Btróc 3: An ićSB . nhąp X = 0 va Y = i . An Dj may hięn ket qua la so phuc dąng 
jj a + pi.Ta ket luąn hę nghięm thu nhat cua phuong trinh la x = -a - k$,(k e Z) ■ 

jj! * Btróc 4: Sua man hinh thanh (aX + b- (~cX —d +Y x 2it)) *(« + <:). 

*1 ^ 

| * Btoc 5: An @LCj, nhąp X = 0 va Y = i . An IHj may hien ket qua la so phńc dąng 
| y + 8i . Ta ket luąn ho nghięm thu hai cua phuong trinh la x = -y - żcS, ( lc e Z) . 


Yi dti: Giai phuong trinh luong giac cos 


cos 

Ml 

= COS 

fr 2jq 


3j 


l 5 J 


j.,at sgu 


* Buóc 1: Bua may ve phuong thuc CMPLX: idg [Jj va che do jtóg ffiig 0Q (Rad). 


Buóc 2: Nhąp vao man hinh 


^2X + —— ^ 


2 tc 

5Xh -h Y x2tc 

5 


■*-(-3), an [DII] 


0 hfetlt A 

5X+#+Y:l 




!|SI) 13 SC 30 UD E19 mm 003(0® SD. 

* Buóc 3: An jCM£l . may hói X? Nhąp 0f1 (X = 0). An [§D may hói Y? Nhąp if| 
(Y = i). An dO may hien ket qua bang 3L + ~ f. 

















Phan 2 - Chu de 2, Ham sova phiftfng trinh iuTęrng gtó; 

tc , 2n 


The best or nothing 


Vąy mót ho nghięm la , (/c e Z) hay ,(fc e Zj. 


7 Buóc 4: Sua man hinh thanh 


45 

Ott 

2X + — — I —5X - —— + Y x 2tc 
3 5 


-5-7 - 


(2X+|-(-5X-^ l +> 




* Buóc 5: An iCSlCi , may hói X? Nhąp [V] (X = 0). An |=J may hói Y? Nhąp 

/ \ , f . , A 1 A , , . j, lin 2 tt. 

^ Y = i ). An may hien ket qua bang — —i. 

Vąy ho nghięm khac la + k~~r (leZ). 


'E rcY 2 TC 

2x + — = cos 5x + — I <=> 
3 5 


Vąy cosj^ 

Dang &:. Phuong trinh dąng sin(ax + /;) = sin(cx + d) vói a*±c. 


tc , 2tc 

X =- h k — 

3 


45 3 (fce Z). 

11tc , 2tc v 7 


x =- + k — 

105 7 


Neu phuong trinh có dąng 
sin u - cos v , thi ta bien doi 

ve c° s fj“ - " ] = cost' (dąng 

5) hoąc bien doi ve 

sinr/ = sinf- 1 >) (dąng 6). 


CMPLX a Math A 

(3X-f-(X+^+Yx> 


Phan lich: 


sin (ax + b) = sin (cx+d) < 


ax+b = cx + d + k2n 
flx + b = 7t-(cx + dj + k2n 


ax+b-{cx+d + k2nj 


a-c 


; + b-(n-cx-d + k2jt) 


a + c 


Quy trinh barn may: 

* Buóc 1: Dua may ve phuong thiłc CMPLX: S5j| [ 2 ] va che do [ shiftI g5D§ (Tj (Rad). 

* Buóc 2: Nhąp vao man hinh (aX + b-(cX + d + Yx2tc))+(a-c) . 

* Buóc 3: An jęsE§, nhąp X = 0 va Y = i . An (=) may hięn ket qua la só phuc dąng 
a + (3i. Ta ket luąn ho nghięm thu nhat cua phuang trinh la x = -a - kp ,(k e Z) . 

* Buóc 4: Sua man hinh thanh (aX + - (tc - cX - d + Y x2rc)(- 5 -(a + c). 

* Buóc 5: An fĆAtćl . nhąp X = 0 va Y = i.An|D may hien ket qua la só phuc dąng 
y + 5i .Ta ket luąn ho nghięm thu hai cua phuong trinh la x = —y - k8,(k e Z). 


Vi( 


: Giai phuong trinh luąng giac sin 3x - — 


• sm x + - 


10 


Loi grai 

7 Buóc 1 : Dua may ve phuong thuc CMPLX: [Hi GD va che do jaPrl 88558 i 41 (Rad). 


Buóc 2: Nhąp vao man hinh 


3X — — — fx + — + Yx2jc 
v 5 f 10 jj 


+ 2,6i CD OD IŚ3 CD 


B m na ® m <s ej m m m m m m ffl m o ® m m m ej qd m @ 
rata® es. 

* Buóc 3: An fCALĆ’1, may hói X? Nhąp fol ( X - 0). An dl) may hói Y? Nhąp ||l| 
(Y = t j. An @ may hien ket qua bang ~ • 

3jt 

Vąy mot ho nghięm la — + kn, (k e Z). 


’ Buóc 4: Sua man hinh thanh 


3X---fjc-X- — + Yx2tc^ 
v 5 l 10 jj 
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(Iliad 





* Buóc 5: Au §£, may hói X? Nhap £! (X = 0). An l=A may hói 

j, 11% n . 

(Y = i). An i.yj may hien ket qua bang —— - —»• 

Vąy ho nghięm khac la + 

3n , 

\ ( Y x = — + kn 

Vay sin^3x- |j = sin(x + 

X 40 + 2 

i Dąnp 7: Phuong trinh dąng tan(ox + h) = tan(cx + d) vói fl * c 


Pfcaai Hem: 


i Math A | 

-X+*+V=l> 


| ^ ax + b-(cx + d + kn) n 

| tan(ox + b) = tan(cx + d)=>ax + b = cx + <i + A:7i <s> 

|| 

| Qcy trinh barn. may: 

| * Buóc 1: Dua may ve phuong thuc CMPLX: §®sj 11.1 va che do yNs fes Ułi (Rad). 
| * Buóc 2: Nhąp vao man hinh (aX + fr-(cX + d + Yx 7 t))a-(fl-c). 

| * Bwóc 3: An Agi , nhap X = 0 va Y = i. An t§] may hien ket qua la so phóc dąng 
jjj a + pi. Ta ket luąn ho nghięm thu nhat cua phucmg trinh la x = -a ■- kP, (k e Z) • 


i Jtl 7t 

| Yś du: Giai phuong trinh luąng giac tan 7x - - = tani -x + — 


Lo? giai 

» Buóc 1: Dua may ve phuong thuc CMPLX: Sj va che do fe fei tó (Rad). 

* Buóc 2: Nhap vao man hinh 7X - ~ - |-X + —+ Yxnj + 8 ,an l.<j UJ J i> 

ES@i©®93Se CD 33 ® ® OD <B SiiSS 

* Buóc 3: An I1K), may hói X? Nhap Q0 (X = 0). An © may hói Y? Nhąp || 

i 3n n. 

(Y = i). An © may hien ket qua bang “ g 1 ■ 

Vąy męt ho nghięm la ^- + k — r (keŻ). 

oO o 

Vąy tan^7*-^ = tan^-* + ^«* = ^ + fc^,(fceZ). 

« * ' s> Phuong trinh dang cot(ax + b) = eot(cx + d) voi n*c 

| Tathay cot(flx+h) = cot(«+d)^tan(ax + h) = tan(«+d).Nhuvąy taduadupc 

i phuong trinh ve dąng 7, cac buóc bam may thuc hien tuong tu nhu ó dąng 7. 

r ' 7 ~ . n)~~ .?2 

i VI du. Giai phuong trinh lupng giac cotl 3*-- l = c° t l -* + — I 



* Buóc 1: Dua may ve phuong thuc CMPLX: WM Cl) va fe®J 3 ®l iśJ (Rad). 







(3X-§-(|X+y^+Y> 


9 „ 3_- 
7qJI~7]I1 


lZCN737-§+2Z§ 

_ 2l2l-fen 


Pfian 2 - Chu de 2: Han so va phuWng 



* Buóc 2: Nhąp vao man hinh 


, Y n f 2 V 7t ^ ^ 

3X — — — -Xh -h Y x 7 t 

l 5 3 10 


ca m © Efl s 0 @ @ @ Q] s a m ss ®. 

* Buóc 3: An & may hói X? Nhąp (¥] (X = 0). An © may hói Y? Nhąp 

(Y = i). An {=) may hien ket qua bang — 9 -n~~ni 

70 7 

Vąy mot ho nghięm la — + k— ,(keZ) 

70 7 v ' 

V»ycot[3T-|].cotr|x + i)®x = | + J:^,(ifc s z ) . 


Dang 9: Phuong trinh luong giac chua asin(ox + b) + 0sin(flx + c) , hoąc chua 
acos (ax + b) + ficos(ax + c) 

Nhąn biet: 

Ham duói dau luong giac la bąc nhat (theo x) va cac hę so cua x bang nhau. 

Phtro’ng pfaap: 

Trong phuong thuc CMPLX: H GD, su dung phim jswi) O (z) . 
asin(ax + b) = aZb 


Takihięu 'y~ “‘" l '(a / p>0). 

pcos(a: + i2) = pzd'' ' 

Quy trinh barn may: 

Buócl: E)ua may ve phuong thuc CMPLX: @ (T) va che dę (St) [mg PTbRad) 
hoąc [shiftI feoeg iTi(Deg). 

Buóc 2: Tinh asin(fl* + b) + p s in(ax + c), hoąc tinh acos(«c + b)+p C os(ax + c). 

Nhąp vao may aZb + pZc. An H) may hięn ket qua ó dąng m+ni, an tiep 
(?S3 SI © GS GD, ket qua hien thi duói dąng yZ8 . 

asin(ax + fc) + psin(aą: + c) = ysin(a;t + m) 
acos(flx + b) + Pcos(HX + c) = ycos(«x + m) 


Nhu vąy 


2 tt 


Vi du 1 : Giai phuong trinh luong giac cos* + 73siną: + 2sin(x + — | = ? 

3 


Lm giai 


Phuong trinh tuong duong vói cosx + S cosf x-~) + 2cos[x + - 


f Buóc 1: Dua may ve phuong thuc CMPLX: 
f Buóc 2: An fswr 
!iif! f<-)| i o i i+l |V5, 


v 

UD va che dó (Sn 


©CI]®. Nhąp vao may 1Z0 + 73Z-- + 2Z- an 

2 6 ' 


3- An Q may hien ket qua 272Z - — n 

12 

Vąy phuong trinh truong duong vói 272 cos 
(phuong trinh nay có dąng 1 ). 


x- 


12 


= 2<=>cos x 


12 


Ti 
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Ul Matli Ł 

*vky 


\ i ^ 

d.u 2: Giai phucmg trmh cos x-—- 

12 


\/i 



cmFIS 
V-. J L_ 

E 

ite.th & 

_Ab 


12 


■2311 


3uóc 1: Nhąp vao man hinh 


Łoi giM 


f 

( 

Lii ii 

X- —- 

cos -1 

-4= + Y x 2 tc 

l 12 

L 

vY 2 J J , 


. aa rn M li j Id 


Ęgi gsy i [sj [ii flj (g) fcj tś J (His) fes Lii OSJ tisi i Ml y?y €5 LU L+J &M (Ml liJ Lii 

* Buóc 2: An KEel . may hói X? Nhąp (jy (X = 0). An iHi may hói Y? Nhąp f§| 


' 1 . 

= i). An © may hien ket qua bang rc- 2ni. 

-*x = - + k2n ,(fceZ). 


* Buóc 3: Sua man hinh thanh 


X- 


12 


—cos ‘ | — j= | + Y x 2 n 

v2 


* Buóc 4: An §Ej, may hói X? Nhąp [fi] (X = 0 ). An Osi may hói Y? Nhąp f§j 
(Y = i). An 0§j may hien ket qua bang ^Jt-2 ni. 

--+ h2n,(k e Z). 


Vąy phuong trinh da cho có hai ho nghięm la x = ~ + k2n va x = -- + k2n, 

(fceZ). 

! . Dang 10: Phuong trinh dąng Ccos(ox + &) + Ssin(flx + &) = w vói L. +S Sm 

| ■. in i Tlili im i an ir_ : -- --n inr- TMrtr — - 

Qu.y trinh barn may: 

* Buóc 1: Dua may ve che do (wśJ feęi ęfj(Rad). 

» Buóc 2 : Tai phuong thuc COMP: Ili Q A Nhąp Pol(CS), an [i] may hien ket 
| qua o dąng tęa do cuc gom r va 0 . Khi dó trong may, hai gia tri r va 0 tu dęrng 

m 
X 

j * Buóc 3 : Dua may ve phuong thuc CMPLX: §a@ GD • Gan a+bi-Yi-*A va gan 
j j Xi —» B 

|j * Buóc 4: Nhąp vao man hinh Conjg (A - B), an !jś) may hien ket qua dąng a + 0i. 

II 

P i 2 tc 
a a 

1 * Buóc 5: Nhąp vao man hinh Conjg(A+B) , an !=J may hien ket qua dąng Y + 5/. 




|i ctuoc luu vao cac bien nhó X va Y. Gan cos 1 —- -* X . 


S „ P , 27t , 

Suy ra x- — + k —,(fc* 

II rs ci 


I Suy ra r = - + t-,(teZ). 
1 T y 











Pha r i a - m.t 'i nam so va phtfasg iriiih lutfay, giac _The faest or rsafhine 

* Bnóc 2: Tai phnong thńc COMP: gag [Ti. Nhap vao man hinh 

Pol^/ó - V2,>/6 +V2j, an 113 Et) Gli [f] <g> El © CU (fe> iffj [)] bgj [JQ <g) GE 

GD LU ® Li] - An dO may hien ket qua r = 4,0 = 1,3089969... 

Khi dórv a 0 se tu dong dnoc lnu vao hai bien nhó X va Y. 


Gan cos 


X, an >a§Tj [cos] (a] jy§j (jj (g>® IT1 Cg) CD Ismni ja 


* Bnóc 3: Dna may ve phnong thńc CMPLX: Rćl [2j. Gan —+ —f-Y;—> A ah 

2 3 

LU Lffl CE) <SS> lii [ggri lxP! ift [3j (g) m ty lańsi §śd) j§§) [5 kPt| {§&} fwj. 

Gan Xt—»B, an (jaMil [Tj (§§] Isant @ Q. 

* Bnóc 4: Nhap vao man hinh Conjg(A - B), anjarfl jjj [J] gg5J (w| Q (§§ Q [Ti 

An (U may hien ket qua ^ + jni x = ^ + k~ = ^ + k — ,{k e Z). 

3/2 3/ 2 6 3 

* Bnóc 4: Nhap vao man hinh Conjg(A + B) . An {=] may hien ket qua 

3 1 —tc/12 ,27i it di, . 

2-T2 m ^ x ’^jT' k W T s + k T-( k ^y 
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Sili £3|3 


- 3 g s*>. 


:: Cho P = tan 2 -. tan—. tan ^ ■ Gia tri cua bieu 


thiic P la: 
5 


1 


D. -1 


2 2 sin 2550° cos (—188° j 

Paw. 2:Tinh A = + + cos 98°“ 


3.0 


Ca w 3: Cho M = 


cos 1800° tan( 

-390°) 

tan| 

r —420° 

) 


D.l 

. Gia tri ciia 


bieu thiic M la: 

1 — -n/ 3 , l-2>/3 ... 1-3/3 ,. 4-ifc 

“ 3 '" fl - 3 '■ 3 l ' 3 

Cau. fc Tirli gia tri cua bieu thiic: 

P = sin 6 10° + cos 6 10° - 2 sin 4 10° - cos 4 10° + sin 2 10° 
A.O B.-0,5 Cl D. -1,5 

cos 750° + sin 420° 

Clij 5: Tinh P = - - 7 -rr- , 0 \ ' 

sin (-330°)-cos (-390°) 

A, -3 + i/3 B 3-i/3 C. -3 - V3 IX 3 + i/3 

Oąrsg 2 ; P»ia vae gis Iłiiet cho Iriioc, tinh gsa 
jyś .{jiTa rr. 6 i hi& thitc lufęng giac 

Ca.« 6: Cho cot a = - 1/2 va — < a < ^. Chęn dap an 


dung? 


A. sina = 
C, cosa = 


i/| 

3 

,1/3 

3 


B, sina = - 


cosa = ■ 


£ 

3 

£ 


Cs.n 7: Cho tana = 2 va jr<a<27t. Chon dap an 
dung? 


A. cos a = • 


1/5 


1 

B. cosa = —f= 
i/5 


Z. sina = 


i/5 


D. sina = 


1/5 


CSw S: Cho sinx = — va 0°<x<90°. Chon dap an 
5 

dung? 


A. tan x = 
C. cosx = 


B, cot x = - 


B A, B, C deu dung. 


Cho cos a — — ■ Tinh gia tri cua bieu thuc 
3 


A = 


ta na + 3cota _ 
tana + cota 
7 7 

19 '9 


17 ^ 


1 

9 


mn !cy nasifj 

Cau 19: Cho cosa = |. Tinh gia tri cua bieu thuc 

A _ c °t a + 3rana . q U a dung? 


2 cot a + tana 

13 3 


A 


19 


O. A = — 


5ar« a 'i: Rut. coo hisu tbyc 

De bai: Tinh gia tri (rut gon) cac bieu thiic sau: 



Cau 12: B 

, 3 

'' 2 

Cau 13: D = 


A. 1 

2 


sin 6 a: + cos 6 x+ 2 
sin 4 x + cos 4 x + 1 

B. cos* C. 1 D.-2cos* 

(cos 3x + 3 cos x) (l + tan 2 x ) 

2 sin 2 x(tanx + cotx) 

B, cosx C, 1 D —2cosx 


Zan 14: £ = 


sin(5rc + x) 

.cos| 

6 9tc^ 

X- 

>1 2 J 

,tan(l07t + x) 

cos(5tc-x 

).sin 

f lin 

-+ X 

l 2 

j.tan( 77 t-x) 


A. tan 2 x B, -sin.v C -2cosx D. cos* 
sin 2 3x cos 2 3x 


Cau 13: P = 


sin 2 x cos 2 x 


A P = 8 cos2* B. P = 8 cosx 

T. P = 8sin2x U. P = 8 sinx 

„ 1 + cos x + cos 2x + cos 3x 

Cau 16: P =-—- y i 

2 cos x + cosx-l 

A sin2x B. 2cosx C. cos2x I 
2 (sin 2 x + 2 cos 2 x - 1 ) 


Cira 


17: P = 


i. sinx 


cos x - sin x - cos 3x + sin 3x 
1 


cos x D. 


snu 


2 sinx 


1 

COS X 


law. 18: P = i/sin 4 x + 4 cos 2 x + i/cos 4 x + 4 sin 2 x 


A 


s 



D. 2 


O. 2 


Cau 19: P = sinx, ( . 

|l + cosx l-cosx 

1 K ._ 1 

'■ 2 1/2 

iu 20: P = sin 6 x + cos 6 x - 2 sin 4 x - cos 4 x + sin 2 x 
A. 0 B. -0,5 C. 1 D. -1,5 




Phasi a - Chu de 2: Hann so va phiign;:; t rinh Suhng -glac 
Jang 4: Tim tąp xac dinh cua ham s o hfinw glac 

Cau 21: Tąp xac dinh cua ham so y- tan^3x--J la: 

A. D = R\j^ + fc-;/c e 

[4 3 

B. D = K 


C. D = U\\k~-,ki 


D. D = R\\k~-,ke: 


f \ 

Cau 22: Tąp xac dinh cua ham so y = tan 2x + — la- 

3 ' 


A. D = R\\- + k~,k, 
13 2 


D = R\i^ + k-,k< 

112 2 


C. D = R\J^ + fc-,it, 
4 2 


D. D = U\\- + k-,kel 
[ 8 2 

Cau 23: Tąp xac dinh cua ham so y = tan3x.cot5x la: 

A. D = IR \ l— + k — ,k—;k e'. 

4 3 5 


D = R\\^ + k-,k-;ke: 

15 3 5 

C. D = R\\^ + k-,k-;ke: 

[6 4 5 

D. D = R\h + k-,k-;k e : 

6 3 5 


Cau 24: Ham so y = tanjx-^j.cot^x-T| có tąp xac 
dinh la: 

A. D = R\\^ + kn,- + kn;ke: 

5 6 


B. D = R\\ — + kn, — + kii}ke l . 

[4 3 

C. D = M\{^ + jbt,^ + fai;ifcg: 

[ 4 5 

D. D = IR \ j-^ + ku, — + kn; k e! 

[ 4 3 

5: Tąp xac dinh cua ham so y = sin2x + _-_ la: 


cosx 


A. D = R \ J —i- kn,k e 


B. D = R 

C. D = R\ {k2n,k e Z} 

D. D = R\{fcrc / fceZ} 


Sue best or notrisiig 

Cau 26: Tąp xac dinh cua ham so y = — cos2 iL 

1 - cos 2x 

A. D = R \ {/cjt, ke Z} 

B. D = R 

C. D = R\^k~,kel 

D. D = R\{k2n,keZ} 

Cau 27: Tąp xac dinh cua ham so u = ——. . la: 

2sinx —1 

A. D = R\lkn,- + k2n,— + k2n-,ki 
4 6 


B. D=R\\kn,^ + k2n,— + k2n;kel 
6 6 

C D = R\\kKĄ + k2n,— + k2n;ke: 

3 4 

D. D = R\\k^,^ + k2n r ~ + k2 K k&: 
4 6 6 


o 2 

Cau 28: Tąp xac dinh cua ham y = — COS X la: 

tan2x 


A. D = R W k—;k g I 
4 


B. D = R\^|;A:e: 


C. D = R\{kn;k eZ} 

D. D = R \ {k2n; A: s Zj 


Cau 29: Ham so y : 


tan2x 


~f=-có tąp xac dinh 

V3sin2x-cos2x 


la: 


A. D = R\j2 + Jfc*£ + *£ ; jfc e : 
I4 2 12 2 


b. D = R\jf+fcf,f+fcf;^: 

c. D = R\|j + fc|,| + fc|; fce ; 


D = R\ £ + *£, £; + k-;ke; 
13 2 12 2 


Cau 30: Tąp xac dinh cua ham so y = gjP* + CQS * 


cot x-l 


A. D = R \ j — + kn, k2n; k < 


S, D = R \ j —+ k2n,kn;k e ! 


C. D = E \ j — + /ctc, kn} k e i 


D = R \ j — + £271, A:2 tc; k e ' 
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Asa (Msy thtfc JińSig Ksac 


Dua may ve che dó Hjft] j fcai (.4.1 (Rad), 

, A , , f f nil f 3tl\ fSTt) 

Nhap vao may ^tanj^—jj tanj^—Itan^—J : 


gąnj |fTj +Ś8J (gj [3j<g> QJ \xĄ [tani (_Sj ifflrr; tajgg Wj [Sj 
C»*) r>j (5ń] Qf] [ii?fl jś Fiy (g) j¥j (g) Qj 
An [jj] may h ien ket qua bing -1. _ 




Cau 2: Dap an B, 

Dtra may ve che do [ sKfff| fiotg [3] (Deg). 

1 2sin(2550)cos(~188) 

Nhap vao may --r H---r-^- 7 —D 

tan(368) 2cos(638j + cos(98] 

CD GB SI [Ii GD SI) !I3 ® E) ID ii CI) 5) 3] CS 


Cau c|j £5ap an A. 

Duta may ve che do (IHffS I®|i U] (Deg). 

1 + cos (1800) tan (-390) 

Nhap vao may --—=+ c-- 

’ r 7 tan (-420) 

133 § C1 «: 71 GD CD li! E3 ffi GD OD CD 

,V> :++;i iilj LJO Clij i i. 

An (§0 may hien ket qua bing -— . 


tan(-420) 

i-JW 


Chi 4: Dap ś.rt A. 

Bita may ve che dó [siflFjJ §®5| f3j (Deg). 

Nhap vao man hinh: 

(sin(lO)) 1 +(cos(l0)) -2(sin(l0)) -(cos(lO)) 


COS 

;(750' 

) +sin (420) 

sin( 

-330) 

i-cos(-390) 


[ j i Q Ni O ISL CE @J Qj. An © may hien ket qua 
bang -3 - \/3 . 

Bang 2: Oua vao gil thiet cho trsjfdc, tfn.h gia 
tri cua mot bisu thtfc luWng giac 

Cau 6: Dap an A. 

Dua may ve che dó Uff) £jx§ [3](Deg). 

Nhap vao man hinh tan -1 j, an [Hj may hien ket 


qua bang -35,26438968. 

§ M&th & 

_~ 35.26438968 


180+ńns 

144.7356103 


Do 90° < a < 270° nen a = 180+Ans = 144,7356103. 


An G=J may hięn ket qua bang 0. 

Gan ket qua nay vao X (Ans —> X). 

1 + 2sin(^ 


Ans^X 

tan(368i 2 gqs 7 


0 


144.7356103 


Phuong an A: Nhap vao man hinh sin(X)- — , an 
Ęj may hięn ket qua bang 0. Chpn A. 

0 Mit li A 

sin(X)--f- 


Cau 7: Dap An A. 

Dua may ve che do §0D§ [J] (Deg). 

Nhap vao man hinh tan" 1 (2), an OD may hięn ket qua 
bang 63,43494882. 


tarrK2) 

63.434948E 


ńns+180 

243.4349^ 


h(sin(l0)) 


(sin; [JJ [OJ QJ (x“j [jTj (§+> (±) CD [SJ CD @ ES 
(gy ( j jjfj tan) [T] Pój [j] FI Nj Ojj) Ej |5jg Qjj [J3J (Tj 

Sfi GD <§;■■ EJ [®3 CD LII Oj (13. 

An [§0 may hięn ket qua bang 0. 

1 Ms.th A 

sin(10) 6 +cos(lCE f 

_u 

Csro 5: Osp 4 si £J. 

Dua may ve che dó (swt) |ó5| f3j (Deg). 


Do 180° < a < 360° nen a = Ans+ 180 = 243,4349488 . 
Gan ket qua nay vao bien nhó X (Ans —> X). 

1 Mj.tti A 

ńns^X 

_ 243.4349488 

- Phuong an A: Nhap vao man hinh cos(x) + -j=, an 

V5 

(§D may hięn ket qua bang 0. Chon A. 

C0S(X)+i 


Dtra may ve che dó 3 ;:rl git+i [3] (De 
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Jissł cie 2: Mam 5 © va pteig trlnh lOMe eiac 


Nhąp vao man hinh sin '^j, l=?J may hien ket 
ąuabang 36,86989765. 


0 Math Ł 

sin-i(f) 

0 Math A 

ftns*X 

36.88989785 

36.86989765 


Do 0° < x < 90° nen x — Ans. Gan ket qua nay vao bien 
nhó X (Ans -» X). 

3 , — 

- Phuang dn A: Nhąp vao man hinh tan(X)-, an (Hj 

may hien ket qua bang 0. Vąy A dung. 


tanGO- 


_0 


cos(x) 4 „ 

- Phuang dn B: Nhap vao man hinh-)—(—, an (jg) 

sin(XJ 3 

may hien ket qua bang 0. Vąy B dung. 


COS (XI 4 
s i n t X) 3 


- Phuang dn C: Nhąp vao man hinh cos (X j - — , an (M 
may hien ket qua bang 0. Vąy C dung. 

9 Mart A 


cosCX)-§ 


Cau 9: Dap an C. 

Dua may ve che do iairi §®§ (3~l(Degi. 


Nhąp vao man hinh cos I, an IM may hięn ket 

qua bang 48,1896851. Gan ket qua nay vao bien nhó 
X(Ans-»X). 


0 Math A 

cos-i(f) 

0 Mart A 

ńns*X 

48.1896851 

48.1896851 


tan(x) 


Nhąp vao may 


3cos(x) 

sin(x) 


/ \ co 
tan(X) + — r 


3 (x) 


, ah (Ml may hien 


l (x) 


ket qua bang 


17 


0 Math , 

tan(X) (X) 


s i n (X) 


17 

9 


Ca« 10: Dap an A. 

Dua may ve che do (H^ S®g (33 (Deg). 


She hast o~ notsuiię 


42 


Nhąp vao man hinh cos 1 J, an (~J may hięn ket 

qua bang 48,1896851. Gan ket qua nay vao bien nhó 
X(Ans—»X). 


0 Math A 

cos-^f) 

0 Math A 

ńns*X 

48.1896851 

48.1896851 


COS 


(x) 


Nhąp vao man hinh 


sin(x) 


-3tan(x) 


2 cos(x) 

sin(x) 


an 


tan(x) 


may 


hięn ket qua bang 


19 

13 


2cos tXł 
sin(X) 


+tan(X) 


19 

13 


Dang 3 % Rut gors bieis fhsic iifęfng giae 

Cau 11: Dap an A. 

Dua may ve che dó (mft) $Hi [1] (Rad). 

- Phuang dn A: Nhąp vao man hinh: 

j (1,1, >/2(cos(X)) 


sin(X + 2013jt)^l + cos(x) l-cos(x) (sin(x)) 2 

An |ć§D, nhąp X = do Xe(7t;27t). An (§0 may 
hięn ket qua bang -1,8872 x 10~ n » 0 . 




S i n (X+2013 Jl) ' 

-l.8872x.ii** 


Dung CALC vói cac gia tri X s(7i;2tt) khac deu nhąn 

duoc ket qua bang 0. Chon A. 

Cau 12: Dap an A. 

Dua may ve che dp (ijjfT) (I|§ [4] (Rad). 

(sin(x )) 6 +(cos(x )) 6 +2 3 

- Phuang dn A: Nhąp 2—. . v - — -. 

(sin(X)) + (cos(x)j +1 2 

An (SSgj, nhąp X = 1,5 . An {§0 may hięn ket qua bang 
0. Dung CALC vói cac gia tri X khac deu nhąn duoc 
ket qua bang 0. Chon A. 


s i n (X1 ć +cos t X ) jf fc 
sin(XJ 4 +cos(X)^ 
0 


Cau 13: Dap an B. 

Dua may ve che do §*3 §0D§ O (Rad). 
- Phuang dn A: Nhąp vao man hinh 
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(cos(3X) + 3cos(X))|l + (tan(X^ j ^ 

{ . , cos(x)^ 2 

2sin(2X tan ( X ) + ——y-y 
v ' sm(Xj^ 

An .Hi, nhąp X=l,5 . An OE may hien ket qua bang 
-1,429262798 * O . Loąi A. 

S MatiTS 

». K i "■ f° ^ 

2sin(2X)ftant 

-1.4P9262798 


- Phuang dn B: Nhąp vao man hinh: 
[cos (3X) + 3cos(xWl ~i" (tan(X)) 


i \f i \ cos ( x ) | 

2 sin(2X)^tan(X) +sin ^J 

An kg£j, nhąp X = 1,5 . An © may hięn ket qua bang 
3,89xl0~ u *0. 

i MićtiS^Ł 

yr.^ 

2sin(2X3[tan t 

_ 3.89x.i i - 4 

Dung CALC vói cac gia tri X khac deu nhąn duoc ket 
qua bang 0. Chon B. 

C4u 14: Dap an A. 

Dua may ve che do [»rj j§GD§ Qj (Rad) 

- Phuang dn A: Nhąp vao man hinh 


sin(57t + X[ 

|cos 


tan(107t + X) 

COS [571 - X 

)sin 

^ + X 

l 2 . 

\ 

tan(77r-X) 


-(tan(X))" 


An i 7, nhąp X = 1,5 . An g§) may hięn ket qua bżng 
0. Dung CALC vói cac gia tri X khac deu nhąn duqc 


□ 

Math A 

GOS (53t-X3 sin 

l 

2 

0 


lass 15: Dap ón A. 


Dua may ve che dó %s]j |i®§ [£j Rad). 

- Phuang dn A: Nhąp vao man hinh 

( S in(3X))' (cos(3X)) 2 _ 

(sin(X)) 2 (cos(X)) 

An iii, nhąp X = 1,5 . An B' may hięn ket qua bang 
0. Dung CALC voi cac gia tri X khac deu nhąn duoc 
ket qua bang 0. Chon A. 


171 Matt. A 

gin(3X3 2 ŁQSt3? ^ 
sin(X3 2 gqs(X 


1 + cos (Xj + cos (2X) + cos (3X ) 

2(cos(X)j +cos(x)-l 

An goi, nhąp X = l,5 . An f52 may hien ket qua bang 

3,543952755 x lO" 4 * 0 . Loąi A. 

' “ 1 MatiTI 

1+c.os iXi+oos t2X ^ 

2(GOS(X)3 2 +CO 

3.543952755x,i 4 


Dua may ve che do [ssą LA; (Rad 

- Phuang dn A: Nhąp vao man hinh 


- Phuang dn B: Nhąp vao man hinh 

l + cos(x) + cos(2X) + cos(3X) 

2 (cos (x)) 2 + cos(x)-l 

An i( S.c i, nhąp X=1,5 . An Ą?, may hięn ket qua bang 
0. Dung CALC vói cac gia tri X khac deu nhąn duoc 
ket qua bang 0. Chon B. 

~ 13 Math & 

1łCOS(Xł+GOS C 
2 (GOS (X3 3 2-S-CO 

____JL 

Caa 17; Pap art B, 

Dua may ve che do lśni |4j(.Rad). 

- Phuang dn A: Nhąp vao man hinh 

2(sin(2X) + 2(cos(X)) 2 -l) 

_A----------r- - sin X ) 

cos(X) - sin(X) - cos(3X) + sin (3XJ 
An 6521 , nhąp X = 1,5 . An §§] may hięn ket qua bang 
5, 016317643 x 1(T 3 * 0 . Loąi A. 

“ — S Mutti & 

2(sin(2X3 +2 : 
cos(X3-sin(X)— g^ 

Fi. 016317643xii 3 

- Phuang an B: Nhąp vao man hinh 

2|sin(2X) + 2(cos(X)) 2 -lj x 

cos(X) - sin(X) - cos(3X) + sin(3X) sin(x) 

An , nhąp X = 1,5 . An Ml may hięn ket qua bang 
0. Dung CALC vói cac gia tri X khac deu nhąn dupc 
ket qua bang 0. 

Ta Mąth A 

2(sin(2X3 +2 : 

GOS CX3-Sin(X3-G 
_ 0. 

CSu 18. Dśp an C. 

Dua may ve che do 1*3 SH§i c3.J(Kaci). 

Nhąp vao man hinh 

^(sin(x)) 4 +4(cos(X)) 2 + ^(cos(x)) 4 + 4(sin(x))“ 
An joasl , nhąp X = l,5 . An © may hięn ket qua bang 

3. Chon C. 

B M?th & 
isin(X) 4 +4cosCKi> 
_3_ 

C&si 1Q- F?4o in f\ 












Dua may ve che dó fUrj gg [4](Rad). 

Nhąp vao may sin(x) /- 1 . , +-— , 

]] l + cos(X) l-cos(x) 

An (MLCj, nhap X = 1,5 . An (=j may hien ket qua bang 
1,414213562 = -J2 . 

"* ~ B Wath A 

sin(X). f^ tx:i p. 

1.414213562 

Cau 20: Dap an A. 

Dua may ve che dó Ishift I gg (7) (Rad). 

Nhap vao man hinh 

(sin(x)) 6 + (cos(x)) 6 -2(sin(X)) 4 -(cos(X))“ 

+( S in( x )) 2 

An (jag, nhap X = 1,5 . An GD may hien ket qua bang 
0. Chon A. 

0 Math A 

sin(X) 6 +cos(X) ć i> 
_CL 

Dang 4: Tsm tąp xac dinh cua ham so tang giac 

Cau 21: Dap an A. 

Dua may ve che dó {sHjFjJ gg| (T)(Deg). 

An (Ul gi © (5] (T), an jMog (TJ (TABLE) va nhap 
ham f(x) = tan(3X-45). 

S Math 

f(X)=tan(3X-45) 

Nhąp lan 1: An G§) may hói Start?, an @] (Start =0). 
An 1=) tiep, may hói End?, an [Tj (U (Ul (End = 180) . 
An (U tiep, may hói Step?, an Q] (D (Step = 15). 

An d] bang gia trj se hien len. Su dung nut © de 
thuc hien xem toan bó bang gia tri, ta thay tai X = 45 
va X = 105 thi cót F(x) hien ERROR. Tu-c la tai 

x = 45° va x = 105° thi ham só khóng xac dinh. 


tai X = 285 thi cót F(x) hien ERROR. Tuc la tai 


X FCX> 

3 30 I 

u M5 9imR 

5 fi £3 -I 


ERROR 


X F(X) 

30 I 

103 

130 -I 


ERRORi 


Nhąp lan 2: An gę) ve ham só f(x) = tan(3X-45). 

An (D may hói Start?, an QQ QD GD (Start = 180). An 

(U Wep, may hói End?, an g] (H SU (End = 360) . An 

OD tiep, may hói Step?, ah (T) Gd (Step = 15). 

An GD bang gia tri se hien len. Su dung nut ® de 
thuc hien xem toan bo bang gia tri, ta thay tai X = 225 


0 

K FCH) 

Math 

0 

K F CK) 

0 335 omd 


1 210 l 

0 335 S33353? 

S 300 -j 

ERROR 

3 300 -1 


I_E RROR 11_ ERROR I 

Vąy tai cac góc — —thi ham só khóng xac 
4 12 4 12 6 

dinh. Quan sat cac dap an A, B, C, D ta chi thay A la 

thóa man. 

Cau 22: Dap an B. 

Dua may ve che do (IFtI popij (Tl (Deg). 

An (śm) H © CS (D, an fjjn| (U (TABLE) va nhąp 
ham f(x) = tan(2X + 60). 

0 Math 

f(X)=tan(2X+60) 


Nhąp lan 1: An (=] may hói Start?, an (oj (Start = 0). 
An (=) tiep, may hói End?, an (T) (JD OD (End = 180). 
An (H tiep, may hói Step?, an (T) [1] (Step = 15). 

An (U bang gia tri se hien len. Su dung nut © de 
thuc hien xem toan bo bang gia tri, ta thay tąi X = 15 
va X = 105 thi cót F(x) hien ERROR. Tuc la tąi 

X = 15° va x = 105° thi ham só khóng xac dinh. 


X F(X> 

i <» 

3 30 -1.133 


X F CX) 

3 130 -1.133 


I-----ERROR I I ERROR I 

Nhąp lan 2: An gę) de tró ve ham só 
£(X) = tan(2X + 60). 

An (D may hói Start?, an (D CO OD (Start = 180). An 
SD tiep, may hói End?, an g) g] O (End = 360) . An 
SD tiep, may hói Step?, an (T) GD (Step = 15). 

An d) bang gia tri se hien len. Su dung nut © de 
thuc hien xem toan bo bang gia tri, ta thay tąi X = 195 
va tąi X = 285 thi cót F(x) hien ERROR. Tuc la tąi 

x = 195° va r = 285° thi ham so khóng xac dinh. 


X F(X) 

k illdftl? 

3 310 -1.133 


ERROR 


X F(X> 

B los 

9 300 -l 


ERROR 


i- ■ ' - n 7n 13tt 1971 , ,, , „,, A , 

Vąy tąi cac goc —,—,-,- thi ham so khóng xac 

12 12 12 12 6 

dinh. Quan sat cac dap an A, B, C, D ta chi thay B la 

thóa man. 

Cau 23: Dap an D. 

Dua may ve che dó (Hft) go5§ (T)(Deg). 

An @ @ ® g] (T), an (T) (TABLE) va nhąp 

vao may tinh ham só f (X) = tan(3X)x cos ( 5 ^) 
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IVhfro lan 1: An may Roi £>tart?, an i,~y (Start O) • 
An 0§ tiep, may hói End?, an Llj l®) iiłi (End = 180 ) . 
An [§B tiep, may hói Step?, an b J liu (Step = 15). 

An Ml hang gia tri se hien len. Su dung nut \gj de 
thirc hien xem toan bo bang gia tri, ta thay tąi 
x = q X = 30 / X = 90,X = 150 va X-180 thi cot F(X) 

hien ERROR. Tire la tąi x = 0°,x = 30° x = 90°, 
x = 150°, x “ ISO 0 thi ham sd khong xac dinh. 


X 

I 0 

a \b 

3S 30 


mk 

EBRD Fi 


ERROR 


15 
m 
1 05 


, FCM 

\dm 

3 b 13S 


ERROR 


is 
9 39 


'11]D.ŚB1L 
lio! ERROR 


ERROR 


Nfaąp lan 2: An @ de tró ve ham so 

, cos(5X) 
f(X) = tan(3X)x— 

An Ig] may hói Start?, an JJ [jj Lś.l (Start =180). An 
tiep, may hói End?, an [3J fjoj yOj (End — 360 i. An 
•Sj tiep, may hói Step?, an Llj UJ (Step = 15). 

An L- j bang gia tri se hien len. Su dung nut ■.▼) de 


i f COS 3X ^ 0 , , rr ■ i 

1 V = tan3x.cot 5x xac dinh Khi 1 n l 2 ; • 3 

5 J [smarku I 

j aieu kięn (l) va (2) hoan toan khac nhau nen se ra . 

i nhung dieu kięn khac nhau cua x va dap an có the se j 
■ khong duoc chinh xac. Nhu vąy, cioi vói bat ki oai toan 
j tim tąp xac dinh ma ham so chńa cot(w(x)) thi khi i 

j cos(u(X)j f 

j nhąp vao may, ta nen nhąp duói dąng — (u (X)j ( 

j cónham tan(wp)) thi khong can thiet nhąp nhu vąy. j 

Ca« 24: Dap an D. 

Dira may ve che do I shiftI gag t_3j(Deg). 

An (Hi §18 <§& 00 23/ an fiBĆii tli (TABLE) va nhąp 

. cos(X-60) 

vao may tinh ham so f (X) = tan(X -45)x — ł _ \ 

sin | a. ou i 

Nhąp lan 1: An UJ may hói Start?, an OD (Start = 0) • 
An Li! tiep, may hói End?, an CO EU 00 (End = 180) . 
An (§] tiep, may hói Step?, an (jj [§] (Step = 15). 

An (U bang gia tri se hien len. Su dung nut <$> de 
thuc hien xem toan bó bang gia tri, ta thay tąi X = 60 
va X = 135 thi cót F(x) hien ERROR. Tuc la tąi 



, , „ n rc 5n 7n 3n lir: _ 

Vay tai cac goc 0 ,-,n,—,2n thi nam 
6 2 6 6 Zo 

so khong xac dinh. Quan sat cac dap an A, B, C, D ta 

chi thay D la thóa man. _ 

_ tan3x ~ ~ - i 

Um y: Ta thay y = tan3xcot5x = ; nen se co • 

, . tan(3X) I 
nhieu ban nhąp vao may ham so f (X) = • Tu X ; 

: nhien dieu nay la tuyęt doi khong nen, bói vi ham so 
’ t „a,. fcos3x^0 

J y = XŚC ^ 1<M V " CW ^ |tan5x # 0 

j ^ ( cos3x * 0 (l), cón ham só de cho ban dau 

> ] sin5x.cos5x * 0 v 


An g] bang gia tri se hien len. Su dung nut Cf) de 
thuc hien xem toan bo bang gia tri, ta thay tąi X = 240 
va X = 315 thi cot F(X) hien ERROR. Tuc la tąi 

x = 240° va x = 315° thi ham so khong xac dinh. 


aas o 
ma 

assls.lśni 


ERROR 


3DD 

-315 


pa:) 


Dl 


ERROR 


Vav tai cac sóc — —,—,— thi nam so khong xac 
■y ■ & 3' 4 3 4 

dinh. Ouan sat cac dap an A, B, C, D ta chi thay D la 

thóa man. Chon dap an D. 

Cii u 25: Oap g.xi A. 

Dua may ve che dę Isfftl fe§5 L3j(Deg). 








at 2: Mam so va obiśany; L;nh ©.Rg pJac 

A n i®: iSihl 'X> La* lLL an mm [FJ (TABLE) va nhąp 

vao may tinh ham só f(x) = sin(2X) +—__ 

' v ' cos(x) ' 

Nhap lan 1: An © may hói Start?, an CS (Start = 0). 
An (© tiep, may hói End?, an {Tj Qg] S §3 ( End = 180). 
An @0 hep, may hói Step?, ah (T) © (Step = 15). 

An [gj bang gia tri se hien len. Su dung nut ® de 
thuc hien xem toan bo bang gia tri, ta thay tai X = 90 
thi cpt F (X) hien ERROR. Tuc la tai x = 90° thi ham 
so khóng xac dinh. 


. FCK) 

an s?Sięr? 


ID5 


-M.3B3 


ERROR 


Nhap lan 2: An iAjf de tró ve ham só 

f(x) = sin(2X) + — 

cos(XJ 

An [=0 may hói Start?, an (Tj © © (Start = 180). An 
!M) tiep, may hói End?, an © GD OD (End = 360) . An 
© tiep, may hói Step?, an Qj © (Step = 15). 

An @ bang gia tri se hien len. Su dung nut (9) de 
thyc hien xem toan bp bang gia trj, ta thay tai X = 270 
thi cot F(X) hięn ERROR. Tuc la tai x = 270° thi ham 
só khóng xac dinh. 




0 

Math 


X 

FCX> 


5 

255 

-ą .ębi 


1 

E1D 



B 

EH5 

3.3531 

ERROR 


Vąy tai cac góc thi ham so khóng xac djnh. 

Quan sat cac dap an A, B, C, D ta chi thay A la thóa 
man. Chon dap an A. 

Cau 26: Dap an A. 

Dua may ve che dp {S| jg| GD(Deg). 

An @ SU © CS Q], an gg fT] (TABLE) va nhap 

hamf(X) = i^!^l 
v ’ l-cos(2X)' 

Nhąp lan 1: An [Sj may hói Start?, an (TT) (Start = 0). 
An di tiep, may hói End?, an CD tli @3 (End = 180) . 
An [S] tiep, may hói Step?, an (T) © (Step = 15). 

An (=] bang gia tri se hien len. Su dung nut <g> de 
thuc hien xem toan bo bang gia tri, ta thay tai X = 0 
va X = 180 thi cpt F(x) hien ERROR. Tuc la tai x = 0° 
va x = 180° thi ham sókhonp- Yac rłinłh 



H 

a 

Math 


H 

0 

FCKJ 
13-32B 

Math 

1 

0 



1 s 

IBS 


1 

3Q 

13-S2B 
3 

ERROR 

13 
IM 

IBD 

■=issw? 

ERROR 


LOVE BOGK.VN I 182 


Nhap lan 2: An gę! de tró ve ham só 

f (x) = — cos ^ 2X ) 

l-cos(2X) 

An [§} may hói Start?, an [Tl © [3] (Start = 180). An 
© tiep, may hói End?, an (Sj [ej © (End = 360) . An 
© tiep, may hói Step?, an Qj © (step = 15). 

An © bang gia tri se hien len. Su dung nut Cg) de 
thuc hien xem toan bó bang gia tri, ta thay tai X = 180 
va X = 360 thi cot F(x) hien ERROR. Tuc la tai 


i L&rrr 

5 135 

31 21D 

0 

F CK> 
ERROR 
I3.92B 
3 

Math 

92 

13 

IM 

X 

3M5 

350 

0 

f*:h) 

iOilflHf 

Math 



ISO 




ERROR 


Vay tai cac góc 0,7t,2jt thi ham só khóng xac dinh. 
Quan sat cac dap an A, B, C, D ta chi thay A la thóa 
man. Chon dap an A. 

Cau 27; Dap an B. 

An ja«Fg @ f|j (Deg) de may tinh casio ó don vi dó. 
An 613 CS [Tj, an @ g] (TABLE) va nhap 

vao may tinh ham só f (X) =- C OS ^^ _ 

sin(X)(2sin(X)-l) ' 

Nhap lan 1: An @ij may hói Start?, an OD (Start = 0). 
An (Sj tiep, may hói End?, an (T) © [Tj (End = 180) . 
An [SJ tiep, may hói Step?, an [I] © (Step = 15). 

An GID bang gia trj se hien len. Su dung mit ® de 
thuc hięn xem toan bó bang gia trj, ta thay tai .. va 
X = 180 thi cpt F(X) hięn ERROR. Tuc la tai 

x — 0 ,x = 30 ,x = 150° va x = 180° thi ham só khóng 
xac dinh. 




_.JJ 

-i.isi 

EfiROR 


ERROR 


ISO 
i GS 

IBD 


■I 


.J? 

1.131 

EfifidF; 


ERROR 


Nhąp lan 2: An 

f (x)=- 


CPS| 

(*; 

) 

sin| 

M 

(2sin( 

ł“H 

1 

X 


de tró ve ham só 


An fs) may hói Start?, an [TJ [Tj [o] (Start = 180). An 
© tiep, may hói End?, an !jj [s] [o] (End = 360) . An 
HO tiep, may hói Step?, an [Tl © (step = 15). 

An (U bang gia tri se hięn len. Su dung nut ® de 
thuc hięn xem toan bp bang gia trj, ta thay tai X = 180 
va X = 360 thi cpt F(x) hięn ERROR. Tuc la tai 


x -180° va x = 360° thi ham só khóng xac dinh. 



















dinh. Quan sat cac dap an A, B, C, D ta chi thay B la 
thoa man. Chon dap an B. 


, , _ k n 3n 

Vav tai cac goc 0, —, —,— 
' y ' 4 2 4 


,n, 


5n 3n 7n 
T' 2 ' 4 


2ji thi ham 


An , 1 Sg 131 D( • de may tinh casio a don vi do. 

An (pij gęgi © (13 31, an HS OD (TABLE) va nhąp 

, . 2cos(xf 

ham f (X) =- / ; ■ <- • 

v ’ tan(2X) 

Nhąp fan 1: An © may hói Start?, an [0,1 (Start=0) - 
An © tiep, may hói End?, an UJ 1§D L3J (End = 180). 
An AD tiep, may hói Step?, an LU UD (Step = 15). 

An [Ę: hang gia tri se hięn len. Su dung nut t£> de 
thyc hięn xem toan bo hang gia tri, ta thay tai 
X = 0,X = 45,X = 90,X = 135 va X = 180 thi cot F(x) 

hięn ERROR. Tik la tai x = 0°, x = 45°, x = 90°, x = 135° 
va x = 180° thi ham só khóng xac dinh. 


so khóng xac dinh. Ouan sat cac dap an A, B, C, D ta 
chi thay A la thóa man. Chon dap an A. 

Crhs 29: Okp an A. 

An m §*3 (ID IDeg) de may tinh casio a don vi dp. 

An pi) ggl <S) 3) CD, an fH 51 (TABLE) va nhąp 

tan(2X) 

vao may tinh ham só f(X) = -j=-—r- 7 — 7 - 

y 1 ’ V3sin(x)-cos(2X) 

Nhąp lam 1: An © may hói Start?, an L9.J (Start = 0). 

An © tiep, may hói End?, an LU Lii LU (End = 180) • 

An © tiep, may hói Step?, an Llj [iii (Step = 15). 

An (13 bang gia tri se hien len. Sit dung nut @ de 
thuc hięn xem toan bo bang gia tri, ta thay tąi 
X = 15,X = 45,X = 105 va X = 135 thi cęt F(X) hięn 


Nhąp lam 1: An © 



An © may hói Start?, an Li.) LŚJ OLi (Start = 180). An 

© tiep, may hói End?, ah I3J L;?J Ołj (End = 360) . An 

© tiep, may hói Step?, an LiJ CD (Step = 15). 

An © bang gia tri se hięn len. Su dung nut ® de 
thuc hięn xexn toan bó bang gia tri, ta thay tąi 
X = 180, X = 225, X = 270, X = 315 va X = 36G thi cot 

F(X) hien ERROR. Tuc la tąi x = 180°,x = 225°, 
x = 270°, x = 315° va x = 360° thi ham só khóng xac 
dinh. 



ERROR. Tuc la tąi x = 15°,x = 45°,x = 105° va 
x = 135° thi ham só khóng xac dinh. 



Nhąp fan 2: An ii de tró ve ham só 
tan(2X) 

1 ' >/3sin(X)-cos(2X) 

An © may hói Start?, an fjj CD L&J (Start = 180). An 
© tiep, may hói End?, an : 3j |.Sj [Oj (End = 360) ■ An 
© tiep, may hói Step?, an LU fl.j (Step = 15). 

An © bang gia tri se hięn len. Sit dung nut Cf) de 
thuc hięn xem toan bo bang gia tri, ta thay tąi 
X = 195,X = 225,X = 285 va X = 315 thi cot F(X) hięn 

ERROR. Tire la tąi x = 195°, x = 225°, x = 285° va 
x = 315° thi ham só khóng xac dinh. 

















ais de 2: Ham s5 va phtfóng tri uh iiftfnig ąiac 


enn 

SBS 

iDD 


F CK) 

BWS553? 

-I.15B 


ERROR 


aon 

315 

350 


. FCH> 

" ŚEB 


ERROR 


71 TC 


7n 3n 13n 5 k 19n 7 u 


thi 


Vay tai cac góc — — —__ _ 

12 4 12' 4 ' 12 ' 4 ' 12'4 

ham só khóng xac dinh. Quan sat cac dap an A, B, C, 
D ta chi thay A la thóa man. Chon dap an A. 

Cara 30: Dap an C. 

An (SO SH1 d](Deg) de may tinh casio a don vi do. 
An UD S © CD CD, an @ (7) (TABLE) va nhąp 
sin(x) + cos(x) 


f (X) = 


cos 


(X) 


sin(x) 

Nhąp lan 1: An (H) may hói Start?, an Q5] (Start = O). 


le best or rsothii 

Nhąp lan 2: An ffej de tró ve ham so 

i( 


e(v\_ sin ( x ) + cos ( x ) 

1 ’ ™s(x) 


COS 

sin 


;in(X) 

An (=3 may hói Start?, an (Tj GD OD (Start = 180). An 
(H ti ep, may hói End?, an CSD CU (U (End = 360) . An 
(=] tiep, may hói Step?, an [7] {¥] (Step = 15). 

An (KO bang gia tri se hien len. Su dung nut (v) de 
thuc hien xem toan bo bang gia tri, ta thay tai 
X = 180, X = 225 va X = 360 thicpt F(X) hięn ERROR. 

Tuc la tai x = 180°, x = 225° va x = 360° thi ham só 
khóng xac dinh. 


An (=) tiep, may hói End?, an CD CS] C23 (End = 180). 
An (=) tiep, may hói Step?, an [7] (¥j (Step = 15). 

An (jD bang gia tri se hien len. Su dung nut (v) de 
thuc hien xem toan bó bang gia tri, ta thay tai 
X = 0,X = 45 va X = 180 thi cot F(X) hien ERROR. 


1 

«.» 

" 1 BD 
135 
SID 

a Ms.tN 

, 1 

BnnaSlf 1 

3 

k 

BID 

0 

f 

il-ąGB 

Msth 

3 

-□>> KUB 
-I.B6GI 

ERROR 

4 

5 

BBS 

340 

3.333 

ERROR 




h 



K 

FCKJ 


IB 

345 

-u. ui5 


13 

3BD 



14 



ERROR 


Tuc la tai x = 0 , \x = 45° vai = 180° thi ham só khóng 
xac dinh. 


l 

H 

Q 

■Ifc 

Mtth 

3 

30 

0 

f»:k) 

Mith 

a 

15 

0-44BE 


4 

45 



3 

30 

l-BBE 


5 

SO 

-5.352 



_ 

_ 

ERROR 




ERROR 


F (Ki 

i es I n.ług u 
ibd 


ERROR 


Vay tai cac góc 0, ™, 7t, ^, 2n thi ham só khóng xac 

dinh. Quan sat cac dap an A, B, C, D ta chi thay C la 
thóa man. Chpn dap an C. 
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Tinh gia tri cua bieu thiic M 


Ta có M = — + --, an f-flj fsj iMI 

2! x 5! 

® CS3 <§) S 5S GD HE 63 • 

An [EJ, may hien 46. Chon dap an A 


49P12 + 49P11 17P10 + 17P9 


i 7P8 


49P10 


31 CU iii) !S Qj CD ® OD Ci; Uri iS 
Cli CD i!3 Q£ Cl) <$) CD (13 (UD ® dl 

An may hien 1440. Chon dap an t 


Phuang an A: Xet 19C10-18C10-18C9 


may hien ket qua bang 0. Chon A. 


Dang thtrc nao dirói day dung? 


o 






















Phuang an A: Xet 10C6-9C6-9C4, an QJ [oj jSSj ffl [§J ffl f$ 


! LU tlED S±J LU • 


yv 4ra>tłł x 

An ffl, may hien ket qua bang 0. 


i PPPP 

| V i du 5: 

\ ■ Us Ą Ą Al) 5 


A. M = 24 


B. M = 42 


C. M = 64 


D. M = 81 


^Ak + #r) x 5Pa 


0 Math A 

l" 5 i . 4! . 3! . ri 
15P4 5P3 5P2 + 5 ,> 


f 5 1 4 1 3 1 2 1 I 

Nhap vao may —— h -— + — H - x 5 P 2 

1 V 5P4 5P3 5P2 5P1 J 

CD O CU m S9<2>GD \M -59 CS ® ® ffl GD @13 [53 ® g] §ff| g] [fj < 
133 ffl CU im 0 ® CU inl @D GD <g> GB ffl dj (p) gg <g> [U pf] (x) O] c 
m (U CU @ GS GD 

An d§j, may hien ket qua bang 42. Chon dap an B. 


50J+5C 1 +5C2+5C31- 


2 C5CX) 

t=o 


Vi du 6 - Tinh gia tri cua P = C° +Cl + C 2 + C| + C 4 + Cf. Chon ket qua dung: 

A. 0 B. 1 C, 32 D. 64 

Lód giai 

Cach 1: Nhap vao may 5C0 + 5C1 + 5C2 + 5C3 + 5C4 + 5C5: 

CS (MO GB GD GFJ CU He) EJ Gil ffl CU @ ffl CU ffl CU @ ES CII ffl © [śi 
ffl ffl GB © @ ffl ffl. 

An (=), may hien ket qua bang 32. Chon dap an C. 

Cach 2 : Ta thay P = C 5 ° + C\ + C 5 2 + C 5 3 + C 5 4 + C 5 5 = £c* = Jl5CX . 

x =0 x =0 

Nhap vao may ^(5CX), an Hgj fNj [U pFTj ffl [ĄLP§ O] <S> [0] <$> [fj . 


An ffl, may hien ket qua bang 32. Chon dap an C 


Dap a 


VI du 7: Tinh C® +C 7 n +C® + Cf, + C™ +C”: 


A. 1025 


i. 1024 


C. 1020 


D. 1026 


<C9+11C10+11C11I 


11C6+11C7+11C8+0 


2 C 1 IOO 

x=6 


Cach 1: Nhap vao may 11C6 + 11C7 + 11C8 + 11C9 + 11C10 + 11C11, an 1T] [Tl (irfi 

ffl (U ffl ffl ffl CU ffl dl ffl ffl ffl ®3 ffl @ ffl ffl ffl @ ffl ® ffl co ffl 
m s ca ro i r-B m m m o m m. 

An ffl, may hien ket qua bang 1024. Chon dap an B. 


11 11 


Cach 2 : Ta có C 6 n + C 7 n + C 8 n + C 9 n + C“ + C” = Z C n = Z 11CX • 


k =6 x=6 


Nhap vao may Z(HCX), an HjjlEgj] [JJ Qj [stirt ffl gMj [Tj ( 3 ) [f] <g) Q 


A,' , 

An ffl, may hien ket qua bang 1024. Chon dap an B 


Sap an B. 
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Do may tinh khóng the 
hien thi duoc cac ket qua 
lon bon 69! nen ta phai 
thnc hięn phep bien doi 
nhtf o ben ve dąng bieu 
thuc có chua to hop. 


4 K 9lfe Xl01C4i 


) X 99x98 X 



Mith A 

XC41 

1'3) "Lx-4 

3 J 


--- 0 

6 5 


(X-2J 


-40400 


! . 6 ! 

1 ^m + l)! 

(jn — iy.m 

khi i 

! Vi dn A Imh ti- , , 

3) 

(m + l)(m-4) (m-5)!5! 

12 [m — 4)!3! 


’ m = 101 





A, B = —40400 B. B = 

-30400 C B = -40300 

D. B=-30300 | 


ach 1: Voi tn — 101 thi B — 


1 102! 100!.101 


6! 

99.981,102.97* 961.5! 12.9753! 


► B = - 


6 ! i 

101 ! 

101 ! 'i 

ó! 

101 ! 

101 ! C 

99.98' 

97!.5! 

12.97!.3! J 

_ 99.981 

v 20.97!.3! 

12.97!.3! J 


1 6 ! 101! 4 6 ! 


101 ! 


30 99.98 97!.3! 30'99.98'(l01-4)!4! 30 99.98 


.Ct 


Nhąp vao man hinh ~ x x 101C4 

jfiji fit j pp, {y) jf J foj (hj Sli 1®] Si 
piPr] Ł£3 Llj 


gRj pgj (?) GB [JO @3 CU C§3 <B 6S CD 11.3 


m 


Cach 2: Ta có B = 


6! 


(m-2)(m-3) 


(wt + l)! 

(in- 


m-5)!5! 

12 (m- 

4)!3! 


6 ! 

1 ml ml 

6 ! 

( C* 

ch 

TE 

i 

ET 

i 

JL 

m-4(m-5)!5! 3(m-4)!4!_ 

(m- 2 )(m —3) 

m-1 

3 J 


6 ! 

Nhąp vao man hinh ^ x _ 2 )(X-3) 


XC5 XC4 


yX-4 3 

a a ;r siiaa® a <& mm m m 
m fig 33 [s] <s> ®i cn ei a e ■ a a to @ a a <x> tu a 

An gil may hói X? Nhąp ffi ©OJ (X = 10l) • An El, may hien ket qua bing 
-40400. Chon dap an \ 

Dał? śn A, 


0 Mtth & 


#^-(x 2 ”8xa) 


“ 0 Mńt.h & 

iS£lg ±^£5 _ ( v 2 _oy. t . 
XM ■' OA 


11 


Oang 2; Rut gon bieu thiic 

I Sii dung CALC vói mot vai gia tri cu the cua an (nguyen va thóa man dieu kięn) 
« roi doi chieu ket qua tren may vói moi dap an A, B, C, D. 

'i! _ i _______ 

Vi ci a I Rut gon bieu thuc M = A " vói n > 6 va n e N. Chon dap an 


A 


A, M = n 2 - 8n + 5 
C M = n 2 +16 


B, M = (n-4 ) 2 
O. M = n 2 -8n 




, XP6 + XP5 / yz ov , ci 39, ctó fu 33 !T1 fSipt 

Phitong dn A: Nhąp vao may -—-( x + an ; . Q , - _ł» 


■fis s j j :' ; i 


XP4 


. ! Ha 


An ‘I®, may hói X? An ® (X = 7). An i-?, may hien ket qua 11 


^ 0 . 

„OV£SOGś< 








STUDY TIPS 

Vói bai toan rut gęn bieu 
thiic ha i bien, ta cung se 
dung CALC vói tung bien 
cu the roi doi chieu vói dap 
an (hrong tu nhu cac vi du 
tren). * 



-B an i" Um 3: re Bp •• Xac sugx - '"B thiic Newton The best or oothing 

- Phuang an B: Nhap vao may ~(X-4) 2 , an @>@(10 lan)@ CD 

b s m 

An @, may hói X? An 0 (X = 7). An [=], may hien ket qua 0. 

Tiep tuc li] mot vai gia tri X khac (X nguyen) thi ket qua nhan duoc deu bang 0. 

—________ Dap an B. 

Vi du 2: Rut gon bieu thiic M = (P ) 3 C”C” JO ”,, (n e N") 


A. M = n\ 


B. M = 2n! 


C. M = 3n\ 


D. M=4n\ 


- Phuang an A: Nhap vao may (X! ) 3 x 2XCX x 3XCX - X!, an fC H [T] @ g] 

S e m is m m m ud sibsb s 

LO HEi §3 

An UD, may hoi X? An !jJ (X = l). An ©, may hien ket qua 5*0=>Loąi A. 

- Phuang an B: Nhap vao may (X!) 3 x 2XCX x 3XCX -(2X).<, an <g> (§) Q] <gj cą> 

CDIII 

An OM), may hói X? An ijj (X = l). An may hien ket qua 4^0=>Loai B. 

- Phuang an C: Nhąp vao may (X!) 3 x2XCXx3XCX-(3X)l, an <§)$«> <35 <§) 

@ Cl] 

An m, may hói X? An ® (X = l). An (=), may hien ket qua b4ng 0. 

Tiep tuc gle) męt vai gia tri X khac (X nguyen), ket qua nhan duoc deu bang 0. 

---- Dap an C. 

VI du 3: Cho bieu thiic M = P k tf i+1 Af j+3 Af t+5 , ( k,n e hf). Mj^dńngliT" ~ 


A. M = nklA 5 . 

n+5 


M = k 'K + 5 c. M = nk\A 6 n+5 D. kl A« +6 


Lói giai 

- Phuang an A: Nhap Y!x(x + l)P2x(x + 3)P2x(X + 5)P2-XxY!x(X + 5 )P 5 , 

an s 0 ® CD ®D □ j GB CD DJ m 11) CD (El CD @ Q] EH O (11 

^ ® ® ® S ^ ® ® ® di Bi E) H CD (EJ S @ dfii Er) [x] 

CD @811 Ud L€1 QJ Hee) (U CD 

An may hói Y? An (Tj (Y = l). An {=), may hói X? An @] (X = 2). An (=1, 
may hien ket qua bang 0 . 

Tiep tuc m mot vai gia tri (X,Y) khac (X,Y nguyen), ket qua nhan duoc deu 
bang 0 . 

_____ Dap an A. 

VI du 4: Rut gon bieu thuc C* +4 C^ 1 +6C** 2 +4 C k ~ 3 + c£* vó iT<k<n 


Liii giai 


- Phuang an A: Nhap XCY+4xXC(Y-1) + 6xXC(Y-2) + 4xXC(Y-3) + 
+XC(Y-4)-(X + 4)c(Y + l) 
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Oi-i 


SaukhiCALC X = 6, Y = 4 
a dap an C va duoc ket qua 
bang 0, mót so ban ket luan 
luón la C dung ma khóng 
thii them mot vai gia tri 
(X,Y) khaC. Bay la męt sai 
lam thuong gap can phai 
chu y. 


: ! 


An ©gL may hói X? An (U (X = 6 ). An ©,mayhóiY? An [4] (Y = 4). An k 




4)-(X+4)C(Y+f)! 

- Mkth A 

XCY+4xXCCY-l)+6> 


-42 


@ Math, 

-CX+4)t(Y+3I) 


-—~ 0 Hi 

;<l; i :-4'- : <X£(Y" 1) •' 6 $ 

90 


-- @ Mkth A 

l)-(X+4)C(Y+2) 


——-0 hiith £ 

XCY+4xXC(Y-l)+6l> 


-“ 0 Math A 

XCY+4xXCCY“l)+6i> 

_42j 


Tl Mktti A 

<CY-4)-CX+4)CY 


0 Math A 


XCY+4*XC(Y-l)+6i> 

0 


+XC(Y - 4) - (X+4)C( Y + 3) , an ® <3> SIE 
An ©11, may hói X? An fe) (X = 6). An !Hj, may hói Y? An ® (Y = 4) . An i=J, 

may hien ket qua bang 90 a 0. 

Loąi dap an B, 

- Phuang dn C: Nhąp XCY + 4 xXC(Y-l) + 6xXC(Y-2) + 4xXC(Y-3) + 

+XC(Y - 4) - (X+4)C(Y + 2), an bg) @ OD 

An 11, may hói X? Xn©(X = 6). An may hói Y? An Qg (Y = 4). An i~S, 

may hien ket qua bang 0. 

Loąi dap an C. 

An m tiep, may hói X? An © (X = 5). An sil, may hói Y? An © (Y = 4). An 
("s), may hien ket qua bang 42^0. Loąi dap an * 

- Phuang dn D: Nhąp XCY + 4 xXC(Y- 1 ) + 6xXC(Y-2) + 4xXC(Y- 3) + 
+XC(Y-4)-(X + 4)CY, an ■ Yl' 1 - • ! UD 

An gg, may hói X? An [|j (X = 6). An ©, may hói Y? An ® (Y = 4). An (=j, 
may hien ket qua bang 0. 

Tiep tuc |g§ męt vai gia tri (X,Y) khac (X,Y nguyen), ket qua nhąn duoc deu 
bang 0. 

ii') ain. I,a 


fpa«g3Tki&n tra nghięm cua phuong trinh, hę phuang trinh va bat phuang 
| trinh ^ 

BM toan i: Kiem tra x 0 có la nghięm cua phucmg trinh f(x) = 0 hay bat phuong 

trinh /(x)> 0 (/(x)< 0 ,/(x)> 0 ,/(.r)< 0 ) khóng? 

| _ Btróc 1: Bień doi phuong trinh, bat phuong trinh ve dąng f(x) = 0 hay f(x) > 0 

j (/(x)<0,/(x)>0,/(x)<0). 

jj 

i, ~ Btróc 2: Nhąp vao may tinh bieu thuc /(X) . 

| - Btróc 3: An lewjCi . may hói X? Nhąp x 0 (X = x 0 ) . 

| - Btróc 4 :Angj, quan sat ket qua: 

I + Doi vói phuong trinh: Neu ket qua khac 0 thi x 0 khóng la nghięm cua phuong 
I trin h Ą x ) = 0 . Ner. ket qua bang 0 thi x 0 la nghięm cua phuong trinh f(x) =0 . 











STUDY T!PS 

Dap an xuat hien cac gia tri 
-2;-l;l;2;4 nen ta se su 1 
dung CALC bieu thuc vói 
cac gia tri nay de tim 
nghięm. 



STUDY TIPS 

That vąy, de y dieu kięn la 
x>2 nen ta có the loąi 
ngay ba dap an A, B, D ma 
khóng can su dung may 
tinh. 
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j + D(S vói bat P huon S tónh: Neu dau cua ket qua va dau cua bat phuang trinh 
jj gi ° ng nhau x o nghięm. Neu ket qua va bat phtrong trinh có dau khac nhau 
f thi x 0 khóng la nghięm. 


iu 1: Nghięm cua phuang trinh 3C z x+1 + xP 2 =4A Z la: 


Lói giai 

Phuang trinh 3C 2 +1 +xP 2 = 4A 2 <=>3 C 2 X+1 + x.2!-4 A* =0 . 

Nhąp 3x(X + l)C2 + Xx2!-4xXP2, an GD D © S © ffi ffi © SIO EJ GD 

ffl Hi CD (13 d] @ 0 Ei B3 S3 H CD m @0 dj 

-Phuangdn A: An @g), may hói X? Nhąp [i[l (X = 3). An g), may hien ket qua 
hang 0. Chon .A, 

______ Dap an A. 

Vj du 2; Tąp nghięm cua phuang trinh P,x 2 - P,x = 8 la: 


i A. { 1; 4} B. {-2; 4} 


{—1; 1} D. {-2; 2} 


Lcd giai 


Phuang trinh P 2 x 2 -P 3 x = 8 <=> 2!xX 2 - 3!x X - 8 = 0. 

Nhap vao may2!xX 2 -3!xX-8, an [f3@® (DIS O® 0 (Tilani [jy] [x] 

StDBCU 

felii/ may hói X? Nhap O QJ (X = -l). An (=j, may hien ket qua hang 0. 
Vay x — —1 la męt nghięm. 

An may hói X? Nhap © (X = 4). An EJ, may hien ket qua bing 0. 

Vay x = 4 la męt nghięm. 

Chon A. 

An H, may hói X? Nhap O (Tj (X = -2). An ©, may hien ket qua bing 12 . 
Vay x = —2 khóng la nghięm. 

Loąi ngay B va D. 

An ii', may hói X? Nhap [Tl (X = l). An (=], may hien ket qua bing -12. 

Vay x = 1 khóng la nghięm. 

Loai C. 


Vi aa 3 


3: Tąp nghięm cua phuang trinh P A 2 + 72 = 6(A 2 + 2P ) la- 

X x V X x J 

A. {-3;4} B . {3;-4} C {3;4} D. J 


Dap an A. 


Lcd giai 


Nhąp X!xXP2 + 72-6(XP2 + 2xXl), an S U) @ ® ® H§ Oj gg) g) [F| ® 

Lz], li] El GD ii) S Oj (UD (D GD GB GD SD ®H CD (H3 gD CD 

An m. may hói X? Nhąp 0j [3J (X = -3) . An may hien Math ERROR. Vąy 


t = —3 khóng la nghięm. 
Loąi A va D. 














1 Maili" 

Math ERROR 

CA03 aCanc©! 
Ci 3 E B> 3 S Goto 


Ta se CALC bieu thuc vói 
cac gia tri 1; 2; 3; 4; 5; 8 nay. 
Neu gia tri nao cho ket qua 
ciia bieu thuc duong thi 
khóng phai la nghięm cua 
bat phuong trinh. 



C X+4 ) HF4 

a Math a 

15 

VA: 9 i ! 

C X— 13 ! 


C !K4“4 ) P4 

13 Math A 

15 

(X+23 ! 

cx-i ) i 


5 


CX+43P4 15 

(X+23 ! ”(X-i) ! 

___a 


CX+4)P4 

15 

tX+23 ! 

tx-i3 i 


'2 


CX+43P4 

13 Math A 

15 

CX-ł-23 ! 

CX-i3 ! 

.1 

ć 


C X+43HP4 

0 Muth A 

15 

(X+23 ! 

t X— 13 ! 

1 

“40 


Ta thay dieu kięn cua bat 
phirong trinh la. n> 5, 
n e Z nen loai ngay dap an 
A. Do 3 dap an eon lai (B, C, 
D) deu xuat hien cac gia tr j 
7; 8; 9; 10 nen chac chan day 
deu la nghięm cua bat 
phuong trinh. Khi dó 
khóng can thiet phai CALC 
bieu thuc vói 4 gia tri nay. 


CX-l)C4“(X-l)t3i> 

21 




Art itkj, may hói X? Nhąp 

x = -4 khóng la nghięm. 
Loai Vay chon C, 


f X — —4J. An LA, may hien Math EliROR. 


; Cac só nguyen duong n thóa man 
, n e jl; 2; 3j R, 


15 


(w + 2)l (n-l)! 

{3;4;5} C. «e{2;3;4} 


la: 


ne 


{1;4;8} 


Bat phuong trinh 


A 


15 


- <=> - 


15 


(w + 2)! (w-l)< (n + 2j! (n-l)! 


<0 


(X + 4)P4 15 


Nhap v , w . A, n ' ■ v ■ ■ i . : :J’ASJjLUl*J'ó 


i/ 


(X + 2)! (x-l)r 

GB CCI Dl SM) SD ® E3 ffl 011GD CD '§M 03 E5 01 GD @§3 @3 

An Aj, may hói X? Nhąp GO (X = l). An ©, may hięn ket qua bang 5 > 0 . Vąy 
n = l khóng la nghięm. Loai A, D, 

An gig, may hói X? Nhąp GS (X = 2). An Q§], may hien ket qua bang 0. Vąy 
n = 2 khóng la nghięm. Loai A, C 

An gig, may hói X? Nhąp [£1 (X = 3). An ; jj, may hien ket qua bang < 0 . 

Vąy n = 3 la mpt nghięm. 

1 

An iaSel , may hói X? Nhąp ® (X = 4). An H, may hien ket qua bang -- < 0 . 
Vąy w = 4 la mpt nghięm. 

f \ 1 

An j auJl , may hói X? Nhąp ; Jj (X = 5). An [SI, may hien ket qua bang < 0. 

“irU 

Vąy w = 5 la mot nghięm. Chon £.. 


Dar? an. B. 


5 

i Vi du 5: Tim cac so nguyen duong n thóa man CJg - Cg --A *_ 2 < 0 


A ne {4; 5; 6 ; 7; 8 ; 9} 
C we{5; 6 ;7; 8 ;9; 10} 


B, we{6;7;8;9;10;ll} 
D. w e (7; 8; 9; 10; 11; 12} 


Nhąp vao may (X—l)C4-(X —l)C3 —— x(X —2)P2 




4 

i © E33 GS GO Ii! Oj a Oj CD io SB OD El ffl dl 


21 


An jCALCj, may hói X? Nhąp Qfj (X = 5). Ar. *=j, may hien ket qua < 0 . Vąy 
n = 5 la mot nghięm la mót nghięm cua bat phuong trinh. 
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(X-l)C4-(X-l)C3i> 

_i20_ 

a Mj.th A 

(X-l)C4-(X-DC3i> 


An gCALC], may hói X? Nhap [Sj (X = ó). An Osi, may hien ket qua —20 <0. Vay 
= 6 la mot nghięm cua bat phuong trinh. 

An U, may hói X? Nhap |T) (T) (X = ll) . An [§D, may hien ket qua 0. Vąy 
n = 11 khóng la nghięm cua bat phuong trinh. Loai B va D. Vay chon C. 

Dap an C. 


'< ? Ba-.CAL' LtNHi-1 


De sir dung ki tu da cau 
lęnh (:), ta an Rtplj Qg. 

Ki tir da cau lęnh (:) cho 
phep noi hai hay nhieu 
bieu thuc va thirc hien 
tinh cac bieu thuc dó lan 
lupt tir trai sang phai khi 
ta an nut @. 


Vói cac hę gom nhieu 
phuong trinh hay cac hę 
bat phuong trinh, ta cung 
sir dung ki tęr da cau lęnh 
(:) de ngan cach cac bieu 
thuc vói nhau va dung 
[SKj de xac dinh nghięm. 


) f(x'v) = 0 

/ ’ 

g(x;y) = 0 

hay khóng? 

„ „ \f{x-,y) = 0 

- Buoc 1: Bień doi he phuong trinh ve dang i ' 

[g{x;y) = 0 

- Buóc 2: Nhap vao may hai bieu thuc /(X) va g(x) ngan cach nhau boi ki tu da 
cau lęnh (:) .Cu the, nhap /(X; Y): g(X; Yj. 

- Buóc 3: An (raSj, may hói X? Nhap x 0 (X = x 0 ). An [Hf], may hói Y? Nhap y 0 

i (Y = y 0 ). 

; - Buóc 4: An (Hfj, may hien gia tri cua f(X; Y) khi X = x 0 , Y = y 0 . An [S] tiep, 
may hien gia tri cua g(X; Y) khi X = x 0 , Y = y 0 . 

| + Neu gia tri cua /(X;Y) va g(X;Y) tai X = x 0 , Y = y 0 deubang 0 thi (.r 0 ;y 0 ) la 
| nghięm cua hę phuong trinh. 

+ Neu gia tri cua /(X;Y) hoąc g(X;Y) tai X = x 0 ,Y = y 0 khac 0 thi ( x a ;y 0 ) 

;| khóng la nghięm cua hę phuong trinh. 


STUDY TIP 

De y dieu kięn cua hę la 
r>y>l;r,ysN ta loai 
ngay dupc dap an C va D. 
Khi dó chi can kiem tra 
nghięm trong hai dap an 
cón lęi. 



( (^y+i _ qv 

I+l X+1 

:i=5e% 

A. x = 6,y = 3 B. x = 2,y = l C. x = 2,y = 5 D. * = l,y = 3 

Leń giai 

Nhap (X + l)C(Y + l)-(X + l)CY:3x(X + l)C(Y + l)-5x(x + l)C(Y-l), an 

m m m gb cd m m a m aaaa m s m m m eh m m ®s 

GS H ii) I® ES GD UD CD ii CD GE LU dl @ O E] H §§ GE OD CII E3 
GD SD CD S CD GE) CE! CO @ GE) CD @ @0(1) CD. 

- Phuang an A: An [CALC] , may hói X? An Ijj (X = 6). An (=0, may hói Y? An [1] 
(Y = 3). An may hien (X + l)C(Y + l)-(X + l)CY = 0. An (=j tiep may hien 
3x(X + l)c(Y + l)-5x(x + l)c(Y-l) = 0. Chon A. 


2A;+5C X =90 

VI du 7: Nghięm cua he phuong trinh i y y la: 

[5a;-2c;=80 


A. x = l,y = 5 


x = 2,y = l C. x = 2,y = 5 D. x = l,y = 3 
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Be y dieu kięn cua hę la 
O < x < y, x, y s H ta loai 
ngay duac dap an B. Khi dó 
chi can kiem tra nghięm 
trong ba dap an cón lai. 


Nhąp 2 x YPX + 5 x YCX—90:5 x YPX — 2 x YCX—80: Hi SJ IStiSi @3 @0 Sfi 

[Tl U CE SI lit HiS G3 iii CO E3 LS SD MM l£, Lsj um iJM M £j 

sAiPHAi [2j (OEi (C-p* U ,irj (AL?jA| i_) * I _**j IjBJ I O ) 

- Phuang an A: An §gE£j, may hói Y? An (11 (Y = 5) . An W, may hói X? An [Tj 
(X = 1}. An [Sj, may hien 2 x YPX + 5 x YCX - 90 = -55 * 0. An gD tiep may hien 
5xYPX-2xYCX-80 = -65 ^0.Loąi A, 


2-yp; 

Ii3 Mscth Mim 

;+5xYCX-90 

5xYPX-2xYCX-8Ó 


-55 

-65 


- Phuang an C: An ggcj, may hói Y? An QD (Y = 5). An ©, may hói X? An GD 
(x = 2). An Ej, may hien 2xYPX + 5xYCX-90 = 0 An UD tiep may hien 
5 x YPX - 2 x YCX - 80 = 0 . Chon C, 

1 Ms.tf. ADispl 0 M*th ~Ł 

2xYPX+5xYCX-90 5 xYPX-2xYCX-80 


Dap an C. 


| Vi du 8 : Dinh x va y sao cho C y x+l : C y+1 :C? X 1 =6:5:2 
i A. (1;4) B, (4;1) C, (3;8) 


D. (8; 3) 


SIUDY TIP 

Be y dieu kięn cua x, y la 
0 < y < x+ 1,0 < y +1< x; 
x,yeN nen ta loąi ngay 
dap an A va C. 

Ban chat cua bai toan nay la 
tim x,y thóa man ti so ma 
gia thiet dua ra. Ta se xu ly 
bai toan bang lęnh CALC ki 
tu da ca u lęnh (:) 


IM giai 

Nhap vao may (X+l)CY:XC(Y + l):XC(Y-l), an: CD @ CD GB CD El @*1! 

[?] (Hi H§ i®S GB @ CD if3 El 01 OS §§GB CD CD gH uf i iii CD iii E 
Xs B ®§j El CD CD 

- Phuang an B: An jcALCj , may hói X? An ~±) (X = 4). An ©, may hói Y? An LU 
(Y = l). An (Dj, may hien (X + l)CY = 5 . An E: tiep may hien XC(Y +1) = 6 . An 
3 : tiep may hien XC( Y-l) = l. Khi dó C^ +1 :C yA :C X 1 =5:6:1. Loai i> 


CX+1)CY 

Math ADi;t- 0 

XC(.Y+1 i 

Macth ADisp 

xccy-u 

B Math A 


5 

6 

i 


- Phuang an D: An [S5j, may hói X? An © (X = 8 ). An ID, may hói Y? An [3 ] 
(Y = 3). An UJ, may hien (X + l)CY =84. An @ tiep may hien XC(Y +1) = 70 
An © tiep may hien XC(Y-l) = 28. 

Khi dó C* +1 : Cf 1 : Cf 1 = 84:70:28 = 6 :5:2. Chon D. 


(X+1)CY 

Mj.tli ADijp 

XCCY+1) 

B Mp.th ADiff s A 

XCCY-1) 


84 

70 28 


Giai cac bai toan dem va tinh xac suat 


Vi du 1: Sap xep 7 ngtrói vao męt bang ghe có 7 cho. Hói có bao nhieu cach? 
A. 5040 B. 5050 C. 5030 B, 5010 
















Phar? 2 Chu de 3: 76 hęp - Kac suat - Nhj th$e Newton 


s rae foest ®r notriioi 





5*5P3 


12C4x8C4x4C4 


34650 


Lói giai 


Moi cach doi chó 1 trong 7 nguói tren bang ghe la 1 hoan vi. Vąy có tat ca P 7 = 7! 
cach xep. An [fj Uff] gfj . An [|D, may hien 5040 . 


>ap an a. 


7i cm a; Cho tąp E = |l;2;3;4;5;6;7j. Có bao nhieu so góm 7 chu só phan bięt, 
hinh thanh tir tąp E va bat dau bang 123 ? 


D. 120 


Lói giai 


Mói só gom 7 chu só phan bięt hinh thanh tir tąp E va bat dau bang 123, só cac 
so nhir vąy ńng vói só' hoan vi cua 4 chir só 14,5,6,7}. Vąy só cac só can tim la 
P 4 = 4! (só). An 3! j® Uri. An GD, may hien 24. 

Dap an B. 

| Yi dy 3: Cho 9 chir só 1; 2; 3; 4; 5; 6; 7; 8; 9 . Có bao nhieu só tir nhien góm 4 chu só 
| khac nhau duoc ląp tir cac chir so nói tren? 

I A, 126 B. 3024 C. 5040 D, 252 


D, 252 


Łoi gia; 


SÓ cac so can ląp la =9P4 (so). 

An ijJj fsHirrj (X) IJJ. An hm, may hien 3024. 


Dap an B. 


h. du 4: Tir tąp hop X = jO; 1; 2; 3; 4; 5} có the ląp duoc bao nhieu so tu nhien có 


4 chir so khac nhau? 
A. 360 


D. 320 


lot giai 


Goi abcd voi a *0 va a,b,c,d phan bięt la so can ląp. 

+ Do a ^ 0 nen có 5 cach chon a . 

+ Chon 3 trong 5 chir só cón ląi de sap xep vao cac vi tri bcd ta có At (cach). 

Vąy có tat ca 5At =5x5P3 cach ląp só abcd thóa manbai toan. 

An . S i g) (Js] giarTj [X] [3]. An Ig, may hien 300. 

Dap an C. 

Vś du 5: Mót tó hoc sinh có 9 nam va 3 nu. Can chia tó dó thanh 3 nhóm, moi 
nhóm 4 nguói. Hói có bao nhieu cach chia? 


B, Ą 2 ĄAt 


C. 11880 


D. 34650 


Len giai 


Só cach chon nhóm dau tien góm 4 nguói trong tó (12 nguói) la Cj 2 (cach). 

Só cach chon nhóm thu hai góm 4 nguói tir 8 nguói cón ląi trong tó la Cg (cach). 
Só cach chon nhóm thu ba góm 4 nguói tir 4 nguói cón ląi trong tó la C\ (cach). 
Vąy có tat ca Cj,.Cj.Cj = 12C4x8C4x4C4 (cach). 

An (Tj cu gs nsFTi o go m o dno b [3i rs ou mu o o. 

An CEL may hien 34650. 
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Vi d.u fj: Tir 20 cau hói trać nghięm gom 9 cau cle, 7 cau trung bmh va 4 cau khó 
ngufói ta chon ra 10 cau de lam de kiem tra sao cho phai có du ca ba loąi de, trung 
bmh va khó. Hói có the lap diroc bao nhieu de kiem tra? 

A„ 176450 B. 176400 C. 176451 D. 176460 



13 Math A 


■C1600+11 > 
176451 


7C£x5Ci+7C3 

Msth A 

12C3 

7 


TT 




0 Math Ł 

12C4 


99 

667 


- Bh©c 1: Chon 10 cau tiiy y trong 20 cau có C“ (cach). 

- Bttóc 2: Chon 10 cau sao cho có khóng qua 2 trong 3 loąi de, trung binh va khó. 
+ Chon 10 cau trong 16 cau de va trung binh có C?? (cach). 

+ Chon 10 cau trong 11 cau trung binh va khó có (cach). 

+ Chon 10 cau trong 13 cau de va khó có C™ (cach). 

Vąy só de kiem tra có the ląp dirac du ca ba loąi de, trung binh va khó la: 

C 2 o -(Cj“ +C“ + C“) = 20C10-(l6C10 + llC10 + 13C10) (de). 

3 [i] @§3 33 ID GD GB SI Oj ii! G3 [13 OT! E±i 


An 


y [c 

D (Ml! 


ś il fol f } 1. 


.i JJ Li 


An [—], may hien 176451. 


'trap ars L 


Vi du 7:. Męt hop dung bóng den có 12 bóng, trong dó có 7 bóng tot, va 5 bóng 
| cón ląi kem. Lay ngau nhien 3 bóng, tinh xac suat de lay dugc it nhat 2 bóng tot. 


11 


11 


7_ 

12 


_4_ 

12 


Lol Mai 


Taco |fi|=Cj 2 .Goi A la bien có "có it nhat 2 bóng tot". Suy ra |fi A | = C 2 Cj + C 2 

Vay xac suat cau tim la P( A) ■ Hi ■ C ’ , , 

J v 7 |fi| C 3 U 12C3 


An may hięn 


11 


iJap an A 


| Vi du 8: Có 30 tam the duoc danh só tir 1 den 30. Chon ngau nhien ra 10 tam the. 
Tinh xac suat de có 5 the mang só le, 5 the mang so chan trong dó có dung 1 the 
mang só' chia het cho 10. 


568 

667 


99 

667 


101 

667 


566 

667 


lok snai 


Ta có fi = C,! 


Goi A la bien có "có 5 the mang só le. 5 the mang so chan va 1 the mang só' chia 
het cho 10". Suy ra |fi A | =Cf 5 C 3 Cj 2 . 

p A \ C 5 15 ClC; 2 15C5 x 3C1 x 12C4 


Vąy xac suat can tim la P( A) = 


fi 


30C10 


An !■? 
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'han 2 - Chfi Se 3: To bśp - Kac s«iaf - Nhi thtfc Newtosi 


E he best or nstnine 


l-i 


25C3 

30C3 


1 - 


20C3 

25C3 


ss 

203 


115 


(jT). An dj, may hien 


99 

667' 


Dap an B. 


Vi du 9: Lóp 12B có 30 hoc sinh, trong dó có 5 em giói, 17 em kha va 8 em trung 
binh. Chon ngau nhien 3 em, tinh xac suat de có lt nhat 1 em giói. 


A. 


115 

203 


B. 


110 

203 


93 

203 


U. 


203 


Łoi giai 


Ta có |a| = C^ -Goi A la bien co "Chon 3 em, trong dó có lt nhat 1 em giói" thi A 
la bien có' "Chon 3 em, trong dó khóng có hoc sinh giói nao". 


_ pi 

Khi dó |Q-] = C^, suy ra p( a) = -f - P 

^30 


(a) = i-p(a) = i-Łi- 25C3 


c 


An m B H! li] [fj @ S [13 ® ® CS @ ES ® ■ An @, may hien 


30C3 
88 

203 ' 

Dap an D. 


Vś du. 10: Cóng ty Samsung phat hanh 25 ve khuyen mai trong dó có 5 ve trung 
thuóng. Mot dąi ly duoc phan phói 3 ve. Tinh xac suat de dąi ly dó có it nhat mot 
ve trung 


57 

115 


Taco Q \=Ci 


58 

115 


19 

46 


D. 


27 

46 


Lói giai 


Goi A la bien co "có it nhat mot ve trung" thi A la bien có' "khóng có ve nao 
trung". Khi dó |Ci-j = C \ Q . Xac suat cua bien có A la P^A j = - 


Ci 


C: 


Vąy xac suat can tinh la P(A) = 1 - P|Aj = 1 j- = 1 


C 


20C3 
25C3 ’ 


An co b sb ca m m s en <s> m 


1 ■ An dl, may hien 


58 


115 

Dap an B. 
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jGIĄłYHjC^t^OU 
:* ■ (IHOfStSTCl^ii 


Dci vći d?ng toan nay, ta 
se chon Step = 1 vi step 
phai la gia tri nguyen chay 
tif 0 den n . 






FCX) GtHJ 
ŁiSii isa 
5s?-br rns 


91 I ISHHI EEBI 


Jąrrg 5: Tim sd l 


: at hi sit i-. Tim so hang chóa x a trong khai trien Newton [a + bj 
| - Bufa 1: Khai trien nhi thiic Niu-ton theo eóng thuc: 

i M)" =±C*<?-V = ±g(k).f(x;k) . 

<; k =0 k - (I 

| Chon x = x 0 la mot so bat ki (ihnong chon x 0 =1,2,3 ). Khi dó hę sd cua x a trong 
ji khai trien la . 

I - Bufa 2: An ilffi |Bd§ (J: fsl fil di chuyeh sang che do hai ham f{x) va g(x) . 

\ - Bufa 3: An g) 0 | (jrj (TABLE). Nhąp ham /(x) (la ham f[x- r 1c) vói x = x 0 va 
i k = X). An G§J, nhąp ham g(x) (la ham -g(k) vói k = X). 

- Bufa 4: An l$=j, may hói Start?, nhąp Start = 0 . An tej tiep may hói End?, nhąp 
|| End = n ■ An L-Ei tiep, may hói Step?, nhąp Step = 1. 

|i - Bufa 5: An l~0, bang gia tri hien ra gom 3 cot X,F(X) va G(X). An @ de thtrc 

hięn keo xuong xem toan bo bang gia tri, ta se chon ket qua thóa man. 

| . . 

I Quan sat bang gia tri, tai hang có gia tri bang x£ cua cot F(X), gia tri cua X chinh 

I 

( la gia tri cua k , gia tri cua G(X) chinh la hę so cua so' hang chóa x a trong khai trien. 

2i 

j.'. ~ 77 

7 i du 1: Tim hę sd cua só' hang chura x 8 trong khai trien — + \jx 5 


A. 495 


B. 313 


C 1303 


A. 13129 


_ f 5 V‘ 12 

= x~ 3 +x 2 = £cf 2 (x- 3 ) 




- > j ( x ’ k )~ x2 > - f ( X )~ 22 (0<X<12,XeN). 

g{ k ) = C n ' ig(x) = C* =12CX 

An f sHirrl jo5g <x> [a] (JC . Sau dó an gglj \fj (TABLE). 

Nhąp f(x) = 2^ X ~ 36 : © §3 H) ID Qj <2> 00 <§> Hi CU E3 dj ® • An ©. 

Nhąp g(X) = 12CX: C O © §§ S !I§ Cl) • 

An (=0, may hói Start?, an [51 (Start = 0). An Q=D tiep may hói End?, an T 
(End = 12). An (=) tiep may hói Step?, an JO (Step = l) . 


Start? 

0 M:ńh 

End? 

a Ma.th 

Step? 

E Math 


0 

12 

I 


An jaj , bang gia tri hien ra. An ?▼) de keo xuóng xem toan bo bang gia tri. 
Quan sat bang gia tri ta thay, tąi F(x) = 256 = 2 8 =x s (do x = 2) thi X = 8 —> k 

va G(x) = 495 la hę sd cua sd hang chua x s trong khai trien. 

V:£ da 2; Tim he sd cua sd hang chura x u trong khai trien (1 - x 2 ) : 


Ml 


















f(X)=2 2 * 


g(X)=€2CX*(-n* 


13 Mith 

B 

16384 


F <X) 


im 

S553E 


<3 <K? 

3EM 

- 1 SE 

M95 


f(X)=2 

a 

7 7 

3 12 

Matłi 


g(X)=7CX " 

M*th 


■J 

s 

G 

X 

9 

M 

5 

S 

F(X> 

D.EE1U 

Math 

GCX) 

35 

35 

21 

1 


Phars 2 - Chu de 3: To hop « Kac suat - Nhj fhuc Newton 


The best or nothiftg 


Lol giai 


(l-* 2 ) = ^C* 2 (~* 2 ) -SCŁ(-I) v( ?i O</:< 12 va /ceM. 

fc=0 /t=o 

[/(r;k) = r 2 * x2 [f(x) = 2 2X r O < X < 12; 

' 1 g(k) = ^.(-l)* lg(x) = C x ,(-l) X = 12CXx(-l) x U e N 

© QD (.Ii. Sau dó an jóp| ; ?1(TABLE). 


An 


Nhąp /(X) = 2 2X : fTj [gj (T) jMj Ul. An [=1. 

Nhąp g(x)= 12 cxx(-i) x :B@§ISSEiEI]e0[3gBE. 

!, may hói Start?, an [U [Start = 0). An GE! tiep may hói End?, an iT~I (Tl 


An dU, may! 


a M>.th 

Start? 

End? 

a M>,th 

Step? 

B Mł.th 

0 


_12 


_L 


An G=j, bang gia tri hien ra. An ® de keo xuong xem toan bp bang gia tri. 
Quan sat bang gia tri ta thay, tąi hang F(XJ = 16384 = 2 14 = r 14 (do r = 2) thi 

X = 7— >k~7 va G(x) = —792 lahęsócua x u trong khai trien. 

Dap an C. 

, 1 y 

Vi du 3: Tim hę so khóng chua x trong khai trien %/r + -^= ,[x > Oj : 


Ldi giai 


Su dung may tinh casio 

f _ -> A 7 


i — 1 A 7 / \7 —k / i - \k 7 7——tr 7 7 7 . 

+ = Z C 7 W V? 1 =ZC 7 V4^=X C ^ 312 vói 

y k~0 ' ' V / ^_q 


0<k<7 

ksN 


/(*;*) = jc 3 '“* 


f( X )-2 3 12 (0 < X <7;X eN). 

[g(X) = C x =7CX 


An IMl S ® CD [£). Sau dó an httji [z](TABLE). 


a. 


Nhap /(X) = 2^ : (3 @ ffl 0 <g> CI] ® EMS CI] ® (U Cl 

An (U. Nhąp g(r) = 7CX: S@SBQ]. 

An d=), may hói Start?, an [Oj [Start = 0). An dl tiep may hói End?, an 
[End = 7). An (H] tiep may hói Step?, an :Tj [Step - 1) . 


a Mith 

Start? 

End? 

a Mkth 

Step? 

a Mi.th 

0 


7 


1 


An (H3, bang gia tri hien ra. An © de keo xuong xem toan bó bang gia tri. 
Quan sat bang gia tri ta thay tąi hang F(X) = 1 = 2° ~x° (do r = 2) thi 

r = 4 —>k = 4 va G(x) = 35 la hę só cua so hang khóng chura r(r°) trong khai 
trien. 

Dap an C. 
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1 

■ r i dn 4: Trong khai trien nhi thńc | x 3 + — | tłu hę só cua só hang khóng chńa | 


x ban 1 


S : 


3. 46620. 


47620. 


f(X)=2 ! 


*4— 


Ś 

S5E 


Ul ™ll 

ijgnsB 


issr 

GCK5 


f(X)=2 5+2M 


0 Math 

=12CXxC-O k 


0 M«h 

K S FCK> GCK5 I 

m BI 92 1 Mli 


92MI 
i 3 i Q72 


_ , i , i y* j, j ,\t jł, 

Ta co U + — = £cy 8 (x 3 ) (x- 3 ) = £c 

/ t =0 ' " 


'A: 54—6 k 

18 X 


vói 0 < k < 18 va Ic e N. 


f f/A- ló — r 54-6* 

g{k) = C k ls 


(c(v\-jS4-6X 

=^r ' x| - 2 


(0<X<18;XeN) 


[g(X) = Cf 8 =18CX 

An i iSffl §f§§ <g) [|j [g]. Sau dó an ilcij (T) (TABLE). 

Nhap /(x) = 2 54_6X : dl®] (UCS B SS LU. An (13. 

Nhap g(xj = 18 CX: (Tl [5] jliyf j FF; jaj Q1. 

An (=j, may hói Start?, an fOj (Start = 0). An GH tiep may hói End?, an Qj [aj 
(.End = 18). An @ tiep may hói Step?, an jj (Step = l) . 

An |==), bang gia tri hien ra. An Cg) de keo xuóng xem toki bo bang gia tri. 
Quan sat bang gia tri ta thay, tai hang F(x) = l = 2° =x° (doz = 2) thi 

x = 9 -»7c = 9 va G(x) = 48620 la hę so cua so hang khóng chńa x(x °) trong khai 
trien. 

Dap an D, 

Vi nu 5: Hę só cua x 17 trong khai trien r* (l - z 2 ) la: 

A. 12376. B. 924. C -12376. D. -6188. 




m fam 



r a 

12 

( a 

29 X 

12 

1 12 

( sf ł 

6 

29 X 

II 

CN 

* 

1 

t-H 

; x 12 (l-x 2 ^ 

= 

X 12 _ x 12 

1! 

M 

o 

io ^ 

z 12 

-X 12 

1 

- 


V 

J 

*=0 1 

1 y 1 


J 


■±c\ 2 (-i 

k =0 


vai 0</c<12 va kel 


f(x;k) = i 


f(x) = 2 5 


. (O < X < 18;X e N) 


= 1) = [g(x) = C 1 x 2 x(-l) x =12CXx(-l) >< 

An jsHiFr ] |®| C?) [§] GO • Sau dó an §c§§ [71 (TABLE). 

Nhap /(X) = 2 5+2X : [|] @ fsj j±j [aj @fgj Q).AnS). 

Nhąp g(z) = 12CXx(- lf : CU 3 j @ EJ S tS iii S3 O CD CO@ il§ 03 . 

An ©, may hói Start?, an foj (Start = 0) . An @ tiep may hói End?, an (Ti 'Ti 
(End = 12). An (ID tiep may hói Step?, an fjJ (Sfep = l) . 

An ;™;, bang gia tri hien ra. An (g) de keo xuóng xem toki bp bang gia tri. 
Quan sat bang gia tri ta thay khi F(x) = 131072 = 2 17 =z 17 (dox = 2) thi 

X = 6 —> k = 6 va G(X) = 924 la hę só cua só hang chńa z 17 trong khai trien. 
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Hę phuong trinh (i) có 
nghięm deu la cac so tir 
nhien. Phircmg trinh (l) 
có hę so deu bang 1. 
Phuong trinh (2) có hę 
só tang dan khi chi so k 
tang. 


Bai toin 2: Tim hę so cua x m trong khai trien bieu thuc: 

f(x) = (a t x‘ +a t _ 1 x t ^ +a t ^ 2 x l ~ 2 +... + fl 1 x + a 0 ) 

I Hę so cua x m duoc tinh bang: L*"'J = X t jŻ , r.jA' a < 


b b -i Ł ^ _ ki h 


Vói k u k 2 ,k 3 ,...,k t <e N thóa man: 


fc 0 + + k 2 +... + k t — n (l) 
k 1 + 2k 2 +3k 3 +... + tk t = m (2) 


7! 

3 ! X4! 


12 ! 

4!x8! 


Vi du 6: Tim so hang khóng chua x trong khai trien Nhi thuc Newton cua 


\[x +-p 


vói x>0 


D. 90 


3/x+-4= = (x 1/3 +x 1/4 ) 7 . 


^ 1/3 + ^ 1/4 7 

Ta có he i i 1 —T^TT 

k/3-7 fc -P4=0 ^ 


Lol git:i 


X +Y=7 

1 1 
— X- —Y = 0 
3 4 


Chon S(J](EQN)Q] de giai hę phuong trinh tren, ta duoc cac nghięm la 
X = 3, Y = 4 —> k y3 = 3, fc_ 1/4 = 4. 

7! 

Vay hę so khóng chua x trong khai trien la [x° ] = —— = 35. 


35 I An ® [7] fe® 0 <2> 11) ID0 03 ii] il 


Dap an. A. 


I \i t .,1!'/ ■ Tl 


i dii 7: Tim hę só cua só hang chua * 8 trong khai trien nhi thuc Newton cua 

i Y 2 

— + , biet rang x > 0 


A. 490 


C. 495 


l + ^) 


Ta có he 


^-3 + Y/2 


Lói giai 


X + Y = 12 


' -3^+ffc 5/2 =8 ^ 


-3X + —Y = 8 
2 


Chon @ (D(EQN)QJ de giai hę phuong trinh tren, ta duoc cac nghięm la 
X = 4,Y = 8—>k_ 3 =4,fc 5/2 =8 . 

12 ! 

Vąy hę so cua só hang chua x s trong khai trien la: [x 8 ] = ^ = 495. 


An [Sj [ij GD {Si 


[4] gir]fafj m [U @ 0 


tJ ap an <L. 
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Doi vói mpt et” thuc dang 
/ (a j - | a... • n ,v’ a ..\' j 

thi hę so cua x” dugc 
tinh hang: 

f x "‘l -i— ..a':*dyd‘ 

I- J kJĄtĄi “ '> • 

f k -f- k + k — u 
Vói “ * . ' , 

i ak a + pfc. + yfc, = ni 

va k al k„,k„ e N . 

ffc, =f(X) 
Dat k = X -> i . ’ 

K-g(x) 

De tim k a ,k.,k, ta su 
dung TABLE, nhap hai 
ham f(X),g(X). 

Cho 

Start = 0, End = n - 1, 

Step = 1. 

Quan sal bang gia trj va 
chon nhung gia tri ma tai 
dó X,F(X),G(X) e N . 

Khi dó /c, = X , k a = .F(X) 
va A' p =G(x) . 



0 

Ma.th 

i kAht 

f 

5 

s 

E 1 

S 0 |J 

3.5 

m ii 

eI 

a 



0 


SITJDY TIPS 

Vięc dua ca quy trinh an 
[ x° j vao may nhu o ben 

kha dai dong va mat nhieu 
thoi gian, nhat la doi vói cac 
hoc sinh chua thóng thao 
barn may. Cung bang may 
tinh casio (hay vinacal) 
nhung ta có the thuc hien 
thao tac dó de dang hon 
qua cac phim §§§, sęp 
i STO),. IB. 


m!XB!XC! 


x(-! y 


-i. Tim so hang khong chiia x trong khai trien- x + 

l x 


B. 2016 


C. 1009 


P, 2018 



, (1 9 ^ / _i ? \ 10 _, - ^ \ k_, + k.., + k 0 —10 

Taco x + x 2 \ -\x 1 ~x + x 2 ) . Cohę:< 1 

^ x J ' ~ł" + 2k 2 = 0 

Do k l/ k l/ k 2 e N nen 0 < k_ x < 10 . Dat k 2 = X —> 0 < X < 10 . 

ffc 1 +fc 1 =10-X 7c -i = O =r ( X ) 

Hę co dang < T ->f(x) /g (X)eN 


. 10 tX r / „ .\ 

„ , ffc , = 10 — x 7c -i = '~y~ =r ( x ) 

He co dang i <=> ( 

' 6 }k , -Ł = 2X , 10 -3X , v x 

1 ^ K= —g— = g( x ) 


An |ig|i|Cg)[l]r|j.Saudóah gH [T](TABLE). f iq+x “ 

Nhap f(X) = — -— : fil Li] fij l±i QJ @ 5] ■ An Gi) • - 

ó M itotS ] 

n fV',— 10-3K 

_ /v\ 10-3X gCJJ - Z 

Nhąp g(XJ =--—■ O i J • t i 

An ©, may hói Start?, an {oj {Start = 0). An © tiep may hói End?, an iTi 
{End = 9). An © tiep may hói Step?, an [jj {Step = l). 


Start? 

Matfi 

End? 

0 

Math 

Step? 

a 

Mit), 


0 


9 


i 


An ©, bang gia tri hien ra. An (T de keo xuong xem toan b$ bang gia tri. 
Quan sat bang gia tri, do X,F(X),G(X)eN nen ta xac dinh duąc 
X = 0,F(X) = 5,G(X) = 5 va X=2,F(X) = 6 ,G(X) = 2 thóa min hę tren. 


H wa c6\ k -'- 5 ’ k '- 5 - k ^° 
i k_ x = 6 ,fcj = 2 ,fc, =2 

Hę so khong chua .v trong khai trien da cho la 

r x o] = ^_ xl 3 x (_ 1 ) 5 xl o + _io! 


—— >< l 5 X (-1) 5 X 1° + —^— X l 6 X (-1) 2 X l 2 = 1008 


L J 5!x5!x0! v ; 6!x2!x2! v ’ 

>1: (P) j’xi m Fł) ni fil i Hi (SB fil ftl fol ism] Gf) (S) [f] 

ilij S3 li; !D iH ŚS 53113 ES <B (13 CD @ [15 <B iS3 CD @ lii CU @ 
m 1-0 @ • An ©. 


Tinh tóng [x' n ] = ^ - —— -.«*' a k t ‘-[—d k x a^ bang may tinh casio vói cac 

phim f®ćCj, fej (STO), 110. , 

* Cach 1: G5 bieu thuc tóng quat (vi du nhu -—-xl A x(-l) B xl c 

AJx B!x C! v ' 


A!xB!x C! 


xf-l) B cua Vi du 8 ). Sau dó an :cfadi . may hói cac gia tri A, B, C can 


gan. Nhap łan hrot gia tri cua A, B, C (vi du nhu an [gj L=i (5] © $) ©), may se 
hien gia tri cua bieu thuc ung vói A, B, C vira gan (may hien 













Phan 2 - ChS tle 3: To hęp -■ Kie suat - Nhi tiule Newtosi 


Ihe faest or nsihinśj 


- : -x(-l) B = -252). Lim cac ket qua ra nhap roi sau dó cóng chung la i, ta 

A!x B!x C! v 

dupc dap an. 

* Cach 2: Sau moi lan CALC xong, chung ta cóng don va lim gia tri vao mpt bien 

nhó nao dó. Vi du nhu vrra roi ta tinh duoc -—-x (-l) B = -252. Ta luu nó 

vao X bang phim Ishft! lal (STO) l~Ti. sau dó tinh gia tri bieu thuc tiep theo la 
-—-x(-l) B =1260, ta lay X + Ans^X (khinay X = (-252)+ 1260 =1008). 


A!xBlxC! 


* Cach 3: Dau tien ta gan cho M bang 0 (0 —> M). Sau dó moi lan tinh xong, an 
(IR la may tir dong them vao M (M + Ans —> M). 

Vi du 9: Tim hę só cua z 6 sau khi khai trien bieu thuc /(z) = (3z 2 -2z-l) 


A. 84 


C. -95 


Lód giai 


Vói k 2 ,k ] ,k g e N ta có hę phuong trinh sau: 


k g + k 2 + k 2 — 9 
k 2 + 2 k 2 = 6 


k 2 =X 
fcj =6-2X 
k 0 =3 + X 


Tir phuong trinh (l) cua hę, suy ra 0 < fc 2 < 9->0 < X < 9. 

An mi §l§ ® OD CU. Sau dó an @ (Z) (TABLE). 

Nhąp f(X) = 6-2X: LU 0 GD Uli CD• An [#]. Nhap g(x) = 3 + X: (JO GB 

m. 

An [=|, may hói Start?, an 00 [Start = 0). An © tiep may hói End?, an 
(End - 8 ). An © tiep may hói Step?, an (Tj ( Step = l). 


Start? 


Step? 


An GD, bang gia tri hien ra. An ® de keo xuóng xem toan bo bang gia tri. 

Ta có (fc 2 ,fc 1 ,fc 0 ) = (X,F(X),G(X)) va k 2 ,k u k 0 e N nen (k 2 ,k 1 ,k Q ) = ( 0;6;3), 

(1;4;4),(2;2;5),(3;0;6). 

Cóng thuc tóng quat tinh hę so cua z 6 la: 

rz 6 i=y 91 .3*t(-2f .(-lf =y—-— x3 a x(- 2 ) b x(-i) c . 

L J 'k 'k ' ' ’ - ^AlyRIwO \ ) \ ) 


'A!xB!xC! 


Duói day la 3 cach de tinh (z 6 J bang may tinh: 

* Cach 1: Nhap vao may-—-x 3 A x (- 2 ) B x (-l) c , an [IJj QD 1*5 El ® Im ] 

A!x B!x C! 


e@0®BBsag]Ba@@® m ru o 
e m s@as®gia e m m ® m es 

* An (Sacj vói A = 0, B = 6, C = 3 ta dupc ket qua —5376. 

* An fCALCl vói A = 1, B = 4, C = 4 ta dupc ket qua 30240. 

* An [CALCl vói A = 2, B = 2, C = 5 ta dupc ket qua —27216. 

* An jCftEcl vói A = 3, B = 0, C = 6 ta dupc ket qua 2268 . 


! (§) © LiJ 
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ŁM giai 


Vói k 3 ,k 2 ,k 1 ,k 0 e N, ta có hę phucmg trinh sau |^° + ^_ + ^ 7 ^ (i) 
























Be quet het cac nghięm cua 
hpt (i), ta chon k 3 = 0, roi 
cho k 2 tang dan t£r 0 den 7 
(do 0 < k 3 ,k 2 ,kj,k 0 < 8) roi 
giai hę g'óm hai phirong trinh 
an fc 0 ■ Lai chon k 3 — 1, roi 
cho k 2 tang dan tir 0 den 7 
tiep va giai hę phirong trinh 

hai an fc 0 ,/c,. Cu fan luot 

nhu the cho den k 3 = 7 , cho 
k 2 tang dan tir 0 den 7 de tim 
k 0 ,k 1 . Ta chon cac ket qua 
saochofc 3 , k 2 , k ir k 0 <= N . 
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r'h|fi % - Chy dii S; To ho’p - Xśc suat - Nhi thó'c New' 


r x 7 1 =y—-— & (~if r-if 3*° 

L J L -‘k i \k 2 \k 3 \\\ v ’ x ’ 

= y--x 2 A x (—l) B x (—l) C x 3° . 

^A!xB!xC!xD! \ J \ J 

Ta có bang cac gia tri k 3 ,k 2 ,k 1 ,k 0 e N sau. nr~T7”'T“T“ f~~l 

_ _ - ' ' \ ^ \ K 1 \ K 1 i K 0 I, 

Gan 0 —>M, an [OJ |fTj @ —-jj— — 

Nhap -—-x2 A x(-l) B x(-l) C x3 D vao | 0 1 ! 5 ? 

A!xB!xC!xD! \ \ > J 0 2 3 3 

may, an (jj0 (Jj [sml 123 ® ®§ O (Ud Ed 50 SU i o i 3 [ i | 4 I 

F2j THirfj m 1X1 HPmI Fil jjffTi 5rj [Xj < m Ę jslnj jiSri fjri 1 0 I 4 ) 3 

®®m@iio<B®aoi33(igiis | 1 I 1 j 2 i 4 

E3 ® SS! G3 O EJ f)] @ S H ® ES [f] @ 1 S 2 i 0 i 5 

- 2 0 ! 1 5' 

iMflfel isiłii L__.1.._i_ 

An fCAtci vói A = 0, 6 = 0, C = 7, D = 1 ta dupc ket 
qua —24. An [|ti de them ket qua nay vao M. 

An ® de quay tró lai bieu thńc -————x2 A x(-l) B x(-l) C x3° vua 

M y ’ A!xB!xC!xD! \ ) 

nhap. An fCALC] vói A = 0, B = 1, C = 5, D = 2 ta dupc ket qua 1512. An 0jj+] de them 

ket qua nay vao M. 

An (21 de quay tró lai bieu thńc ———^—-x2 A x(-l) x(-l) C x3° vua 

‘ A! x B! x C! x D! v ’ v ’ 

nhap. An {ę§g[ vói A = 0,B = 2,C = 3,D = 3 ta dupc ket qua -15120. An (M+) de 

them ket qua nay vao M. 

An (2) de quay tró lai bieu thńc -—-x2 A x(-l) B x(-lV x3° vńa 

M J ' A!xB!xC!xD! \ \ ) 

nhap. An foBSl vói A = 0, B = 3, C = 1, D = 4 ta dupc ket qua 22680. An @3 de them 

ket qua nay vao M. 

An ® de quay tró lai bieu thńc -—-x2 A x(-l) B x(-l) C x3° vńa 

4 y ' A!xB!xC!xD! \ \ ) 

nhap.An ScAtcj vói A = 1,B = 0,C = 4,D = 3 ta dupc ket qua 15120. An (M+) de them 

ket qua nay vao M. 


An (X) de quay tró lai bieu thńc - : -x2 A xf-l) B x(-l) C x3° vńa 

nhap. An IcTu ] vói A = 1,B = 1,C = 2,D = 4 ta dupc ket qua -136080. An W; de 
them ket qua nay vao M. 

An <X> de quay tró lai bieu thńc -—-x 2 A x f-l) B x (-l) C x 3° vua 

nhap.An jĆALCj vói A = 1,B = 2,C = 0,D = 5 ta dupc ket qua 81648. An f|+] de them 
ket qua nay vao M. 

An (X) de quay tró lai bieu thńc -—-x2 A x(-l) B x(-l) C x3° vua 

" M 7 ' A!xB!xC!xD! v ’ v ! 

nhap. An (CALĆ] vói A = 2,B = 0,C = 1,D = 5 ta dupc ket qua —163296. An ®Q de 

them ket qua nay vao M. 

Vąy [x 7 ] = M = -193560 (an H S (D). 

E- 6 ap an D. 






















ofoś kc iinuą?. 


f(X)=^CX-7CX+3) 


STU D ¥ Tl PS 

Do n > 0 nen ta chon 
Start = 1. Khi aua ve che 
do de 

nhap duy nhat ham 
f(x), bang hien ducyc toi 
da 30 gia tri, nen ta chęn 
End = 30. Lęi có nghięm 
phai nguyen nen Step = 1 


f (X)-4-254 


g(X)=6+5 




B 

Math 


J5 

F CK5 1 

G(K)’J 

9 


M 

ę| 

£ 

i 

i | 

t| 

1 


Ol 

il 




0 


0 Math A 

10 ! wnft 


A!XB!XC! J 


3360 


y {du 11:Cho n lasonguyenduongthóaman C^-C” +3 =7(n+3). Tim so hang | 
chtła x 4 trong khai trien nhi thuc Newton cua bieli thuc /(x) = ^l + ^x + 3x 2 

A. 8050x 4 B. 8080x 4 C. 8085x 4 D, 8500x 4 

LM 

Dieu kien n> 0. Su dung TABLE de tim nghięm cua phuong trinh 
c::i-c: +3 =7(n + 3). 

An iSffrj §Jg (§) [B 33/ roi ah §qm| CO (TABLE). 

Nhap vao ham f(X) = (X + 4)C(X + l)—(X + 3)CX—7(X+3): liJ L)J GE) L' 

CD i»P GES Cu ®§ CE (B OD CII E3 GD iD ID fS raj 03 BF OB iii i ■ f. 

CD Si 03 5® 33 CD 

Cho Start =1, End = 30, Step = 1. 


0 Math 

Start? 

0 Mrrt.h 

End? 

0 Math 

Step? 

i 

30 

1 


An [il, bang gia tri hien ra. Quan sat bang gia tri, ta thay X = 12 tłu F(X) = 0. 
N-hu vąy, phuong trinh - C" +3 = 7 (n + 3) có nghięm la n —12. 



0 Mat li 

i Y | 

FOO | 

>? ssraM: 

-t| 

0 

131 131 

m 

i 2 


\io f k n -f- k-. 4- k 2 —10 

Khidó /(x) = (l + 2x + 3x 2 ) . Vói k 2 Ą,k 0 eN, ta co hę 1 + 2fc 


-D 


k 2 = X 

K+K* io-x—> 


[fc, =4-2X 

An ;ifij §ct| @ ff] [I], roi an Ul;fU)(TABLE). 
Nhap vao f (X) = 4-2X va g(X) = 6 + X . 

An S), nhap Start = 0,End = 9,Step = 1. 


z 

k x = 4 - 2 X = f(X)— >X,f(x),g(x)eN va 0<X<10. 
k 0 = 6 + X = g(x) 


Start? 


0 


End? 


Step? 


Quan sat bang gia tri, ta tim duoc (X,F(X),G(x)^ = (0;4;6),(l;2;7),(2;0;8) . Suy 
ra (fc 2 ;fc 1 ;fc 0 ) = (0;4;6),(l;2;7),(2;0;8) 

Hę so'cua x 4 trong khai trien la [x 4 ] = ^ 

101 -x3 A x2 B , ańn ® CDCBilS® ® SO® ® OS 


Nhap vao may 


A!xB!xC! 


rjmj r ■3 iinj §9 03 fH I5S @ ®0® lii Cit* ®11 2 J CS BE 

An IMS] vói A = 0, B = 4, C = 6 ta duoc ket qua 3360. An i*} de them ket qua 
nay vao M. 


iOS 













M 0 Math A 

1Q! „r-jA^R 
A ! XB ! XC ! 


4320 


10! ■ : -' 1 ~ lH vO 

A ! XB ! XC ! X <- 


Msth A 

A vOE 


405 


0 Math . 


3035 


Phfin . 


- Chu de 3: To ratfp Kac sufit - Nhi thut Newton 


The aest or rsotfuins? 


An (g) de quay tró lai bieu thuc 
A = 1,B = 2,C = 7 ta duoc ket qu 
An <g) de quay tró lai bieu thuc 


10! 


-x3 a x2 b vua nhąp. An gmcj vói 


A! x B! x C! 

A = 1, B = 2,C = 7 ta duoc ket qua 4320. An 13 de them ket qua nay vao M. 

10! 

x 3 a x 2 b vua nhąp. 


A!xB!xC! 

An @ vói A = 2,B = 0,C = 8 ta duoc ket qua 405. 
An @3 de them ket qua nay vao M. 

10 ! 


v *y [* 4 ]=E 


A!xB!xC! 


x 3 x 2 = M, an 


may hien ket qua 8085. 

Dap an C. 
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(5 + 3)! 


bang so nao duói day? 


5 !+ 3 ! 

A. 1 3, 56 C. 320 

CAu 2: Gia tri cua ^6Al bang: 

A 24 B, 12 C, 144 

Cau 3: Gia tri cua 5!-P, bang: 

A, 5 B. 120 C. 24 

Cau 4: Tich P 3 .P 4 bang: 

A. 24. B. 30. C. 144. 

Cali 5: Gia tri cua tong Aj + Aj bang: 

A. 60. B. 80 C. 100. 

Cau fi: Gia tri cua A|: Aj bang: 

56 


D. 8 


D. 121 


. 96 


A. 


- 1 
4‘ 


C.. 11. 


Cau 7: Gia tri cua P 4 .Cj bang: 

Ą. 16 B. 48 C 


96 


576. 


D. 120. 


?>. 7. 


D. 120 


Cau 8: Gia tri cua tong C a 8 5 + Cj 9 5 có gia tri bang: 


Ą /--8 *7 /“»9 r 10 

/-l. v_ 16 «-'■ <_, 6 <-j5 

Cau 9: Gia tri cua hięu C“ -C“ bang: 


B. Cl 


c c 1 


X cli 


D. C” 


C 98 + c 998 

Cau .10: Cho bieu thiłc B = -^8 — rr 25 -. Rut gon bieu 


C +C 

^lOO ^1000 


thiłc B , ta du<?c ket qua bing: 

A. 2 B. 1 C. 4 

Citt 11 Tinh gia tri bieu thiłc N - 
diroc ket qua: 


D. 3 


Cl +ci +c, 3 


ta 


A,. 4 


B, 3 


C. 2 


D. 1 


Cip. 12: Tinh M = CjCj + CjCj+CjCj 

A. M = 81 B. M = 72 C. M = 39 D. M = 33 
1 + C, 4 +C„ 3 -CJ A, 2 

Crfu 13; Tinh M . 


l + Cfo+Cjj-Cj 6 , ą 


M = 1 


?. M = 3 
453! 


C M = 4 D. M = 7 


Citt 14: Banh eia 

& 450!3! 

day dung? 

A, Lón hon 10“° 

B. Nam giiła 10 10 va 10 10 ° 

32 Nam giua 10 5 va 10 10 
D. Nam giira 10 va 10 5 

Cau 15: Dang thiłc nao sau day dung? 


thi phóng doan nao duói 


A c 6 -C 6 +C* 
J ■- L 10 C +L 9 

c. Cl = Cl + Cl 


B C =C +C 
Ł '“'10 10 10 

O. cfn =cf„+cj 


16 Trong cac dang thiłc sau, hay chon dang thiłc 


sai: 


A C 3 =C n 

~ Ł: ^14 ^14 

B. C? 0 +Cj 0 =C 4 

C. C 4 0 +C]+C 4 2 +C 4 3 +C 4 4 =16 

o c 4 +c 4 =c 5 

' '-10 '-U '“'11 

Cau 17: Tinh C b ° -Cj +Cj -Cj +Cj-Cj. Chon ket qua 
dung: 

A. 1 B. 6 C. 0 D. 64 

Cau 18; Tong S = C s ° + Cj + C 5 2 + C 5 3 + Cj bang: 

A. 31 B, 27 C 32 D, 30 

Cau 19: Gia tri cua Cj + 2CJ + 2 2 Cj +... + 2 5 Cj bang: 

A. 81. B. 2 5 . C. 5. D. 3 5 . 

Cau 20; Gia tri cua tich so Cj.Cj.Cj.Cj bang: 

A. 720) 8. 1720 C. 2700 D. 2520 

Oąttg 2: Ryt gon bilu thtfc 

Cau 21: Cho bieu thiłc M = C” n + C"' 1 . Ket qua dung 
la: 


a. M = -q;) 1 
c- mĄc£ 2 


M ■■ 


D. M = -CT i 


: 22: Dang thiłc nao sau day dung? 


A- C„ 2 +] -C 2 =n + l 
C C 1 -C 2 =n + 2 


*• C,-C 2 =« 


Cau 23: Rut gpn bieu thiłc M = 

1 


C 2 • 

' ri+-l 

11 + 1 


A, M = - 


n + 2 
B M = 


-C 2 =n-2 

1 1 

/-ik A^k+l 

V L i .+1 L 


lt+1 7 


C. M = 


1 

/-'łr+1 

^?i+l 


D. M = 


-M + l 

1 


c! 


24: Cho bieu thiłc M = A n n ll + A'* + \ . Ket qua dung 
la: 


A, M=kAl k 


b. m = /c 2 a;;;j 

C. M = /rA„q D, M = kA^H 

Cau 25: Rut gon bieu thiłc Cj + 3Cf 1 + 3Cf 2 + Cf 3 . 

Ket qua dung la 


Ą (-1+2 p (-: 

— ^n+2 v 'n+3 


pt+2 

'“n+S 


c' c 


2au 26: Dang thiłc nao sau day dung? 
A. A k n - Aj.j = 8. Aj - Aj 

A A ^ 1y A k A fc 


= kA 


Aj — Aj_j = kA 


'• K-K-i =k K 


n -1 
/c-1 


^11 11 
Jau 27: Rut gon bieu thuc —- + —- + —- + — vai 

A- A Tl 

2 3 n 


neN, n>2 . Ket qua bang 






A. 1 B. 2 C- 3 D. 4 

Ca u 28: Bieu thuc 1 + Pj+2P 2 +3P 3 +... + (n-l)P 1 _ 1 có 
ket qua sau khi rut gon bang: 


A. P_ 1+ 1 

B. P n +1 

C. P„ 

r>. p 

Dang 3: Kiii 

Ti tra nghi 

ęm cća phuWng trinh, hę 

phifbng trinh 

va bat phirtfrig trinh 


Cau '29: Nghięm cua phuong trinh C 3 = 

2C 2 la: 

A. {2} 


B. {3} 


C. {4} 


D. {8} 


Cau 30: Neu 2 A 4 = 6 AP, 

thi n nhąn ket 

: qua nao duói 

day: 




A. 4 

8 6 

C. 24 

D, 26 

Cau 31: Neu 

< + i=63(n 2 

— lj thi n bang: 

A, 4 

B. 7 

C.9 

D. 11 

Cau 32: Tąp n, 

ghięm cua phuong trinh ( 

~>3x-l _f->x 2 -2x+3 
~2x+4 *~2x+4 

la 




A, {3;4} 

B. {2;3} 

C. {2;4} 

D. {1;2} 

Cau 33: Phuong trinh 

2 _ 14 , 

c x _ c 1 co 

v ~6 v_ '7 

nghięm la 

CO 

II 

X 

< 

B. x = 4 

C. x = 5 

D. x = 6 

Cau 34: Phuong trinh 

24(4 3 +] -q 

“ 4 ) = 23 A x có 

nghięm la 




A. x = 3 

B. x = 4 

C. x = 5 

D. x = 6 

Cau 35: Phuong trinh C 2 + 6 C 2 + 6 C 3 = 

= 9x 2 -14x có 

nghięm la 




A. x = 3 

B. x = 4 

C. x = 5 

D. x = 7 

Cau 36: Phuong trinh C 

: 2 cr 2 +2c i 2 c; 

+ C 2 Cf 3 = 100 

có nghięm la: 




A. x = 3 

B. ,v = 4 

C. x = 5 

D. x = 6 

Cau 37: Phuong trinh C x 

+ 2C 2 +1 + 3C 2 + , + 4C 2 +3 = 365 

có nghięm la 




IN 

II 

< 

B. x = 4 

C. x = 5 

D. x = 6 


A. X S 

C. 16 


{l; 2; 3} 
{0;2;3} 


B. x e {0;1;2} 
D. xe{2;3;4( 


C 2 3 

Cau 43: Bat phuong trinh ~ n có tąp nghięm la 

A. 2<n<4 B. 0<n<2 

C. l<n<5 D, 2 <m<5 

Cau 44: Bat phuong trinh A 3 +1 +C "' 1 1 < 14(n + l) có tąp 
nghięm la 

A. 2 < n < 4 B. 0<n<2 

C. 1 < n < 5 D. 2 < n < 5 

143 

Cau 45: Bat phuong trinh -—< có tąp 

F 5 (n + 2)! 4P 

B. 0<n<2 
D. 4<n<5 

At .24 

—- 2 - 7 < — co tąp 

A 3 -C ”~ 4 23 r 


nghięm la: 

A, 2<n<4 
C, 3<n<5 

Cau 46: Bat phuong trinh 


nghięm la 

A. 2<n<4 B. 0<n<2 

C. 1 < n < 5 D. 2 < n < 5 

Cau 47: Cac gia tri fc) thóa man bat phuong trinh 


-^—<60 A^l la 


(x-ky: 

A. (0;0),(l;l),(3;3) 

B. ( 0 ; 0 ),( 1 ; 0 ),( 2 ; 2 ) 

C. (l;0) / (l;l) / (2;2),(3;3) 

D. (0;0),(l;0),(l;l),(2;2),(3;3) 

\c ,J -C y+1 =0 

Cau 48: Hę phuong trinh 1 * x * l/ _ 1 có nghięm 

4C 5C- — 0 


la: 


A. x = 17,y = 8 
C. x = 9,y = 8 


B. x = T7,y = -8 
D. x = 7,y -9 
1 
3 
1 


Cau 38: Tim sd nguyen duong 

n 

thóa man 



c*■c* = 
S - u y +2 

C“ + 2 C 2 + 4C 2 +... + 2" C" = 243 



Cau 49: Hę phuong trinh i 







C x :A X =- 

A. n = 4 B. w = 5 C. n = 6 


D. n = 7 



y y 2 

Cau 39: Tim só nguyen duong 

n 

thóa man 

A. 

x = 4,y = l 

II 

* 

PS 

C 2 3 "- 1 + 2C 2 3 "" 2 + 3C „ 3 3 ”“ 3 +... + nC n n = 

256 



\ x = 4, u = 1 





C. 

7 V 

D. x = l, 

A. n = 4 B. n = 5 C. n = 6 


D. n=7 


X) 

li 

>> 

II 

* 


Cau 40: Tim sd nguyen duong 

n 

thóa man 

Cau 50: Xac dinh cac gia tri x 

r 1 +c 2 +C 3 + +C" = 2 20 -1 

l ' 2 n+l ł ^ 2 n+l ł v ' 2 n+l T T *“ 211+1 



[K,+yK-\YK' :CV = 

= 10 : 2:1 


có nghięm la: 


A, « = 8 B. n = 9 C, n = 10 ES. « = 11 

Cau 41: Tim so nguyen duong n sao cho 

p A 1 <15 p 

1 n-l'^n+4 L L h +2 

A. {3; 4; 5} B. (5; 6 ; 7} C. {2; 6 ; 8 } D. {7; 8 ; 9} 
Cau 42: Giai bat phuong trinh (y !) 3 C x C* x C* x < 720 
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A. (2;l) B. (2; 2) C. (3; 7) D. (7; 3) 

Dang 4: Giai cac bai toan dem va tśnh xac suat 

e O 

Cau 51: Trong mąt phang, cho 7 diem A, B, C, D, E, M, 
N khac nhau. Có bao nhieu tam giac có 3 dinh la 3 













diem lay trong 7 diem do? (Gia thiet trong / diem eto, 
khóng có 3 diem thang hang). 

A. 210 B. 30 C. 35 D 70 

CSa 32: Mot doi tuyen hoc sinh giói Toan góm 10 em: 
5 nam va 5 r -2. Muón. chon ra mot to truóng, mot to 
phó va mot thu ki, trong dó to truóng va to phó phai 
la hai nguói khac giói. Só cach chon la: 

A. 360 B. 380 C 400 D.420 

Cao. 53: Có 13 cuón tąp khac nhau: 3 cuón bia dó, 4 
cuón bia xanh, 6 cuón bia vang. Xep tal ca len mpt kę 
dai, sao cho moi cuón tąp có bia cimg mau dupc xep 
cąnh nhau. SÓ cach xep bang: 

A, 622800 3. 622080 C. 622400 D. 622040 

Ca.ii 54: Mót cóng ty trach nhięm hmi han góm 10 
thanh vien, trong dó có hai anh em ruot. Gan chon mót 
ban ;J ą i dięn góm 4 nguói sao cho neu nguói anh dupc 
chon thi nguói em khóng dupc chęn. Só' cach de ląp 
ban dąi dięn la: 


A. 100 3. 98 C. 80 I>. 182 

Clii 35: Mót doi bóng da góm 18 cau thu. Só cach chon 
ra 11 cau thu de thi dau la (trong 11 cau thu có 1 thu 
mon, 1 dpi truóng va cau thu nao cung có the la thu 
mon hoąc dpi truóng): 

A. 3500640 B. 3500600 C 3500650 D. 3500620 

Cau 56; Hpi dong quan tri cua mót cóng ty góm 12 
nguói, trong dó có 5 nu, cón ląi la nam. Tir tipi dong 
dó nguói ta bau ra 1 chii tich hói dong quan tri, 1 phó 
chu tich hoi dong quan tri va 2 uy vien. SÓ cach bau 
sao cho trong 4 nguói dup'c bau phai có nu la: 

A. 5500 B, 5510 C, 5520 D. 5530 

Cau 37 Mót hop dung 6 vien bi trang va 4 vien bi dó 
có kich ca bang nhau, chi khac nhau ve mau sac. Lay 
ngau nhien hai vien bi. Xac suat de 2 vien bi lay dupc 
có cimg mau la: 

, 7_ ,, _8_ r 6_ u 3 

A " 15 *" 15 15 5 

tim 58: Mpt bo bai tu la kha góm. 52 la bai (12 la hinh 
va 40 la nut ghi so 1 (ach), 2,..., 10). Rut nglu nhien 2 
la. Xac suat de 2 la rut dupc la hai la hinh la: 


. 210 E U c D 211 
/i- 221 J ' 221 221 ' 221 
Csu .59: Mpt thung chua 10 bóng den, trong dó có 4 
bóng den hóng. Lay ngau nhien 3 bóng. Xac suat de có 
it nhat 1 bóng den hóng la: 



Cs i 60: Chon ngau nhien 3 só trong 80 so tu nhien tir 
1 den 80. Xac suat de trong 3 só dó có it nhat 1 só chinh 


phtrang la: 
. _53_ 
254 




53 

204 


Dang 5: i\m m hang chtra -jC t^ong khzi srsen 
Nhi thtte Newiosu 

CSu 61: Hę so cua só hang chua x* trong khai trien 

Niu-tan nhi thuc fx + ^=^j ,(x>0) la: 

A 60 B. 80. C. 160. D 240. 

Cau ff/i Hę só cua x 31 trong khai trien nhi thuc Niu- 

f i 3 40 
ton ^ + __j la: 

A. 9881. 3.9880. C. 9882. D. 9885. 

Cau 63: Só hang khóng chua x trong khai trien 

8 ^ 
x 2 

A. 140. B. 960. C 28. O. 25. 

64: Só hang khóng chua x trong khai trien 


x + - 


la: 


(sfx+-^= 

{ fx 


Y 

vói x>0 la: 

ś/x, 

A- -35. 3. 35. C. 40. B. -40. 

Cau 65* Biet rdng C" + C"" 1 + C’’~ 2 = 79. Só hang khóng 

28 Y‘ 


chua x trong khai trien 1 ** 3 
790. 


X\fx +x 
V J 

C. 792. 


15 


A. -792. 

r-s-.. 


la: 


D. -790. 


CA: 66: Biet rang -C" +3 =7(w+3) . Hę so cua só 
hang chua x 8 trong khai trien nhi thiłc Niu-tan 




la: 

A. 490. >J. 492. C-495. D. 485. 

D« 67 Tim só hang chua x* trong khai trien nhi thuc 

Newton cua bieu thirc /(x) = (l + 2x) (x 2 +x + l) 

A. 41748 B, 41750 € 41784 D. 41740 

Cau 68: Cho n la só nguyen dirong thóa man 
C"' 1 + c;; -2 = 36 . Tim só hąng chua x 8 trong khai trien 

Newton cua bieu thuc / (x) = (l + 2x 2 - x 3 ) 

A. 1356 B. 1556 C. 1456 D. 1450 

Cau 69: Tim hę só cua x 10 trong khai trien Newton cua 

(x 5 -4x 3 -2) 

A. 49807360 B. 49807300 

C. 49807350 D 49807340 

Cau 70: Hę só cua x 193 trong khai trien Newton cua 


2 1 2 

x-j 

X X 


la: 


A. 19850 B 19000 C. 19845 D.19800 


56 

205 


563 

2054 




'har; 2 - Oiii de 3; To htśp - Xae suat - Nhś thfc Newtor 


The be 


;t or rsotnmą 


ren scy nanc 


Dang 1: Tanh gis tri cu 
Cau 1: Dap an C. 

.4,, ( 5 + 3 ) ! 


thut 


Nhąp vao may 


5!+ 3! 


an fflOCBfflBfflS 


- Phucmg an A: Nhąp vao may 15C8 + 15C9 - 16C8, an 

[iKEeslijElmiiissEjBmis® 

ŁJS-An (=), may hien ket qua bang -1430 * 0. 


B3@H3dig0ffltI3iEj0.An (U, may hien ket 
ąuabang 320. 


15C8+15C9-16C8 
_-1430 


(5+3) ! 
5 ! +3! 


320 


- Phucmg an B: Nhąp vao may 15C8 + 15C9 - 16C9 . 
An (=), may hien ket qua bang 0. 


Cau 2: Dap an B. 

Nhąp vao may -Jó x4P3 , an (vg) (J[) (gj [4J gig (x] f3l. 


15C8+15C9-16C9 


- Phuang an C: Nhąp vao may 15C8 + 15C9 - 15C10 


0 Math A 

l vao ma y tinh. An (H), may hięn ket qua 

J 6*4P3 


0 Math A 

15C8+15C9-15C10 

12 


- _ 8437 


Nhąp vao may 5!-4!, an O @ 0 E3 E) @ 0- 
An [§], may hien ket qua bang 96. 


5!-4! 


% 


Cau 4: Dap an C. 

Nhąp vao may 3!x4!, an OD HIS SD CS GD dE) E3 • 
An (=], may hięn ket qua bang 144. 


3! x4! 


144 


Cau S: Dap an B. 

Nhąp vao may 5P3 + 5P2, an CE @ H3 fS ffl [s) 
113 (SD GD. An OD, may hien ket qua bang 80. 


5P3+5P2 


_80 


Cau 6: Dap an A. 

Nhąp vao may 8P5+6P4 , an fil IsHirhl (xj fs) ffl fsl 
HO CS GD . An (HO, may hien ket qua bang —. 


SP5-6P4 


56 

3 


Cau; 7: Dap an C. 

Nhąp bieu thńc 4!x4C3 vao may tinh: [ffldE)(53 

m m m s ta. 

An 01], may hien ket qua bang 96. 


4!x4C3 


_96 


- Phuang an D: Nhąp vao may 15C8 + 15C9-16C10 
vao may tinh. An j=j, may hien ket qua 3432 * 0 . 


15C8+15C9-16C10 
_3432 


Cau 9: Dap an A. 

- Phuang an A: Nhąp vao may 19C10-18C10-18C9, 
GD SD (H3 O (3. An GD, may hięn ket qua bang 0. 


- M&th A 

19C10-18C10-18C9 
_ 0 


- Phuang an B: Nhąp vao may 1900-1800-19C9. 
An [S], may hięn ket qua bang -43758 * 0. 


19C10-18C10-19C9 
_ -43758 


-Phuangan C: Nhąp vao may 19C10-18C10-19C11. 
An (§D, may hięn ket qua bang -26962 * 0. 


19C10-18C10-190 
_ -28962 


- Phuang an D: Nhąp vao may 19C10-1800-1801. 
An OD, may hięn ket qua bang 16796 * O. 


19C10-18C10-180 
_16796 


, an m m ffl SD 


Cau 10: Dap an B. 

Nhap vao may 100C98 + 1000C998 
100C2 + 1000C2 

IH3 SD GD (H3 SD 03 [o] qd @3 (Hfj ffl (d rg d] © 
CO OD CU 113 O GD ffl CD d] (U O gSj ffl (33 . An 

Ci], may hięn ket qua bang 1. 


Cau 8: Dap an B. 
lQVEBGOSCVN! 210 























Nhąp vao may 


-, an iHj! 


19C3 + 19C4 + 20C3 

x> o.! mmmmmmmmSifl} 

g 33 CI). An m, may hien ket qua 1. 


21C4 


0 Math & 


i vao may 5C3 >< 4C2 + 4C2 x 3C1 + 3C1 x 3C0, an 

CI3 (S|3 SE) CD SB 00 fej ffl CS CS] GO ®0 83 GD ■ An 

C-D, may hien ket qua 81. 

Cii« 13; Bap an C 

K n , , , 1 + 7C4 + 7C3-8C4 3P2 „ rBSn 

1 + 10C5 + 10C6-11C6 2! 

□o m uj m ® gd ges m m o 03 a m m ® 

GD <50 Q] GE CO L2J SM OS GD GB (X) GO Mii GB fe] 

i EI3 1 .3 Qgj (g) [+j O fsj @1(3 (X) GD iyj QD 

iii @. An £D, may hien ket qua 4 . 

Cj a 14: Bap an C. 

453! 


Nhąp vao may 


■an iffi GD [f] ffl @ <g> 


450 !x 3! 

SJ CS C€j IM!! 2£KX) [3] An (SJ, may hien 

Math ERROR (Loi phep tinh). 


- ffl 

.453! 

Math A 

0 Math 

Math ERROR 

450!X3! 


EAC3 sCanoel 
-E-g J Ę _ 


Nhąn thay rang 


453! 


453! 


■-C 3 

^453 ' 


4501.3! (453-3)1.3!' 

Nhąp vao may 453C3, an ffl [|] [3] [iffi (~) (3j. An 
ID, may Men 1539086 = 15,39086.10" s (lO 5 ; 10 10 ). 


I Qua chat. khi nhap bieu thu-c —— vac may tfnh, 
r 450 !x 3! 3 i 

\ 

i ket ąua ta nhąn dlręc se la Math ERROR la vi trong S 
< bieu thuc có chtra giń tri lón han 69!, day la mót giń ; 
tri qua lón. 

Cap. 15: Dśp an A. 


CO [£} CMI GEJ CU fcj GD fe' GS ls 

An D, may Men ket qua bang 0. 


- Phuang an B: Nhąp vao may 10C6—9C5—9C4. An 
Ui, may hien ket qua bang —42 * 0. 


10C6-9C5-9C4 


- Phuang an C: Xet 10C6 - 10C5 - 10C4 An 
hien ket qua bang -252 * 0. 


may 


10C6-10C5-10C4 


— Phuang an D: Xet 10C6—10C5—9C4. An may 
hięn ket qua bang —168 * 0. 


10C6-10C5-9E4 


Caw 16: Bap an D. 

- Phuang an A: Nhąp vao may 14C3 — 14C11, an fTj 

SD (H§ GS ii] E3 Q3 CU (iii 1x1 CD CD. An @, may 

hien ket qua bang 0 . A dung. 


14C3-14C11 


JO. 


- Phuang an B: Nhąp vao may 10C3 + 10C4 - 11C4, ah 

CD Si fe S 03 E3 CD CU 11(3 ffl ffl E) Q0 GD iii) 

[■?:: GD. An IB, may hien ket qua bang 0. B dung. 


- Phuang an C: Nhąp 4C0 + 40 + 4C2 + 4C3 + 4C4, an 

ffl Je ffl [S ffl S31 (li ffl Oj GEI [13 i||3 ffl Cli GB 
LU -CO Li:! LS ; ffl ffl iiD GD- An (S), may hien ket 
qua bang 16 . C dung. 


0 Mat!, A 

2-i 


_1£ 


- Phuang an D: Nhąp vao may 10C4 + 11C4 - 11C5, an 

CD CE liii! SD GD GB CD CD @ GE! (13 3 CD CC (lii 

ffl GD • An (Hi, may hięn ket qua bang 78*0. D sai. 


10C4+11C4-11C5 


Ta thay +C\+C]+C]+C\ = 


nen bang cach ] 


} sir dung lenh tinh tong lajinl ISjjjil 5*;, ta có the tinh 
chrąc tong tren mot cach nhanh han. 



0 

4 

Math A 

1 

Z (4CX) 

X=Q 

16 


CSw. 17: Dńp ńr: C. 

Cach 1: Nhąp 5C0 - 50 + 5C2 - 5C3 + 5C4 - 5C5 vao 

may, an Uj @ © 53 (EJ ffl ŚMI GS CD ffl GD @3 


















Ci. An [=j, may hien ket qua bang 0. 


5C0-5C1+5C2-5C3 > 
_ 0 


Cach 2: Có C“ -C\ + C 2 -C 5 3 + C 4 -C| = zHręj. 

x=0 

Nhąp vao may y^(-l) X x5Cxj, an 

03 Q] o ra <g> ca © @ a su ca ® © ® 

[Si. An (§0, may hien ket qua bang O . 


0 Math A 

Z ((-l) x *5CX) 

x=o 

_O 


Vói nhung tóng gom nhieu so hang có dąng i 

f(a) + f(a + l)+f(a + 2) + ... + f(b-2) + f(b-l) + f(b)\ 

■ \ •• : j 

b | 

thi ta có the dua ve ham tóng ^\f(x ) va su dung lęnh < 


ismr fj Ś!Sr£) 3 trong may de tinh. 

Cau 18: Dap an A. 

- Cach 1 : Nhąp vao may 5C0 + 5C1 + 5C2 + 5C3 + 5C4, 

an © m ta ® gb © m o m m © @ s © 

EB © 1H3 ES © GB © HS GB GD. An ©, may hien 
ket qua bang 31. 


5C0+5C1+5C2+5C3 b 


_3I 


■ Cach 2: Ta có S = C° + Cj + C 5 2 + C 5 3 + C 5 4 = . 


4 

Nhąp vao may ^(5CX), an (ś§3 gogj © §|ij Li] (Ml 

i=0 


CE ® C53 <£> 33 • An [U, may hien ket qua bang 31. 

Cau 19: Dap an D. 

- Cach 1: Nhąp vao may 5C0 + 2x5Cl + 2 2 x5C2 + 
2 3 x 5C3 + 2 4 x 5C4 + 2 5 x 5C5 . An © ®D EB ® GB 

ri! m © m © m © © m m © m © © m 
□i m m m © m ra © © © ® © <s> eo © 

SS ES © GB (11 @ © <g> Ei © §fr| © ©. 

An SM), may hien ket qua bang 243 = 3 5 . 


5CG+2 ; <5C 1 +2 £ x 5C l> 
_243 


- Cach 2: Ta có C° +2C\ +2 2 C 2 +... + 2 5 C 3 = J^2*C X 5 . 

x=0 

5 

Nhąp vao may ^(2 X x5CX), an Iswrl P°iJi [U fej ISM' 
*=o v 

m®caeseasem®®®di. Xn m, 

may hien ket qua bang 243 = 3 5 . 


Z (2*x5CX) 

x=o 


243 


Cau 20: Dap an D, 

- Cach 1: Nhąp vao may 8C2x6C2x4C2x2C2, an 

ni ® 13 a m lii ® Ecu Sao m © © m 

© (Uli ES © • An 1=3, may hien ket qua bang 2520. 


8C2x6C2x4C2*2C2 
_2520 


- Cach 2: Ta có C 2 .C 2 .C 2 .C 2 = ] ] C\ x . 

4 

Nhąp vao may JJ(2XC2), an IttfflAi ltog.D) fa] faiPliAj j ? j 

i=i 

m 3 © ® CD ® OD ■ An ©, may hien ket qua 
bang 2520. 


n C2XC2) 

-S.= t 


2520 


Vói nhung tich góm nhieu so hang có dąng J 

/(fl)x/(a + l)x/(fl + 2)x...x/(b-2)x/(b-l)x/(b) | 

*. C j 

thi ta cung có the dua ve ham tich |~J /(x) va dung j 

J x<=a I 

\ lęnh |i jjj trong may de tinh. 

Dąng 2: Rut gon bieu thifc 

Cau 21:. Dap an B. 

- Phuong an A: Nhąp vao may 

2XCX + 2XC(X-l)-^x(2X + l)C(X + l) 

An ©uran!s m m gfj© m ra&s 
m m ra s m ra s m m ® © <b m en © 
m co © ra m m s m m ra gb ra ra. 

An (500, may hói X? An 03 (X = l) . An SM3, may hien 

, 3 

ket qua bang — ^ 0 . A sai. 


2XCX+2XCCX-l)-4> 


- Phuong an B: Nhąp vao may 

2XCX + 2XC(X-l)-|x(2X + 2)c(X + l) 

An SStęl, may hói X? An (T) (X =1) ■ An [Mi/ may hien 
ket qua bang 0. 

Su dung CALC vói vai gia tri X nguyen khac (X > l) 
may deu hien ket qua bang 0 . B dung. 


0 Mat i. A 

2XCX+2XC(X-13-|> 


0 
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■ phuong an C: Nhąp vao may 

2XCX + 2XC(X-l)-|x(2X + 2)C(X + 2) 

An ©!, may hói X? An li) (X = l) ■ An S, may hien 
ket qua bang 1 * O. C sai. _ 

" --~ g Math & 

2XCX-*-2XCCX-i)-i> 

1 


- Phuong an A: Nhąp vao may 


X + 1 


:+2 


(X +1) CY (X + 1 ) C (Y +1) J XCY 


An 


- Phuong an C: Nhap vao may 

2XCX + 2XC(X-l)-^x(2X + l)C(X + 2) 


An iiićb may hói X? An CC (X = l) - An iSJ, may 


ket qua bang - * 0 . D sai. 


ay hien 


An i® ! may hói X? An [0 (X=2) • An fej, may hói 
Y? = l). Art ©, may hien ket qua bang O ■ 

Su dung CALC vói vai gia tri X,Y nguyen khac 
(X > Y > O) may deu hien ket qua bang C . 


--Mssh A 

2XCX+2XCCX-i)“i t> 


Ma.th Ł 

X? i f t - . -S> 

x+2 L >: k + i) cv (x-- 




Phuong an B: Nhap vao may 


X + 1 


CS‘i 22: DAp a n B, 

- Phuong an A: Nhap vao may (X +1) C2 - XC2 - X -1 

t?'i CS E3 m 03 Cu 

An m.' m ay hói X? An OD (X = 2 ) • An ©j, may hien 


X + 2 


(X + 1 )CY + (xAi)C(yAT)J (x + i)cy 
A n m, may hói X? An CS (X-2). An ©, may hói 

1 

Y? An HO (Y = l) • An [=], may hien ket qua -*0. 


a i f .. 

X-l-2 i tx 


«+HlY + tXr 
i 



---- @ Math A 

(X+1)C2-XC2-X-1 


i___ — 

- Phuong an C: Nhąp vao may 



_iL 


X + 1 

( 1 1 ! 

1 

Phuong an B: Nhąp vao may (X + l)C2 XC2 X. 

X + 2 

[(X + 1)CY (X + l)C(Y + i), 

(X + l)C(Y + l) 


An iii, may hói X? An [2! (X = 2). An ©, may hien 
ket qua bang O . 

Sit dung CALC vói vai gia tri X nguyen khac (X > 2) 
mav deu hięn ket qua bang O • B dung. 

J i----—ST - M?th A 1 


An mś y hói X? ** ® (X = 2) . An ©, may hói 

Y? An i?] (Y = l) • An ©, may hien ket qua -*0. 


(X+DC2-XC2-X 


o 


-- i MNtCCi 

K+l ( i — — b —.— h 
X4-2 l C X+1) CY i 

1 _ 

6 


- Phuong an D: Nhąp vao may 


- Phuong an C: Nhap vao may (X +1) C2 - XC2 X 2 
An OS, may hói X? An SI (X = 2 ) . An ©, may hien 
ket qua bang -2 * O. C sai. 


X + 1 


X + 2 


ia MsthTA 

CX+l)C2-XC2-X-2 


(x+i)cy + (x+i)c(y+i)J (x+i)c(y i) 

An m, may hói X? An © (X = 2) . An Jg, may hói 

1 

Y? An CD (Y = 1) • An ©, may hien ket qua * O • 


- Phuong an D: Nhap (X + l)C2-XC2-X + 2 
An @Uij, may hói X? An [Fi (X = 2) . An S :, may hien 
ket qua bang 2 y- O . D sai. 


x+ i f 

X-S-2 l tX+i ) CY !Xt 
*2 


“a Md.Tli A 

(X+l)C2-XC2-X+2 


Cau 24: E ? ap aw C* 

Coi m = X va k = Y vói X>0,Y£2 (don>G,fc>2) 
- Phuong an A: Nhąp vao may 

(X+Y)P(X+ 2 )+(X+Y)P(X+l)-Yx(X+Y)PX 

An CD Igi Ul GB i® ii OJ tafii fKJ OJ i&Si u..i acs 


Coi m = X va k 


= Y vói X > Y > O (do n > k > 0). 















■ LŚlEL-2 % ^ ;?e :i ' ; 8 o htfp - XI; suat - NA tbs> Newton 

LS ? “l SSS H*§ ES CD @ Dj iii ggg gjj Q i 
®¥li ! 2 1 te® D J 

An m, may hói X? An !Jj ( X = l). An ©, may hói 
Y? An [.2 i (Y = 2). An f=j, may hien ket qua 6^0. 

0<+v jp(X+2 )-!(;<+1- 

--£L 

- Phuang dn B: Nhąp vao may 

(X + Y)P(x + 2) + (x + Y)P(x + l)-Y 2 x(x+Y)p(x + l) 

An §1, may hói X? An Oj (X = l) . An GD, may hói 


Y? An Llj ( Y = l) . An |~], may hien ket qua 35 * 0. 


, . _, S Math A 

XC Y + 3 J <XC C Y+ 1 ) +3 k 


Phuang dn B: Nhąp vao may XCY + 3xXC(Y + l) + 

3xXC(Y+2)+XC(Y+3)-(x + 3)CY 

An may hói X? An ® ( X = 5). An may hói 


= 2) . An L r j, may hien ket qua -12 ^ 0. 

XCY+3xXC C Y+1 )+3*k 

a Ms.th A 

i X+Y) P (X+2)+C X+ k- 

_ 62 

_aI 2 _ 

- Phuang dn C: Nhąp vao may XCY + 3 


- Phuang dn C: Nhap vao may 

(X + Y)P(X + 2) + (X + Y)P( X + 1)-Y 2 x(X + Y)PX 

An m may hói X? An EJ (X = l). An C§J, may hói 
Y? An Lfj (Y = 2). An UD, may hien ket qua 0 . 

Su dyng CALC vói vai gia tri X,Y nguyen khac 
(X > 0, Y > 2) may deu hien ket qua bang 0 . 

~ S Math A 

(X+Y)PCX+2)+(X+k 

_0 

- Phuang dn D: Nhąp vao may 

(X + Y)p(X + 2) + (X + Y)p(X + 1)-Yx( X + Y)p(X+2 ) 

An m, may hói X? An fi) ( X = l). An ©, may hói 

Y? An [JJ (Y = 2) . An GD, may hien ket qua 0. 

., , 77TZ 0 Mlth~A 

CX+Y)PCX+2)+(X+k 
._o 

An m, may hói X? An Q1 ( X = l). An (=J, may hói 
Y? An [Sj (Y = 3). An (ssj, may hien ket qua -36 * 0. 

vii ii-»-. 0 M ^h A 

CX+Y;P(X+2)+CX+k 

_ -36 

Cau 25: Ekip an D. 

Coi n = X va fc = Y vód 0<Y + 3<X 
- Phuang dn A: Nhąp vao may XCY+3xXC(Y+lW 

3xXC(Y + 2) + XC(Y+3)-( X + 2)c(Y+2). 

An jm iii iM) GE) @ Ul ffj O ca jsg [j] (gs) gg 
® SB CD m EHilSjg m EJ 
m mm lsj ld gej s nj m © m sj® g§ © 

i-Ci DJ Ej Sj m> QJ L+J 33001 LD dl U © 

lu ca 
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3xXC(Y + 2) + XC(Y+3)-(x + 3)C(Y + 2) 

An EęśuD, may hói X? An © ( X = 5). An [§], may hói 
X? An CL 1 (Y = l) . An UD, may hien ket qua 14 ^ 0 . 

"j<CY+3xXCCY+lH3T 
_ 14 _ 

- Phuang dn D: Nhąp vao may XCY + 3xXC(Y + l) + 

3xXC(Y + 2) + XC(Y + 3)-(X + 3)c(Y + 3) 

An m, may hói X? An © ( X = 5 ) . An (U, may hói 
Y? An LD (Y = l) . An Q=i, may hien ket qua 0 . 

Su- dung CALC vói vai gia tri X/ Y nguyen khac 
(X > Y + 3 > 0 ) may deu hięn ket qua bang 0 . 

~XCY+3nX€ (Y+1 SeT 

___0. 

Cau 26: Dap sin A. 

Coi n = X va k = Y vói 0 < Y < X -1 
Phuang dn A: Nhąp vao may XFY-(X-l)FY- 
Yx(X-l)P( Y-lJ. An H QD (S@ EU gm® gąj Jj=j (J] 
fell E) ES ITl CU ifj] © ,®§ @ q gg gj gj 
s DJ El Oj Eli @ gj CD H @ E) [El DJ. 

An m, may hói X? An (Tj (X = 3) . An E§], may hói 
Y? An Oj (Y = lj . An [=], may liięn ke't qua 0 . 

Su dung CALC vói vai gia tri X,Y nguyen khac 
(0 < Y < X - 1 ) may deu hien ket qua bang 0 . 

, lłr , , TT! 0 Math A 

APY-CX-l)PY-YxO> 

_ o 

- Phuang dn B: Nhąp vao may XPY-(X-1)PY- 

Y x (X -1) PY. An @, may hói X? An © ( X = 3 ) . An 


















nay hói Y? An Aj (Y = l) • An i s , mśy hien ket 
—1 ^ O • 


a Mat 


3 Y"(X-1)PY-Y x f> 
_ -1 


- Phimng an C: Nhąp vao may XFY-(X-l)PY- 
Y x XPY. An jęEc!, may hói X? An i 3j (X=3). Art , 
may hói Y? An CD (Y = l) . An !©, may hien ket qua 
- 2 * 0 . 


Ca u 29: ¥>kp kn D. 

Dieu kięn x > 3, x e N nen ta ioąi ngay dap an A. 
Nhąp vao may XC3—2xXC2, an §§§ LA Sil! fad 00 

An J5g, may hói X? An [3J (X = 3) - Art may hien 
kst (|U9 bsng —5 ^ 0. Lo3_i B. 


a" tfeth a 


■CX~1 )PY-Y x Xi> 


XC3-2*XC2 


a.wDii a 


- Phuang dn D: Nhąp vao may XPY-(X-l)FY- 
Y 2 xXPY. An io£cl , may hói X? An "3,1 (X = 3) • An l£J, 
may hói Y? An [D (Y = l). An ]§}, may hien ket qua 
- 2 * 0 . 


An Sg], may hói X? An [5] (X = 4) - An [U, may hien 
ket qua bang -8. Loąi C. 


XC3-2*XC2 


0 tflsth . 


An JiSoj, may hói X? An is] (X = 8) . An li], may hien 


Caa 27: Dap an A 

1 Nhąn xet: Diąa vao dap an, ta có the ket luąn rang vói j 
1 moi gia tri n > 2, n e N thi gia tri cua bieu thuc luón 
: khóng doi. Có nghia ket qua cua bieu thuc dó khóng | 

I \ 

I phuthuoc vao n . j 

w y. i i i i 

ch ’"'" 3 “Y + Y + " ,+ Y + "‘gA A 

Nhąp vao may ^ ^ + \' ^ ® ® ® 

f|P g' pv) ~g f-Ę] rf] (]?) oo m 33 ® GB ffi LU 

tjy [s]. An ©, may hięn ket qua bang 1. 


S Math A 

XPY-(X-I)PY-Y 2 ^ 

- O 

ć. 

ket qua bang 0 . Chon D. 


0 M;*th Ł 

XC3-2 x XC2 



0 


0 Mąth A 

l . 1 .1 
2P2 3P2 3 


i 


Cau 80: Dap k 3. 

Dieu kięn n > 5,n s N nen ta loąi ngay dap an B. 

Nhąp vao may 2xXP4—6x(X—l)P4, an !j?J Si 

1T] hói fi) QD 3 ' 1-] Ki li] iSiStS LK 3 LU OJ liSJ KJ 

~z ;, An '5?L], may hói X? An j6] (X = 6). An ©, may 

hięn ket qua bing 0 • 

Cau 31 Dśp an C 

Nhąp vao may (X+l)P4 - 63(X 2 -1), an ijj LiJ 

CQ [I] C-C: Hg [k] GD S ® 33 CD @!§ CD Cg] E) 3 

fi]. An ®], may hói X? An Q>J (X = 9) • An ©, may 
hięn ket qua bang 0. 


Ca." 23: Aap an C. 

Chon n = 5 thi 1 + i + 2P 2 + 3P 3 +... + (n -1) P rf 

= 1 +1!+ 2.2!+ 3.3!+ 4.4!. 

Nhąp vao may 1 + 1 + 2x2!+3x3!+4x 4!, an lQ Er; 

rjj ag [5] (xi CI] pff! B3 C-sj m CS SUS Łc! dr: i GD 
[S 33 |fi 69 

An fyil, may hięn ket qua bang 120 . 

Vói n = 5 thi P„ = P 5 = 5! = 120. 


0 Math A 


(X+1)P4-63(X £ -1 


0 



Cau 32; Dap an C. 

Nhąp ( 2 X + 4)C(3X~1)-(2X + 4)c(X 2 -2X + 3), an 

fu © Effl CS GE 133 Oj lii SI CD [i] i|ij CI! £3 Cli 
OD £3 GD GD iii CS GB GO CD @3 © CU *lli CS L£: ! ! 

ttrtat lEj LA-l LU CS !.v.j Lt.J * 

An jĆgO, may hói X? An gj (X = 3) . An ©, may hięn 

ket qua bang —165 ^ 0 . Loąi A, B. 

An §S0, may hói X? An gj (X=2). An .gj, may hięn 

ket qua bang 0 • 

An p|], may hói X? An 1.4] (X = 4) . An i~], may hien 
ket qua bang 0 . Chon C. 
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C2X+4)C(3X-D-0 


Cau oóo tiap a u A„ 

Dieu kięn x < 5, x e N nen loai D. 

Nhjp vi„ miy JL , *„ ffi ! S ® OLI 

@ rjj 

C6> 0© CD 33® 00 (H3 GE SD [T) 

An ;«0, may hói X? An @] (X = 3) . An j=), may hien 
ket qua bang 0 . 

0 Mj.th A 

_§_2_ 14 

5 CK 6CK 7CK 


Cau 34: Bap an C. 

Dieu kięn x > 4, x e N nen loai ngay A. 

Nhąp vao may 24((X + l)P3-XP(X-4)) -23xXP4, 

^ [|] (2 CD CD ® DD 00 Oj CD @ m @3 B @1] 

ca su m cci ni) ca 0 ® m m b 0 @3 id ® 

Ca (Shift) (32 @j 

An (caIX,, may hói X? An fs] [x = 5) • An Ipj, may hien 
ket qua bang 0 . 

0 Math A 

24((X+l)P3-XP(Xi> 

_1 

Cau 35: Dap an, D, 

Nhap vao may XCl+6xXC2+6xXC3-9X 2 + 14X, 

an H ca Uff) 0 CfJ 0 [li 8] Ul ca (shJft) gj 00 
00 GD (U SD Ca [Pij 0 [13 R [sj SD CO E3 FI ul 

Si ss ca 

An may hói X? An g] (X = 7) . An (=), may hien 

ket qua bang 0 . 

0 Ms.th X 

XCl+6*XC2+6xXC3i> 
_CL 

Cau 36: Dap aa. B. 

Nhąp vao may XC2 x XC ( X-2) + 2 x XC2 x XC3 + 
XC3 x XC(X - 3) -100, an SD ® laiirrl R-3 [sj gg SD 

ca in 0 (i) ss ca b ca ca gb ca m ®§ ca 

id ca ca sj sd ca (§§ ca ca 

tu (s i® ca s® m m g® ta s ca ca 0 m ca 

(i) 

An §£), may hói X? An g] (X = 4 ) . An (=), may hien 
ket qua bang 0 . 

~ ~~ 0 Math A 

XC2kXCCX-2)+2kXi> 

__0 

Cau 37: Dap an A. 


Nhąp vao may XC2 + 2x(X + l)C2 + 3x(X + 2)C2 + 
4(X + 3)C2~ 365: 

ss ca (Sn) o [ij Q 3 en (gi sTj sd ca 00 oi ca 
( Pr! 0 GD GB GD GS CD SD CD (B S3 CD H) 0 CU 
(±J ® CS CD SD 0 0®0 fsHiFTj 0 [U 0 d] Of] 
Si 

An SE], may hói X? An gj (X = 7) . An (U, may hien 
ket qua bang 0. 

0 Math A 

XC2+2x(X+l)C2+3» 


Cau 38: Dap an B. 

- Phuctng an A: Vói n = 4 thi ve trai (VT) cua phuong 
trinh có dąng 2°C° + 2'C 4 + 2 2 C 2 + 2 3 C 3 + 2 4 C 4 = 

V 1 4 

Ł 2 *C\- Nhąp vao may Y2 x x4CX, an Sfr! 

o to 

SD SI © SD UJ <B El H] (śir] gj sd qj <g) [g] 

® ®- An gj, may hien ket qua 81 —> VT ^ VP (Ve 
phai). Loai A. 

“ 0 Mith A 

Z (2^x400 
— _ &1_ 

- Phuong an B: Vói n = 5, VT phuong trinh có dąng 

2°C 5 ° + 2’Cj + 2 2 C 5 2 + 2 3 C| + 2 4 C 5 4 + 2 5 C| = J^2 X C*. 

0 

5 

Nhąp vao may ^2 X x 5CX . An (=), may hięn ket qua 

x=0 

bang 243->VT = VP . Chon B. 


Z (2 x *5CX) 

X=0 


J Vói cac phuong trinh dąng nay, khong the dung 1 
i CALC thu nghięm nhu cac vi du truóc boi phuong ! 
j trinh có tan n só hang va ta khóng the nao nhąp het j 
| duoc vao may. Cach tói uu nhat la tu dap an, thay truć j 
! li ®P nghięm vao phuong trinh roi sau dó có the phai | 
I su dung ham tóng Z (Sfll §2) {1“)) dexacdinhxem j 
| dó có phai la nghięm cua phuong trinh hay khóng. j 

Cau 39: Dap an A. 

- Phuong an A: Vói n = 4 thi VT cua phuong trinh có 

dąng C‘.3 3 +2.C 2 .3 2 +3.C 3 .3 1 +4.C 4 4 .3° = ^.rC 4 r 3 4 - 3 

X=l 

4 

Nhąp vao may X x 4CX x 3 4 “ x , ah [śhFt] [ijjl SD CO 

X=1 

® @ 0 SD ® B3 S © S] E3 SD 0 © CU 

r -™«. /-y _ 

® Lii • An gj, may hien ket qua 256 —» VT = VP . 

Cau 40: Dap an C. 
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- Phieang dn A: Vói n = 8 thi VT = C\ 7 + C ~ 7 +... + C° 7 

S 8 

= ^C* 7 . Mhąp vao may i (l7CX), an h,ijj LU 
a x=i 

■ Yj \m [™3 (iSl Oj CO (Tl ® 00 ■ An [5], may hien ket 

qua 65535 ^ 2 20 -1 -► VTV VP. Loai A. 


B Mit li . 


3107 i 


Phieang dn B: Vói n — 9 thi VT = Cj 9 + C 2 9 + ... + C^ 9 


* 9 . Nhąp vao may 


. An , may hien 


ket qua 262143 * 2 20 -1 —> VT * VP. Loąi B. 


Et felath A 

| (19CX) 

X ~ x _262143 


- Phieang dn C: Vói n = 10 thi VT = Cjj + Cj, +... + C“ 

10 io „ 

= . Nhąp vao may ^(21CXJ. An i=j, may hien 

i=i - i=i 

ket qua 1048575 = 2 20 -1 -> VT = VP. Chon C. 


if (210) 

x=i. 


1048575 


O20_ 


1 


1048575 


Cau 41: Bap an A. 

Cdch 1: Ta có P n _ r A* +s < 15P„ +2 <=> P„_, -A* +4 - 15P„ +2 < 0 
Nhąp vao may (X-l)ix(X + 4)P4-15x(« + 2)!, 4n 

CD @ CD CD 1 CD CE SD (S CD iii CE EB Ej CD 
SiCj) 50 [£) [3 CD GD 53 CO Sili lD F£ i. jj lll @13 Od • 

An OD, may hói X? An QD (X = 3) . An ej, may hien 
ket qua bang -120 < 0 . 


B Mat ii & 

(X-nix<X+4)P4-> 
__ dm 


An fcMĆI , may hói X? An ® (X = 4). An [fj, may hien 
ket qua bang -720 < 0 . 


H lYlath & 

(X-l)!x(X+4)P4-t> 

-720 


An ć i , may hói X? An Q0 (X = 5). An (!§), may hien 


Start? 


o ffeth 


EncS? 


Step? 


E fto.th 


An !=;, bang gia tri hien ra. 

Quan sat bang gia tri, ta thay vói X e {3; 4; 5} thi 
F(X)<0 . Chon A. 


, FCK) 

3 -lan 

-1ED 

idem! 


Ta thay, viec sił dung bang gia tri (TABLE) giup xac j 

\ A . ^ 

dinh nghięm (tąp nghięm) cua bat phuong trinh mot [ 
cach de dang hon. Cac gia tri Start, End hrong ung la f 
cac nghięm (nguyen) nhó nhat va lón nhat tu dap an, j 
Step = l do nghięm cua bat phuong trinh phai [ 


nguyen. 


Ciu 42: Bap an B. 

Cdch 1: (x!) 3 C x x C x 2x Cl x < 720 o (xl) 3 C* 2x C* 3x -720 < 0 
Nhąp vao may (X!) 3 x 2XCX x 3XCX - 720, an CD §S 

03 ul g] (SE! 00) CD filo 33 fśiSS Cli 
Sj Gl i® CD ®E! O iii CO ES Oli [U OD 

An mój, may hói X? An 00 (X = 0) . An ©, may hien 
ket qua bang -719 < 0 . 


CX! ) 3 x2XCXx3XDo 
_0719 


An £1:; , may hói X? An Tj (X = l). An ©, may hięn 
ket qua bang -714 < 0 . 


<X!) 3 x2X£Xx3XO> 


An ićBSi , may hói X? An Qfj (X = 2). An !»j, may hien 
ket qua bang 0. 


0 MathVA 


CX!) j x2XCXx3XD^ 

_o 


ket qua bang —3024 < 0 . 

1 Hath A 

CX-1)!x(X+4)P4-> 
_ -3024 

Cdch 2: Sił dung TABLE: |sd| (Tj 

An pf§ Kpij ij) [g] [Tj va nhąp vao ham só 
f (X) = (X -1) !x (X + 4) P4 -15 x (X + 2) !. 

Nhąp Start = 2, End = 9, Step = 1. 


Cdch 2: An 6ag fjj (TABLE) va fswrj ąsg ("?) Ul! LU • 

Nhąp f(x) = (X!) 3 x 2XCX x 3XCX-720. 

Cho Start = 0, End = 4 va Step = 1 . 

An ©, bang gia tri hien ra. Quan sat, ta thay vói 
X s {0; 1;2} thi F(X) < 0 . Chon B. 




0 

Math 



FCK5 


1 


-Ti a 


i 

1 

-T 1 M 


1 

s 

0 

O 

















Cau 43: Dap ;Vn D, 

Cdch 1: Dieu kięn n > 2, n e N nen ta loąi ngay B va C. 
Vi B chua nghięm n = 0, n = 1 va C cłura nghięm m = 1 
deu khóng thóa dieu kięn. 

(X + l)C2 3 

Nhąp vao may -—X, an RS) CD SU® LU 

GB CD CD Ul a 03 ® SD CO §1! GD CES ® B LHJ 
Bj ® GD GO <g> UD Q3 

An [Sgj, may hói X? An B] (X = 5) . An [=!, may hien 
ket qua bang 0 . 

S Math A 

CX+1j C2 _3_ y 

KC2 ” ł O '■ 

_ 0 

An [«S, may hói X? An (Tl (X = 4). An CI), may hien 

A/ ' 7 

ket qua bang — > 0 . 



M 1 

'.L th A 

(X+i)C2 

10 A 


XC2 

7 




15 


| De thay [2; 4) c: [2; 5] nen ta chi can CALC bieu thrrc j 

(X + l)C2 3 § 

I —^2 -Yo X V01 X = 4 ' X = 5 khóngthuóc [2;4). ! 

i • - .. ■ s 

| Neu hai gia trj nay deu thóa man bat phuong trinh thi ; 

j tąp nghięm se la [2; 5], cón neu khóng thóa mm thi 
tąp nghięm la [2; 4). 

Cdch 2: An gęjjj| (T) (TABLE) va ifrj lęg Cg) (Tl (Tj. 

, „ . , (X +1) C2 3 

Nhap ham so f (X) = 1- — -X . 

y ' XC2 10 


Cho Start = 0, End = 5, Step = 1. 

An M, bang gia tri hien ra. Quan sat, ta thay vói 
X s [2; 5] thi F(x) > 0 . Chęn D. 


3 

0 

K j 

E | 2aM 

Math 


K 

U 

0 

f*:h:■ | 

D.UEEE 

Math 

L| 

2 n 1 

l UoUGEE 


fi 


D 


5 


1 






4 




BT 


Cau 44: Bap an A, 

Cdch 1: Dieu kięn n > 2, n <= N nen ta loąi ngay B, C. 
Nhąp vao may (X + l)P3 + (X+l)c(X-l)-14(X + l), 

an Ij] fH® Oi lii! CD LU (Hz) ES [Si RR ffi ŚALPHAj (Tl (+1 

cd ra ®d s id m od b m m a co es m m 

LU GB GD CS 

An §HD, may hói X? An CS (X = 5). An ID, may hien 
ket qua bang 51 > 0 . Loąi D. 

0 Math A 

CX+l)P3+(X+l)Ci> 
_ 5L 

Cdch 2: An @ (TJ (TABLE) va H|t] gg <g) (Jj Q]. 


Nhąp f(x) = (X + l)P3 + (X + l)c(X-l)-14(X + l) 


Cho Start = 0, End = 5, Step = 1. 

An [=!, bang gia tri hien ra. Quan sat, ta thay vói 
X e {2;3} thi F(X) < 0 . Vąy tąp nghięm la [2;4). 




0 

Math 

3 


-33 


M 

i 

“EE 


5 

M 

D 

Z 


Cau 45: Dap an B. 

An fióg (Tj (TABLE) va {s+yg) gagj (§) [s 

Nhapf(X) = (X + 4 )f 4 -^. 
v ’ (X + 2)! 4xX! 


Cho Start = 0, End = 5, Step = 1 

An Ej, bang gia tri hien ra. Quan sat, ta thay vói 
X <= |0; 1; 2} thi F (X) < 0 . Vąy tąp nghięm la f0; 2]. 



jj 

0 

f «:k> 

Mit Ii 

1 


-E3«1S 


E 

1 

- 2 E D T 5 


3 

E 

-SoBIE 

O 


Cau 46: D£p ars C. 

An (Sopl LU (TABLE) va [Si] @5§ ® 12] (Tj. 

mu- , - XP4 24 

Nhap ham so -c-- r -. 

(X + l)P3-XC(X-4) 23 


Cho Start = 0, End = 5, Step = 1. 

V _ 

An l~J, bang gia tri hięn ra. Quan sat, ta thay vói 
Xs{4;5} thi F(x)<0 . Vąy tąp nghięm la (3;5]. 


1 

E 

3 

K 

D 

1 

E 

0 

f i;x:» 

ERRCifi 

EF.FiilFj 

mm# 

Math 

M 

5 

E 

K 

3 

5 

0 

f ck:« 

ERFiOFi 

diS 5 

Mat li 




ERROR 




O 


Cau 47: Dap an D, 

Cho x = X va k = Y . 


Nhąp vao may -60 x (X + 3)P(Y + 2), an [®] 


CD S 03 OEi 00 CU !?m 1 fad <S) CD ĘM CO E3 (MS 
@ OD @ a <B G3 tu CS ISO |T] @3 tli GE) CI] CS 
fgiirri ES Qj |ftPi§ @ [±j CS [Tl 

An nhąp X = 0, Y = 0 . An f=l . may hien ket qua 
bang -240 < 0 —> (0;0) thóa man. 


C-i+Si I 
CK—v:i ! 


-6(MX+3> 
-240 


An nhąp X = 1, Y = 0 . An may hien ket qua 
bang 0 —> (l; 0 ) thóa man. 


CX—Y) ! 


0 Math A 

-60 x (X+3]k 


0 


An (CALCJ, nhąp X = 1, Y = 1. An Oi], may hien ket qua 
bang -720 < 0 —» (l; l) thóa man. 
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|ViO?’£7 £?KX; 



— Phiftyng dn D' An . nłiąp X — 1, X — 8 . A l ■■ - j .• insy 
YCX 1 7 


hien 


, nhąp X = 2/ Y = 2. An [=], may hien ket qua 


(Y + 2)CX 3 15 

YCX 1 23 


An [Hi tiep, may hien 



I.O\ABOOAVN ! 














■lia; cac bat toan dem va tfnh xae sufit 
Lau 51: Oap c. 

Mot tam giac gom có 3 dinh (khóng sap thu tu) chon 
trong 7 diem. Nhu vąy so tam giac can tim chinh la 
mot tó hop chąp 3 cua 7 phan tu, tuc so tam giac la C 3 
hay 7C3 tam giac. 

An LZJ (ŚHifTi iHH f3], An (=), may hien ket qua bang 35. 


7C3 


35 


52: O&p ara. C. 

Neu tó truóng la nam thi tó phó phai la nu, cón neu tó 
truóng la nu ihi tó phó phai la nam. 

- So cach chon tó truóng trong 5 nguói la C 4 (cach). 

- Só cach chon tó phó trong 5 nguói la C 4 (cach). 

- SÓ cach chon thu ky trong 8 nguói cón ląi la Cg 
(cach). 

Nhu vąy so cach chon thóa man yeu cau bai toan la 
2 ( C s) - C 8 (cach), 

Nhąp vao may 2 x (5Cl) 2 x 8C1, an @] [X] [0 g] (Hj) 

S GD DJ fe] fXf (.8) (snir) O (TJ. An may hien ket 
ąuabang 400. 


2x(5C1) 2 x8C1 


400 


Cau 53: Oap an B. 

Xep theo thu tu mau (3 mau) có 3! cach. 

SÓ cach sap xep cac tąp theo mau dó có 3! cach. 

Só cach sŚp xep cac tąp theo mau xanh có 4 ! cach. 

Só cach sap xep cac tąp theo mau vang có 6! cach. 

Vąy só cach xep tąp len kę la 31.31.41.6! =(3l) 2 .41.6! 
(cach). 

Nhąp vao may (3l) 2 x4!x6!, an (U [fj @ gj CO @ 

(SHKwtIH !X)Cf]@E.l. An (ii, may hien ket 
ąuabang 622080. 


(3!) 2 x4!x6| 
_ 622080 


Cau 54: Dśp an D. 

Trong hai anh em ruot, neu nguói anh duoc chon thi 
nguói em khóng dupc chon, nhu vąy có nghTa la: hoąc 
khóng nguói nao dupc chon, hoąc chi mót nguói 
(nguói anh) dupc chon. 


- Neu chi mót nguói dupc chon thi ta có 2 cach chon 
mót trong hai anh em va C a cach chon 3 trong 8 nguói 
cón ląi. Vąy có 2.C a (cach). 

- Neu ca hai nguói khóng dupc chon thi có C g 4 cach 
chon 4 nguói trong ban dąi dięn. 

Vąy, theo quy tac cpng ta có 2C 8 3 +C 8 4 cach chon 4 
nguói trong ban dąi dięn thóa man yeu cau bai toan. 
Nhąp vao may 2x8C3 + 8C4, an U] (X| OD SD (3 
GD i+j GD @13 IśD (4J. An (=), may hien ke't qua 182. 


2x8C3+8C4 


182 


Cau 55: Dap an A. 

Só cach chon 11 cau thu de thi dau la C” (cach). 
Trong só 11 cau thu da chon, ta ląi chon ra mót thu 
mon va mót doi truóng (chinh hpp tąp 2 cua 11 phan 
tu), só cach chon la (cach). 

Theo quy tac nhan, ta có só cach chon ra 11 cau thu de 
thi dau la C^.A^ (cach). 

Nhąp vao may 18C11 x 11P2, ah (Tj g) (a|j) f±] (J) [T] 
183 CD m f§fj m [5] . An 11], may hien ket qua bang 
3500640. 


18CllxllP2 

_3500640 


Cau 56: Dap an C. 

Trucmg hop 1: Bau 4 nguói tuy y, khóng phan bięt nam 
nu 

- Bau chu tich va phó chu tich có Af 2 (cach). 

- Bau 2 uy vien có C 2 10 (cach). Truóng hpp 1 có A 2 U .C 2 W 
(cach bau). 

Truóng hop 2: Bau 4 nguói toan nam 

- Bau chu tich va phó chu tich có A 2 (cach). 

- Bau 2 uy vien có C 2 (cach). Truóng hpp 2 có A 2 .C 2 
(cach). 

Vąy só cach bau thóa man bai toan la A 2 2 .C 2 0 - A 2 .C 2 
(cach). 

Nhąp vao may 12P2 x 10C2 - 7P2 x 5C2, an (TJ [11 

ta ta CD ei m ta ta b m ® es ra ra 

® B GD - An [~J, may hien ket qua bang 5520. 


. _ _ ta marn a 

12P2xl0C2~7P2x5b 
_ 5520 


Cau 57; Dap an A. 

Só phan tu cua khóng gian mau la |q| = Cj 2 0 . 
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Goi A la bien co "lay dtroc hai vien bi ciing mau". 
Neu hai vien bi lay duąc mau trang thi có cach; 
neu hai bien bi lay dttoc mau do thi có Cj cach. 

|q I p2 , y-2 

Suyra p A \ = C 2 +C 4 2 . Vąy = = % * • 

I 5,2 ! '-•10 


t> T -. ^ x / 6C2 + 4C2 ^ 

Nhap vao mav --, an 

' r 10C2 

(Ma rsn ra f ci f^p 

03 :■€! Si S! W © m S1 

iu. An ©, may hien 

ket qua bang —. 

15 


@ 

6C2+4C2 

10C2 

M»h Ł. 


Ts 


Rut 2 la tij bo bai 52 la, só' phan tu cua khong gian mau 
la |o| =C 2 2 . 

Goi A la bien có "2 la rut auoc la 2 la hinh". Suy ra só 
phan tu cua bien có A la |£lJ = C 2 2 . 

|fi,l C 2 

1 0C2 _ __ _ __ _ 

Nhap vao may —— , an fjgj [ 1.1! aj Sffil (5) [1H C£' iSj 

CE C® E9 [ E • An (§jj, may hien ket qua bang . 


12C2 

0 

MMti A 

52C2 


11 

221 


c. u 1 - 1 - m • w G ; 

Só phan tu cua khong gian mau la |fj| = C 3 0 . 

Goi A la bien có "có it nhat mot bóng den hóng" thi 
A la bien có "khong có bóng den nao hóng". 

_ p3 

Taco jO-1 = Cg. Suyra P[AJ = — 


Vay P(A) = 1 -P(a) = 1-^-. 


Nhap vao may 1-, an ’1 i Hi isl (sST! ffi [3] 

■>) DJ [§J [|Mi 1:3 CIj. An fśs), may hięn ket qua —. 

6 



Só cach chon 3 só tu 80 SÓ la C 3 0 (cach). Suy ra 


Goi A la bien có "trong 3 só dttoc chon có it nhat 1 só 
chinh phttomg" thi A la bien có "trong 3 só dó khong 

có só chinh phucmg nao". 

Tu 1 den 80 có 8 so chinh phucmg la 
1,4,9,16,25,36,49,64 va có 80 - 8 = 72 só khong phai 
só chinh phuong. 


Suyra |Q-| = C^=>P 
Vąy P(a)=1-P(a) 


Q- r 3 


C 

. 1 72 


^ y 72C3 „ __ 

Nhap vao may 1-, an A I 1*1 ffl 

80C3 " 


[3j Cy) LU 

, t 563 


lOjlMOD. An (1J, may hien ket qua 



Dang 5: Hm so hang chtte x a trong kltai trśesi 

Nhj łhuc Newton 

C&u 61: Dap -an A. 

( 2 ' s \ ^ 6-—k 

Cach l :\ x + -j=\ =^TC k 6 2 k x 2 vói 0<fc<6,/ceN. 
I. \fx) k =o 


= f(x) = 2^ X 

[g(k) = 2 k C k 6 kX [g(x) = 2 x x6CX 

(0<X<6,XeN). 

An i >" li (▼> (5j GD. Sau dó an §gs§ ff j(TABLE). 

6--X 

Nhap vao may f(X) = 2 2 va g(x) = 6CX*2 x , vói 

0<X<6 va X<=N. 

Cho Start = 0, End = 6, Step = 1. 

An TO, bang gia tri hien ra. Quan sat bang gia tri ta 
thaytąi p(X) = 8 = 2 3 =x 3 (do x = 2)thi X = 2->/< = 2 

va G(x) = 60 la hę só cua x 3 trong khai trien da cho. 




s 

Math 

| 

X 

F CKJ 

C(KJ 


B 


I 3 

i 

S 

i 



i 


150 




60 


Cach 2: x + -j= = (x + 2x I/2 ) 


I 7f i + 6 I fcj = 4 

Có hę \ i —> < 

| K ~ 2 E ]/2 =3 \ k-\/2 = 2 


► r r 3 ]=-^_. 2 2 = 6 0 . 

L - 1 4!.2! 















16 hdp - Xac suit - Nni thfcfc Newton 


6 ! „n 2 

Math A 

4 ! X2 ! = 

60 


f{x;k) = 

g(x) = 8*c; 


X ' 

■fc /-ifc 


f (x) = 2 6 ~ 3X 

y(x) = 8 x C x =8 x x6CX 


Cau 62: Dap ars B. 

Cach 1: \ x + i 

40 

An jsifjj feaa ® 01) [5] va OfoS! (7. 

vói 0<X<6,XsN 

j (TABLE). 

voi0<fc<40,iteN. 

Jt=0 

Nhąp vao may f^X) = 2^ 3X va 

g(x) = 6CXx8 x , vói 

J f(x;k) = x 4B - 3k 

. [f(X) = 2 40 ” 3X 

0<X<6 va XeN. 


^U(fc)=c: 0 

fc - x [ S (X) = C X =40CX 

Cho Start = 0, End = 6, Step = 1 



Xn gHFn |0D| @ o m va gęg PFJ (TABLE). 

Nhąp vao may f(X) = 2 40 ~ 3X va g(x) = 40CX, vói 
0 < X < 40 va X e N. 

Lan 1: Cho Start = 0, End = 15 va Step = 1. 

An (§0, bang gia tri hien ra. Quan sat bang gia tri ta 
thay khi F(x) = 2147483648 = 2 31 = x 31 (do x = 2) thi 

X = 3 —fc = 3 va G(X) = 9880 la hę so cua X 31 . 


F(K) 
hmlj 

adltT 

S.EidB 

£147483546 


Ms.th 

(i CK) 
199 
HBBD 
9I99C 


Lan 2; Nhąp Start = 16,End = 30,Step = 1 rtłumg khóng 
tim duoc gia tri nao khac. 

Lan 3: Nhąp Start = 31,End = 40,Step = 1 va cung 
khóng tim duoc gia tri nao. 

| Do ó che dó |od§ ® GD Gf! mAy chi hien thi duoc 
tói da 20 gia tri nen: 7 „ 

+ Nett Start = 0, End = 20 va Start = 21, End = 40 thi 
vupt qua 20 gia tri va bang khóng duoc hien thi. 

+ Neu Start = 0, End =19 (du 19 gia tri) va [ 
1 Start = 20, End = 40 (21 gia tri) thi bang gia tri cung jj 
khóng the hien thi duoc. 

+ Vąy rień ta phai chia ra xet tren 3 khoang 
[0; 15],[16; 30] va [31; 40] la hop ly (cung có the chia 

thanh 3 khoang khac sao cho só gia tri trong bang [ 
khóng vuot qua 20). 


Cach 2: Ta có mc+ 


T ' u- \K +k - 

Ta co he J 


x 

= 40 


= (x + r- 2 ) 
\Ł =37 


‘ 2fc_ 2 = 31 
40! 


k 2 - 3 


Vay [a: 31 ] = ,1 37 .1 3 = 9880. 

L J 37!.3! 


40! 

5! Math A 

37!X3! 

9880 


Cau 63: Dap an. B. 

Cichł: f-r + 4] =tc: 8 k 


toan bó bang gia tri. 

Quan sat bang gia tri ta thay khi F (X) = 1 = 2° =x° (do 
x = 2) thi x = 2^>k = 2 va G (X) = 960 la hę só khóng 
chua x trong khai trien. 


1 

a 

a 

K 

a 

El 

fck:« ! 

EM 

Math 

■j CK) | 

> 

MB 

BEDt 




i 


Cach 2: Ta có ,r + 


I x + 


Có hę phuong trinh 
6! 


8,t” 2 ) 

- 6 


Ł+k. 


kj - 2/c_ z = 0 


k,=4 
k , =2 




4!.2! 


.1 4 .8 Z =960. 


a 

6! ,,n2 

Math A 

4 ! X2 ! 

960 


Cau 64: Dap an B. 

Cachli f \fx + -jj= j =|]C 7 V 3T2<: vó i 0 <k <7, k ebl 


\f(x;k) = x 

U X ) = C 


1 

fx 

7--U 

3 12 


TT- f(X) = 2i “ 

l§(X) = c; =7CX 

vói 0 < X < 7,X e N 

An @ @ ® (IJ [£) va §§| (T) (TABLE). 


Nhąp vao may f(X) = 2 312 va g(X) = 7CX, vói 
0<X<7 va XeN. 

Cho Start = 0, End = 7, Step = 1. An (EJ, bang gia tri 
hien ra. Quan sat bang gia tri ta thay tai 
F(x) = l = 2° =x a (do gan x = 2)thi X = 4—»/c = 4 va 

G(x) = 35 la so hang khóng chua x trong khai trien. 


F CK) 
I.U9B3 
I 

D.SE1M 


Math 

u CK) 


a 

35 


Cach 2: j \fx + -i = ( x w + x ~' ,il ) 

". V.r j v ' 
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(k +k = 7 
‘his - 1/4 




Ta có hę phucrng trinh \\ 1 -n \ k 

1 — fc V3 A -1/4 U 1 ' 


^1/3 ^ 


l J 


->W : 


311 ZL! 


-,1 3 .1 4 =35 


c” +cr 1 +c” 


= 79 <=> 1 + 


(«-l)! 2 !(k 


- 2 )! 


= 79 


<=>l + n + — nf/J -1 
2 v 


Caefa 1: Ta có 


= 79 <=> n = 12 
28 V 2 12 


XV* + x 


= X<£x 


(0 < fc ^ 12, fe e N). 



/ i 16 ~t x 

f (X) = 2 5 


[g(/c) = C 1 \ [g(x) = 12CX 

Art iSEj S5S1 flf) fjj g] va |S§ 0O(TABLE). 

Nhap vao may f(X) = 2 5 va g(X) = 12CX, vói 

0 <X< 12 va X sN. 

Cho Start = 0,End = 12, Step = 1. An bang gia tri 
hien ra. Quan sat bang gia tri ta thay tai 
F(X) = 1 = 2° = x° (do gan x = 2) thi X = 5 —» k = 2 va 

G(x) = 792 la só hang khóng chua x trong khai trien. 


.1 K a 


FOO 

9.IB95 

Od 9 0930 


TEST , 

i Si 

PBSPF- 

9SM1 

722 


Ta cung có the sir dung bang gia tri (TABLE) de tim n 
cua C;+C:- 1 +C^=79 (n>2,«sN). An 

2) (TABLE) va L D ' r ' de nhap vao 
i ham f(X) = XC(X-l) + XC(X-2)-78 vói 
j XS2,XeN. Cho Start = 2,End = 31,Step = 1. An sj, 
i bang gia tri hien ra. Quan sat ta thay tai X = 12 thi 
F(X) = 0 . Vąy n = 2- 


F 


*31 


Tong quat, de tim nghięm cua męt phuong trinh to : 
hop ta dua ve dang f(x) = 0. Sau do an 
; IWĄ [I] (TABLE) va §K 8 p 0 [® CD va nhap ham 

| f(x). 

\ + Neu dieu kięn phuong trinh la a<x<b,xe N thi 
s chon Start = a, End = b, Step = 1. 

i + Neu dieu kięn phuong trinh la x > a, x e N thi chon 


i bang hien thi duoc toi da 30 gia tri). Neu tren khoang 
| [ a; a+ 29 \ ma ta van chua tim duoc nghięm thi hep 
j tuc chon Start = a, End = a + 29, Step = 1... Quy trinh 
‘ chon Start, End, Step van hep tuc nhu vay cho den khi 
I tim duoc nghięm. 

.s \ 12 


Cach: 


x{fx + x 


= ix 4,3 +*- 2S/15 

V 


) 


r i, , u -ii ., _ 

*4/3 + -28/15 - 1Z I fc 4/3 = 7 

Ta có hę J, 4 28 _ n ^ U =5 

[3 km ~ 15 fc - 28/15 _ ° 

V«yP"]-J§;.l’.r-792. 

Cau 66 ; 04p kn C. 

Cach 1: An gH (fj (TABLE) va gę © C 6 J [li • 
Nhap f(x) = (X + 4 )C(X+l)-(X + 3)CX-7(X + 3), 
vói X > 0, X e N . 

Cho Start = 0,End = 29, Step = 1. An ©, bang gia tri 
hien ra. Quan sat ta thay tai X = 12 thi F(X) = 0 . Vay 
n = 12 . 




0 Math 


K 

FCSf) I 

11 


-n 

93 

0 

IM 

S 3 

i 1 

12 


Ta có | — + 

V X 




f(x;k) = r 2 * 1 


= Z c h x2 ~ k ' X y ói 0 < k < 12, k e N 
|f (X) = 2~ : 


—X-36 
> 2 


*(*)=< " [g(x) = 12CX 

An ii Ą/j *|fj <S> OD [33 va (Tj(TABLE). 

tlx-36 

Nhap vao may f(X) = 2 2 va g(X) = C ]2 =12CX, 
vói 0<X<12 va XeN. 

Cho Start = 0, End = 12, Step = 1. An Al, bang gia tri 
hien ra. Quan sat bang gia tri ta thay tai 
F(X) = 256 = 2 8 =x s (do x = 2) thi X = 8 —>/c = 8 va 

G(X) = 495 la hę so cua x 8 trong khai trien. 


a 

!QI 


0 Math 

= (i!) I fitKJ j 

5 ' E li|g^i 

nsasl aan I 
495 




C ach 2: Ta có | -)r + dx 
T 

[fc_ 3 + fc 5/2 =12 

Ta có hę i 5, „ 

1 3/c 3 + 2 ^ 5/2 = 8 


fc- 3 =' 

C 5/2 ~ 


Vay [x 8 ]- 


12 ! 
4 ! . 8 ! 


,1 4 .1 8 =495. 







Plian 2 - Cfoi de 3: i o iwy ■■ X ae suat - Nhj thufc Newie 

(l + 2x) 2 +3 


X +x+l=- 


~*f(x) = ( 1 + 2 x) 10 (x 2 + X +1) 2 


1 (l + 2x) 14 +|(l + 2x) 12 +^(l + 2 X ) 1 ' 


16 

Xet (l + 2x) 

L J 6!8! 
Xet (l + 2x) n -> 

r 12! „ 

-» hr =-.2 

L J 6!6! 

Xet (l + 2x) 10 -> 


14 __>\ k o + K =14 /=8 

fcj = 6 


fcj = 6 


K + K~ 12 _ f ~ 6 


fcj = 6 


fc , =6 


*„+* 1 =10_ > ffc 0 =4 
^=6 | fc ,=6 


►M=—-2 


Vąy jV*J 
= 41748 


6!4! 

= .2 6 + 3.i^. 2 6 + ^i^o6 

16 6!8! 8 6!6! 16 6!4! 


-i_X_ 14! r-,6 ^ K 

16 6!xS! X 4 + S^ 

_ 41748 


Cau 68: Dap an C. 

Dieukięn: n>2,neN. 

An iH |QD| © [5] (T), roi an ,§mj (JJ(TABLE). Nhąp 

ham f (X) = C*' 1 + C*" 2 - 36 . 

An (g), nhąp Start = 2, End = 31, Step = 1. 

An 03, bang gia trj hięn ra. Quan sat bang gia tri, ta 
thaykhi X = 8 thi F(x) = 0. Vąy n = 8. 


M 


F(X) 

Math 

S 

n 

■EBH? 

-B 

□ i 


a 

a 

a 

s 


M 


a 



Stter 

F CK) 

m 

G CK) 

M 


i 

i 

2o 5 

Ma 5 


3 

E 

1 

s 





O 


Ta tim duoc (k 3 , k 2 , k 0 ) = (0; 4; 4), (2; 1; 5) . 

T “»M-Ipr©T 2 ‘’ 

8! 


-Z- 


x(-l) A x2 b . 


8! 


"A!xB!xC! 

Nhąp vao man hinh 

A! x B! x C! 

An (calcj vói A = 0, B = 4, C = 4 ta duoc ket qua 1120 . 
An §0 de them ket qua nay vao M. 


f x (~l) A X 2 B • 


A ! xB ! xC ! 

_ 1120 


8! 


r x ( l) A x2 B 


An © de quay lai bieu thirc 

A! x B! x C! 

vira nhąp. An (CALC; vói A = 2,B = 1,C = 5 ta drroc ket 
qua 336 . An @3 de them ket qua nay vao M. 


A!x!!xC! 

_336 


y ąy [x 8 ] = £ 


8! 


A!xB!xC! 


x(-l) A x2 B =M = 1456. 


M 


-1456 


Cau 69: Dap an A. 

Vói k 5 ,k 3 ,k 0 sN taco: 


k$ + k 3 + k 0 = 20 
5 k 5 + 3 k 3 = 10 


k 5 =X 

k - 10 ~ 5X 
3 3 

k 0 = 20-X 


(0 < X < 20). 


10 -5X 


8 ^ 

Khidó f(x) = (l + 2x 2 -x 3 ) . Vói k 3 ,k 2 ,k 0 eN, taco An (H) @ © GD (Yj, roi an @ H](TABLE). Nhąp 


} k « + k 2 +k 3 =8 


\2k 2 +3k 3 =8 


k 3 =X 

, 8-3X , , . 

fc 2=—7— (0 < X < 8) 


k 0 =8-X 


8 -3X 



An @ @ © CS ©, roi an gg [ 7 \ (TABLE) .Nhąp An (Hj, bang gia tri hien ra. 





L...:-: I f(kj 

JMb o 

G CK) 

IB 


M 3 -I.EBB 

IB.EteS 


5l Ml-3.333 

19.333 



2 


An [U, bang gia tri hien ra. 


Ta tim duoc (fc 5 ,fc 3 ,A: 0 ) = (2;0;18) . 

V|y t^ 10 3 = 2 n1?I8T- 12 'I -4 ) 0 ’(~ 2 ) 18 = 49807360. 
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to \ 

2! xO !Xi8 


t&th Js 

C f 


-4) f' 

49807360 


Ta có x 


1 2 


Vói k 2 ,k _j,fe_ 2 eN taco: 


fc. 


f-j: -2x ) 

ffc 2 +Jk_ 1 + fe. 2 =100 
2fc 2 - k_ Ą - 2/c 2 =193 


= 393 - 4X (O < X < 100) 

/c_ 2 =3X-293 

An HH® [U O, roi an toffi; [t](TABLE). Nhąp 
f(x) = 393 — 4X va g(x) = 3X-293. 


f(X)=393-4) 


0 Math 


0 Math 


g(X)=3X-293 


Do 0 < X < 100, ma khinhąp hai ham f(x),g(x) may 
hien tłu duroc toi da 20 gia tri trong hang. Nen ta xet 
tren tóng doąn [0; 19], [20; 39], [40; 59], [60; 79], 


Cho Start = 0, End = 19, Step = 1 ta khong tirn dtroc gia 

tri nao thóa min hę. 

Cho Start = 20, End = 39, Step = 1 khong tim duwc gia 

tri nao thóa man hę. 

Cho Start = 40, End = 59, Step = 1 khong tim duoc gia 
tri nao thóa man hę. 

Cho Start = 60, End = 79, Step = 1 khong tim dttoc gia 
tri nao thóa man hę. 

Cho Start = 80, End = 99, Step = 1 ta xac dinh du-oc 
X = 98,F(X) = 


Nhu vąy k 2 = 98, k ą =1 va k 2 = 1 . 

Vąy 

[r 193 ] = og^ - y j- 198 (- 1 ) 1 1 -2 )’ = 100.99.2 = 19800 


1,G(X) = 1. 


El 


0 

E 

s 

1] 

Math 

>5 CK) S 
-a 

go 


-a i 

ul 

90 
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*hźm 2 -- Chu de 4; Gidś han 


ne óesi or Biothi?' 


, + /sm 

-a *; 

Khi de yeu cau tinh giói 
han ma khóng chi ro n tien 
tói bao nhieu thi ta hieu 
day la giói han day so khi 
n -> +cc. Vąy nen, su- dung 
CALC, ta thuóng chon 
nhąp gia tri tuong doi lón 
(o day tac gia chon CALC 
vói 10"). ' 1 i ■’ 

Trong truong hop CALC 
vói 10 ma may bao lói 
(vi so qua lón), thay vao 
dó ta có the CALC cac gia 
tri lQMQ s ,...,!OVlO,... 




3VX+£X--1 

CL 499976284 


STUDY TIPS 

Do bai nay lien quan den 
luy thira (so mu) nen neu 
chgn CALC gia tri X = 10 9 
thi may se bao lói (ket qua 
qua lón). Nhu vąy ta phai 
chon męt gia tri khac thap 
hon nhu X = 100,X = 10,... 


4x3«+7«+2 

Mitli A 

2x5^+7^ 

49 




SiliS 

li Uli 

Cle cipg mm 

i Hen ąuan; 




ig i: Tinh giói han day só lim u n 


Jx £ -x+ 1-tX £ +l 


- Biróc 1: Nhąp day so u n vao may tinh (nhąp theo hien X). 

- Biróc 2: An Icamt . may hói X? Nhąp QQ [a) @ [W] (X = 10 9 ). 

i - Biróc 3: An GD, quan sat ket qua va doi chieu vói 4 phu-ong an A, B, C, D da cho 
| de tim dap an dung. 

Zli Lim y: Tinh giói han bang may tinh thuóng chi cho ket qua gan dung, va ket 
qua nay se gan bang vói 1 trong 4 ket qua dung ó cac dap an A, B, C, D. 


yjfl 2 _ 72 _j_ 1 

j Vx du 1: Tinh giói han lim— j= --. Chon ket qua dung: 


3 \fn +2n-l 
1 
2 


C. 0 


D, +°o 


Lói giai 

Nhąp vao may ~ X+1 , Sn jgj @ @ (Jj gg Q @ Q] Q0 []j © fjj @ 

3 yX + 2X -1 

imi en <g> 00 es m lei ei m. 

An SĆALC], may hói X? Nhąp QD GD @ GD (X = 10 9 ). 

An , . L may hien ket qua bang 0,499976284 » —. 


r 


ŁJap an 


, , , . . 4.3" + 7 n+ ~ 

Vi dy 2: Tinh giói han lim-———— . Chon ket qua dung: 


A. 49 


Nhąp vao may 


2.5" +7" 

B. 7 


C. 2 


D. 1 


4 x 3 X + 7 X+2 


Lói giai 

, an m @] os ca @ m m c & S 3 m m m m 


2 x 5 X + 7 X 

03 fj] ® CU [U CU @ fsm§ (Tj cg) QFJ CU [5j [Tl 

An [CfiLCj , may hói X? Nhąp (Tj [Oj (JJ (X = 100) . An [=], may hien 49. 


Dap an A. 


l— 


i/i dy 3: Tinh giói han lim ^\jn 2 -n + l-y/n 2 +1 j. Chon dap an dung: 

i 

A. +oo 


B. 0 


C. 


D. -- 


Lm giai 

Nhąp vao may -\/x 2 -X + l -y/X 2 +l, an ® [Tj jTj [g] (p§ [7] 00 (T) Cg- E 

OIH3 CU 013 33 GD- 

An (CALC], may hói X? Nhąp ffj [5] STj [1] (X = 10 9 ). 


* r-— , ^ . 1 

An [Aj / may hien ket qua bang —— . 


Dap an D 
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i Yi da 4: Tinh giói han lim^4n 2 +n-2 -3 nj. Chon ket qua da 


A. +oo 


B, 1 


0 bh.th , 


'5 :+ X~2 -3X 
999999999„8 


v/4X 


2 + X - 2 — 3X , ah . «l I v j *' L i , i SC 


Nhąp vao may 

GO iii GD- 

An fCAUCj, may hói X? Nhąp Lij jjjj y£j LJj (X = 10 5 j. 
An 1=1 . may hien ket qua bang 999999999,8 —oo. 


S v /+S 

Vói cac bai toan chu ł a ham 
liręmg giac, triróc tien ta can 
dna ve che do góc Rad: 

r IIP (51 


1 Math 

M3fch ERROPl 

rACj i CanoeI 
C<s3t:»3S Goto 


2X+C0S(X) 

199999,0006 


hang 


Zn 1 


du’(?c. 


X+1 

4X 


0.2500000003 


2- 

x~l 

0 Ms.th A 

2X2 

0.25025 


s: Giói hąn Iim(2n + cos«) bang 

k. -co E, 2 


C. 3 


D, +oo 


Dira may ve che' do Rad: (auffl |g§| @j 

Nhąp vao may 2X + cos(X), an (U |y®j [Tl f±) Mj |ąy* [Jj CD 

An Sag], may hói X? Nhąp 33 [13ŚT3 iT] (X = 10 9 ). An Q§), may hien Math 

ERROR. 

An |§LĆj tiep, may hói X? Nhąp GD GD ISj 00 (X = 10 5 ). An TO, may hien ket qua 
199999,0006 -> +oo. 

Dap an D. 


STIJDY UPS 

Ta khóng the nhąp vao may 
tinh casio ca bieu thu’c n so 
1 + 2 + 3 + ... + n 


Vi vąy, ta phai tien hanh rut 
gon bieu thu’c nhu cach lam 
ben. 

Nhąn thay 1+2 + 3 + ... + 71 
la tóhg n so hąng dau tien 
cua męt cap so cóng vói 
cóng sai d = 1. Nen ta ap 
dung cóng thrrc tinh tóhg 
cua cap só cóng: 

S„ =“i +•■■ + “„ --2 

Wł^KBSMBMSKMW^^ 



Cac h 1* Ta có 1 + 2 + 3 +... + n la tóng n só hąng dau tien cua mót cap só cóng vói 


cóng sai d = 1 . Nen 1 + 2 + 3 +... + jj = 


(l + n); 


XTt „ 1 + 2 + 3 + ... + ;? .. n(n + 1) n + 1 

Nhu vąy lim---= lim-•.— = lim - 


2n l 


4 tr 


4 n 


Nhąp vao may —, an HJ Spj Liii L±i OD (S) L?j +|i OJ • 

4X 

An fStcl, may hói X? Nhąp ijj [Ojtejj OD (X = 10 9 ). 

1 

An Tl, may hien 0,2500000003 ~ —. 

4 

1000 

di &dh . 2: Chon Ti —1000 tłii 1 + 2 + 3 +... + n = 1 + 2 + 3-}-... +1000 = 2~! ^ 

n— 1 

1000 

ZM.._ , ... 

Nhąp vao may : ®) lagij fapj 'MM LiJ <39 LlJ CA- 1 LU tfiLi L9 j UłJ 9+ <28 Lii 

2X 

An ioEel . may hói X? Nhąp [i] GB GO GD (X == 1000)■ An HO, may hien ket qua 

bang -^1 = 0,25025 
& 4000 4 















PhSn 2 - Chu de 4: CMi han 


The faost o? nothtns 



Dang 2: Giói han ham só den męt só x 0 : lim f(x) i 

* Cac gia tri x„ ±10 3 , hoac 



x 0 ± 10 ' se giup ta xac dinh 
duoc ket qua chinh xac nhat 
khi tinh giói han. Tuy nhien, 
tuyęt doi khóng duoc sił 
dung cac gia tri qua nhó 
nhu x„±10”" boi trong 
nhieu bai toan se dan den 
vięc xac dinh ket qua sai. 

* Sił dung C ALC de tim giói 

han ~, ket qua bai toan se ra 

gia tri gan dung chił khóng 
phai ket qua chinh nhu khi 
sił dung cóng tlułc Lopital ó 
ben. 


- Buóc 1: Nhap vao may bieu thiic f (x) . 

- Btróc 2: An (SJc), may hói X? Cho X = x 0 -1CT 5 hoac X = x 0 +1(T 5 . 

- Btróc 3: An (§0, quan sat ket qua va doi chieu vói 4 phucmg an A, B, C, D da cho 
de tim dap an dung. 



Ta có lim 


/(*)"/(* o) ,. /(*)-/(* o) 

f( x ) x ~ x o X-Xq . IM 


= lim - 


»->r, g(x)-%(x 0 ) lim g(*)-g(*o) £'(*o) 

Y — Y T — Y 

- A - -*-Q u -A 


li m f( x ) d * 

(<(X)) 


^ x(^J A 

dx 

s( x )) 

x = x 0 


(Day duoc goi la cóng thiic Lopital). 


Nhu vąy, de tlnh giói han f— i cua ham só khi x —> x, ta se dua ve cóng 

W 4*) 

thiic tlnh dąo ham tai męt diem. Sił dung lęnh (śffrl @ (A)- 


x -4x + 3 , i 


STUDY TIPS 

* Do x—>l nen ta CALC 
bieu thiic vói gia tri 
X = 1 + 1(T 5 . 

* Chu y, vói moi loąi may 
tinh khac nhau, ket qua 
nh£n duoc khóng giong 
nhau. Chang han, khi dung 
may tinh VINACAL 570ES 
PLUS II de’ tinh giói han, ta 
nhan duoc ket qua bang 
-2,999988333. Tuy nhien, 
ket qua nay van xap xi bang 
-3. 


a %<V4X^5-3)| x=1 


a3 


¥i du 1: Giói han lim _ 

x/4x + 5 - 3 

A. -2 


bang 

B. -3 C. -4 


, X 2 -4X + 3 


Lol giai 

, an m m m m b ® m m ej od ® 


Cach 1: Nhap vao may _ , 

yj 4X + 5-3 | 

p ® PU CI.) GEJ 00 cg) EJ GD 1 

An (552), may hói X? Nhap Q] (±3 Qj (U @3 O GD (X = 1 + 1CT 5 ) . An (§], may 

hien ket qua bang -2,999988328 w -3 . 


0 M&th A 

K 2 -4X+3 
■V4c:+5 -3 

-2.999988328 


Zk eh 2: Ta có lim 


x 2 - 4x + 3 dx 


yj 4x + 5-3 d 


~(x 2 -4x + 3) 
dx v ' 

X — 1 

A(biTU-3) 

X = 1 


Nhąp vao may 


— fx 2 -4X + 3) 


dx v > 

X = 1 

™fx/4X + 5-3) 


dxV / 

X = 1 


•. An ® |ff) UfiS IMS Dl [gl FI la 1 llS LI 


ffl CU ® CD <§) fsHJFTj tg gą [4j jstp§ qj EB [D cg) E3 H3 Cg) CE 

An GD, may hien ket qua bang -3. 


hiap an B. 
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[3-2x 


X-hJ5-2K 

4-3^ 

-li.. 222222901 i 


may hien ket qua bang -0,2222229011» - — • Chon C. 


C aclt 2; Ta có lim 


, x + \h-2x dxV > x = -3 


; 3 x 2 + 3x d 


^x + \/3-2xJ 
— (x z + 3x) 

1-A ) r 


x--3 


"1 ^ ^Math 1 


^L<x 2+3J0| k= _3 

-n.2222222222 


A( X + > /3-2x) _ 

Nhap vao may —-----, an fij ® iii CS 3t) &) ® H Ili 

A(x 2 + 3X) , 

d x l ' x = -3 

;jpj f >1 SD OB @ CD1*3 \E Gu i®} iii ®0L 3 J 

2 

An C?!i/ may hien ket qua bang -0,2222222222. 


.asawiiaasawwsw^^ 

STUDY T' P8 

Do x—nen ta CALC 
bieu thńc vói gia tri 
X = l + 10' 5 . 

Mąt khac, khi X— >1 thi 
/(x) khóng có dąng 

nen ta cóng the sir dung 
dugc cóng thuc Lopital a vi 
du nay. 


S , „, , x COSJtX 

i V i du 3: Cho ham so f (x - --r • 

v 7 Tt(l + X) 

! , 
j , ,. cos ~.v 1 

1 hm -7 -r = -— 

| *-» l Tt(l + x) 2 

i costoc 1 

i v... lim —7 -r = —- 

'■+ 1 ■k\1 + x) 2n 


Chon ket qua dung: 


„ .. cosra: 1 

o. hm —7 -r = -—~ 

7t( 1 + xj 2 k 


D. lim 


cos mc 1 


UilL- 7 C — _ 

*- >1 7t(l + Xj 2 


cos tnX) 
5? (i+X) 


iŁ1551M14Z 


Ldi gini 


Dna may ve che' do Rad: tlili tóg SA] 

Nhap vao may C °, S ^l an ffl @ ii) lilii H® 03 CS <2> @ S13 CS CD S 

■rtil + A) 

m Qj ci] 

An m, mśy hói X? Nhąp CD ffl CD f® @ © CS) (X = l + 10' 5 ) . An HO, may 


hien ket qua bang -0,1591541472 - • 




yjx — ^/^ź + ^jx — Cl ,. 

A -r-o /Ł* Ti«Vi rnńri lian lim- —: V01 U U 








Lhan 2 — Chu de 4: Gidi han 


Lol s.is.i 


STUBY TIPS 

Vói nhimg bai toan tinh 
giai han cua męt ham chua 
tham so, ta chon tham so la 
mót so bat ki roi sń dung 
CALC nhrr cac vi du tren. 



' raB “ s=SHQa ^ a ™ BB ^ a ' 

___ 3 Math A 

VT-mTo Wx-io 


2 -100 

3.2237185457 


STUDY TIPS 

Do x—>0 nen ta CALC 
bieu thńc vói gia tri 

x=o+i<r 5 =io - 5 


(cos(X)+sinGO)i> 

_ 2.718254843i 


STUDY TIPS 

Do x=>0 nen ta CALC 
bieu thiic vói gia tri 
X = 0 + 10- 5 =10' 5 va A,B 
la cac gia tri tuy y thóa man 
moi dap an. 


jX£+20Q4) x E h-A Y 

-572,573854 


(ft 2 +2004) x 1 -ń y 

x p ' 
572.5888111 


Chon a = 10 thi 


Nhąp vao may 


mi >- t=' -= nm- , 

■Jx 2 - a 2 x ^ 10 yj x 2 -100 

, x/x-%/!o+Vx-io 


-i an 


LO GD ® Efcj 


Vx 2 -ioo 

lisi Om CD0CD [oj cg) @ (lin m @ EE3 CD GD QD 

An fCALC), may hói X? Nhap CD QD GB Q] OD 0 O CS (X = 10 + lCT 5 ) . An [U, 

may hien ket qua bang 0,2237185452 . 

Voi a =10 thi ta có -= = —== = 0,2236067977 . 

V2 a V20 

Vś du 5: Ket qua L = lim(cosY + sinx) c ° tl bang: 


Dap an A, 


A. L = +oo 


L = 1 




D. L = e 2 


Lói giai 


Dua may ve che dó radian: [Ht] |ąoDg (£) (Rad). 

Nhap vao may (cos(x) + sin(x))E), an CO @ l§j CD CD 00 gj) gj§ CD (JJ ST] 
© Hi d) ® @ ii (T) CD. 

An m, may hói X? Nhap GQ ® @ O ® (X = 10’ 5 ). An Ci], may hien. 
qua bang 2,718254643 = e . 


i ket 


1 , , . , (y 2 +2004) 

\/l-ax- 2004 


X 

, a 2 

A " b~7 B 

a _ 2 
b~ 7 


ap an C. 


‘"“U „ u - i 

-. u so - bang 

7 b b 


C. 


a_7 

fo~2 


D. 

ł? 2 


giai 


... A , , (X 2 + 2004) x ^1 - AX - 2004 

Nhąp vao may 1-, an 0® CD S CD © ffiS OD © [o] 


] Cg> [Al 


&} CD m ID 0 H§ EB ® CD EJ H OIS CD (g> 0 CIJ GF 
CD 

- Phucmg an A: Chon b = 3 -> a = | .3 = |. An @, may hói X? NI .ap Q"j [o ] gj 
O C3D(X = 10“ S ). An m, may hói B? Nhap ®(B = 3). An (U, may hói A? 
Nhap OD ® CD f A = - 

V 7) 

- Phuong an B: Chon b = 3 -> a = - ~ .3 = - ~. An S, may hói X? Nhąp GO 00 

® ^ 1 ( X = ltr> ) • An (D, may hói B? Nhąp (Tj (B = 3). An GID, may hói A? 


• An CD, may hien ket qua bang -572,573054. 


Nhąp 


®ca^A=~ 


. An ©, may hien ket qua bang 572,569801. 
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Nhap vao may 


4. A??n%S24x,i 3 




4-2004) xHT-ń ^: 


( X 2 +2004) X 1 -A g 

7013.754534 


- Phuong an C: Chon & = 3-^a = -.3 = ^.Anfcftęj, may hói X? Nhap Li;:JJ 

i53 \§J (X = 10“ 5 ) . Art j=fl, mśy hói B? Nhap [1] (B = 3) . An !sy, may hói A? 

Nhap [JD Lii B] [2] A = — . An (§D, may hien ket qua bang -7014,245495. 

- Phuong an D: Chon & = 3^-fl = --.3 = -— . Xn ®, may hói X? Nhap QJ El 
(g) ;A)1 fgi (x = 10~ 5 ). An (Hj, may hói B? Nhap (JO (B = 3). An tó}, may hói At 

Nhap FśHlirUGBEIj A = -yj. An ©, may hien ket qua bang 7013,754534. 


Ta thay ket qua -572,573054 gan vói ket qua cua gia thiet dna ra 
nen ta chon dap an A. 


.. :" 3 Giói han ir.pt ben lim f(x) hay lim f(x) 


* Cac gia tri ,v ;l ±10 , hoąc 
x„ ilO 4 se giiip ta xac dinh 
diroc ket qua chinh xac nhat 
khi tmh giói han. Tuy nhien, 
tuyęt doi kfadng duoe sit 
dang cac gia tri qua nhó 
nhifl ;*i;'ilO;”-’' hói' łrong 
rihieu bai toan se dan den 
yięc xac dinh ket qua sai. 


| - Buóc 1: Nhap vao may bieu thńc f(X) . 

| - Buóc 2: An W3,, may hói X? Cho X = x 0 -10‘ 5 (neu x -> x~ ) hoąc X = 
fi (neu x — > x* ). 

| - Bitóc 3; An fg, quan sat ket qua va doi chieu vói 4 phuong an A, B, C, 
I de tim dap an dung. 


l-x 8 i 

Vi du 1; Ket qua lim J —- bang: 

*->r V 3x 2 + x 


x 0 +10 


D da cho 


STITDY TIPS 

Do x-»T nen ta CALC C 
bieu thńc vói gia tri 
X = 1-1CT 5 . 


A. +°o 


Lód gia i 


Lot gtat 


Do % —> 1 + nen ta CALC bieu thńc vói gia tri X = 1 +10 5 


Nhap vao may 


X + 3 
"l—X|'' 


i fsKiFrj jfcys 











3 ban 2 — Chu de 4: Cśoi ha 



0 Math & 

1 i-XI 

400001 


An KUf), may hói X? Nhąp [T] [±j LU [Oj @ EJ GO Lii (X = 1 + 1CT 5 ). 
An [§3, may hien ket qua bang 400001 +oo. 


Dap an A. 


\lx 3 — x 2 

Vi dii 3: Giói han lim . ■ - bang 

\Jx-l+l~x 

A. -1 B. 1 


STUDY TIPS 

Do + -> I' nen ta CALC 
bieu thiłc vói gia tri 

X=1+10A 


1 

2 


Nhąp vao may 


n/X 3 -X 2 




Lód giai 

, an SB' ® m CD © d) <g> Ej Sil! CD © A 


S Math j 


Jx3-x2 

-JX-1 +1-K 

1.003182341 


n/)G : T + 1-X 

iMi! UJ iE3 LU ® (+j Q3 E) lam ii m 

An PU, may hói X? Nhąp [T! ES CD GD © O CU CD (X = 1 +10 -5 ) . 
An [D, may hien ket qua bang 1,003182341 * 1. 


Dap an B. 


STUDY TIPS 

Do x->2~ nen ta CALC 
bieu thiłc vói gia tri 

X = 2-10A 



i 


X-2 *£-4 

-74999.9375 


Lód giai 


Nhąp vao may -±---±- f an fffl LO <S> @ CD S ID <g> 0 ®J Q] ( 
CD © 0 GD 

An rm may hói X? Nhąp (D E) CD (U © O CU CD (x = 2 - 10 5 ) . 

An (Ml may hien ket qua bang -74999,9375 -> -oo. 


tp an 


STUDY TIPS 

Do x —> (-3j + nen ta CALC 
bieu thiłc vói gia tri 
X = -3 + 10 A 


i V { - r , x 2 +13x + 30 

U 3 )^(t + 3) 

A- ~ B. -2 

V15 

(+ + 5) 

c, 0 D. 2 


Nhąp vao may 


X 2 +13X + 30 


Lód giai 


■, an @ |pj CD © ffl [i] [3] (M§ QJ (+j [”] [o] 


fr+iJK+SO 
7(X+3 )Cx2+5^ 
5.916100912xm 3 


a/(X + 3)(x 2 +5) 

<S>@(D ®3 m GE ©dlii) SIU CD © GB CiJ 0 

An pLCj, may hói X? Nhąp O [A] f+j [jj g] © |A7| [f] Qj(x = -3 + 10- s ). 

An [=J, may hien ket qua bang 5,916100912 x 10 3 -» 0. 

Dap an C« 
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Giói han den vo ciing lim f(x) hay lim f(x) 

X—5~co ' ' X->-KO N 7 




*■ Cac gia tri ±10 f , hoac 
±10'’ se gliip ta xac djnh 
duac ket qua chinh xac nhat 
khi tinh giói han. Tuy nhien, 
tuyęt 46i khftng duqc su 
dyng cac gia tri qua nhó 
nhu - 1 . 0 ” , hay qua lón nhu 
10 " boi trong nhieu bai 
toan se dan den vięc xac 
dinh ket qua sai. 


■ - Bwóc 1: Nhąp vao may bieu thuc f(Xj. 

| _ Buóc 2: An pis ;, may hói X? Cho X = -10 5 (neu x —> —) hoac X = 10 (n 
| x —»+«>). 

| _ Buóc 3: An 3 , quan sat ket qua va doi chieu vói 4 phucmg an A, B, C, D da c 
| de tim dap an dung. __ 

i „ , ! 3.U + AX 5 ~+ 3 -rs-rs. ■ ,, . . 

! Vi d« 1: Tinh eioi han hm J —r- - -• Ket qua dung la; 

j ' 9 x b +5x +1 


STUDY TfPS 

Do x --> +a> nen ta CALC 
bieu thuc vói gia tri 
X = 10 5 . 

. E M&thA 

f8X 4 +4X 5 -{-3~ 
i 9X5+5X4- +i 

0.66666 Ml 48 


Nhap vao may , an ® [ffi 00 §§ Qj §3 Gi) <B 33 ® SU! i 

7 y 9X 5 + 5X 4 +1 

'i 5 ! [11 f£) f-E fs] <9> m Hi CD 03 GO (§> 33 Cl] (iii CD (§3 ® SD LC 

An $Ę>i, may hói X? Nhąp \JJ (.?0 SU Oli (X = 10 5 ). 

^ „ 2 

An may hien ket qua bang 0,6666673148 * —. 


, «. \(3x 2 +10 +x 1 \ 

Vi mi 2: Ket qua cna giai han Inn - - la: 


Vś+i 


x/3-l 


STUDY TIPS 

Do x —*■ -oo nen ta CALC 
bieu thuc vói gia trj 
X = -10 5 . 


t-10 + X 
2-4X 

n.iaminsf 


Liót yr: _ 


Nhąp vao may 


! +10+X 




INliąg vuv ^ ^ - - — ■ ■ ■ 

(yy) [2 j [-“i [U fALPMAj Qj. 

An (fflffi), may hói X? Nhąp !<a} UJ LfiJ LL LI (X = 

•n/S ~ 1 

An {=}, may hien ket qua bang 0,1830117869 * —-— • 


3x-5sin2x + cos 2 x j, 

I V; du 3: Giói han lim ————r— - bang 

*->+" x + 2 


B. +°° 


Do x —> +°o nen ta CALC 
bieu thuc vói gia tri 




3X-5sin (2X1 + (CC f | 

^!„nnnoi3559x»i 5 


Łoi gna* 


Dura may ve che do Rad: fcKFrJ HSli LSJ 

3X-5sin(2X) + (cos(X))‘ 

Nhąp vao may -ry— - : 

X +2 

rgL fs] [t[pity Qj p=) fs] iii,!] IU jMj|i Qj ijj [”H LU te ifi® Lu Qj Oj i£3 '.S ! l 
i-® 3 ffl Sj 

An gic], may hói X? Nhąp Qj jljj Lii (x = 10 5 ). 

An may hien ket qua bang 3,000013559 x 10" 5 * 0 . 













f han 2 — CMi de 4; Ciói han 


■IZyć r - 


■7K+12 


tlXl-17 

Ł6652102803 


STUDY TIPS 

Do x->-°o nen ta CALC 
bieu thu-c vói gia tri 
X = -10 5 . 


a 

-8X2-4X+5 

Math A 

2X2 +ft+i 

-4 


_, _ \ 4x 2 — 7x + 12 \ 

Vi du 4: Giai han lim- r—. - bang 

3|x|-17 6 

A. -— B. ~ 

17 ' 3 


4 

3 


Lói giai 


saaKgg s*ama-&ąg8sg3 P 

STUDY TIPS 

Do z—>-<» nen ta CALC 
bieu thiic vói gia tri 
X = -10 5 . 

Sais;S?SSjiśvS3^SgS£3EaiSS23S2igg?!^Ss?S!5S3^l 


^^■^2 _+12. 

Nhap vao may -^^ ffl ® ® S 03 (13 S ® ®U Dl ffl (U 

Cl]®@]@BBa®0[i]0. 

An UJ, may hói X? Nhap O CD CS © GD (X = -10 5 ) . An f1], may hien ket qua 


bang 0,6667102803 


Dap an D 


cix 2 — 4x + 5 

V i du 5: Gia su lim ——--— = —4 . Gia tri cua a bang 

2x + x +1 ' 6 


A. —6 
C. -8 


B. -4 

D. Khóng ton tai 


Vói a = - 8 thi lim 


ax -4x + 5 


= lim 


IM giai 

-8x 2 - 4x + 5 


2x + x + 1 2x 2 + x +1 


Nhap vao may 


-8X 2 -4X + 5 


an 


fmf 


•) e fej m m m b o m m gb od ® 


2X 2 +X + 1 

ira^smmEim 

An Hę), may hói X? Nhap O CO GD 0 CS (X = -10 5 ). An (=), may hien ket qua 
bang —4. 

an C. 


a 

Math A 

m i 1+4K--m i 1+6X 


x^ 

X=10 11 _ 

0 


a 

Marh A 

m'1+4X--!Vi+ĆX 


X = 1CT 5 

2 


ififi lilii: 

Wasi M flnfdng gap khi tisn gitii lian bing mśy tiuli sam tay 

Khi tinh giói han lim- - + 4x ~^ 1 , ta nhap vao man hinh —- + - 4X ~^ 1 + . 6X 

ES! GD E3 GB © H CD <B GB [fj m CD © ®§ CD 0 

An (SE], may hói X? Neu chon X = 10~ n , may se cho ket qua bang 0 va day la 
mot ket qua sai. 

Tuy nhien, neu |Sę| vói X = 10 5 thi may cho ket qua bang 2. Day mói la gia tri 
chinh xac cua giai han tren. 

Vi vąy, khi tim giói han bang may tinh cam tay, de ket qua xac dinh duoc chinh 
xac han, ta thuóng su dung CALC vói cac gia tri x = x 0 ± 10 5 (hay x = x 0 ± 10 -6 ) 

(neu la giói han tąi diem x„, hay giói han mot ben tai diem x 0 ), 
x = +10 5 (hay x = ±10 6 j (neu la giói hąn den vó cung). 
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j;3 ren s,m 


Giói han day só lim 


n 5 + n 4 - 3m - 2 
4n 3 + 6 m 2 + 9 


'2n 4 + 3n - 2 
2 h 2 — n + 3 

, ^ 

2 

1 


\[3n + 2 -\lln + l 

C. 2 D. 3 


bang: 


O 3 a 2: Giói han day so lim- 
1 

Ą —oo TJ. — 

2 

Caii 3: Giói han day so lim 

A. 0 B. 1 

C aa A Giói han day só lim +n + 2- •Jn +1 j bang: 

. —oo B. —2 C. 0 D. +oo 

Cóu 5: Ket qua cua lim(n->/n 3 +3n 2 + 5^ bang 
A 0 B. -1 

3» _ 2 .^ 

Ciin 6 ; Giói han day só' lim——-4p bing 


A. — 1 °o 


+00 

3" -2.5“ 
7 + 3.5” 
2 
3 


. . .. 6.5”-‘+4"+5 r 

C&tk 7: Ket qua cua lim 2 -— la 


‘ 9.4 "- 2 -4.5 ” +2 
3 3 

" 250 2 

'1 


D. +°o 


+00 


Gau 8 : Giói han day só lim d n 2 - 3 sin 2« + 5 bang 


A. —■oo B, — 3 

9; Giói han day só lim 

A. -1 B. 1 


C. 5 D. +a> 

n 2 -n 2 sin n 


1-2 n 2 

- 1 

■ - 2 


•Jn 


bang 


„ 1 

>J " 2 


Cm m Cho u n = , khi dó lim u n bang 

yn +1 v n J 

A 2 3, 2n €. 2e D. +°° 

Cau 11: Chon męnh de dung trong cac męnh de duói 
day 

a itafi-Ąl-A 

1,3 i : 12 


lim 


lim 


7 ] . 1 

— + sin — 

. 3 n 


+ 3” 


= 0 


Ca ba ket qua tren deu sai 

12 Chon męnh de dung trong cac męnh de duói 


day 


A. lim ■ n 


2n 


— -f-oo 


: bing: 

TT 

cos — 

O. +°° 

B lim— 
n 

bang: 

TC 

cos— 

‘0* 4-oo 

C lim , n 
+2 

- *— 1 1 -i 


Cau 13: Cho day só ( u n ) vói 

u n = Jn 2 + cm + 5 - - Jn 2 +1 trong dó a la męt hang só. 
De li m u n = -1 thi gia tri cua a bang 

A 3 B. 2 C. -3 D. -2 

Can 14: Cho day u „} voi u =-=-• 

\ UJ „2 +1 

Męnh de nao sau day ia męnh de dung? 

A. lim u n =0 

1 

B. limu, = — 

" 2 

C lim u n = 1 

D. lim « n khóng ton tai 

Can G- Cho day so («„) vói u u = Jl + {J2 j +...+(^j . 
Chęn męnh de dung trong cac męnh de sau: 

\l2 

■■ lim u = —— i= B lim u. = -oo 


’ 1_ i --/i 

C. limi( n =+oo D lim u n khóng ton tai 

1 + 2 + 3 + ... + n ci 


G Biet lim 


= - vói a.,b la phan 
2« 2 + n -1 b 


só tói gian. Tóng a + b bing 

A. 3 B. 4 C 5 

r 

Cau V• Tinh giói han lim 


D, 6 
1 


1 1 

-1-h ... H-7-r 

1.4 2.5 w(tt + 3) 


1 


11 

B 2 

1 

h- A 

18 

1 

1 

18: Cho 

U =-h 

— + ... 

" 1.2 

2.3 


i(n +l) 


lim u,, bang 


4 

A — 

5 


B. 1 


3 

‘ 2 

. Khi dó 


_ 111 
: Cho u_ =-H- 1 -+ ... + - 


U. —-1-1-r ... -r t tg TY • 

” 3.5 5.7 7.9 (2n-l)(2n + l) 

Khi dó ket qua cua lim u n bing 

3 „1 , I r< _ 6 _ 

4 6 8 35 


n\/*- pook . 




rhan 2 — CJhu de 4:: Gidi han 


-r/v (-'Z/S 1_ J~ " 1- l 3 +2 3 + ... + M 3 - i 

-au ^0; Giai han day so lim---— bang 


n(n 3 + l) 


A 


B. 4 c. - 

4 ' 2 

Cau 21: Giói han day so 

f 1 3 5 2»-lVi 

V« n n n 2 J 

A« +oo B. 0 C 1 

Cau 22: Tinh giói han cua day só 

_(w + l)Vl 3 + 2 3 + ... + K 3 


D — 
34 


D. 2 


3ir + n + 2 

+GO B. —00 


„ 1 
9 

Cau 23: Tinh giói han cua day só 
2 3 -1 3 3 -1 n 3 -1 


D. 1 


U = 


" 2 3 +l'3 3 +l-« 3 +l 

A. +°o B. —oo 


D. 1 


Cau 24: Tinh lim 


1 -Alfl 1 


... 1 - 


A. 1 


B. - C. - 

2 4 

Cau 25: Tinh giói han cua day só 
lim {4n 2 +n +1 - 2%/m 3 + m 2 -1 + «j 


A. +oo B. -oo 


C. 

O 


D. 1 


Dang 2: Gidi hąn hairrs so^den mót so 

x 4 -27x 


Cau 26: Giói han lim 

2x 2 - 3x - 9 


L 7 


B. 5 


bang 

C. 3 D. 9 


r~l - 

Cau 27: Giói hąn lim — — 0 + * —- bang 


.A. 4 


x ~> 0 x* +x 

i. 3 C. 1 


D. 0 


Cau 28: Giói hąn l im lc£ os * cos2 * cos3 * bang 


A. +oo 


x->0 

B. -oo 


x 

C. 3 


Cau 29: Tinh giói hąn lim 


A. +oo 


i 0.7 

sj(2x + l)(3x + l)(4x +1) ■ 


C * 
‘ 2 


D. 1 


Vl + 4x -yjl + 6x , i 

Cau 50: Gioi hąn lim—- - --— bang 


A. +00 


x -»0 

B. —OO 


c 


1 


^ r^:A, u i* tanx—sin x . 

Cau 31: Giai hąn lim--- bang 

x-*0 x 3 ° 


1 

A _ 


B.® 
2 4 
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D. 2 


D. O 


The hi 


si or rtothiii: 


Cau 32: Giói hąn lim — ■■ H ~ A -—— + — bang 


A o +°o 

4 

G. — 

9 


jr-*° 1 - COS 3x 

B. —oo 


D. O 

: -(fl + l)xH 


x-*a 

2 2 
x -a 

A. a-l 

Bo a 

C. a + 1 

D .^1 


2 a 

fx + fl'| 3 -a 3 

u 34: Giói han lim — 

x-+0 

bang 

X 

A. 3 a 2 

B. 2 a 1 

C a 2 

D. 0 


bang 


Cau 35: Gia tri ssl thóa man 


.. 42x-a + 4x-2 7 , Ł 

lim—-—-= — bang 

x — 1 10 6 


A. a = 2 
C. a ——2 


B. a = l 
D. a = -1 


Dang 3: Gidi hąn mot bers 

2x + 2x \ 

Cau 36: Giói han lim-= bang 

I_>0 * 5x-Vx 

B. - 

5 

D. -1 

Cau 37: Giói han lim [ A-3— ) bang 

~Hx 3 -l x-lj 8 


A. +oo 
C. —00 


A. -oo 

C f 


B. -- 
3 

D. +oo 


l-x 3 

Cau 38: Giói han lim,/——— bane 
’ V 3x + x 6 


A. +oo 

B. -p= 

C. 0 

D. 1 


- 4x + 3| 


Cau 39: Giói han lim 

r-> 2 " x - 2 


bang 


A. 3 

C. -1 


Cau 40: Cho ham só /(x) = 
dó lim/(x) bang 

x-+l ' ' 

A. +oo 

C. O 


B. -oo 

D. -2 
x 2 +l 


khi x < 1 
1 — x . Khi 

42x~2 khi x > 1 


B. -1 

D. 1 













: Giói han lim ■ 


fx s - 2 x 5 , o 


2 x 3 +1 


bang 


+oo 


i '1: Giói han lim x(n/x 2 + 5 — x] bang 

X->+CO \ / 


jfg: Giói han lim ^x 2 +100 + xj bang 

1 . 100 B. 

+oo y. 0 

\x\ + >/:?"+ x & 

; 47; Giói han lim j — --— bang 

' 2x + 3 


c. S 


Chi&r Giói han lim——(sin5x-2x 2 ) bang 
.. ' *-~»x 2 +l v ’ 


A -1 


G v: 44 : Giói han lim 


B -2 C. 1 D. 2 

3sinx + 2cosx 


11111 - - i— 

• M+ “ vx + 1 + n/x 
Ą +00 B, +°° 


bang 


5 

C. - 

2 


D. 0 


Jx 2 +x + 2x , i 

Ca« 45 Giói han lim- ,, ~ - bang 


2x + 3 


A. 2 

3 

'. 2 


5 i 
2 

O. 1 


Uhl 48: Giói han lim ^ 3x ^_ + x+ l bang 


A. + 00 

c ~ £ 


^4x 4 +2 

B, —oo 

D, 0 


X YH j. 

Cfl tt 49: Giói han lim f ^ ■- bang 


£ 


x 2 +l 


A. 1 
C. m 


B„ -1 
D. -ni 


r 4 u 50: Cho lim f Vx 2 +flx +5 + x j = 5 . Gia tri cua a la 

X->-oo\ / 


A t 6 

C -10 


B. 10 
D. -6 


JYEBOOKA 



Dąng 1: Hub gid? han day so 

Cau 1: Dap an D. 

X 5 +X 4 -3X-2 


Nhap vao may 


An iaLc], may hói X? 


4X 3 + 6X 2 + 9 

An [U 0] gs) [£| ( X = 10 9 ). An (=], may hien ket qua 
bang 2,499999999 xl0 17 -++oo. 

« 5 + ra 4 - 3n-2 

Vąy lim-----= + 00 . 

4 n + 6n + 9 


x5+x4 — 3X-2 
4X3+ĆX'2 +9 
2.499999999,^17 


_au 2: £>ap an 


Nn * . , 72X 4 +3X-2 ~ 

Nhap vao may - - . An @Ęc), may hói X? 

Z X — A + 3 

An (T) fal @ ® (X = 10 9 ) . An [51 , may hien ket qua 

0,7071067815 « —. Vay lim Z 2 ”' + 3 » ~ 2 . = ^2 
2 ' 2n 2 - m + 3 2 


^2X4+3X-2 
2X2-X+3 


0 Math , 


i L 7071067815 


Cau 3: Dap an A 

Nhap vao may 


lix ł 2-Ax + r X " feBi ' m4yh6i 

X? An [T] [ 0 ] g) GO (x =10 9 ). An fcj, may hięn ket 

qua 9, 949361523 x 10~ 5 «0 . 

V|y lim- j - 1 =Q, 

V3m + 2 -V2n + 1 


-V3X1+2 -J2X+1 

9.949361523xm 5 


si uiysn Ky nann 


Vay lim - żfn 3 +3n 2 + 5j = -1 . 


X- 3 jX 3 +3X 2 +5 


-1 


Cau 6: Dap an B„ 


Nhap vao may 


3 X - 2 x 5 X 


_ -—zy ■ An faiel , may hói X? An 

7 + 3x5 

CD GD (OJ (X = 100). An (Sś), may hien ket qua 
Vay lim 3 " -2 ' 5 ” 


2 

3 


7 + 3.5" 


2 

3 


3*-2X5* 

Ma.tfi A 

7+3x5* 

2 

3 


Cau 7: Dap an B. 

, , 6x5 x_1 +4 x +5 

Nhap vao may —--- 

3 9x4 x - 2 ~4x5 x+2 ' 

An jęijgj, may hói X? An (T) ( 0 ) GD (X = 100) . An (5), 
may hien ket qua -0,012 = - 


250 


Vąy lim^l +4 "+ 5 ; 
9.4"~ 2 - 4.5” +2 


3 

^250' 


Math 


6x5^"1 +4'^+L 
9x4^-2_4 X 5X+2 

_-IL 012 


ś u 


Cau 8: Dap an D. 

Dtra may ve che do Rad: 

Nhap vao may ^X 2 -3sin(2X) + 5. An (Mej, may hói 

X? An Q j (gj@ LZJ (X = 10 7 ). An Ej, may hien ket 
qua bang 5 x 10 13 -+ + 00 . 


Cau 4: Dap an D. 

Vay lim( — n 2 

- 3 sin 2n + 5 = +oo . 

Nhap vao may 7x 2 + X + 2 - -Jx + 1 . An [Sgj, may hói 

l 2 

J 

X? An [T) Q0 @ [1.1 (X = 10 9 ). An [5j, may hien ket 


0 Math A 

|-X 2 -3sin(2X)+5 

qua 999968377,7 -+ +oo. 


Fi^-sn ^ ® 

Vay limj^M 2 +n + 2 -V« + l) = +°°. 

Cau 9: E*ap an D. 


Jx £ +X+ 2 -JjfJT 
999968377.7 


Cau 5: Dap an B. 

Nhap vao may X - n/x 3 + 3X 2 + 5 . An jgęj, may hói 
A? An [T] O © {S (X = 10 9 ). An (=), may hien ket 
qua bang -1. 


M , s - , X 2 -X 2sin(x 2 ) 

Nhap vao may - h- -j =— . An jcALĆ), may hói 

^ An Qj [o] ysj [4j (X = 10 4 ). An (sj, may hien ket 
qua —0,4813172204 « —— . 


Vay liml- ” 2- " + 2sinw: 


1 - 2 w 2 


4n 
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"1 Math &' 

X?_K , 2sin(X 2 ). 

C©© ,-x 

-fi. 43 1.317220 


2>/x (X + l^ V IJSF, may hói X? 
Nhąp vao may ) ' Y 

An ni [0] Sfl [fi (X = 10 9 ). An gg, may hien ket qua 

2 -Jn (n +1 '| = 2e 


b&ng 5,43639174 * 2e. Vąy 


—-- ~ I Ms.ih A 

2.JK f X+n x 
Jx m '• X ) 

5,43639174 


O.U l'b ©ap an B. 

- Phuang dn A: Nhąp vao may — — Tx ' , r -'' ma ^ 


hói X? An [;D 51 BO (X = 100). An ©, may hien ket 
qua 1,940325217x 10' 48 • 0 ->= 0 . A sai. 


j_L. 

3^« 4 U 

\ 1.940325217x 15^ 


_ Phuang an B: Dua may ve che do Rad: ®I] feog & 
Nhąp vao may j + sin [Uj • An [CAlJ, may hoi X? 

An iT) fSj [oj (X = 100). An gD, may hien ket qua 
6,275936337 x 10 36 -> +°° . 


Vąy lim 

[II 

. l] 

+ sm — 
n 

| = +oo . B dung. 



- -—-0 Ma.th & 

(i)hsin(i) 

6 97R<J36337x» 3ć 


- + 3 X . An ! atg . 


- Phuang an C: Nhąp vao may ^ 
may hói X? An ® fJD © (X = 100) • An ©, may hien 
ket qua 5,153775207 x 10 47 -> +*> • 

Vąy lim 


+ 3” 

— +00 . C sai. 

i. 7.- 

5. 

Aa* 

1R377Fi207xm 47 


- Phuang an D: Sai vi B dung. 

- Phuang an A: Dua may ve che do Rad: (*2 fes i*J ■ 
Nhąp vao may X 


• : y ( 5 ®j rf) (x = 10 9 ) . An ©, may i 


hien ket qua 


2n 


bang 10 18 —>+°o . Vąy lim n 2 cos© = +°o . A dung. 


Xrcos(if) 




— Phuang dn B', Dna rn&y ve che do Rad. (śifcFTj A 
( k ^ 

, COS lxJ 

Nhąp vao may —:- 


i _ An m* mk y 


pp j^aj r§j ( X = 10 9 ). An p§j, may hien ket qua 


cos- 


bang 10 18 ~ 0. Vąy lim = 0 . B sai. 


cos 

m 

X S -- E . 

0 Ms.tti & 

X 2 



_ Phuang an C: Dua may ve che dó Rad: gg }im Lii- 
cosfA 

Nhjp viio may ©_li. An fesU may hói X? An 
rn jjg 5 [fj (x = 10 9 ). An [=], may hien ket qua 

71 

cos - 

bang 10~ ,s « 0 . Vąy lim -©r = 0 . C sai. 


cos 

(C 

0 Matł. a 

X 2 +£ 

1 X1D ^ 


- Phuang dn D: Sai vi A dung. 

Cau 3: D£p a:n D. ______ 

- Phuang dn A : a = 3->u n =-Jn 2 + 3n + 5-shł+l ■ 

Nhąp vao may \/x 2 + 3X + 5 - %/x +1 . An lCĄLC]y may 
hói X? An (Tl OD m m (X = 10 9 ). An may hien 


ket qua bang - . 

Vąy limfx/nAt3n + 5 -x/mAi j = - . Loąi A. 


./^3X^5-ixM 


- Phuang dn B: a — 2—>u n — yfn + 2n + 5 yfn+1 ■ 

Nhąp vao may %/x 2 + 2X + 5— >/x +1 ■ An jC©/ may 
hói X? An Rj ffl m ® (X = 10 9 )- An may hien 

ket qua bang 1. 


(~ \ An PS1, may hói X? An 

Vąy lim ( 

UJ' ^ 



















Phan 2 • 


de 4: Gió'i han 


Jx 2 +2X+5-Jx 2 


X+1 

X 

- Phuong dn C: a = -3->u n =4n 2 -3n + 5-^FT\. 

Nhap vao may ^-3X4 5 - V5FTT . An may 

hóiX?AnH](l] @ @](x = 10 9 ). An Ej, may hien 

ket qua . 

2 

Vay lim(^ 2 -3« + 5-V7T7) = -3 LoaiC 

' / 2 


S_MwS A 


'l l X^-3X+5-4 l X 2 + l 


- Ptenng dn D: a = -2 ->«„ = Vn 2 -2« + 5-V^7. 

Nhap vao may Vx 2 -2X + 5-VxXT . An may 
hói X? An [I] ® © ® (X = 10 5 ). An ©, may hien 
ket qua -1. 

Vay lim^ 2 -2n + 5-X 2 +lj = -i. 


ip - “i Mart/ 

'i‘X 2 -2X+5 -Jx 2 +1 


XJ 


Cau 14: Dńp an B. 

Do n -> +oo nen chon « = 1000. 

1000 

Khi dó u - l +2 + 3 + - + 1 000 


1000 2 +1 1000 2 +1 

1000 

Z(x) 

Nhap vao may . An (5), may hien ket qua 


1000 2 +1 
1 
2 


0,5004994995 * - . Nhu vay l im „ _ = I. 


A UUU * ^ MMh A 

Z 

X=0 1 

.... ia Math A 

X=0 

10002+1 

_P.5004994qqR 

10002+1 ' 


Neu chon n qua lón (chang han n = 10 5 ,...) thi thói 
| gian de may tfnh hien thi ket qua kha Mu. Vąy nen, , 
neu bai toan chiia tong (hay tich) n so hang, ta nen I 
|j:hpn n = 1000 M hpp ly nhat. 

Cau 15: Oap an C. 

Do n > +co nen chęn n = 100. 

Khi dó «„ = n/2 + (TI] 2 +... + (V2| 100 = Ę(.72 

ioo/, X x 

Nhap vao may Z[(v2j J . An @, may hien ket qua 
3,844062732 x 10 15 —» +<». Suy ra lim u n = +oo . 


. _ _ 13 Mith 

f(CV2) x ) 

s i is i . 0 Math A 

f(CV2) x ) 


3. S4406273.9vmi5 


Cau 16: Bap an C. 

Do n -+ +co nen chon n = 1000. 

Khi dó n^ l +2 + 3 + - + « _ 1; ^ i ljX± 3 ±- + ' lnnn 


2 n 1 +n-1 


1000 

Z- 

*=i 


2 . 1000 2 + 1000-1 


2 . 1000 2 + 1000-1 ' 


Nhap vao may 


1UUU 

IM 

2xl000 2 +1000-1'^ n may hien 


ket qua 


~ 500 1 
1999 ~ 4 ' 


Vąy limi± 2 ± 3 ±X2! = I _£./« = ! . — 

2n 2 +n-l 4~b^)b = 4~* a + b = 5 - 


A UUUA 13 A 

Z (X) 

:<=l 

j. = ^ 0 Math A 

2x10002+1000-1 

500 

- . 1999 

2x l oni-i2 +1 nnn -1 


Cau 17: Bap an A. 

Do n -+ +oo nen chon n = 1000. 
Khi dó 

1 1 lii 

—i- — + ... + —i__ = _L , 

1.4 2.5 w(w + 3) 1.4 2.5 

1000 -I 

= y_L__ 

7Ś x(x + 3) ' 

1000 f 

Nhap vao may ^ 1 

X=1 

qua 0,6101131065s 


+ ...+ 


1000.1003 


X(X + 3) 

n 
18 ' 


• An Ggj, may hien ket 


lOOCl. j 

lxCX+3)J 


1 uuu, j ® . “ h A 

l.X(X+3) J 

LZ_0X101131065 


Cau 18: Bap an B. 

Do n —> +oo nen chon n = 1000. 

Khi dó u =+!— + _2_ + ą _ 1 _ y?_1 

1.2 2.3 1000.1001 tix(x- 


1000 

Nhap vao may 

X=1 

, 1000 


X(x + l) 


(x + l) 

• An GD, may hien ket 


qua 


1001 


1. Vąy lim u n - 1. 


lOOO, 

■d 

x- 


uuo, . 

c ?i f X(X+1 j j 


lx(X+l) J 


Math A 

1000 

1001 


Cau 19: Bap an B. 

Do n -» +oo nen chon n = 1000. 
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Khidó«„=i + ^ + ~ + - 

1000 1 


“2 (2x-l)(2x + l) 
1000 

Nhąp vao may Z 

x=2 


1999.2001 


(2X-l)(2X + l) 


. An [§D, may 


1 1 

hien ket qua —- ~ — • Vąy lim u n = — 
^ 667 6 o 


—- 0 Mj.«i & 

—- 0 Matti Ł 

1000 , , 

L (l) ( 2 K+ a 

1 żkkC-T 17 ' 

111 

K=2 

667 


Ca-.;:?.th Dap an A. 

Do w —> +00 nen chon n = 1000 . 

l 3 + 2 3 +... + n 3 l 3 +2 3 + ... + 1000 3 

1<hidó ~~Z(77l) lóóo^ióóó 3 ^ 

1000 

I- 3 

__ _x=l__ _ 

~~ 1000(l000 3 +l) 


Nhąp vao may 


1000 

Z 1 

X=1 


X 3 ) 


1000 x(l 000 3 + 1 ) 


. An ®, may hien 


ket qua 0,2505002497 « — ■ 


Vąy lim 


l 3 +2 3 + ... + n 3 


n(n 3 + 1) 4 

— 0 Matfc 


1 OOOx ( 1 OOP 3 -h LL 


X=1 


iooox(iooo 3 +iJ 
0-9505002497 


Cau 21: Bap an C. 

Do n -> +°° nen chęn n = 1000. 

Khidó 

1 3 5 2w-l 1 + 3 + 5 + —+ (2n-l) 

C? + Z + Z + "' + « 2 « 2 


1000 


1000 


2(2*-!) ^ Zl 2 *' 1 ) 

Nhap vao may 


1000 2 
Men ket qua 1. 


1 3 5 

Suyra lim — + — + — + 

J \nnn n 


1000 2 

2n-l 


an iS, may 


= 1 . 


---" "1 Matu 

i * 

S 

x~t 

-- _ 0 Math A 

2 C2X—1 ) 

iooo^a 

iooo ^ i 


t'aw Ci 


Do n _> +00 nen chon n = 1000. 


1001 .\/l 3 +2 3 + ... + 1000 3 _ 


1001, Z 


3.1000 3 +1000 + 2 3.1000 3 +1000 + 2 


1000 / X 

iooi*,jz(x 3 ) 

Nhap vao may 


. An !s, may hien 


1 1 
ket qua 0,1670001109 ~ - . Vay limw„ = - 


1001X 

■> 

0 Math A 

i — » 

A*'i 0003 + 1000-5-2 1 


0 Math A 


J. x=l 

3Xi000 3 +1000+2 , 

n. 1 6700011091 


Ca u 23: Dap a.s ? - C. 

Do n -» +oo nen chon n —100 . 

2 3 — 1 3 3 — 1 1000 3 -l_r ? x3 " 1 


Khi dó u - 


Nhap vao may 


2 3 +1 3 3 +1 'lOOO 3 +1 iłx 3 +l 
looo 1 x 3 — 1 


X 3 +l 


0,6666673327 * -. Vay limu,, = 


. An [§), may hien ket qua 
2 


lOOO 

n 

X=£ 

L 

, x 3 +i . 

to.th A 

1UUU 

n 

Xs2 

B Math A 

fx 3 -il 

^ X 3 + lJ 

fl.fifififi673327 


C.au 24: t)ap an 3. 

Do n -*■ +oo nen chon n = 100 . 

Khidó fi- 2 -Y 1 - 21 .,/i-Z 


= 1 !_ J_¥ 1 _ 1 -Crl = ftfl- 1 

1 2 2 3 2 J l 1000 


' 2 '-iiO"? 


Nhap vao may Jj 1 


Y 2 


Z j . An (=1, may hięn ket qua 


1 f ll li fi ^ 1 

0,5005«-.V|y lim l-^j|l-^l-p - n 2 


JA 1 -*) 1 


i yuu 
X 


~0 : Math , 


JUUy -i 


0„5005 


C«m 25: Dap itt C. 

Nhąp vao may \/x 2 +X + 1 - 2 -\/x 3 + X -1 + X . An 
jĆAici. may hói X? An CD CS SIS © (X = 10 5 ). An t~j, 

1 

may hien ket qua -0,166660695 « - — • 


~"0 Math Ł 


-li. 1 £.6660695 


Vąy łim( \ln 2 + n +1 — 2^Jn +n 1 +nj- 


pang 2: Giói hąn hanrs so Mn męt so 

Ca fi Dao a i i L/, 

X 4 — 27X ^ 

Cach 1: Nhąp vao may _ 3 x ^ 9 ' An ^ may h01 

X? An fSj 0+1 i ll 1 0 ] Kj LU ^X = 3 + 10 ^ . An 









AAAAŁ - - 

*-> 3 2x 2 —3x — 9 


= 9. 


Vay lim 1 ~ cos;g «>s23:cos33c _ 

J x~>0 ^2 


. 0 Mtth A 

X 4 - 27 X 

0 Math A 

X 4 - 27 ,X 

2 X 2 — 3 X —9 674967 
- 74996 

2 K 2 - 3 X -9 

_ 9 .oooo 4 nnnp 


Cach 2 : Ta có lim 


x 4 - 27x 
*“ 3 ' 2x 2 -3x-9 


- d -i 

dx 

(x 4 -27x) 

x = 3 

dx 

^ 2 x 2 -3x-9 

^x = 3 


Nhąp vao may 


hien ket qua 9. Vąy lim 


d H 

dx 

[X 4 -27X) 

x = 3 

—i 
dx 

^2X 2 -3X-9 



An ij, may 


x 4 - 27 x 
" ; T 2x 2 - 3x - 9 


= 9. 


^(2^2-SK-9))^ 


Cau 27: E)ap ara D, 

Ochl: Nhąp vao may . An may hói 

x? An CD fS © O CD (x = 10 - 5 ) . An (=j, may hien 

ket qua b2ng 0. Vay lim +1 ~ 1 _ 0 
x- + x 


■J^ + l-1 


~3 Math A I 


_ 0 J 


Cach 2 : Ta có lim 




I-.0 X 2 + X 


Nhąp vao may 


dx 




'X 3 + l-l 




1 

rH 

+ 

1 ) 

/ x = 0 

Ł( x ‘* x ) 

x = 0 

(4 = 0 , 

©, may 

. An 


x = 0 


hien ket qua bang 0 . Vąy lim „ + 1 1 = Q _ 


x ~>° X + X 


0 Math A 

I .■*- — C. ł 


tt?' : * 2+ * ) lx=o 


0 


Cau 28: Oap an D. 

Dna may ve che dó Rad: j|Sj gg pij _ 

KItl3 „ t , , l-cos(x)cos(2X)cos(3X) „ 

Nhąp vao may -X- > V ) -. An 

X 

may hói X? An (33 0002)001] (X = 1(T 5 ) . An (§0, 

may hien ket qua bang 7 . 
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. 0 Math A 

jl-c-osdo cos 1 : 2 x 3 . 

V? p ' 


Cau 29: Dap an C, 


> /(2X + l)(3X + l)(4X + l)-l 
X 


Cach 1 : Nhąp vao may 

An Hę], may hói X? An (Tj (Tj © 0 jjj (x = 10 ~ 5 j . 
An OD, may hien ket qua bang 4,500028748 ^ 4 , 5 . 
Vąy lim V( 2 * +^ + l)( 4 x + 1 ) -1 = 9 

ar-»0 £ 2 ‘ 


0 ~ ~ M;.th Ą ~~ 

i '- 2 :---;+i i i 3x 4-1 1 ( 4 V 
X -h 

4.5000PR74R 


Cach 2 : Ta có lim 4( 2x + 1 K 3x+ 1 )( 4x+ 1 )- 1 


d 

dx 


(7(2x + 1)(3x + 1)(4 x + 1 ) - 


x = 0 


x = 0 


Nhąp 


Ś<*> i 

A(j(2X + l)(3X + l)(4X + l)-l) 


x = 0 


5«, 


x = 0 


An O / may hięn ket qua bang 4,5 . 


dx 


-(kil 


4.5 


Cau 30: Bap an B. 

Mhar. irin \/l + 4X — j/l + 6 X f' --- 

iMnąp vao may -—-. An fCALC), may hói 

x? An (U (oj @5 0 G0(x = 10“ 5 ) . An ©, may hien 

ket qua bang 0 . Vąy lim — -- X ~ ^ + 6x . = 2 . 


_~ 0 MatftTA 

jl+4X ~^l+6X 
R 2 


Cau 31: Dap ars A. 

Dna may ve che dó Rad: (SPij sfrag [ 4 ]. 

N , tan(x)-sin(x) ,, 

Nhąp vao may ---—-. An @, may hói X? 

An E] (TJ © 0 ® (X = 10 - 5 ) . An [U, may hien ket 

qua bang 0,50001 w - . Vay lim tany ~ sin * = 2 

2 *-*> x 3 2 ’ 















1S blith^A 


i A 

tan CK)-sin(K) 


4r 2X-£ +N*K ::: £ 

K3 


K—1 

0.50001 


-93312.39695 


Dua may ve che' dó Rad: iJHjFjD 


, , , , Vl + 4X-\/l + 6X % ~pn 

Nhąp vao man hinh --- tzzb -• bsrf»' ma Y 


noi a: An 


l-cos(3X) 

;qd(x 


~10 5 j. An \M, may 


, 4 „ >/l + 4x - >/l + 6x 4 

hien ket qua hang - . Vąy lim---- „ ■ 

n ° 9 *->o l-cos3x 9 


m 

MathFA 

i 1+4K - '~k l +6> 

1 

1 -cos C3K) 

4 


9 


CS.ii. 33; ]t)ap an 15. 

Chon a = 1,3 —». Khi dó 

~ 2 -(o + l)x + a ^ x 2 - 2,3x +1,3 


lim- 

x->a 


Nhąp vao man hinh 


= lim ; , , 

x 2 -1,3 2 

X 2 -2,3X + 1,3 


. An i!, may hói 


X 2 -1,3 2 

x? An CD E3 GD GB CD GD @ O ® (x=l,3+l0- 5 ). 

An ©, may hien ket qua bang 0,1153880177 = 

(vói fl = l,3). 

x 2 -(a + l)x + a a-l 
Vay lim-35—^-= — • 


’ i Math A 

Kg - 3 

X 2 -l. 3 2 

n.1153880177 


1 . 3-1 

2 x1.3 


1153846154 


CSu 34: Bap an A. 

Chon a = 1,3. Khi dó 

(% + of-a 3 (* + 1,3) 3 -1,3 s 

t -'-= lim --- 

-»0 


lim 

x~>0 


(X + l,3) 3 -1,3 3 j, 

Nhąp vao man hinh - — -• An IPMi, may 

hói X? An Qj {$)|gl O GD (X = W 5 ) . An H5, may 
hien ket qua bang 5,070039 = 3ir (vói fl = l,3). 


3 Math & 

tX+1.3) 3 -1.3 3 

0 Ms.th A 

3x1.3 2 

5.070039 

5.07 


, ,, , i[2X-2 +źfX-2 

- Pluta a an A: Nhap vao man hinh -——-• 

An CćĄjU, may hói X? An LU GE! ID (53 fej Eli; tiŁ 

^X = l + 10“ 5 ). An [HI, may hien ket qua bang 

-93312,39695-»+o o , Loai A. 


- Phuong an B: Nhap vao man hinh 


C-l + y/X-2 
X-1 


An &Mr may hói X? An Ijj l+j iJJ i®J fc:i OD 

|'X = 1 + 10- 5 V An UD, may hien ket qua bang 

V / 

7 _ 

0,69999705 « — . Chpn B. 

10 


0 M,.th A 


V__ ■§ 

"n. 69999705 


- Phuong an C: Nhap vao man hinh 


il2X + 2 + ^X^2 


X-1 


An fCUŁCi . may hói X? An LiJ GB iU L9J t3c; li:B LfJ 

(X = l + 10 -5 ). An (§D, may hien ket qua bang 

41421,73301 —» +00. Loai C. 


4 


B fiteth A 

+ 5 ^kH z 

? 41421.73301 


- Phuong an D: Nhąp vao man hinh 


\/2X + l + sJX-2 


An @§2], may hói X? An Lid lad Lii 1.9.J i-M3 Ctl OD 

(X = l + 10“ 5 ). An @, may hien ket qua bing 

31607,82064 — >-hx> . Loai D. 


■ 0 htath A 

4 u;u-T + ap ~-2 

'3M 607-82064 


Dąng 3: G5rtś hąn mSt bers 

Caa 36: a3i D. 

2X + 'Jx 


Nhąp vao man hinh 


. An fe§, may hói X? An 


5 X-t/x 

CD SISjSSj (x = 10" s ) . An [=3, may hien ket 
qua bang -1,022491567*-!. 


0 Mićth A 


2X4-7X~ 

SK-Jk" 

-1.022491567 


'...a.ii i3 /: ŁRrip san cl. 

1 1 ^ , 

Nhap vao man hinh — - -• An iMS), may hói 

F X 3 -l X-1 

x? An Dj qb CD CS] H3 E3d3(x=i+itr®). An (M), 

may hien ket qua bang -66667 


_1__1_ 

K 3 -l 


>—00 . 

“1 Mstli A 


-66667 


io: £J sy a a. 
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Nhąp vao man hinh I —-- . An g, may hói X? 

V 3X“ + X 


. T , - , sin(5X)-2X ^ _ 

Nhąp vao man hinh ---. An fęśLCj, may hói 

X +1 


An CD SSffli O CB (x = l- 10 - 5 ) . Kn m, X? An m m @5 ®(X = 10 ®). An II], may hien ket 


may hięn ket qua bang 2,738623057 x 10 “ 3 a 0. 

qua bang - 2 . 

0 Msth A 

1-X3 

sin(5X)-2X2 

13X2+^ 

X 2 + 1 

2.738623057xi^ 3 

-2 


Ca« 39: Dap an B. 

|X 2 -4X + 3| „ 

Nhąp vao man hinh . An jatę], may hói X? 

X — 2 

An !3]BrD®@eU3(X = 2-10- 5 ). An 
may hien ket qua bang -99999,99999 -»-oo. 

1 Matt Z 

lx 2 -4X+3l 

X-2 

-99999.99999 

Caii 40: Dap an A. 

Taco lim/(x)-lim * +1 , 

v > x-r \- x 

X 2 +1 

Nhąp vao man hinh -. An px), may hói X? An 

□DtE][I)[l]©eCI)(X = l- 10 - 5 ). An 01 , may 

hięn ket qua bang 199998 ->+oo. 


L_ 199998 

Dang 4: Giói han den vo cisng 

Cau 41: Dap an D. 

Vx 8 — 2X 5 * 

Nhąp vao man hinh -—-. An fĆALę], may hói X? 

2X 3 +1 J 

An 03 [$] fej C€)(X = 10 5 ). An GID, may hięn ket qua 
bang 50000 -»+oo. 

ZEEZIZ^ZI S MŚ.th" A 

\yP- 2X5 
2x3 + 1 

50000 

Cau 42: Dap an D. 

Nhąp vao man hinh X(Vx 2 + 5~x) . An ISlCl. may hói 
X? An !T]®©[!](X = 10 5 ). An @, may hięn ket 

, 5 

qua bang 2,4999 ~ —. 

B Math A 

x(Jx 2 +s -x) 

_ 2.4999 

Cau 43: Dap an B, 

Dua may ve che dó Rad: Ig gg (4J. 


Cau 44: Dap an D. 

Dna may ve che do Rad: fig [MODg |*4~i . 

- , , , , 3sin(x) + 2cos(x) _ 

Nhąp vao man hmh -+=L-- _. v ' . An pil, 

Vx7T+x/x — 

may hói X? An CD 33 S3 OD (X = 10 5 ). An (=), may 
hięn ket qua bang -2,990677445 x lO^ 3 « 0 . 

0 Math A 

3sintKł+2c.o£{Xi 

Jx+r +-Ix 

-2.99067744Rv.n3 

Cau 45: Dap an B. 

^/y2 ^ 2X , 

Nhąp vao man hinh --. An fęALĆj, may hói 

2X + 3 

X? An 1<;J CD fili O GłJ (X = -10®). An Q~], may hięn 

ket qua bśng 0,5000100002 a -. 

2 

..a Ms.th A 

iX2+X + 2X 
2X+3 

_U.5 000100002 ] 

Cau 46: Dap an D. 

Nhąp vao man hinh %/x 2 +100 + X . An IĆftLCl . may hói 
X? An O CD OD Ui“) Cl] (x = -10® ). An d, may hięn 

ket qua bang -= 5xl0" 4 «0. 

2000 

._._Z] @ M^tTi ~ 0 Math A 

JX 2 +100+X iX 2 +100+X 

1 

_ 2000 JI_ 5xiń 4 

Cau 47: E&ap an B. 

XT , \ „ v jx| + '\/)C' + X _ 

J\lhąp vao man hinh 1 -. An [CALCj, may hói 

2X + 3 

X? An O CD IB © Ol] (x = -10 5 ) . An (=0, may hięn 
ket qua bang -1,0000125 » -1. 

~ H Math A 

I X I +J +i X t 
2tf+3 

-1.0000125 

Cau 48: Dap an C. 


Nhąp vao man hinh —-=====- An pli| 

W+2 

may hói X? An O CD B © DE] (x = - 10 5 ) . An [=), 
may hięn ket qua bang -2,019821951« 

i/2 
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:p. 019824451 


x+m * + 1/3 

lim —— Alm i — 

" " J -Jx* +1 *^°six 2 +l 


iŻ _PL _ An pici, may hói X? An 
X 2 +l 

-10 5 ). An gO , may hien ket 



vao man hinh VX 2 + 6 X + 5 + X. 

XnOS®S?S®(X = -10 5 ). 


150001 


: ^ Mng “50MÓ”"' 

mwTa .11 ® 

i>F+6X+5 *X 


-3. Loąi A. 


_ Phuang an B: Nhąp vao man hinh\»X 2 +10X + 5 + X . 
An icĘęl, may hói X? An Al UJ lSj 1*3 1§J (X = -10 j . 

An . , may hięn ket qua bang —5,000100005 ~—ó ■ 


Loai B. 


: +10X+5+X 

-Fi.nnni onoos 


- Phuang an C: Nhąp vao man hinh \/X" - 10X + 5 + X . 
An @ hói X? An K-U LlJ LfiJ 1*3 >-§- ! (X= _ 10 ) • 

An (HI, may hięn ket qua bing 4,9999 * 5 . Chon C. 


_ 4.99991 

- Phuang dn D: Nhąp vao man hinh \/X 2 - 6 X + 5 + X . 
An GEe! , may hói X? An kgĄ JTJ lSj (§j SJ (X = _ 10 ). 
An OsD , may hięn ket qua bang 2,99998 « 3. Loąi D. 




2,99998 .1 








' STU DY TTPS 

Khi su dung STO (cach 1), 
ta thudng chon nhung gia 
tri a rat le thi ket qua nhan 
dugc se cang chinh xac hon. 
Ó day chon a = 2,25 . 




2.25+ń 

H Math A 


9 

d 


■w. 1 , 

0 Math A 

ńV5-3 xń l 

-V5 

6561 

256 

A 4 

a Math A 


6561 

256 




SIUDY TIP5 

Khi su dyng CALC (cach 2), 
de xac djnh ket qua chinh 
xac hem, ta nen CALC bieu 
thiłc vói nhieu gia tri. Neu 
tat ca ket qua deu bang 0 thi 
chęn dap an tucmg ling. 


lfĘ3-l j — ■ - 

ń'/s"-3xńi-'/s' 


-ń 4 t- 


ńt5-3 xń l-,, , 5 

5965 
£56 


p,-lW—3 XĄ1 -'/s" 

6305 

_-_256 


Ła^zLLli: a-k 

A^--3 xń i-J5- fl > 

_ 25.58988781 


246 


- Chu de 5: H am so ‘Oy thia - ciu ~ fcgani 

lii Ł 


fi ńe best or ool 


a s 
fei® 


Cas dsng toan Sień pan: 


| i'4^g ir Rut gon va ,f£hh gia tri bieu thuc luy thua, mu va logarit j 

ś 

! V£ dy 1. Rut gon bieu thuc P = 

j 

i 

1 A. a 4 . B. a. 

U.__ . 

El 

^+i 

”S _ 

a > 0). Chon ket qua diing: 

1- D, a 4 . 

a S ~ 3 .a 

l-A' 


Cach 1: Sti dung STO 
Chon a = 2,25 va gan 2,25 -> A : GD 0 (Tj [¥j {sK) §&) g:j 

Ta C ° = a ^- 3 x A 1 "^"' 311 '® ~ J ® ® OD <& E) CD <E> [Tj gj 

® ®® ® ® @i o © © ni o b sa <b sd m e © s e m m 


An G=), may hien 


6561 

256 


Phuang an A: An ® O © ®, an (§}, may hien 


6561 
256 ' 


\S+i 


Cach 2; Su dung CALC 

* Pkunng an A: Nhap vao may -^JL, - A*, an ffi CD IB B S © Si 

® S a. © i. l a s m ® 03 m ® @a © @ @ m ® a ® ® ® » 

<E; fej L:j i:z< Ej !Jj © B ® (wj © j4j 

An P®, may hói A? An gj 0 CU UD (A = 2,25). An ©, may hien ket qua 0. 

An m bieu thuc tren voi mót vai gia tri A khac, deu nhąn dugo ket qua bSng 0. 
Vąy chon A. 

( A ^f +1 

~nr 3 7Pg _A - An i-®/ may hói A? An 


Phuang dn B: Nhąp vao may 


A^ 3 x A 1 

Li] Ej m m (A = 2,25). An UD, may hien ket qua ^ ^ Q 

256 

l A r^f +1 

* PhUang dH C: N1 ^P vao ma h -7s^ A] _ s -1- An I Ml may hói A? An 

iUSillEj (A = 2,25). An ©, may hien ket qua ^^0 Loai C 

256 

( A ^f +1 

* PhU(mg dn D: Nhap va,> m Y Xn m mńy hói A? An 

( A = 2,25). An ©, may hien ket qua 25,58988781 * 0 . Loąi D, 


'O*5.0 5H A, 













j 


VI du 2; Gia tri cuabieu thuc log, a 7 +log a , c?,{0<a*l) la: 

a 

„„ 25 


31 

4 


25 

4 


Cach 1: Chon a = 0,5 va gan 0,5-»A: L?J U LS_ 
Nhąp vao may log, (A 7 )-:-log A „ (A 3 ), an 





0 Ms.th 4 

A Ul? i m 

■ au-^4 - 

ń 

25 


4 


0 k-.ii [dl RH fSĄ <K) jCKśi k~'A i*') |3J 


25 


An [s£ ! , may hien ket qua bang ——. Chon B 


Xet log 1 (x 7 ) + log x4 (x 3 ) / an fcsJCSJL2l@«Q]® ! ®ilfiC 


• 7 j (f5 (fu [+j iw;"cj jlMi [13 ii 


O Ms.th A 

i u s? % \ 1 x ^ 

v 

25 
~ 4 


25 

4 


An Si), mayhói X? An [0j £] CS (X = 0,5). An |=fj, may hien ket qua - 

, 25 

Tiep tuc mę). męt vai gia tri X khac thi ket qua deu hien bang . Ch<?n B. 

an B, 


Ti cl u 3: Cho a,b > 0. Rut gon bieu thiic M = 


SI UDY TI PS 

Vói bai toan rut gon bieu i 
thiic chiia hai bien a, b (hay 
X, y ), ta cung thuc hien 
tuong tu nhu cac vi du tren 
de tim dap an. Bang cach 
chon tiiy y cac cap (a,b), 
hay ( x,y ) (thóa man yeu 
cau bai toan) roi sir dung 
CALC hoac STO. 


a 2S -b 2S 


-1. Chon dap an dung: 


M = 


2 b 


,A 


a*-V* 


3. M = 


-2b 


A 


a^-b* 


C. M = 


2 a 


A 


a r2 -b s 


D, M = 


-2a 


A 


a r2 -b S 


Lcr 33 AA 


Cach 1: Chon a = 0,3 va b = 0,5. Gan 0,3 -> A: 113 li .i [fi SS l£ O va gan 

o, 5 —t b : OD CD lii iilfrl 110 El 


* Phuang an A: Nhąp vao may 


A 2 ' 12 - B 2 ' 5 2B^ 

--- — 1 — 




2 * A^-B^ 


, an 95) EMI O UL* 


“ 0 Ms.tli A 


(fr/a- 


-1—t 


Op] CI3 <E) © tD i3Ś S £3 GD GD Uli <£> iH SJS E2J fe3 hi! GD ® ® uD tell 
S 63 GS) LI) <B> ® CD !S <B- El E S ® !D IMi E3 ®3 ® O <S> §S Q 

ra ) Cg) qE) l^zl Crlphaj fsc*j l?J 

An may hien ket qua bang 0. Chon A. 


(ft-JT _b Js) 


B Math A 


r-1- 


ń' 


-10.13307556 


' Phuang an B: Nhąp 


A 2 A_ B 2 A 

A^-B ^) 2 


-10,13307556 * 0. Loąi i 


A-h _r2 A 


0 Math A 

* Phuang dn u; Nhąp 2 

i'.j j, 

Cń^-B-^) 2 

[a^ -lD 3 ) 

-4.020787512 

-4,020787512 0 . Loąi C. 


- 1 - 


- 1 - 


-2B' 


A 


A^-B^ 


2A S 

a a_ b a 


L A 


, An (=j, may hien ket qua bang 


. An 1=3, may hien ket qua bang 


“ i Math & 


Cń^-Bi^3) ń " 

-fe.112288044 


A 2 ^ — 2A^ _ , 

Phwffng ah D: Nhąp -———— -1 - , g ■ An GD / may hien ket qua bang 


-6,112288044 0. Loąi D. 


a a_ b a 


LOV E BOC.) K, V N ! 2 4 7 

















Pban 2 - Chiś di 5: Ham so luy tftóa - miś - Sogaril 


The best or nothin 


Cach 2: Su dung CALC 
* Phuang dn A: Xet 


X 2 ^ - y 2 ^ 2 y^ 


X J2 


, an fol ..2 I i-X' g j [ :f! j/jj [AJ jA) 


X*** -y^o 
( K m'2_ V V3) £ * 

_ 0 


<B> ED SU @ © dJ © GD <g> co jpaj OJ (13 gg dl <g> <g> g gog @ gg pg 
CI3(®®[I3@®E3[ljSffl[I]iii[Ij!i3©Clj<^SSQj©ElJ LU CD 
® EO @1® @ @ © Gij 

An @, may hói X? An Qj (X = l). An (=}, may hói Y? An ij] (Y = 2). An 
GID, may hien ket qua bang 0 . 

Tiep tuc Icaęj mot vai gia tri khac bat ki cua cap (X; Y) thi ket qua deu bang 0. 
Chon A. 

X 2 ^ 2 -Y 


Phuang dn B: Xet 


\/1 A _2Y>/5 


- 1 - 


X <j2 _ yS 


■ An jCALCi . may hói X? An jTj 


afif -y^ł r \ 

Cx-/2-yV3 ) 2 X- 

-5.722655048 


(X^-Y ^) 2 

(X = l)- An CEJ, m ay hói Y? An di (Y = 2). An Osi, may hien ket qua bang 
—5,722655048 * 0. Loai B. 


-M ■£. O 


. 0Math A 


( K ,T_ v ./3) 2 " 1 

-2 


Phuang dn C: Xet 


X ^\/2 _y 2 ^ 2 X^ 


X ^ 2 — y^ 


• An SI®, may hói X? An 


^X^-Y^j 2 

(X = l). An (D, may hói Y? An (U (Y = 2). An dJ, may hien -2*0. Loai C. 


Phuang dn D: Xet 


_y 2 ^ _ 2 X^ 


X ^2 _ yv^ 


An (CALC), may hói X? An (jj 


-- -! —\'xL-4 O 


0 " Math A 


UJS-Y^d X' 

_ -3.722655048 


(X = l). An GO, may hói Y? An CU (Y = 2). An (=j, may hien ket qua bang 
-3,722655048 *0. Loai D, 


i 


D. 2 l[ab 


ń+B 


0 Math « 

ń-B 


=&T+ 3 Vb 3 Vń- : ?VE 

2.432880798 


ń+B 


ń-B 


3 ^ń+ 3 ) [ B 3 Jń- 3 2B 

-7.23364239 5 


VI dy: 4: Rut gon bieu thuc ~ + b h - b v ói a * b 

?Ja+źlb k[a-Vh 

A. -4 l[ab B. 4 ifab CI. -2%/oib 

Lói giai 

* Phuang dn A: Nhap vao may ^ 2 B _.- A' 13 4 4^/AB , an ® S (w) ffl 

C/A+^/B ^/A-]/B 

H E3 ® di © H O ® 80 Cii © li] E3 <g> <g> E) CS !®§ O EJ @3 
E3 CD di © ®L§ O CD EJ ® © ®S S <B <& EG CD HO © @ O ilJ 
E3 

An may hói A? An CO CD UJ (A = l,5). An OD, may hói B? An [D El LU 

(B = 1,2). An fil, may hien ket qua bang 2,432880798 * 0. Loai A. 

Phuang dn B: Nhap -4]/AB . An JCALC] , may hói A? An 

LU E3 © (A = 1,5). An (U, may hói B? An CD 0 g] (B = l,2). An (=], may 
hien ket qua bang -7,298642395 * 0. Loai B. 
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ft+B ft-B 

3 Yń+^i' 


ń+B 

13 Math i 

A—B 

+ Ai 
-Ą 

B 3 ^A-3fB 

L66576159 


De tim x, ta cung có the 
diing SOLVE de tim 
nghięm cua phucmg trinh 
log 2 x = n/2 . Sau dó, gan 
nghięm dó vao bien nhó X 
(Ans -> X). Tuy nhien, ta 

nen dimg SOLVE doi vói 
cac bai toan ma phuong 
trinh gia thiet cho phiłc tąp. 

MatlTX 


loga^J+Iog^O 

0.7071067812 


* Phuong dn C: Nhap 


A + B 


A-B 


r + 2 \/aB . An MB, may hói A? Ai 


Va + Vb". 3 ; (A-VB 

(A = l,5). An [=}, may hói B? An CD L*J LfJ (B = l,2j. An l=y, rnay 


B 


hien ket qua bang 0. CALC bieu thucc vói rnót vai cap gia tri (A,B) khac (A * 
ta deu duoc ket qua bang 0. Chon C. 

* Phieang dn D: Nhap —^=-2\/AB . An iffllOj, may hói A? Ar 




n[|j (A=1,5). An (E), may hói B? An fT) FI fifl (B = l,2). An 


a y 


hien ket qua bang -4,865761596 A 0 . Loąi D. 

¥ł du 5: Cho log 2 x = Jl. Tinh gia tri cua bieu thiic K = log 2 x 2 + log 2 a 2 + log 4 x | 


i a. K = -\fl 


K 


\fi 


C. K = - 


n /2 


-n/3 


Tir log 2 x = %/2 => x = 2^ ■ Gan 2^ —> X: f_2 j !j£j JV«j UC 'AS fel <2 3 

Nhap vao may log 2 (X 2 ) + logj (X 2 ) + log 4 (X), an fe.Dj ULI <£■> Sli! tli &3 ® i±i 

2 

PiAj ‘©i fi.i p?) dl (1E> (0 li® CD @ © 133 fehS Lś j © @51 L> J 


An {Ej, may hien ket qua bang 0,7071067812 = 


n/5 


Ois.ip ciTi Ib, 


5 + 3* + 3 -* N 

Vi du 6: Cho 9* + 9‘* = 23. Khi dó bieu thutc P = „ ;, - T — có gia tri bang: 


1 - 3 r - 3“ 


SIUDY TiPS 

Ta dimg tinh nang SOLVE 
tim nghięm cua phuong 
trinh 9* +9~ x =23 roi gan 
nghięm dó vao bien nhó X 


A. 2 


C. 


D, 


,cfi gia i 


Nhąp 9 X + 9' x -23 : (U H5 Ml CO © CD O Ul CII© Ed GB [13. an 

<iP PQ, may hói "Solve for X", an Qj, an ©, may hien X = 1,426162126. 


Tinh nang nay duoc cap 
den tai "PHAN 1" cua cuón 
sach. 

i Sath 

qK + g-?<_23 

X= L426162126 
L-R= 0 

B Mutb A 

ńns-+X 

1„426162126 


ęp + ^-X _ 23 , an fswFil Ktć] ‘t~)j 1 1 1 [Sij, may hien X = —1,426162126 
Luu nghięm nay vao bien nhó Y: ii313 


\S Math A 

9 K +q =K -23 

X= -1.426162126 
L-R= 0 

Ans© 

-1.426162126 



“ 1 1 0 

Math & 

5+3 k +3" k 


1_, 3 K_3-X 



2 


Nhap vao man hinh ^ + + g-x" ' a* 1 fflJ tSJ l±! UU j iH? Lii <££• SrJ UJ 

^ i 5 

An (Ej, may hien ket qua bang — —. 















5+3V+3-V 
1 —3V —3-V 


Math A 


s 



Nhąp vao man hinh 


5 + 3 Y + 3~ y 
1-3 y -3~ y 


: r 


@1 


[5H±] 


m © l 


) SM® 3(1)1 






may hien ket qua bang 


5 

2 ' 


gsssagg^rąąggiar^gsaeBsaEi!«rsEagafs^ v«swi^ 

STUDY TIFS 

Tli gia thiet, ta tim duoc moi 
quan hę giua a,b la b = a ®. 
Nhu vąy, chon a bat ki roi 
ta bieu dien b theo a . Gan 
fl—»A va b —>B roi thay 
vao ta tinh dtroc gia tri bieu 
thuc da cho. Ho|c ta cung 
có the su dung CALC bieu 
thiic vói 2 gia tri a,b dó. 


, . _, , H, ’ Math A 

l09 JEljśJ 

_ ń 2.732050308 


Vi du'/: Cho log^ b = s/3 . Khi dó gia tri cua bieu thuc M = log r ?Ę= la: 


s/3-1 

s/3-2 


i. s/3—1 


C. s/3 + 1 


^s/b 

s/3-1 
s/3 + 2 


Lól 


Tu '°8„ b = s/3 => b = a' 1 ®. Chon « bat ki, gia sit chon a = 2 thi b = 2^. 


>'/3 


2+ń 

0 Math A 

f 0 Math A 


2 

3.321997035 


"s/ą a 

s/B 


, an fej |«j (ysj gy>g £3 <y) (raj EU Cg) Cg) ffij jC 


Khi dó log^^ = log^ 

a ''O X V V c y 

SIS O <S> © iii Es- An fil, may hien ket qua 2,732050808 = s/3 +1 . Chon 
dap an C. 


Cach 2: Nhap vao may log t ~ 


V s/Iy 


An IĆAlcI may hói B? An [aj Igf] @ [Ij 


(B-2^). An may hói A? An 1.2J (A = 2). An jS), may hien ket qua bang 


2,732050808 = \/3 +1. Chon 


C. 


STUDY TIPS 

Gia thiet bai toan cho hai 
du kięn deu cung xuat hien 
chung mot bien trung gian 
la a . Nhu vay, ta se chon a 
bat ki roi tu dó tinh duoc 
b,c (theo a ). Gan a,b,c dó 
lan luot cho cac bien nhó 
A,B,C roi thay vao bieu 
thuc can tinh de duoc ket 
qua. Hojc cung có the su 
dung CALC nhu cac vl du 
tren. 


BS^SisassstssssKa^sBsa^isssasBBiS 



Dap an C. 



Leń giai 

Tir log n b = 3=>b = a 3 ,log a c = —2 =>c = ar 2 . Chon a = 3 bat ki, khi dó: 


b = a 3 = 3 3 = 27 va c = a 2 - 3 


1 


Ca A 1: Gan 3 —> A: [3j S @j O, gan 27 —»B: CU S iffj @ Q va gan 

~ ~> C: ®EJ 3 ©d]@©@. 


3+A 

0 Math A 

27*B 

0 Math A 


0 Math A 


3 


27 


1 

9 


a^l/b , A 2 Vb 


Ta có log a - — log 


/ an IS&fll @| E3 © ® m O 53 50 siifT) fv« 


C c 5 

(-'■/i) jjjpjj|j E3 ® @1 BB (3 GD- An (=3, may hien ket qua bang 13. Chon A. 
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may 


-gj 

Math A 


13 


A , , . A 2 \/B t T 

C&ck 2, Nhąp vao may log A —. An yy 

hói B? An . An ;=j, may hói C? An [ 

An fĘ}, may hien ket qua bang 13. Chon A. 


may hói A? An . 3j. An 


Do x la bien trung gian cna 
hai dir .kięn da cho, nen ta 
chon x bat ki va bieu dien 
duoc a,b theo x ■ Bang 
cach gan a —*• A, b —> B va 
x—>X roi thay vao bieu 
thiic can dnh. 


c-(H) 


■4.-1 £4647174 


C. 


ift 

i+B 

-0.2375460985 


ń+B 

-fi. 4114809446 


BB 

A+B 


S hb.tti A 


Vi (id9: Cho 0 < x st 1 thóaman dong thói iog 3 x = « va log 7 x -b. Khi dó log 21 x 

duoc bieu dien theo a,b la: 

n a ... ab 



Chon x = 2 thi a = log 3 x = log 3 2 va b = log 7 x - iog 7 2. Khi dó log 21 x - log 21 2. 
Gan log 21 2 —>C: Kgj) [5] Q]<£> CII §Dlog 3 2^A: teJLSi'3^ 

[U §!§}© O 1°§7 2-> B: AjCjię *' _ 0 ‘” 


0 Mat! A 

109-21 (2)*C 

0 

log 3 (2) + ń 

0 Mfcth & 

log 7 C2)*B 

fL 227670248? 

0.6309297536 

O.3562071871 


* Phuong dn A: Nhąp C— —+ — L an AA us.: Usd ?. t j 'nS- 

V A n ) 

11 

S*| ff! Cy)Gślib*) • ”>*■, an 'ssj, may hien -4,164647174 *0, hay C*—+—/ 


hay log 2 , x — + — • Loąi A. 


* Phuong an B: Nhąp C - —, Sn @1 6$ El GS H® O @ Qj ŁrtS @ EB - 

pj, may hien ket qua bang -0,2375460985 * 0, hay C * , hay log 21 x * - + ^ • 

Loąi B. 

* Phuong dn C: Nhąp C - —, an gf§ SSl fcli <& "SM Lid - ,5 i, 

A. + o 


an [Ej, may hien ket qua bang -0,4114809446 ^0, hay C*^ + g/ ^ a Y 


log- x Loąi C.. 

rt + fc 


* Phuong dn D: Xet C--^, an . ’ • <" f 1 ' ‘‘ 

A+ D 

AB , , ab 

an UD/ ma Y Lien ket qua bang 0, hay C = -^-j-g, hay iog 21 x- ^ + 

Chon O. 

I3ś.t> 4ii. O. 

10: Cho a,b la cac so thuc duong. Tim x>0 thóa man 
‘ log x = 2 log a + 31og b. 










STUDY TIPS 

Neu chon a = b thi gia tri 
cua x o moi phuong an A, 
B, C, D lan krot la a 5 ,5a, 
a 5 ,5a nen khóng the chon 
duoc dap an dung (vi ket 
qua ÓA,C bang nhau va ket 
qua ó B, D bang nhau). Vąy 
nen, a bai toan nay bat buoc 
phai chon a^b. 

~ H MathTA 

log(X)-21og(A)-i> 


Chon a = 2,b = 3. Gan 2 —>A : d] (St! @o] jwj, 3 -» B: 


LSj SeO ID E3- 


“Ił HatwS 

log(X)-21og(A)-t> 
-0.9194804033 

— ~ " S mmTa 

log(X)-21og(ń)-t> 

_ -0.1760912591 

log(X)-21og(ń)-V 

-0.9194804087 



- Phuong dn A: X = A 2 B 3 , gan A 2 B 3 -> X : 


ifiSs O © S E3 im © [śhipt! pal m 

Nhąp log (X) — 2 log (a) — 31og (B), an S EU CD CD E3 CU lH) S O S E3 

CC U2fiJ &MS E3 O]. An GID, may hien 0. Chon A, 

~ Phu<m S an B: X = 2A + 3B, gan 2A + 3B^X: © H@ (±3 (H H E3 HIS 

@Q3. 

Nhąp log(X)-21og(A)-31og(B),an (=j, may hien A), 9194804032 * 0. Loąi B„ 

- Phuong dn C: X = A 3 B 2 , gan A 3 B 2 -* X : gw| O @ © gp§ E3 © §fj] gp [TJ 
Nhąp log(x)-21og(A)-31og(B), an §0, may hien A), 1760912591 y 0. Loąi C. 

- Vói Phuong dn D: X = 3A + 2B, gan 3A + 2B -► X: puj O ffl © M R 

@@Dj. ~ ' “ ~ ' ~ 

Nhąp log(x)-21og(A)-3łog(B), an (U, may hien A), 9542425094 *0. Loąi O. 

Dap an A. 

| Dang 2: Bieu dien cua mpt gia tri logarit 


| Vt dy 1: Cho Iog ]5 3 = a thi log 25 15 tinh theo a la: 


BI Ma.th A 


log ls (3)-»ń 
_ 0.4056838711 

a MattTA 

log 2S a5)- FT ^i> 

_-0.1682606194 


a Mith a 

log 25 (15R3 T1 ^i> 


log 25 C15)~2 i:i 1 _ ft i> 
_ 0 


0 Math A 

log 25 a5)-5n^i> 


1 A '5(i- g)- 


3(l-a)‘ 


2(1 -«)' 


" 5(1-a)' 


Gan log 15 3 —> A: i Al U] CI 


Len giai 


l'5*13 W KAI. 


* PłlUOng dn A: Nh ^P lo 8a 5 ( 15 )--^ A y an §3 (© (D <g> (Tj [J] ® Q ® 
CC! ® OB CD Lii El SOS. An [§j, may hien A), 1682606194 * 0. 

* Phuffn S dn B: Nh ?P Io g25 (15) - , an (3) (7 lan) [Ej Cl] ® [DEL] [I]. 


-1 ■ 963040 56 An OD, may hien -1,96304056 * 0. 


* Phuong dn C: Nhąp lo g25 (15) - - ^ ■, an ® (7 lan) gg) © <g) gg] QJ . 

An [=!, man hinh hien ket qua bang 0. 

* Phuong dn D: Nhąp lo g25 (l5) - - 1 , an (§) (7 lan) g) [fj. 

A 1 A) 


0.5047818583 An GD, may hien 0,5047818583 * 0. 


l0g(3)*A 


.0.4771212547 


V4 da 2; Cho log 3-a thi log9000 diroc tinh theo a bang 


Dap an C. 


A. a 2 + 3 


C. 3 a 2 


D. 3 + 2a 


Gan log3—> A, an [§D S) S113@O 
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3,271308434 * 0. Loąi C, 

* Phrnng dn D: Nhąp vao may log(9000)-(3 + 2A). An l=~J, m 
bang 0. Chon D. 


j V | dtt 3 : Dat a = log 5 3 J= log 7 5. Bieu diln log* 105 theo a va 

a + b + ab - R i 105 a + ^ + al ° 

i A.log 15 105 = 7—w- 6.1og 15 105_ 1 + b 


a + b + ab 


T' : a \r\Cf 1 HR - 


A& + b +1 



Gan log 5 3 —> A: i agj j [ 5j bfJ 12® tó 


gan iug 7 ^ 


gey b "i • 


logs(3)-»A 

0.6826061945 


-n TT— ---1 m~F~ 

‘ log 7 C5)+B 


. 0270874753] 



/ \ A + B + AB .r— r^ry f jn /ST\ m fTH f *? 

* Phuong dn A ,: Xet log 15 (lOS)- ^ +A y^' an ^ v ~" L ''~ : ^ ^ 

. An G§], may hien -0,4649735207 *0. Loąi A. 

* Phttong 4n B: Xet log* (105) - ^ ® ® < 3 ISn >' 

An [§], may hien 0,4857936744 * 0. Loąi A 

- n v'<. i /i ac\ _ A+B+AB £ n ^5f\ pil(6 

* Phieang an C: Xet log* (105j ^ > . — iV . 

An UD, may hien -1,955470455 * 0. Loąi C. 

* Phum g <in D: Xet lo g>! (105) - ,fc®»O0h»HBi 

An GD, man hinh hien ket qua bang 0. Chon D. 


vi dv 4; Dat « = log 11 13,b = log n 12. Chon bieu di§n dung cna lo gl 











log^ 

Matb A 

ClH)-l + 2Et- 
2.139333929 


logu 

a Math A 

CłS)"l + B-> 

L036286563 


logi i 

0 Math A 

lH)-l + 2El> 

0 


109uf 

1 

0 Math A 

1JH3047366 


- rrsyfogsirit 
Łoi s 

Gan Iog n 13 -> A: ggj [Tj (Tl <g> Q] | 3 j §gf) ggy @ V a log u 12 — > B : gjjjj [j] jjj 

® LU tU fiifl IrcD . 

143 


* Phuang dn A: Nhap log r 


144 


-1 + 2B + A, an lisaJtl fT| i : P OSA (SB 

UfU %*£/ tą j 


41 I 


dj iJj I4J <g> <g> (3 [T) gg (jj jiMi Gjg gg gp) g+j 

An ID, may hien ket qua bang 2,139333929 * 0.Loai A. 

• Phu mg an B: Nhap An UJ, m4y hien ktt ąui bSng 

-1,036286563 * 0 . Loai B, 

• Mn, &> C: Nhap log„ ^ J -1 + 2B - A. An f@, may hien ket qua bing 0. 
Chon C. 


* Phuang dn D: Nhap log, 

1,103047366*0. Loai IX 


143 

144 


1 + B + A . An fc], may hien ket qua bang 


-..lat 


Vi du 5: Neu log 27 5 = «,log 8 7 = fo,log 2 3 = c thilog 12 35 bźng: 

■Ł b + 2ac n 3 b + 3 ac 3b + 2ac 

c +2 ■ ~mT' C -7T3"' ° 


A. 


3 b + 3 ac 
c + 1 


Ldi giai 


Gan log 27 5 -> A : & Q] [fj <g> © @ @ gan log 8 7 -> B : & ^ r 



log 12 (35)-^f t> 


i 


lc.g 12 C35)-^ft- 
_ 0.4808881fi74 


" Phuang dn B: Xet log 12 (35) - 3B + 3AC 

A,/ 

(|U/ may hien ket qua bai 
* Phuang dn C: Xet log 12 (35) - 


C + 2 '^ n ® ( 8 lan )® !,3]. 

An (y, may hien ket qua bang 0. Chon B. 

3B + 2AC „, 

• an <3D(Wij >3] ® <3)<g)IDE, 


C + 3 


log 12 (35)-^fi> 
_ -0.5535002204 


An may hien ket qua bang 0,4808661674. Loai C 
* Phuang dn D: Xet loe (AU 3B + 3AC ,_ __ 

' > c+i ' an fiO lU (5) <3) ! S§[) (bel] h 

An (EJ, may hien ket qua bang -0,5535002206 * 0. Loai d. 


;J4p 3LX\ BL 
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Ngoai ra, ta cung có the 
chon a = 7 — 3\[5 > 0 de 
kiem tra tinh dung — sai cua 
cac phucmg an A, B, C, D vi 
a = 7-3-j5 va b = 2 cung 
thóa man gia thiet. 




21092 < A + B ) - 1092 ^ ! 
3.169925001 


---—~ 0 Math Ł ■ 

21og2( B S s ) _l09 ^ 


1002(^S 1 )-2109^ 

-7.165451482 


•^0'r ;;/-#) -i°9c> 

0.7769676545. 


• Xet tinh dung - sai cua męnh de chua mu va logarit 


dul-GiasStacóhęttróc cł+b 2 =7ab,(a,b>0). Hę thń-c nao sau 
A. 2 log 2 (« + b) = log, a + log, b B. 2 log, y = log, a + log, b , 

log 2 y = 2(log 2 fl + log 2 b) D 41 og 2 y = log 2 fl + log 2 b | 

Chon b = 2, khi dó « 2 - 14 « + 4 = 0. An fg| QD(EQN) 013 <5egiai phuong triuhbąc 
ha i nay. Ta tim duoc hai nghięm la fl = 7 ± 3\/5 . Chon a = 7 + 3^5 . 

Gan 7 + 3%/s -» A: m FfS fi] (Tg ’13115 B Ed g śn 2 B: jg![l! — ~- j ' 

r-i i£Sir~£ ® M?th * 

7+3J5+A 2 " B 

7 + 3^1 1 _ 2 . 

* Phuong dn A: Xet 21og 2 (A+B)-log 2 (A)-log 2 (b), an O 

Xn !H), may hien kń qua bang 3,169925001 a 0. Loąi A. 

*PHu„„ga„ B:Xet 2 b*,[^)-l0S,(A)-l0*,( B )' fc ®<HWBP»0« 

@110 ffi Si*!! i:rd © [S ■ 

An El, may hien ket qua bang 0. Chon ; 

* Phuong dn C: Xet log 2 ^y j-21og,(A)-21og,(B), an ' fet](12 
lan) CII <0(6 lan) GO- 

An [is], may hien ket qua —7,165451482 A 0. Loąi • 

* Phuong »» D: Xet 41o s j4± B '|-log J (A)-los 1 (B), Sn Tan)® 


Ban an B. 


* Phuong dn D: Xet 41 og,^—yJ-log 2 (A)-log 

(g> EO 00 <0(4 lan) IS) Cg) (7 lan) • 

An [:S ., may hien ket qua 0,7769676545 ^ 0. Loai 


I Vi da 2 


Cho a,b>0 thóa man a 2 +b 2 = 14 ab. Khang dinh nao sai? 


A. 21og 2 (a + b) = 4 + log 2 a + log, b B In 


a + b Ina + lnb 




| c. 21og^-=logfl + logł> 


D. 21og 4 (a + b) = 4+log 4 a +iog 4 b 


Ldi snai 


Ngoai ta, ta cung có the 
chon « = 14-8x/3 dekiem 
tra tinh dung - sai cua cac 
phuong an A, B, C, D vi 
a = 14-8x/3 va b=2 cung 
thóa man gia thiet. 


- —“— ET “ Mith A 

21og 2 (A+B)-4-lo> 


Chon b = 2, khi dó « 2 -28« + 4 = 0. An @(IKEQN)U] de giai phuong trinh 
bac hai nay. Ta tim duoc hai nghięm la a = 14 + sS ■ Chon a = 14 + 8 A . 

Gan 14 + 8x/3 —> A : [Tj © S © fil ŚS iS @ gan 2-> B: ©ii!t@ 

* Phuong dn A: Nhąp 21og 2 (A+B)-4-log 2 (A)-log 2 (B), an [2j&Jj Uj 7g>j 

An p=], may hięn ket qua hang 0. Vąy A dung. Loąi A. 









In 

'ń+B'] 

. 4 J 

s Math A 

ln(ń)+: L 

2 ► 

0 


2109 

fń+B' 

. 4 J 

W Math A ' 

-l09(ft> 

0 


2109, 

S Math A 

i(A+B)-4-lot> 

-2 


VT7- 3 V28 

- 1.0865166S4 


Math A 


_-J2.22607 1615 


4^- 4 - r 7 

_ -16.97067981 


4 /l3- 5 /23 

0.02665769156 



_ i he best or notfiirijj 

Phuong an B: Nhap M A ) + 1 n(B) & _ 

■ F ( 4 J 2 ' an IJnJL. / 

® ffl ® D j Ej GB 05) ES O Qj OB 03 HS 0 [3 @ [fj 

An sJ, may hien ket qua b3ng 0. Vay B dung. Loąi B. 

• Ph«o„ S an C: Nhap 21og^J-log(A)-log(B), Sh ffl S @3 S !<3 ffi 

S S® il®Q]a® Hi o CD E3 8 S 0 CD 

An [=), may hien ket qua bang 0. Vąy C dung. Loąi C 

'PhmnginD: Nhjp 2k J g,(A + B)-4-log.(A)-log l (B), an 13!IS3ffl® 

8siMa)®S®Ba!BSS!B®@@®BgBGD®ass 

An (=j, may hien ket qua bang -2. Vąy D sai. Chon D. 

Dap an D. 


/ i du 3: Cho cac męnh de sau 

(i). yjV 7 >\p2S (n).f|l >("-) (m).4^<4 # 


Męnh de sai la 

A. (HI) 


B. (II) va (IV) c. (I) 


(IV) v/l3 <%/23 
D. (II) va (III) 


Lol giął 


* Męnh de W : vko m *y ^P-^an® m (U <g> E) @ ® EU ta. An 

may hien ket qua bang 1,086516654 > 0 -» -Jv7 > ^28 . Vąy (i) dung. 

* Męnh de (li): Nhap vao may fij ' -fil , ah (Tj Qgj [J] <g> [ 3 ] (g> Qj @ gj 


~J '-U 'S- ! fi ( S> l&j <& UJ fej © LU• An (D, may hien ket qua bW 

ri^ 3 ' ‘ 8 

-0,226071615 -*(jj . Vfy (li) sai. 

* Męnh de (lii) : Nhap vao may 4^-4^,an ® ® ©<g) 0 ® ES @ 

®- An ©, may hien ket qua bang -16,97067281 < 0-► 4^ <4 # . Vąy (lii) 
dung. 

* Męnh de ( IV ) : Nh ^ p vko mk y ^3-^3, Sn @gg [4]cg) Q] tu tg) Qilg 

53 Cs] Cg> EU di An r§j, may hien ket qua 0,02665769156 > 0 -» Vl3 > ^23 Vay 
(IV) sai. ' 


STUDY TIPS 

Vói vi du nay, ta chon cac 
gia tri a,b tuy y sao cho 
thóa man dieu kięn gia thiet 
dua ra. Tu dó thay cac gia 
tri nay vao dap an de kiem 
tra tinh dung - sai. 


Dap an B. 


I Vi du 4; Cho cac so thuc duong a,b 

vói « ^ 1. Khang dinh nao sau day la khang 

j dinh dung? 

| A. log a Ąab) = h oga b 

B. l°g 0 2 (flfc) = 2 + 21og o b 

C- log 0 2 ( a b) = ~ log a b 

D. 1 og o2 («fc) = ^ + ^log o b 


Leń giai 


Chon «= 1,15 va b = 2,5. Gan 1,15-»A: 

2, 5 ->B; jT: 0 {53(sgggQ• 


CD CD CD GD ®3 g 


gan 
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log ń2 (ftB)"(2+2l!> 
-11.32412276 


0 Matii A 

3^ 2 CńB)-jlog f !> 

2 ,139020459 




0 M?.th A 

»-(H> 

0 


E Math A 

B Math Ł 

1.15+A 

2.5 ł B 

23 

5 

20 

2 


Phuang dn A: Xet log^ 2 (AB)-—log A (B)-.2. ’• .'*5 ® 


- : | . ■ - 


n <S> 5»%5i SUS O ® śi® £ 


An fes], may hien ket qua bang — * 0. Loąi A. 

* Phuang an B: Xet Iog A2 (AB)-(2 + 21og A (B)): tfe) i® (10 łan) LLi 13J i±j Ili fefe 

iMg 'Ai S ; - * *ą r )•, 

An 0§j, may hien ket qua bang —11,33412276 *■ 0. Loąi o. 

* Phuang dn C: Xet łog A2 (AB)-®log A (B): ® 18(10 lan)® CD ® SD Ofeiil 
i^pją j Sm| (JĄ GIS® 53, 

An [fej, may hien ket qua bang 2,139020459 *0. Loąi* . 

1 1 ’ ■'=' 8551 " lan) CO ® GD <&) 


Phuang dn D: Xet log A , (AB)- 


2 +-l°g A ( B ) 


® ® ffi® 0D<2> CS <K>iafel IMS O ® iii hś ® CII■ 

An [Hi, may hien ket qua bang 0. Chon O. 


Dap an D. 



Chon a = 1,15 va b = 1,35 Gan i, 15 ->A: 
1,35 -> B: dl CD CU ® Hi ID S 


Phuang an A: Nhąp vao may log^ 


^ A ^ 




j GD CIS GD iwi jficu Fłl va gan 

-|[l + Il°g A (B)|, an 


1 Mttli A 

log ńs(lfr] "sC 1+t ' 

-fi. 7157518166 


109 ń 3 

B Młtti A 

A) 

.073627729 


109 ń 3 

IjE J 

Math A 

0 


l09 ń 3 

0 

0 Młtt, & 

.1963405998 


ilB!!!! O ffl i® O <2> GSi fey§ bil <B CE> <B E3 ffiB 03 <S> GD <B Ci] CD GE) 
H§] Cij (§> 00 ®- fcślil i&KBi Fli (i?) @213 b3 ’® 03 

An (§0, may hien ket qua bang -0,71575... # 0 —> Loąi A. 


( A A 


* Phuang an B: Nhąp vao may log A3 -== --(l-21og A (B)), an tiep ; -^(7 lan) 

Wb / 4 

p](61an)E3 ClJ-An ife, may hien ket qua bing 1,0736... *0-» Loąi 8 


J Phuang dn C: Nhąp vao may iog / 


f aM 
K\Ibj 


1 - — log A (B) I, an tiep (gD (7 lan) 

V 2 J 


fxj 0) (3) CD ffi An fey, may hien ket qua bang 0 -> Chon C. 


■ Phuang dn D: Nhąp vao may log^ 


\Ib 


1-^iogA 
V 2 


, an tiep Cfe)(16 


\vt>7 

lan) (5 lan) d}. An f=j, may hien ket qua bang 0,1963.Loąi D. 
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Phfi" 2 — Cni; de 5; Han sfi Ifly tbta - mu - loearit 


STUDY TIPS 

Neu nhu cac vi du da thuc 
hien o tren, ta deu chon cac 
bien a,b bat ki dua vao gia 
thiet bai toan, thi ó vi du 
nay se nguoc ląi, ta di chon 
cac gia tri a,b dua vao bon 
dap an A, B, C, D cho truóc. 


3 ś. 

a 4 -a 5 


0.02025433 


log E (i)-log E (f) 

_ 0.806566531 fil 


log E (|)-log E (|) 

-1.09fi49flfi91 


3 4 

fi 4 -ń 5 

_-0.01049%541 fi 


i . %Tt . - - 2 2 

j -' ,J o: Neu a 4 > a 5 va log,, — < log,, — thi ta có: 

i ^ 3 

| A- 0<a<bcl B. 0<b<a<l C. 0<a<l<b B, l < a <b 

Lol giai 

* Phuong dn A: Chon a = 0,5 va b = 0,7 thóa man 0<a<b<l. Gan 0,5^A: 


0 Math A 

a M«hTA 

0.5+A 

0.7+B 

1 

7 

_2_ 

10 


Xet - AB an @ O @ fflj CS ® a ® ® ED Hi O @3 ffl CS ® QD • 

„ _ 3 4 

An 1=J, may hien ket qua bang 0,02025438 > 0 A 4 > A 5 . 

x<5t log B^j -1 °gB^ ' (§3 11® E3 ® OD CD <3> GD <3E) ® B ®2) iS £3 

®®tU®G0. An m, may hien 0,8065665316 >0 ->log B f-1 >log B (- 

\ 2 ) l 3 J 

(mau thuan gia thiet). Loai A. 

* Phuong dn B cting bi loai vi b = 0,7 thóa man 0 < b < 1 nhtmg khóng thóa man 

i °sĄ<iogĄ. 

3 4 

* Phuong dn C: Tir dap an A ta có <2 = 0,5 thóa man a 4 > a 5 . Nen chi can chon 
b = 1,3 thóa b> 1, rói gan 1,3 -> B: CD Q CS ® ® Q. 

( i) f o ) _ 

Xet lo s B r - log B - , an iio&D) s 63 (B B) a <2> CS <g> <B B Si ii! E3 


An U, may hięn ket qua bang -1,096498691 < 0 ->• log B ^ < log B | j. Chon C. 
* Phuong dn D: Chon a = 1,2 va b = 1,3. Gan 1,2-»A va gan 1,3->B. 

3 4 

Xet A 4 -A 5 ,an H§ O©® CS® ® ® BSO@ CS! ® @ !I]• 

„_ , 3 4 

An i-i, may hien ket qua bang -0,01049965416 < 0 -» A 4 < A " (mau thuan gia 
thiet). Loai D. 

Dap an C. 

j Vi 7: Ch o hai só thuc a,b vói 1 <a<b. KhSng djnh nao sau day dung? 
i A. log n b < 1 < log,, a B. 1 < log n b < log,, a 

| C. log, a < Iog a b < 1 D. log,, a < 1 < log„ b 


log ń (B) 

2.14725545 
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Chon a-l, 15 va b = 1,35 thóa man 1 <a<b. Gan 1,15—>A: uD L*j Cj_! 0-: (UJ.! 
feO O va gan 1,35 —> B: (TJGCS OD (113 © 63 

Nhap vao may log A (B), an SD @ O <B @S E3• An LU, may hięn ket qua 
bang 2,147... > 1 log o b > 1. 













13 M&th 


[OQ B (fl) 

R.4F.R710775 3 


Nhfp vao may log B (A), an 
bang 0,465... < 1 -a- log„ a < 1. 
Nhu vay log 6 a < 1 < log„ b. 


An L—J , may hien ket qua 



I - > im só chu só cua mot luy thua 

Bai: oa:>i: Xet so tu nhien A duoc bieu dien duói dąng mu, hay mot dąng nao dó 
ma ta khóng the dem duoc so cac chu sd cua nó. Gia su A có n chu so, khi dó 

n duoc tinh theo cóng thuc n = [log A] +1. 


;j Chmgminh: A có n chu sd nen có dang A = a n a n _^a n _ 2 ...a 2 a 


Xet so thuc A, só nguyen 
lón nhat ma khóng vuęrt 
qua Ą dug>c gęi la phan 
nguyen cua A , ki hięu lą 

M- 

Nhu vay: 

[a]<A<[a] + 1 


g; 

i __ 

| Ta có A = a n a n _ 1 a n _ 2 ...a 2 a l =a n .l(T* +a n _ v 10 n ~ 2 +a n _ 2 . 10’- 3 +... + fl 2 .10 + a r Suy ra: 

ii 

I flog A = log(fl„.10"- 1 + fl„_ r 10”- 2 + + ... + MO + flj) < log (l0 n ) = n 

I [log A = log(y,-10” ' + + a„_ 2 .10"” 3 + ... + a 2 .10 + ai )> log(a„.10”- 1 )>n- 1 

4 


| Vay «-1 <log A<n -»log A<n<log A + l-> n = [logA] +1 


| Trong may tinh casio (hay vinacal), de lay phan nguyen cua mot sd, ta dimg lęnh 

[| Int, an L¥:il GB. 


De so sanh hai so tir nhien 
duoc bieu dien duói dang 
mu, hay mot dang nao dó có 
gia tri qua lón rna may tinh 
casio khóng tinh dupc thi ta 
nen sir dimg lęnh Int de tim 
sd chu' só' cua hai só' dó. Ap 
dung nguyen tac: "Neu só 
A có m chu só, só B có n 
chu só (m > n ) thi A > B " 



S Mxth & 

Int(693*log(23)o 
_944 


Vi *ty 1: Trong cac ket luąrt sau, ket luąn nao dung? 

A. ll 2003 > 9 2500 B. 23 693 < 25 S00 C 29 445 <31 523 O. 29 445 > 31 523 

iM giai 

Nhąn xet: De so sanh hai só A va B , ta thuóng lam bing cach xet hięu A-B roi 
nhap vao may tinh tim ket qua. Neu ket qua lón han 0 (A — B> 0) thi A> B, ket 

qua nhó han 0 (A-B<0) thi A< B ; ket qua bang 0 (A-B = 0) thi A = B. 


* Phuang an A: Nhap vao may ll 2003 - 9 2500 , an [li CD @ Ili (13 GD CS <B H © 
g*j ff] fs! [Oj f51 . An ©, may hien Math ERROR. Vay ta khóng the so sanh hai 
so ll 2003 va 9 2500 dua vao vięc xet hięu giua chung, boi day la cac só qua lón, 
vugt ra ngoai pham vi tinh toan cua may tinh. 

Cach khac, só chu só cua ll 2003 duoc tinh theo cóng thuc [log (ll 2003 )] +1 


= [2003. log (ll)] + l .Nhap 

SÓ chu so cua 9 2500 la 
Int (2500 x log (9)) +1, an ■ 


vao may Int(2003xlog(ll)) + 1, Sn Irtri CU GU 

CD An 0§J, may hien ket qua bang 2086 . 
[iog(9 2500 )] + l=[2500.1og9] + l. Nhap vao may 


may hien ket qua bang 2386 . 

Nhu vay ll 2003 < 9 2500 . Dap an A sai, loai A, 

* Phucmg an B: SÓ chu só cua 23 693 la [log[ 23 693 )[] + l = [693.1og23] + l. Nhap vao 


may Int (693xlog(23)) +1, an Hi l±j \§i © CS 


An 


fel, may hien ket qua bang 944. 
















ta Math A 

IntC60i>log(25)t> 
_839 


H Mith A 

Int(445xlog(29)k 
_651 

— ~ s Sasn 

Int(523xlog(31)k 
_780 


STUDY TIPS 

Ta thay p +1 có 227832 
chu só, vąy p có bao nhieu 
chu só? Lięu van la 227832 
chu só hay suy bien cón 
227831 chu so? Ta thay 
p + 1 la luy thua bąc cua 2 
nen so tan cung chi có the la 
1,4 ,6 hoąc 8. Khi tru di 1 thi 
se la 1, 3, 5 ho?c 7. Nen só 
chu só khóng b| suy bien. 
Hay nói cach khac, p va 
p + 1 có só chu só bang 
nhau. 


0 M&th A 

Int(1642xlog(5)i> 
_ 1148 


Phan 2 - Chi dl 5; Ham so 10v thte - 


mu ™ Scgarit 


So chCr so cua 25 la log(25' ! - i ! 600. log( 25)" • i. Nhąp vao may 
Int(600xlog(25)) +1, an @ 03 (U QD GD SI (Ę§) © {$} Q] Q] ffl S. An (=}, 


may hien ket qua bang 839. 

Nhu vay 23° 93 > 25 600 . Dap an B sai. Loąi B. 

* Phucmg an C: So chu so cua 29 445 la jjog (29 445 )j +1 = [445. log (29j] +1 . Nhap 

vao may Int(445xlog(29)) + l, an @ GB 123 (23 (U g) (Sjj) 121 [1] CI] Q] ffl Q]. 

An j=J, may hien ket qua bang 651. 

So chu so cua 31 523 la [log(31 523 )] + l = [523.1og3l] + l. Nhap vao may 

Int(523xlog(3l)) +1, an ®S fflH3!l]CD ® @ Ul (U (Tj CO 00 CD. An ©, 

may hien ket qua bang 780. 

Nhu vąy 29 445 < 31 523 . Dap an C dung, chon C. 

* Phucmg dn D: Do C dung, nen D la dap an sai. Loąi D. 

^__ _ _ Dap an B. | 

j Vl 2: So p = 2 756839 -1 la mot so nguyen to. Neu viet trong hę thąp phan, so dó | 
i có 

A. 227831 chu so B. 227834 chu só j 

C 227832 chu so D. 227835 chu só 

—-■ — - J | 

LM giął I 

Tu p = 2 756839 -1 —> p +1 = 2 756839 . 

Só chu so cua só p + 1 la [log(p + l)] + l = [0og(2 756839 )] + l = [756839.1og2] + l. 

Nhąp vao may Int(756839xlog(2)) + l, ah @D 00 0 OD (U CD U] [10 13 UD 
tu CD Cl ■ An ©, may hien ket qua bang 227832. 

0 Math A : 

Int(756839*logO 
_ 227832 

Vąy so p + 1 có 227832 chu só, nen só p cung có 227832 chu só. 


__ Dap an C. 

j Vi du 3: Cho tóhg M = C^3 1€42 +Cj 642 3 1641 2+C 1 2 642 3 1640 2 2 viÓłH 

| M duói dąng mót só trong hę thąp phan thi so nay có bao nhieu chu só? j 

j A - 608 ^ B. 1148 C 2610 D. 911 

'Lol giai 

Xet khai trien (x + y) 1642 =C 1 ° 642 x 1642 + C\ M2 x VAl y + C 2 lfA2 x l640 y 2 +... + C^y 1642 
Vói x = 3,y = 2 thi ta có: 

51642 =( 3 + 2 r =C 1 ° 642 3 1642 +C, 1 642 3 1641 2 + C 2 642 3 1640 2 2 + ... + C^2 1642 = M 
Vąy só chu so cua M = 5 1642 la log[M] + l = [log(5 1642 )] + l = [l642xl og 5] + l. 
Nhąp vao may Int(l642xlog(5)) + l, arn H ffl (Tl fi] Ul m g| § gl [T] [T] ; 
GB CD • An |=j, may hien ket qua bang 1148. 
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Dap an B. 
















Ta thay só 2 2 ” khóng the 
tan cimg la nen so chu so 
cua F 13 =2 2 ” +1 cung chinh 

la so chu- so cua 2 2 ‘ 5 trong 
hę thąp phan. 


2 ^ ^ x j. qq (2 "0 i 


2233861 


' Vi du 4: Nha toan hoc Phap Pierre de Fermat la ngtrai dau tłen dna ra khai nięm 
sd Fecmat F =2 r +1 la mot sd nguyen to vói n la so duong khóng am. Só cliii 

so cua F 13 trong hę thąp phan la 


A, 1243 


C, 2452 


ii, 2467 


SÓ F 13 có dang 2 2 ' 3 +1. Só chu só cua la log(2 Ł j -:-l-[2Alag2j + l 
Nhąp vaomay Int(2 13 xlog(2)) + l, an StóMj i+j ijb iJŁI ioJ iSj SI uśJ tx) 03 


SIUDY TIFS 

Tóng quat: Cho n lamotso 
nguyen dtrcmg. Khi dó, sd 
chu so cua cac so 2” +1 va 
2" -1 cung chinh hang sd 
chu sd cua 2”. 


Int(74207281x1o* 


An dD, may hien ket qua bang 2467. 

Nhu vąy, só chii so cua 2 2 ” la 2467 chur só nen só chu- só cua F 13 = 2 Z +1 cung 
la 2467 chii só. 

Ł^S.jp -tŚ-R 2 Ja 

. • ~ Dau nam 2016, Curtis Cooper va cac cęng su nhóm nghien curu Dąi hoc | 

Central Missouri, My vira cóng bó so nguyen tó lón nhat tai thói diern dó. Só | 
i nguyen tÓ nay la męt so có gia tri bóng M = 2 74207281 -1. Hói so m có bao nhieu | 
i chii só? 

I A, 2233862 B. 22338618 C 22338617 D. 2233863 

I,ói giai 

Tir M = 2 74207281 -1 —> M +1 = 2 74207281 . 

Só chii so cua M + l la [log ( 2 7 “)] +1 = [74207281. lo g 2] + l. 

Nhąp vao may Int (74207281 ><log(2.))+ 1, angffi® 00 GD QD GD GD lU l£3 

s® ta mes asm. 

An [Ej, may hien ket qua bang 22338618. 

Vąy so chii só cua M la 22338618. 

Dan an B. 


Yi g. Chuyęn ke rang: Ngay xira, ó dat nuóc An Dó có męt vi quan dang len 
nha vua mot ban co có 64 ó kem theo cach choi có. Nha vua thich qua, bao rang: j 
"Ta muón danh cho khanh mot phan thuóng thąt xńng dang. Vąy khanh thich j 
g i nao?". V| quan tau: "Hą than chi xin Bę Hą thuóng cho męt so hąt thóc thói ; 
a". Cu the nłur sau: "Ban có có 64 6 thi ó thu nhat than xin mot hąt, ó thu hai thi : 
gap doi ó dau, ó thu ba thi gap doi ó thu hai, ó sau nhąn só hąt gąo gap doi 6 lien 
truóc". Thoąt dau, nha vua rat ngąc nhien vi phan thuóng qua khi era ton, nhung 
den khi nguói linh vet sąch het den hąt thóc cuoi cimg trong klio gąo ciia trieu 
| dinh thi nha vua mói kinh ngąc ma nhąn ra rang: "Só thóc nay la męt só vó cimg 
| lón, cho dii có gom het só thóc cua ca nuóc cung khóng the du cho męt ban có 
| chi có vón vęn 64 6". Só hąt thóc ma nha vua can de ban cho vi quan la mot só có 
[ bao nhieu chii só? 

I a iG r 90 C. 21 D. 22 










STUDY T1PS 

Cho cap so nhan (uJ vói 
cong boi q * 1. Dat S„ = u, 
+u 2 +... + « j thi tong S n 
duoc tinii theo cóng thiłc: 

s 

^SS*3ŚE3S^^2S5^^^gg3j£3^g£J33g23?32HeS£S3 


Int(64xlog(2))+l 


Phan 2 - Ch» «ę 5: Hani so Buy fefta - mQ - iogai it The best gy noiliing 

So thóc ó Ó thu nhat la 1 = 2° hąt, a ó thu hai la 2 = 2 1 hąt, a ó thu ba la 4 = 2 2 
hąt, o o thu tu la 8 = 2 3 hat,.... Nhu vąy, tong quat ta có so thóc ó ó thu n se la 
2’- 1 hąt. 

Tong só thóc cua ca 64 ó se la S = 2 U + 2 1 + 2 2 +... + 2*” . Day la tong cua męt cap só 

, „ , ^ 2 °(l-2 64 ) 

nhan voi cong boi q = 2. Suy ra S = —1= 2 M -1 -> S +1 = 2 64 

1-2 

Só chu só cua S+l la [log(S + l)] + l = [log2 64 ] + l = [64.1og2] + l. 

Nhąp vao may Int(64xlog(2)) + l, an ®P§ GE) GD CS @0 @J [1] {Tj [7] Ej Q0 An 
(Mj, may hien ket qua bang 20. 

Nhu' vąy, so chu so cua S +1 = 2 64 la 20 nen só chu só cua S = 2 M -1 cung la 20 
chu só. 

D4p an B. 
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A/JK-WS 

ISsSS K.«fS4r I 


; .-i kf ni g 

4. P = 2019 
C, P = 2026 


Cho a >0,09*1. Tinh gia tri cua bieu thtic 


P = log j V«' +1 


E P = 2018 
D. P-2017 


11: Cho r >0 va lnx = »Ł Khi dó P — In -,/x\/x 


ducrc bieu dien theo m la: 


Cho a >0, a 9 * 1 . Tinh gia tri cua bieu muc 


p = log ^jaW' J + fl‘° g - c4 

A p = 53 b p = 53 r . p_ 53 D p= 53 
6 2 " 16 ' 3 

Gan 3: Cho a>0 / a^l. Tinh gia tri cua bieu thuc 


P = log r \jayjayja*sla 


4 P = — v, p = — C. P = — D. P = 
8 16 32 

3/ / 12^12 

Cau 4.: Vói a,b>0 thi bieu thuc —- - - bang: 


, „ x . , yfa + ^/oF yja-^fb 

Ca u 5: Yoi a, ^ > 0 thi bieu thuc —j= — 77 =- + -r=— - 1 = 


A.. 2-n/F + \jb 
C. -Alb 


'a -\fb 


a 3 (va 2 + 1 j 

C 0 a 6: Bieu thuc rut gon cua -5 - vói a> 0 


Canj 12: Cho log 3 m = a vói 0 < m 9 * 1. Tinh 
A = log m ( 27m ) theo a. Chon ket qua dung: 

A. (3—«)fl B, (3+«)« C. - O.- 

Ca« 13: Cho log a x = 3, log,, x = 4 vói a,b> 1. Tinh 

p = l°g* *• 

7 1 12 

A P = — B P = — C. P = 12 D. P = ~ 

12 ' 12 7 

Cln 14: Cho log & = -\/l3 . Tinh gia tri cua bieu thtic 


A = log 6 Źjab 2 , chon ket qua dung: 

a 

. 9 + \/l3 9->/l3 9 + %/l3 9-Vl3 

A, -. 15, - . i...- - - -• Lf, ---• 

12 12 2 2 

Cm 15: Cho log fl b = -2 va log, c = 5. Gia tri cua 

1 a ^ " 

ł°8^ la : 


4 _Ś 


D. 

5 


Cśot 16; Cho log„ b = 5 va log„ c- 3. Gia tri cua bieu 
thtic P =-—-bang: 


A. a-l 


a +1 IX 


a 3 -8a 3 b 


Catt 7: Rut gęn A = 2 -“ - 2 AA—_| 1-24j- -a 3 ta 

a 3 +2tfab+4b 3 ^ 

dirgc ket qua bang 

A. 2«-b 8 . fl + & C. 0 D. 1 

CEu 8 : Cho a,b > 0 ;a,& 9 * 1. Tinh gia tri cua bieu thii< 

P = log 2 \jbyjb\}b . log r-j= a 4 


Car. 17: Tinh log^, -t/łPc 4 theo log,, a =; 
log, c = y : 


5 + 4 y 

6;c 

5 + 3y 4 
3x 2 


„ 20y 

3x 

D. 20x + ‘ 


Ciii 18: Cho log 5 x = \/b . Tinh gia tri cua bieu thtic 
P = log 5 x 3 + log , x 4 + log 25 x 2 


7 7 

A- P = - B, P = - 
3 8 


7 7 

C p = - D P = - 
“42 


Cau 9: Cho a,b>0;a,b*l. Tinh gia tri cóa bieu thtic 

1 24 

p = fl log.(.c Sta ) +1 0 

a 

A, P = 25 B. P = 16 C. P = 24 D P = 26 

Gin 10: Cho > 0;a,b 9 * 1 . Tinh gia tri cua bieu thtic 

P = log 6 rt 2016 . —— + log a. log 0 10 
logf, 


A. P = i[E 
c. p=-Al 5 


B. P = 2^/5 
D. P = \/5+l 


Cau 19: Cho log^ (x + l) = 6. Tinh gia tri cua bieu 
thiic P = log 3 (x +1) + log 3 yjx +1 + logjg %/x + l 


p = — B P = ^ 
4 ' 3 


17 11 

P = — D. P = — 
2 3 
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so !uy thćfia - ma - ioearit 


2au 20: Cho a,b,c> 0 thóa man 4“ =6 b =9 C . Tinh gia 


tri cua bieu thiłc T = - + — 


A. T = 1 


B, T = - 

2 


I. T = 2 


2au 21: Cho x,y>l:x 2 + 9y 2 = 6xy. Tinh gia tri bieu 


thuc M = 


1 + I°gi2 * + 1 °gi2 V 
21 °g 12 (z + 3y) 


M = - 


Cau 22: 


B. M = l. C.M = ~. 

2 


M = - 


Cho 0<a^l va je > 0. 


3 

Neu 


lo g„ x = 2 lo §« 9 “ lo S» 5 + lo S« 2 thi 1 b ^ n 8 : 


A. — 

5 


D, 3 


B. - C. b 

5 5 

Cho Oca^l va * > 0. 


Neu 


lo S„ x = \ ( lo g„ 9 - 31 °g„ 4 ) thi * bang: 


8 


B. V2 


8 


D. 16 


Cau 24: Cho a,b,x> 0. Neu log 2 x = 5log 2 a + 4łog 2 b 
thi x bang: 

A. a 5 b* B. a*b 5 C. 5a+4b D. 4a + 5b 

Cau 25: Cho a,b,x> 0. Neu 

log 7 x = 81og 7 (fli) 2 )-21og 7 (a 3 fr) thi x bang: 

A. a*b 6 B. a 2 b u C. a 6 b 12 D. aV 4 

Dąrsg 2: Bieu dien cua rsiot gia tri Sogarii 

Cau 26: Cho log 5 = a. Tinh log — theo a : 

A. 2 + 5 a. B. l-6a. 

C. 4-3a. D. 6(a-l). 

Cau 27: Cho a = log 2 3. Tinh gia tri cua bieu thuc 
P = log 2 18 + log 2 21 - log 2 63 theo a : 

A. 2 a. B. 1 + a. C. 1-a. D. 2-a. 

Cau. 28: Cho a = log 2 3; b = log 2 5. Chon ket qua dung: 

A. log 7 ^360=- + ia + ifc. 

3 4 6 

B. log, ^360 =—+—a+ —b. 

2 6 3 

C. log 2 ^360 = - + -a + -b. 

2 3 6 

D. log 2 V36 0=- + -a + -b. 

6 2 3 


49 


Cau 2.9; Cho lo g25 7 = a va log, 5 = b thi log ^- — tinh 

theo a,b la: 

12ab - 9 


A. 


„ 12ab +9 

C. -. 

b 

LOVEBOOK.VN 


12a + 9 
a 

12 ab+ 9 


Cau 30: Cho log 30 3 = a va log 30 5 = b thi log 30 1350 
tinh theo a, b la: 

A. 2a + b + 2. B. a + 2b + l. 

C. 2a + b + l. D. a + 2b + 2. 

121 

Cau 31: Cho log 49 ll = a va log 2 7 = b thi log^-^- 
tinh theo a, b la: 


A. 12a + —. B. 12 b+~. 
b 


9 9 

C. 12a- — . D. 12& ——. 
b 


a o a 

Cau 32: Dat a = log 31 7,b = log 7 13. Chon bieu dien 

403 ' 

7 


dung cua log 49 

( 

A- log. 


theo a va b 


C 


403' 

| ab + a + 1 

7 2 

2 a 

4031 

ab + a-l 

7 J 

la 

4031 

i a+b+1 

. 7 J 

2 a 

403' 

| ab-a + 1 

. 7 , 

) 2 a 


• lo g 4 . 


D - l0 g 4 9 ^ 

Cau 33: Cho ln2 = a va ln 3 = Ł>. Gia tri cua 

B = ln— + ln— + ln— + ... + ln- theo a va b bang: 

2 3 4 6912 6 

A. -8a-3b. B. 8a + 3ł>. C. 8a-3b. D. Sa + 3b. 

Cau 34: Dat a = log 2 3,b = log 2 5,c = log 2 7. Bieu 

dien log 60 1050 theo a,b : 

1 + a + 2b + c 


A. log^ 1050 = 

B. lo g60 1050 = 

C. lo g(i0 1050 = 

D. log Mj 1050 


14- 2 u + b 
1 + a + 2b + c 
2 + a + b 
1 + a + b + 2c 
1 + 2 a + b 
1 + 2a + b + c 


360 2 + a + b 

Cau 35: Dat a = log 2 3 ,b- log 3 5 ,C = log 7 2 . Bieu dien 
log ]40 63 theo a,b,c: 


p, Zac + 1 

B. 

2ac + l 

abc + 2c +1 

abc + 2c -1 

r . 2ac — l 

D. 

2 ac + l 

abc + 2c +1 

abc - 2c +1 


: Xet tmh dung ■ 
chu’a mu va Sogarii 

Cau 36: Vói moi so a, b > 0 thóa man a 2 +9b 2 =10 ab 
thi dang thiic dung la: 

A. log(a + 3b) = loga + logfr 

B. log(a + l) + logf> = l 

C. 21og(a + 3ł>) = loga + logfc 

D. log a + 3b = lo g a + ł °gb 
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Iho a > 0, b > 0 va a 2 +b 2 = 1598 ab . Dang 


Tim dieu kięn de cac so a,b de 


a* < a* 


thiłc nao sau day diing? 


log = - (log a + log b ) 

log = log a + log b 

' io S^ ; f = j( k, S a + lo S b ) 

K log - 2 (log a + log b) 

38; Clio a > 0, b > 0 va a 2 + b 2 


23ab . Dang thiłc 


nao sau day diing? 



Cau 39: Cho a,b> 0 thóa man a 2 +b‘ =34 ab. Męnh 
de dung la 

A. log 6 (a + b) = 1 ■+ log 36 a + log* b 

B. log 6 f^j = log 6 fl + log 6 b 

C. 21og 6 (a + b) = łog 6 a + log 6 b 

iy log 6 j = 2 (log 6 a + log 6 b) 

Cau 40: Xet cac męnh de 

/1 f 1 a 1 - 7 

(l).|ij <|i (ll).4^<4 2 ' 23 

Męnh de nao dung? 

A. Ca (i) va (li) deu sai 

B. (i) sai, (II) dung. 

C Ca (i) va (li) deu dung 

D. (i) dung, (li) sai 

-J2_ O Ą 

Cau 41: Neu a 3 >a 2 va log,, ^ < log, - thi 

A. 0 <a<l,b>l B. 0<a<l,0<b<l 

C. \<a,b>\ C l<a,0<b<l 

H — / i— r-\ ( f—\ 

Cau 42: Neu a 7 <a 8 va log,,(y2+v5j>log„(2 +y3J 


A. a>\,b>l 
C a>l,0<b<l 


B. 0<fl<l,b>l 
D. 0<a<l,0<b<l 


log„ 3 < log, 4 

A. a > 1,0 < b < 1 B, a > l,b > 1 

C. 0 < a < l,b > 1 D. 0 < a < 1,0 < b < 1 

Ou 44 : Cho a,b la cac so thuc duong va a*l. Khang 
dinh nao sau day dung? 

A log g (a 2 + ab ) = 2 + 2 łog, (a + b) 

B. log^ (a 2 + ab) = 4 log, (a + b) 

C. log r, (a 2 + ab) = 1 + 4 log, b 

D iog^ (a 2 + ab) = 4 + 2 log, b 

Caa. 45 Cho cac sd duong a,b,c va a ^ 1. Khang dinh 
nao dung? 

A log,, b + log,, c = log (b + c) 

B. log, + log, c = log,, |b - c| 

C. log„b + log„c = log„(bc) 

D. log, b + log,, c = log, 

Dąsig 4: 'Hm so eh£s so cusa mm iOy łbie* 

Cau 46. So sanh nao sau day la diing? 

. ^7123 > 75864 g g 7123 < 75864 

2 400 < 2 500 -n 4 t7<1 ° > 9 1200 

Ci« 47: Ngudi ta quy uóc lg* va log* la gia tri cua 
log 10 % . Trong cac linh vuc ky thuąt, log * dupc su 

dung kha nhieu, ke ca may tinh cam tay hay quang 
pho. Han nua, trong toan hoc, ngudi ta su dung log* 
de tim sd chu sd cua męt sd nguyen duong nao dó. Vi 
du sd A có n chu so thi khi dó n = [log A[ +1 vói 

[log A] la sd nguyen lón nhat khong vuot qua A . 

Hói sd M = 2017 2017 có bao nhieu chu sd? 

A. 9999 B. 6666 C. 9966 D. 6699 

Cau 48; Cho tong M = C 2020 + C) 020 + C 2020 + ... + C 2 ““. 
Khi viet M duói dąng mot so trong hę thęp phan thi 
sd nay có bao nhieu chu- so? 

A. 608 3, 609 C. 610 D. 611 

Cau 49: Goi m la sd chu sd can dimg khi viet so 2 30 
trong hę thap phan va n la sd chu sd can diing khi viet 
sd 30 2 trong hę nhi phan. Ta có tong m + n la 
A. 18 B. 20 C. 19 D. 21 

Cau 50: Cho a,b la hai sd tu nhien lón hon 1 thóa man 
a + b = 10 va a n b 20Wl la mot sd tu nhien có 973 chu sd. 
Cap (fl;b) thóa man bai toan la 

A. (5; 5) B. (6; 4) D. (8; 2) D. (7; 3) 




Chu de 6: Ham so iuy thćta - Hani so mu - Hani sa logarit 



va tfnh gia tr| cóa bilu Mc 


mu va loearif 


Cau 1: Dap an A. 


L 210 ^ 6 ) 


. An 


Nhąp vao may log A , ^/a*"| + (i/a) 
may hói A? An GD (A = 2). An (H), may hien ket qua 


182 

5 


log ń2 nń 4 J + CJA> 


182 

5 


Cau 2: Dap an D. 

Nhąp vao may P = log^- ^i/aa/aG j + a' 08 ^ . An 
!SSi£l/ may hói A? An QFS (A = 2 ). An (HO, may hien 
ket qua ^. 


0 Math A 

log^-Uń iń 2 J+ft 

53 

_ 3 


Cau 3: Dap an A. 

Nhąp vao may log 


'Ja 




. An 


may 


hói A? An [1] (A = 2). An (5Q, may hien ket qua bang 


15 

8 


t “ Mar ti a 

1 Og^nr l i A /h J H-tW J 


15 

8 


Cau 4: Dap an B. 


Phuang an A: Nhąp vao may 


tlslA u B i2 


B 


. An 


/ may hói A? An GD (A = 2). An g), may hói B? 

An [3] (B = 3) . An HU, may hien ket qua bang -*0. 

6 

Loai A. 


Z 'l]ńl2 B 12 

14 B 5 

_ć_ 


( j/agĘ) ' 


R 

• Phuang an B: Nhąp vao may — ■ - ; - r . An 


UD, may hói A? An LU (A = 2). An (=), may hói B? 
An [3] (B = 3) . An (HO , may hien ket qua 0. 




Dung CALC vói mót vai gia tri A,B khac ta deu nhąn 
dugc ket qua bang 0. Chon B. 


3 |fal2 B l£ b 

(teł* ~ ń 


o 


\l-\l A i2 R 12 

- Phuang an C: Nhap vao may ■ -A 5 B 10 An 

SD, may hói A? An GS (A = 2) . An g], may hói B? 
An Ij.) (B = 3). An |Sj. may hien ket qua bang 
—1889566,5 ^0. Loąi C. 




C^/aSb)' 


Ms.th A 

,3 n 1U 


889566.5 


A n B u 1 

- Phuang an D: Nhąp vao may —■ ■ ■■ - -. An 

AB 


Cb) 

may hói A? An C1D (A = 2). An Osj, may hói B? 
An i.3j (B = 3). An (=), may hien ket qua bang ■ 
Loai D. 


,4 ńB 4 

_ 2 . 


( 4 /ń3 B )' 


Cau 5: Dap an A. 

- Phuang an A: Nhąp vao may 

y ^/a + Vb ^a-Vb 

-2y/A - n/b . An śffilć], may hói A? An [a] ( A = 2). An 
LsO, may hói B? An GD (B = 3j . An g], may hien ket 
qua bang 0 . 

Dung CALC vói męt vai gia tri A,B khac ta deu nhąn 
duoc ket qua bang 0. Chon A. 


Ją -Je 

4 Ja+ 4 Jb 4/a- 4 /b 
_ 0 


- Phuang dn B: Nhąp ^ ^ - 2 t[X 

V A+ifB ^A-^B 

+i/b . An (SS|, may hói A? An GD (A = 2). An p], 
may hói B? An Gil! (B = 3). An fi] , may hien ket qua 
bang 2,632148026 * 0 . Loąi B. 


__ « _ _ Matu A 

jŁtW ^~/b . 
4/ń+4/e 4,^-4 /b 
_ 2.6321480 26 
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An 


. T1 „ 4X + i[AB , VA-\/S , 

- phwng an C: Nh?p «r t wab 

fm, may hói A? An ii] (A = 2 ). An (Si, may hói B? 
An [ 3 ) (B = 3) . An [=1, may hien ket qua bang 
5,010562256 ^ 0. 


S_ Matij . 


5.010562256 


,/Tj-i/AB W-S r— ~ 

- Phuong dn D: Nhąp ^ ~ ^ A ’ A ° 

pX:j, may hói A? An Q0 (A = 2). An (5j, may hói B? 
An js](B = 3). An (£§], may hien ket qua bing 
2,505281128 *0. 


"" i Ms.th A 

jgyyńB ■/ift-Js' , 

4 pt+ 4 jb 

2.505281128 


C0.1t 6 * Oap Ad B. 

A^(VA F + ^A :r ) 

Nhap vao may —5 -■ An jCAtó], may hói 

A? An [i] fjj [3] (A = 2,3). An G§1, may hien ket qua 

10 
13 ' 


B Mxtfa A 


A 




10 

a 


13 10 

- Phuong dn A: V6 i A = 2,3 —» A -1 = — ^ — • 

1U ló 


- Phuong dn B: Vói A = 2,3 —> 


1 


J_ = 10 
A-l " 1,3 “ 13' 
33 10 

-Phuong dn C: Vói A = 2,3->A + 1 = — * — ■ 

, „ , r/ . „ 1 10 10 
- Phuong an D: Voi A = 3 —> -= — * ■ 


A + l 33 13 


Ott 7‘ an C. 


^3 _ g^3g A , _ 

Nhap vao may — - - j ■ An (CALt,!, may hói 

A 3 + 2\/aB + 4B 3 

A? An (W; (A = 2). An QI|, may hói B? An [fj (B = 3). 
An ;3, may hien ket qua -2,046840134 ganvaobien 
nhó D (Ans - > ! l). 


ftns+D 


- 2.046840134 


Nhap vao may 


fe T 1 - . 

1 _ 23 /— . An (ayjj, may hói B? An 

V ’ A > 

[si (B = 3). An (S), may hói A? An Q0 (A = 2). An 
■ET;, may hien ket qua -0,7755373885 gan vao bien 
nha E (Ans —?* E^. 


S Msth . 


ńns->E 

- 0 . 7755373881 : 


Nhap vao may DxE — A 3 . An ;jsj, may hien ket qua 

bang 0 . 




: Ta khóng the nhap het vao man hlnh may tinh bieu • 


! thuc —- 


A 3 - 8 A 3 B 


A 3 + 2\/aB + 4B 3 


1—2?/— I —A 3 vi vuat qua ś 
A 


* só ki tu có the nhap vao may. Vay, nen nhap vao tung 


I , ... , , A 3 - 8 A 3 B 

; bieu muc — -- 7 va 


A 3 + 2\/aB + 4B 3 


B 5 

1-2, 3 — . Sau dó « 

v ^ A J i 


| CALCvói A-2,13-3 roi łan luot gan cac ket qua vao f 
I bieh nhó D, E. Khi dó gia tri cha bieu thuc can rut gon jj 

i (khiA = 2,B = 3) la DxE-A 3 . j 

Caw S‘ Dap 4n A, 

Nhap vao may log A2 ^B\/B\/b j x log^ę-^, (A 4 (. An 
icKt . may hói A? An gj (A = 2). An ©, may hói B? 


A 11 Q0 (B = 3). An ©j, may hięn ket qua 


, 7 


S Młth &. 

109^2 

7 


Can y- Ł>ap kr- C. 

Nhap vao may A 


log»(l"Bn( A )) 


+ 1 o Sb -£■ -^ n •ml / may 


hói A? An fj] (A = 2). An ©, may hói B? An Ol! 
(B = 3). An ©, may hien ket qua 24 . 


13 M&th A 




C:a« 10: Dap a xt ’ 


Nhap log B (A 2016 ) x ^ ^ ■ + log (A) x log A (10). An 

■StCi , may hói B? An [gj (B = 3). An ■-}, may hói A? 
An 03E303 (A = l,l). An (§0, may hięn ket qua 


2017. 


O Math A 

log B Cń 2016 )x x5i i> 
_2017 












.lam só iuy tb 


iam so mu — Ham so logarit 


Caa 11: Dńp an B. 

Chon m = 2, 5 —> x = e 2,5 . Gan 2,5 —» M va e 2,5 -> X . 


he feest or notning 

3 +A 


Phucmg dn C: Nhąp log M (27M)-i—. An 

A. 


=1 


M B Math A 

2.5*M 

5 

2 

M 0 Math A 

£ 2 " 5 -*X 

12.182493% 

may hien ket qua bang 0. Chon C. 


M 0 Math A 

log M C27M)-^ a 




0 


- Phucmg an A: Nhąp vao may ln | \/xa/x j 

IsD, may hien ket qua bing - ^ 0 . Loąi A. 

8 


M + l 


.An 


- Phuang dn D: Nhąp log M (27M) - —~. An (=0, 
may hien ket qua bang 2*0. Loąi D. 


lnCW)-^ 


M B Math A 

log„(27M)-^ 


2 


- Phuang an B: Nhąp vao may ln^\jx^/x j- 
iu, may hien ket qua bing 0. Chon B. 


3M 


. An 


in usosn-a 


- Phuang an C: Nhąp vao may ln^X%/x 
l=J, may hien ket qua bang - — * 0. Loąi C. 


4M 


. An 


Cau 13: Bap an D. 

Tir log fl x = 3,log fc x = 4 -> x = a 3 = b 4 . 

Chon x = 2,5 ~>a = ź[2J5 va b = ifl,5 . Gan 2,5 ->X, 
\j2^5 —> A va 

Nhąp vao may log AB (x) . An (10, may hien ket qua 
bing —. 


24 




35 

24 


loo ńB (X) 


12 

7 


-Phuangan D:Nhąp vaomay ln^VL/x Xn 

UD, may hien ket qua bing 1*0. Loąi D. 


Ca« 14: Bap an A. 

Tir log o b = \Jl3 -^b = a^ 3 . Chon a = 2,5 —> b = 2,5 ^ 
Gan 2,5 —» A va 2,5 1 ® —> B. 


InlłŹW)-^ 


2„5*A 


2.5^+B 


Cau 12: Bap an C. 

i 

1 -__*=_! 1- 

- Phuang dn A: Nhąp log B |a/aB 2 j - — 

Chon a = 2,5 —> m = 3 2,5 . Gan 2,5 —> A va 3 2,5 —> M 

may hien ket qua bing 0. Chon A. 

2.5+A 

M 0 Math A 

3 2 " 5 +M 


M . _. a Math A 

log E l 7AB z J-^h 

5 

£ 

15.58845777 


ń 

0 


27.21404545 


12 


'•An (U, 


- Phuang dn A: Nhąp log M (27M)-A(3-A). An CD, 

, , X9 

may hien ket qua bang — * 0. Loąi A. 


- Phuang dn B: Nhąp log B (a/aB 


9-n/13 


12 


• An 


log M (27M)-AC3-A) 


19 

20 


may hien ket qua bang 0,6... * 0. Loąi B. 


logęl ~j'AB z J 
_ H 0.6009252126 


- Phuang dn B: Nhąp log M (27M)-A(3 + A). An GD, 
^ , 231 

may hien ket qua bang - ^ 0. Loąi B. 


log M (27M)-ń(3+ń) 

231 

_ 20 


- Phuang dn C: Nhąp log B (a/aB 2 j - ? + . An 

may hien ket qua bing -5,25... * 0. Loąi C. 


logeUAB* J- 34 * 
M -5.252313031 
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M 


- Phwang an D: Nhąp logj A n2 


may hien ket qua bang -1, 64... ^ 0. Loąi D. 

. * [2 M&tii . 

logg^ iab* i : y 
S -L646ffi 


An 


Th log n b = — 2, log 0 c = 5 —» b = « ‘ va c-a . 

Chpn a = 2,5 b = 2,5 ~ 2 va c = 2,5 5 . Gan 2,5 h>A, 
2 , 5~ 2 ->B va 2,5 5 -»C. 


Nhąp vao may log^ 


ł/Ć 


An may hien ket 


qua bang — — • 


l09 ń 


ńJB 
fĆ 


IsJ 


Casaf 1.6: Bap an A. 

Tif log„ b = 5,log 0 c = 3 -» b = n 5 va c = a 3 . 

Chan a = 2,5 —» b = 2,5 5 va c = 2,5 3 . Gan 2,5-» A, 
2,5 5 ->Bva 2,5 3 -»C. 

log^log^fA^C)) ^ 

Nhąp vao may -- - -• An ©, may hien 

ket qua bang 9._ 


3-- § Ms.th ~Ł 

. 1.03.,^ | 1 C.'~:rf Al 

-- -g—— 


Caii 17: Oap an A. 

Tu log,, a = x, log 6 c = y-^a = b x va c = b y . 

Chon b = 2,5;x = 2 va j/ = 3. Khi dó a = 2,5‘ va 
c = 2,5 3 . Gan 2 , 5 2 -»A, 2,5^>B, 2 , 5 3 ->C va 
2 —>X, 3-»Y. 

/ /-T\ 5 + 4Y 

- Phmng an A: Nhąp vao may log A , 

An *"H;, may hien ket qua bang 0. Chon A. 

-“- [3 M-.th A 1 


log. 


.("JFćN-T 

o 


Phmng an B: Nhąp vao may log A2 j - 


20Y 

3X 


An ©, may hien ket qua bang - ^ * 0. Loąi B. 


-n-- 1 MMh A 

iog A 2 nB 5 c 4 J-^ 

H 103 

12 



- Phwang an C: Nhąp log A Ą\k 5 C 


77 

|, may hien ket qua bang —— * 0 . Loąi C. 

4 

-y - -* B M&th Ł 

log ń2 UB & C ł J- s i> 


i / 

4 


20Y 


- Phwang an D: Nhąp log A , ^ł/5*C* j-20X — • An 

703 

@, may hien ket qua bang —* 0. Loąi D. 


log ń 2 L'lB 5 C 4 J-St' 

703 

12 


r is- n? 


Th log 5 x = ł/5 —> x = 5^ • Gan 5 


^-»X. 


5^*X 


IR.67551778 


Nhąp vao may log 5 (X 3 ) + log i (X 4 ) + log 25 (X 2 ) . An 

25 

[Sj, may hien ket qua bang 3,419951893 = 2\[5 . 


m H Math A 

3.419951893 


De tim x thóa man log 5 x = \[Ś ta cung có the dung - 
lenh SOLVE de giai phuong trinh. Nhąp vao may j 
l°g 5 (X)-ł/5. Xn Uli Iclcb may hói Solye for X, nhąp j 
!7j [ 0 ]. An H], man hi nh hięn nhir sau : 

!og 5 (X)- w 4 l ś 
X= 15.67551778 
L-R= _Q 


Vąy ta tim duoc x = 15,67551778. Gan gia tri nay vao . 
j X, an iS® fe3 liJ (Ans —> X) • 


■ j 


Clku 19: t/śp an. C, 


Th log fi (x + l) = 6 ->x + l = (-JUj = 27 -> x - 26 . 
Gan 26 ->X. 



S M?.th A 

26+X 


26 

Nhąp log 3 (X 

+ 1 ) + fog 3 (>/x + l) + log^ 

A ^ , h 17 

Oli / may hięn ket qua bang — • 


logsCK+D+loggU 

17 

2 


■| fp. 1 T. ^ C\ ; j |A _ V N4 ■ 












Tir 4“ = 6 b = 9 C = t -> 


«_au 20: Bap an C. 

a = l°g 4 t 

b — log 6 1 . 
c = log 9 t 

Chon f = 2,5 thi a = log 4 2,5; fc = log 6 2,5 va 
c = l°g 9 2,5 . Gan log, (2,5) —» A, log 6 (2,5) ->• B va 
log 9 (2,5)->C. 

Nhap vao may — + ^ . An (Hj, may hien ket qua 
bang 2. 


m marn a 

log ń CX)-5log ń (^> 
_-1 


Phuang dn C: An fckę), may hói A? An QJ] (A = 2). 
An (U, may hói X? An [B ffi SB [ X = |j . An (§), 
may hien ket qua bang 0. Chon C. 


log A ao-ilog ń (^ 

__0 


B B 
A C 


a Math i. 


Cau 21: Bap an B, 

Chon x = 2 -> 9y 2 -12y + 4 = 0 . An gópg QD(EQN) 0] 
de giai phuang trinh bac hai. Nhąp vao cac hę só 
(a — 9.b = — 1= 4.1 An 2 


Phuang an D: An touę], may hói A? An [2 ] (a = 2] 
An gj, may hói X? An 0} (X = 3) . An g, may hien 
ket qua bang 1,32... * 0 . Loąi D. 


log ń (X)-|log ń (ę> 

_L321928095 


M 

0 Math 

t 4 3 

-13 3HŚUJ] 

4 


X= 


2 7 
-V = - • Gan 2 —»X va - 

3 3 


► Y. 


Cau 23: Dap an A. 

Chon a = 2 . Nhąp log A (x)-±(log A (9)-31og A (4)) . 
- Phuang an A: An jcŁcj , may hói A? An [I] (A = 2). 

An UJ, may hói X? An 0]® js] (x = | j . An g). 


2^X T ^ 

0 Math A 

bl 

2 

3 

may hien ket qua bang 0. Chpn A. 

___2_ 


0 Math A 

log ń CX)-^(log A ci> 

han ^ + ^ 0 §n(^ 

: ) + 1o Si 2 (y) - 


0 


hien ket qua bang 1. 


21og 12 (X + 3Y) 


, , IS Math A 

l + logigt^j+ło-g! 
2109 12 (X+3Y^ 

___I. 


•-=- v** ~r 

An (D, may hói X? An © © (x = . An g], may 

hien ket qua bang 1,91... * 0 . Loąi B. 


Cau 22: Dap an C. 

Chon a = 2 . Nhap vao may: 

log A (X) ■- \ log A (9) + log A (5) - log A (2). 

- Phuang an A: An jegęj, may hói A? An © (A = 2). 
An |j§), may hói X? An 0) ® © j^X = |j . An gj, 
may hien ket qua bang -1,58... ^ 0 . Loąi A. 


log A <X)-^(log A n> 
- 1.915037499 


Phuang an C: An te], may hói A? An [aj (A = 2). 

An ©, may hói X? An GS (X = 8) . An gj, may hien 
ket qua bang 4,41... * 0 . Loai C. 


“ matn a 

log ń CX)-^(log ń i> 

_ 4.415027499 


log A (X)-|log ń (^ 

_ -1.584962501 


- Phuang dn D: An ImlĆI , may hói A? An [I] (A = 2). 
An ©, may hói X? An [T] @j(X = 16). An ©, may 


- Phuang dn B: An (oślę), may hói A? An faj (A = 2) 


A? An © (A = 2). 

j UJ Math A 

( 3 ) ~ 

log A (X)-^(log A tk 

j( x = -J.An g. 

5,415007499 
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Cau 24: Dap an A. 


















Chon a = 2,5 va b = 3,5. 

Nhąp vao may log, (x)-5iog 2 (Aj —41og 2 (B). 

- Phuang an A: An @50, may hói X? An iI@3ś<A[S 

sj mmmemmm (x=a 5 xb 4 ). x n s, 

may hói A? An (i] Qj QTj (A = 2,5). An (5), may hói 


■3,5). An (Sj, may hien ket qua 


bang 0. Ch(?n A. 


0 Math A 

*0 iP-ort n“‘ y % 1 f A K 


lQ9 7 CX)-8Iog 7 lńs> 

-4,20858192? 

- Phuang an B: An iafcl , may hói X? Ars 'afty fy! §3 S3 
(Ul E3 @ CD GD CD (X = A 2 x B ]4 ) . An [Aj, may hói 

A? An ijj CD OD (A = 2,5). An (SI, may hói B? An 
m CO GD (B = 3,-5}. An Ej, may hien ket qua bang 0. 
Chon B. 

log 7 (X)-81og 7 (Ai> 


- Phuang an B: An tajgi , may hói X? An (atMili<->j \xA 
(30 [Tj gj p|| Q fgj {$] C0 (x = A 4 xB 5 ). An @, 

may hói A? An (2j 0 113 (A = 2,5) . An g§], may hói 
B? An d3 Ej CCI (B = 3,5). An (ssj, may hien ket qua 
bang 0,48... 0 . Loąi B. 

0 HatiTZ 

lo9 2 CX)-51og 2 CAi> 

0,4854568272 

- Phuang an C: An (Siej, may hói X? An Qfl (£§! O 
Q0 [4j 7 Ą] (X = 5A+4B). An Sj, may hói A? An 

® GD GD (A = 2,5). An ©, may hói B? An 
Si CD EJ (B = 3,5). An [S], may hien ket qua bang 
—9,11... a 0 . Loąi C. 

i Math A 

log 2 ^)-51og 2 Cń> 

-9.111139708 

- Phuang an D: An EEĆL may hói X? An S3@S§0 

£30 3 (X = 4A + 5B) . An (3, may hói A? An 

(SIS CS! (A = 2,5). An (=j, may hói B? An 
(D Gj [5! (B = 3,5). An lii], may hięn ket qua bing 
—9,05... ^ 0. Loąi D. 

E hb.tfi A 

lQg 2 (X)-51og 2 (At> 

-8.057700449 

CS:.?. 25: Dap an. B. 

Chon a = 2,5 va b- 3,5 . 

Nhąp vao may log 7 (x)-81og 7 (AB 2 ) + 21og 7 (A 3 B). 

- Phuang an A: An XAtC], may hói X? An ja?HĄ] @ 63 iii 
CD @3 ®3§ 53 © [30 CD (x = A 4 xB 6 ). An (S, may 
hói A? An Hf] S [f] ( A = 2, 5). An (Sj , may hói B? An 
[5] S (Sj (B = 3,5). An may hien ket qua bang 
Al,20... ^ 0. Loąi A. 


- Phuang an C: An gttśj, may hói X? An (sij# 53 © [51 

D3 SB g® S §5 CD 3.1 CD (x = a 6 x b 12 ). An (Sj , 

may hói A? An QFj S Tb] (a = 2,5). An @, may hói 
B? An Hf] Gj [SC (B = 3,5). An (SI, may hien ket qua 

bang 0,59... =£ 0 . Loąi C. 

0 StatiTZ 

log 7 (X)-81og 7 (As> 

_ 0. 5959 . 355 272,. 

- Phuang an D: An Siej, may hói X? An §§§ K~)j SJ [gj 
S3K8BE3@LCiPJLlj(x = A 8 xB 14 ). An [§j, 
may hói A? An (aj 0 [gj (A = 2,5). An jaj), may hói 
B? An [11 S (11 (B = 3,5). An gs], may hięn ket qua 
bang 2,82.. A 0 . Loąi D. 

log 7 (X)-81og 7 (Ai> 

2.825281729 

Dar?g 2- Bilu eilers dia m$t gia tri iogarit 

CS>! £6: Ddp Sn. D. 

Gan log 5 -» A. 

m 

- Phuang an A: Nhąp vao may log — - 2 - 5A . An 

G 64 j 

(Sj, may hięn ket qua bang -7,301029996 ^0. Loąi A. 

1 Ms.th A 

log(^)-2-5A 

-7,301029996 


- Phuang an B: Nhąp vao may log|^~J -1 + 6A . An 
0§), may hięn ket qua bang 1,387640052 ^ 0. Loąi B. 

0 Math Ł 

los (^0-1+6 A 
L387640052 


- Phuang an C: Nhap vao may log — — 4 + 3A . An 

[ 64 ; 

(Sj, may hięn ket qua bang —3,709269961 * 0. Loąi C. 
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log(^) -4+3A 


.709269961 


- Phuang dn D: Nhąp vao may log — - 6(A — l). An 

v 64 


f=~| , may hien ket qua bang 0. Chon D. 


log(^)-6Cń-n 


Cau 27: Bap an B. 

Gan log 2 3 —> A. 

- Phuang an A: Nhap log 2 18 + log 2 21 - log 2 63 - 2A. 
An (=), may hien ket qua bang -0,5849625(1)7 t* 0. 
Loąi A. 

a ffićtiTS 

log 2 C18)+log 2 (2i> 

-0.5849625007 

- Phuang dn B: Nhap log 2 18 + log 2 21 - log 2 63 -1 - A 

. An (Hj, may hien ket qua bang 0. Chon B. 

i mn 

log 2 (18)+log 2 (2i> 
_ JL 

- Phuang dn C: Nhap log 2 18 + log 2 21 - log 2 63 -1 + A 
• An (=), may hięn ket qua 3,169925001 * 0 Loąi C. 

0 Math i 

log 2 C18)+log 2 (2i> 

_:LIĆ9925Q0.L 

- Phuang dn D: Nhap log 2 18 + log 2 21 - log 2 63 - 2 + A 
. An (50, man hinh hien ket qua bang 2,169925001 t* 0. 
Loai D. 

_ Math A 

log 2 (18)+log 2 (2t> 

2.169925001 

Cau 28: Bap an C. 

Gan log 2 (3) ->Ava gan log 2 (5) —> B. 


- Phuang dn A: Nhap log 2 ($360 j- i - ~ A - i B. An 
\E\, may hien ket qua bang 0,2987468751 t* 0. Loai A. 

0 Matifri 

log 2 C ć ^60)-^ 

_ 0.2987468751 

- Phuang dn B: Nhap log 2 ($360 J — ^ - i A - B. An 
1=5] , may hien ket qua bang -0,122827599 t* 0. Loai B. 

0 Ms.th A 

log £ ( 6 7360) 

-0.122827599 


- Phuang dn C: Nhap log 2 (^360) — — — — A - — B. An 

' '23 6 

(Sj, may hien ket qua bang 0. Chon C. 

0 Mad A 

log 2 ( ć /360)-^-{ r> 

_0_ 

- Phuang dn D: Nhap log. $360 - i- ^A-^B. An 
(HO, may hien ket qua -0,3178150993 7* 0. Loąi D. 

0 Math A 

log 2 ( ć /360 )-£-{!> 
-0.3178150993 

Cau 29: Bap an A. 

Gan log 25 (7)->A va gan log 2 (5)->B. 

49 12AB — 9 

- Phuang dn A: Nhap vao may log^ —---. 

An (Hj, may hien ket qua bang 0. Chon A. 




- Phuang dn B: Nhap vao may log. 


49 12A + 9 


(=1 , may hien ket qua bang -23,50929185 7* 0. Loąi B. 

B Hath~A 

-23.50929185 


Phuang dn C: Nhąp vao may log, 


49 12AB + 9 


An (Sj, may hięn ket qua -7,752178045 7* 0. Loąi C. 

0 Matfc A 

-7.752178045 


Phuang dn D: Nhąp vao may log. 


49 12AB + 9 


An [sj, may hięn ket qua -39,37242899 ^0. Loąi D. 

0 Math A 

-39.37242899 

Cau 30: Bap an C. 

Ga n lo g3 o( 3 )^ A v agan log 30 (5)-> B. 

- Phuang dn A: Nhąp vao may log 30 1350 - 2A - B - 2 . 
An (=J, may hięn ket qua bang —1 # 0. Loąi A. 

0 Math A 

log 3O (1350)-2A-> 

_ il_ 

- Phuang dn B: Nhąp vao may log 30 1350 - A - 2B -1. 
An [Hj, may hięn ket qua -0,150189938 7*0. Loąi B. 
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1 og 30 C i 350) —ń—2 
-R.150139933 

— Phieang dn C: Nhąp vao may log 30 1350 — 2A — 
An G=i, may hien ket qua bang 0. Chon C. 


\ ~ 1 . 


log 30 U350)-2ń-f> 


- Phuang an D: Nhap vao may log 30 1350 A 2B 2. 
An (11, may hien ket qua —1,150189938^0. LoąiD. 


-10)-A- 2i> 


■1-1501399381 


Cau 31: Oap an C, 

Gan log 49 11 -> A va gan log 2 7 -» B . 

121 9 ** 

- Phuang an A: Nhąp vao may log^ — - 12A - —. An 
fsa i f may hien ket qua bang —6,411729368 =£ 0. Loąi A. 


1093^- 


121 

-1 

8 

J 


-fi.411729368 


121 9 ** 

- Phuang an B: Nhąp vao may log^ — - 12B - — • An 
SU, may hien ket qua bang —44,10761345 ^ 0. Loąi B. 

-12Ei> 




1-10761345 


- Phuang an C: Nhąp vao may log 
[Aj, may hien ket qua bang 0. Chon C. 


r — -12A + |. An 
^8 B 


log 3ff ( 1 | i )-12^ 

0 


121 9 

- Phuang an D: Nhąp vao may log^ — - 12B + — 
An L~J, may hien ket qua —14,89334118 c 0. Loąi D. 




.89334118 


Cay 32: Dap an 13. 

Gan log 31 7->A va gan log 7 13 -» B . 

- Phieang an A: Nhąp log 4 , 


.An 


- Phuang an B: Nhąp log 49 1 ^ 
may hien ket qua bang 0,7647203321 0. Loąi B. 


403 


AB + A -1 


log^; 


M&th Ł 

—~2Ń 


fi. 7647203321 


10949 (^)- 


MMh i. 

4031 ńB+A 
EK 

-1 


I hfcULJ I n-r LM 1 r 

- Phuang an C: Nhąp iog 49 1 — I-—— • An 

may hien ket qua bang —1,503997814 ^0. Loąi C. 


403^1 A + B + l 


Math & 

ń+B“V 


lC74<".( 4 7 J i 2 >v" 

-1.. 503997614 


- Phuang dn D: Nhąp log 49 | ^ j ^a 
,%, may hien ket qua bang 0. Chon D. 


403^1 AB-A + 1 


. An 


10949(^1 


.l&th 

.m=ź\ 

2:4 


0 


Cau 33: Oap an A. 

Ta có B = (lnl-ln2) + (ln2-ln3)+(ln3-ln4) + ...+ 
(In 6911 - ln 6912) = In 1 - In 6912 = - In 6912. 

Gan ln2 A va gan ln3 -* B . 

- Phieang dn A: Nhąp vao may -ln(6912) + 8A+3B • 
An Cl', may hien ket qua bSng 0. Chęn A. 


„ Mith A 

-lm(6912)+8ń+3B 

0 


-Phuangan B: Nhąp vao may -ln(6912)-8A-3B. 
An (A, may hien ket qua —1768202862 * 0. Loąi B. 


M*th A 

-ln(6912)-8ń-3B 


-17-682028621 


- Phieang dn C: Nhąp vao may -ln(6912)-8A + 3B. 
An OD, may hien ket qua -11,09035489 ^ 0. Loąi C. 


■ln(6912)-8ń+38 
-11.09035489 


- Phuang dn D: Nhąp vao may -ln(6912)+8A-3B. 
An GD, may hien ket qua -6,591673732 * 0. Loąi D. 


f 403 ^ AB + A +1 ^ 

~ ‘ B Math A 

-ln(6912) + 8A _ 3B 

{? J 2A 

-8-591673732 


Can 34: 0kp su 

Gan log 2 3 -> A, gan log 2 5 —» B va gan log 2 7 -> C. 
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- Phuong dn A: Nhąp log 60 (1050)-- +A+2B + C . An 

1 + 2 A + B 

may hien ket qua bang 0,1530976699 * 0. Loąi A. 
h H5rs 

10960(1050)-^ 

0.1530976699 

- Phuong an B: Nhąp l O g 60 (1050) - ł +A + 2B + c _ £ n 


2 + A + B 


Q, may hien ket qua bang 0. Chon B. 

0 Math A 

log 6O (1050)~4£i> 


- Phuong dn C: Nhąp log (1050) - —t A+B + 2C Xn 
~J, may hięn ket qua 0,07832289914 + 0. Loąi C. 

0 Math A 

10960 ( 1050 )-^ 

0.07832289914 


- Phuong dn D: Nhąp log^, (1050) 


1 + 2A+B + C 


2 + A + B 

t=], may hien ket qua bang 0,1247637115 * 0. Loąi D. 

0 Math Z 

10960 ( 1050 )-^ 

- 0.1247637115 

Cau. 35: Dap am A. 

Gan log 2 (3) -> A, log 3 (5) -+B va gan log 7 (2) -> C. 

- Phuong dn A: Nhąp log., 0 (63)- 2AC + 1 . An 

v ’ ABC + 2C + 1 
(=), may hien ket qua bSng 0. Chon A. 

"0 Math A 

1140(831~ń'ŚC+^ 
_ 0 


- Phuong dn B: Nhąp log 140 (63)-— ' C + 1 . An 

0140 v ’ ABC + 2C-1 

ID, may hien ket qua b4ng -3,108098667 + 0. Loąi B. 

0 Math A 

1o9 1 4 0 (63)-^^^1> 

-3.108098667 

- Phuong dn C: Nhąp Iog 140 (63)---- 2AC ~ 1 , An 

OD, may hien ket qua bang 0,787556032 * 0. Loąi C. 

0 Math A 

l09 14O (63)-^^ 

0.787556032 

- Phuong dn D: Nhąp log 140 (63)- ? AC + 1 —. An 

fM, may hien ket qua -1,071699153 * 0. Loąi D. 

0 Math A 

log 140 (63)-fl^ 

-1.071699153 


Dang 3: Ket iśnh ddng — sai cua mot mśnh de 
chila mu va logarit 

C.2.11 ó&t 0'Sp STŁ O, 

Chon b = 2 —> a 2 - 20a + 36 = 0 . An SBg fsl(EON) Qj] 
de giai phuong trinh bąc hai. Ta tim dupc hai nghięm 
la a = 18 va a = 2. 

Ta chon a = 18 va gan 18 -> A, gan 2 —>B. 

- Phuong dn A: Nhąp log(A + 3B)-log(A)-log(B). 
An (D, may hien ket qua -0,17... * 0 . Vąy A sai. 

0 Math A 

log(ń+3B)-log(ńl> 

-0.1760912591 

- Phuong dn B: Nhąp log(A+l) + ].og(B)-l. An Ej, 
may hien ket qua 0,57... * 0 . Vąy B sai. 

0 Math A 

109(6+1 ) + 109(§)l> 

0.5797835966 

- Phuong dn C: Nhąp 21og(A+3B)-log(A)-log(B). 
An e), may hięn ket qua 1,20... + 0 . Vąy C sai. 

0 Math A 

21og(ń+3B)-logO 


1 .20411991 


- Phuong dn D: Nhąp log 


An (D, may hięn ket qua bang 0. Vąy D dung. 


A + 3B ) log(A) + log(B) 


0 Math A 

109 -122(4 


Cau 37: Dap an A. 

Chon b = 2 -> a 2 - 3196 a + 4 = 0 . Su dung lęnh SOLVE 
de giai phuong trinh nay, ta tim dupc mot nghięm la 
a = 3195,998748... (nghięm cón ląi khong can thiet 
phai tim). Gan nghięm dó vao A (Ans —> A). 

, 77TT S M^tTA f~ “B Math A 

X 2 -3196X+4 6ns+6 

X= 3195.998748 

L L-E- _ Oli 3195.998748 

Gan 2—>B. 

- Phuong dn A: Nhąp vao man hinh 
f A + B ^ 1 1 

4 q j 2 lo g( A )-p°g( B )- An !.S)/ may hięn 
ket qua bang 0. Vąy A dung. 

0 Math A 

i°gWHiog(i> 
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Phucmg dn B: Nhąp vao man hinh 
-B 


lOg 


40 


- log (A)-log (B). An 


may hien ket 


qua bang —1,90... /• 0. Vay B sai. 


log(^)“log(ń> 

-1.90281.8298 


Phucmg dn C: Nhąp vao man hinh 

( A+Bl 1 , X 1, , . ~ , , , A 

log —- —log (Aj — log(Bj. An ,.™j, may hien 

y 40 J 4 4 

ket qua 0,95... ^ 0. Vay C sai. 


l09(ll> 


' ft+B j_i_ 

> 40 J 4 

0.9514091491 


log 


Phucmg dn D: Nhąp vao man hinh 
A + B n 


40 


-21og(A)-21og(B). An Ej, may hien 


ket qua -5,70... * 0. Vąy D sai. 


łog(^)-21og(^ 


De giai phuong trinh a 2 — 3196a + 4 = 0 ta cung có the | 
sń dung i inh nang H CU (EQN) CU va xac dinh duoc i 
hai nghięm nhu san: 


-13- wm 

Xi = 

i MatWA 

X2= 

3195.998748 

1.251564946xib 3 


Tuy nhien, khi ve phuong thuc COMP de thuc hięn j 
cac buwc tiejp theo, ta khóng the gan męt trong hai j 
nghięm (X ; ,X 2 ) dó vao A męt cach chinh xac nhat. f 
New ta gan gia tri 3195,998748 -» A thi chac chan . 
trong cac buóc thu tiep theo, dap an thu duoc se có sai j 
só nhat dinh (thuóng la rat nhó). 


Catł 38: Dap An D. 

Chon b = 2 —> a 2 - 46Ł> + 4 = 0. Sń dung lęnh SOLVE 
de giai phucmg trinh nay, ta tim duoc mot nghięm la 
a = 45,91287847... va gan vao A (Ans —> Aj . 


X 2 -4ćX+4 
X= 45.91287847 
L-R=_0 


fins+A 


45.91287847 


Gan 2 —^ B . 

- Phuong dn A: Nhąp vao man hinh 
"A + B^ 


log 


-log 5 (A)-log 5 (B). An fs=), may hien 


ket qua —1,82... ^ 0. Vąy A sai. 


log(^±£j-log s (fh 
-1. .82688506 


- Phuong dn B: Nhąp vao man hinh 

, ,'A + Bj 1, 

log 


i( lo g 5 ( A ) + lo S 5 (®)) • An iH, may 


hien ket qua —0,42... =£ 0. Vąy B sai. 


l 0g (fi±Sj ~A( i 0 g,j> 

“0.4227014009 


- Phuong dn C: Nhąp vao man hinh 

, ,'a + b n 

lo g 5 


5 ^ A/ 

- -log 5 (A)-log 5 (B) . An (Hi, may hięn 


ket qua -1,40... ^ 0 . Vąy C sai. 


l09 5 (nip)-l095» 

-1.404183659 


lo S 5 


Phuong dn D: Nhąp vao man hinh 
A+oNl -^(log 5 (A) + log 5 (B)). An 


5 J 2 

hięn ket qua bang 0. Vąy O dung. 


may 


loggWHClo* 


i Khi dimg lęnh SOLVE de giai phucmg trinh j 
i a 1 - 46ł> + 4 = 0, mot so may tinh se hien thi nghięm j 
a = 0,0871215252 truóc. Ta cung có the chon nghięm j 
■ nay gan vao A bói vi nó cung thóa man gia thiet bai i 

l 

* toan. * 


X i -46X+4 
X= 0.0871215252 
_-R=_0 


Caw 49: Dap kn A. 

Chon b = 2 —> a 2 - 68a + 4 = 0 . Su dung lęnh SOLVE de 
giai phuong trinh nay, ta tim duoc męt nghięm la 
a-0, 058874503... va gan vao A (Ans —> Aj . 


X i -68X+4 
X= 0.058874508 
L~R- _0 


Ans-»A 

0.05887450305 


Gan 2—. 

- Phuong dn A: Nhąp vao man hinh 
l°g6 ( A + B) — 1 — !o g 36 (A) — iog^ (B) . An ©, may 
hięn ket qua bang 0. Vąy A dung. 


lDg 6 Cń+B)"l“log£ 

_o 










Chń de 6: Has 

m so lwy tli 

ife — Hani so mQ -- Hsm so Sogarit 

The. i 

jest or nołhing 

- Phuang 

an B: 

Nhąp vao man hinh 

0 Ms.th A 

■ł3 J2 



-l°g6 ( A ) 

-ioge) 6 )- An D3, may hien 

A 8 ~A 2 

■ -0.06826900404 



ket qua bang 0,59... ^ 0 . Vąy B sai. 

0 Math A 

log 6 (^)-log 6 (i> 

CL5969551225 

- Phuang dn C: Nhąp vao man hinh 

21 °g6( A + B ) _lo 86( A )" lo g6( B )- An m ®y hien 

ket qua bang 2 ^ O • Vąy C sai. 

0 Matb A 

21og 6 (A+B)-log 6 i> 


A A 

Vąy vói O < a < 1 thi a 3 > a 2 . Loai C, D. 

* Chon b = 0,5 s (0; l) va b = 1,5 > 1. Nhąp vao may 

l 0 gB (f]'~ l 0 §B (f]' mŹy hÓi B? 

CE CZ3 CE3 (B = 0,5). An (H), may hien ket qua bang 
0,09... >0. 

0 Math A 

log B (f)-log B (|) 

_ 0.09310940439 


- Phuang dn D: Nhąp vao man hinh 
log 6 f^j-2(log 6 (A) + log 6 (B)). An @, may 
hien ket qua bang 1,79... =7 0. Vąy D sai. 

i H5STS 

log ć (^)-2Cloęt> 

1.790865368 


Cau 40: Dap an D. 

- Męnh de (7 ): Nhąp vao may ^j 


. An (M), 


may hien ket qua bing -3,259200435 x 10 3 < O. Suy ra 


lY- 7 

- . Vąy (/) dung. 


-3.259200435xm 3 


- Męnh de (li) : Nhąp vao may 4^ - 4 2,23 . An [2], m ay 

hien ket qua bang 0,1859178647 > 0. Suy ra 4 ^ > 4 2,23 . 
Vąy (li) sai. 

0 Math A 

Ą-IW _ą'2* 23 

0.1859173647 


Cau 41: Dap an A. 

* Chon a = 0,5e(0;l) va a = l,5>l. Nhąp vao may 

A 3 - A 2 . An j ćkcl , may hói A? An fol \~°~\ [5~j 
(A = 0,5). An Is3, may hien ket qua bang 0,05...>0. 


A 3 - ń 2 

-0.06826900404 

An ICftLCj tiep, may hói A? An DD LD E53 (A = 1,5). An 
f=5], may hien ket qua bang -0,06... < 0 . 


An jCAlCl tiep, may hói B? An fjj QJ) [JO (B = 1,5). An 
[S], may hien ket qua bang -0,15... <0. 

0 Math A 

log B (f)-log B (|) 

-0.1591715781 


Vąy vói b > 1 thi log,, 


3 

4 



Caui 42: Dap an C. 

* Chon a = 0,5 e (0; 1) va a = 1,5> 1. Nhąp vao may 

13 15 

A 7 -A 8 . An jo|Ć), may hói A? An [Ol PI fil 
(A = 0,5). An G§], may hięn ket qua bang 

3,395445252 x 10 -3 > 0 . 


13 15 

A 7 -A S 
3.395445252xiń 3 


An (ęffię) tiep, may hói A? An Q] E3 [5] (A = 1,5). An 
HU, may hien ket qua bang -0,01... < 0. 


13 15 

A 7 “A 8 

-0.01542997692 


13 15 

Vąy vói a > 1 thi a 7 < a 8 . Loąi B, D. 

* Chon b = 0,5e(0; 1) va b = 1,5>1. Nhąp yao may 

log B (^2 + 3/5)-log B (2 + ^). An (Się], may hói B? 

An CSlEJCsj (B = 0,5). An [2], may hien ket qua 
bang 0,03...>0. 

0 Mxth"i 

log B CJ2+-/5)-loę> 

0.03196088611 

An jCAtCj tiep, may hói B? An DD [jj [s] (B = 1,5). An 
(51 . may hien ket qua bang -0,05... < 0 . 
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log B CJ2+^-loęi> 

-n. 0546.3749568 

Vąy vói O < b < 1 thi log ( , (a/2 + > lo 8& ( 2 + N ^) ’ 


_ Phuang an C: Nhap vao man hinh 
log (A 2 + AB)—l-41og A (B) . An gj, may hien ket 

qua bang —1, 20... ^ 0 . Vąy C sai. 

-1 Math & 

109 C A 2, +AB J ~ 1' ** 

-1.201353853 


Chęn u = 0,5e(0;l) va a = l,5>l. Nhap vao may 

a o rni m ? fn 

' 1 i Ał-JLi ;kj kHLJ 


pjt _A , ‘ 6 . An jUts3 , may noi w 


Phuang an D: Nhap vao 
log^(A 2 + AB)-4-21og A (B) . An (g 


--—-- 0 Math & 


- B Math A — | 

log.^- 1 ’.ń 2+ ftB3 -4-> 

-0-02028548898. 


fl. 31884315631 


man hinh 
may hien ket 


An S«@ tiep, may hói A? An CD l£} 33 (A -1,5) • An 
i Al, may hien ket qua bang 0,22... > 0. 

—----B Math A 

*77 aT ćT 

H -H 

Ł223623295Ł 

Vąy vói 0 < a < 1 thi aY < a* . Loęi A, B. 

* Chęn b = 0,5e(0;l) va b = l,5>l. Nhap vao may 

log B (3) - log B (4). An SUS, may hói B? An ® L*. i UL’ 
(B = 0,5) • An (SI , may hięn ket qua bing 0,41... > 0. 

-—-- @ Math" A 

Iog B C3)-log B (4) 

<1-4150374993 . 

An ALA tiep, may hói B? An CD Cli (Ii (B = 1,5). An 
!ri] , mav hien ket qua bing -0,70... < 0 . 

--@ Math A 

log B C3)-log B C4) 

-0-7095112911 


Chon 0 = 1,53 = 2,5 va c = 3,5. Gan 
2,5—>B vagan 3,5—>C. 


1,5 -»A, gan 


- Phuang dn A: Nhap vao man hinh 
log A (B) + log A (C)-log(B + C) . An s3 , may hien ket 

qua bang 4,57... ^ 0 . Vąy A sai. 

^ ----0 Math & 

lQg A (B)+10g A (C) t* 

4. 571393401 


- Phuang dn B: Nhap vao man hinh 
log A (B) + log A (C)-log A (|B-C|). An gj, may hięn 


ket qua bang 5,34... ^ 0 . Vqy B sai. 

---1 Math "A 

log ń (B) + logńCC)> 

5-349544651 


- Phuang dn C: Nhąp vao man hinh 

log A (B) + log A {C)-log A (BC). An ©, may hięn ke^t 


Vay vói b> 1 thi log,, 3 < log,, 4 . 

C&v. 44; t>&v 4n A. 

Chon fl =1,5 va b = 2,5. Gan 1,5—>A va 2,5-»B. 

- Phuang dn A: Nhap vao man hinh 

log^ (A 2 + AB) - 2 - 21og A (A + B) . An (Sj, may hien 

ket qua bing 0. Vęy A dung._ 

1 ---~0 Math Ł 

109 ( (Y +AB) ~2'> 
_0_ 

- Phuang dn B: Nhap vao man hinh 

log^ (A 2 + AB) - 41og A (A + B). An d), may hien ket 

qua bang —4,83... ^ 0. Vąy B sai. 

1 p--- 0 Math A 

iog.^Cń 2 +«)-4]i> 

-A 333045165 


qua bang 0. Vay C dung. 

L ---“ b“ Math A 

log A (B)+log ń (C)> 

_ 0 

_ Phuang dn D: Nhap vao man hinh 
log A ( b ) + 1 o 8a ( C ) - 1o Sa (f j • © / may hien ket 


qua bang 6,17... ^0 . Vąy D sai. 

-- 0 Math A 

log A CB)+log A (0 
fi. 179387293 


Cau 46: Dap an A. 

Quan sat dap an, ta loąi ngay C va 
trong hai dap an A hoąc B dung. 


D, chi có the la męt 








Sóchusócua 5 7128 la [log(5 7123 )] + l =[7123.log5>1 

• Nhap Int (7123 x log ( 5 )) +1 vao may. An (U, may 
hien ket qua bang 4979 . 

Tuang tu, só chu só cua 7 5864 la [log^^yj + i 

= [5864. log 7J + 1 . Nhap Int (5864 x log ( 7 )) + 1 vao 
may. An may hien ket qua bang 4956 
Nhu vąy 5™ > 7 5864 . Dap an A dung. Chon A. 

I nt (7123* 1 og C 5) > I nt (5864x1 og ( 7 )% 
-4332-11_ 4956 

Vąy A dung. 

Ca u 47; Dśp an B. 

So M = 2017 2017 có so chu so la n = [logM] + l 
= [ I og(2017 2017 )] +1 = [2017. log 2017] + 1 . 

Nhap vao may Int(2017xl O g(2017)) + l. An (U,may 

hien ket qua bang 6666 . Chon B. 

intcior^Wclor 

—-—-—£ 666 .. 

Cau 48; Dap an B. 

Xet (1 + xf°° = C 2 ° 020 + C\ m x + C 2020 x 2 +... + C 2 ™x 2020 
Cho x = 1 thi ta có 

2 2020 = ( 2 + 1 ) 202 ° = C 2020 + <4 20 + C 2 020 +... + c™° = M 
SÓ M = 2 2020 có só chu so la [lo S M] + l 
= [log 2 2020 ] +1 = [ 2020 . log 2 ] + 1 . 

Nhap vao may [2020xlog( 2 )] + l. An OD, may hien 
ket qua bang 609. 

IntC 2020 xlog( 2 )V 

--- 609 

Cau 49: Dap an B. 

* Dat 2 30 = 10 1 -» x = log 2 30 va so chu so cua 2 30 trong 
hę thąp phan la [x] +1 = [log2 30 ] +1 = [ 3 0.log2] +1. 

Nhap vao may lnt( 3 0 x log(2)) +1. An (5), may hien 
ket qua bang 10. Suy ra m = 10. 

* D * ł 302 = 900 = 2*-> y = log 2 900 va só chu só cua 
30 2 tron 8 hę nhi phan la [y] +1 = [log 2 900] +1. 

Nhap vao may Int(log 2 (900)) + 1. An (=), may hien 

ket qua bang 10 . Suy ra n = 10. 

Vay m+n = 20. Chon B. 


b “ * 'C wcsi ej i o Olei i i 


S Math A 


I nt ( 30x 1 og C 2))+1 Intel og 2 (900 f)+l 

--loJl_ 10 

Cau 50' Dap an D. 

- Phuang an A: Neu («;&) = ( 5; 5) thi ^12^2016 
= 5 12 .5 201ć = 5 2028 . Só chu só cua 5 2028 la [log5 202S ] + ] 
= [2028. log (5)] + l. 

Nhap vao may Int(2028xlog(5)) + 1. An (U, may 
hien ket qua bang 1418 * 973. Loąi A. 

lntC202SlogC5iV 
__ 1418 

- Phucmg dn B: Neu ( a; b) = (6;4) thi fl 12^2°16 _ gl2 ^2016 
va só chu so cua 6 n A W16 la [log(6 12 .4 2016 )] + l 
= [l2.log 6+ 2016. log 4] +1. 

Nhap vao may Int(l2xlog(6) + 2016xlog(4)) +1. An 
0§=i, may hien ket qua bang 1223 * 973 . Loai B. 

TntCl 2x 1 og (6)+?^ 

--^ 224 . 

- Phuang dn C: Neu (a; b ) = (8; 2) thi fl 12^2016 _ gl2 22016 
va SÓ chu SÓ cua S 12 ^ 2016 la [log(8 12 .2 20I6 )J + l 
= [12. log 8 + 2016. log 2] +1. 

Nhap vao may Int(l2 x log (8) + 2016 x log (2)) +1. An 
hien ket qua bang 618 * 973 . Loai C. 

Int( 12><log(8)+2^ 

--618_ 

- Phuang dn D: Neu (a; b) = (7; 3) thi ^12^2016 __ ^12 ^2016 
va só chu só cua 7 12 .3 2016 la jlog(7 12 .3 2016 jj + l 
= [12. log 7 + 2016. log 3] +1. 

Nhap vao may Int (12 x log (7) + 2016 x log(3)) +1. An 
tsO' m ay hien ket qua bang 973 . Chon D. 

TntCl 2x 1 og C 7 )+2> 


LOVEBOOK.VN i 27 















dieu Men cua f\x) va ca 
dap an) de ket qua thu 
duoc chinh xac han. 

O bttóc 3, sau khi an t~'j, 
ket qua nhan duoc ma 
bang 0 thi ta van nen 
CALC vói them mot vai 
gia tri x l ,x 2 ,... khac de 
chac chan rang ket qua dó 
có chinh xac hay khóng. 
Thóng thuang, ket qua 
nhan duoc se có sai só rat 
nhó. Vi vay, de ket qua 
duoc de quari sat han, ta an. 
®E- sili m S .'(Fix-9). 
Tinh nang nay da duoc de 
cap tai tai PHAN 1 cua 
cuon sach. 


ficlś' Neu F(x) + C la męt ho nguyen ham cua ham só f(x), tóc la 


i lf{x)dx = F(x) + C thi F(x) = f(x)->f(x B ) = F'(x 0 ) = -^(F(x)) x = x ° 

| Khi dó ~-{f(z)\ -f(x n )~0. 

i ; r a v \\//Y:=r v J 


6’c 1: Nhąp vao may — (F (X)) v — £ (x). 

óc 2: An (Koj, may hói X? An x 0 (X = x 0 ) vói x 0 la mot só tuy y thóa man 


| dieu kięn. 

1 * Bv6c 3: An may hien ket qua. Neii ket qua bang 0 thi chon dap an tucmg óng 
!; vói F(x) vira nhąp ó biróc 1. Cón neu ket qua khac 0 thi loąi ngay dap an dó va 
>! thuc hięn tuoTig tu vói cac dap an cón lai. 


| ^ , A, 

Vi. du 1; Neu /(x)dx = —+lnx + C thi /(x) la ham so nao trong cac ham so 


0 Fm Math & 


-2.25? 


cfe l x 


.421138830' 


■0.516290732 


^(l + lnOO)|^ 


A. fi^x)~4x+h\x 
1 

C. f(x) = —— + In x 


■' »ir ( 


\ Li ■■ ii 


Dua may ve che dó Fix~9: j-ryl: |®9 li .i (Fix) i a.;. 

- Phuang dn A: Nhap vao may ^ + ln(x) ^ ^-^^/x + ln(X)j 

§Sj fg (Tl (||j iii CO®®!© iH CD 03 ® iii 03 CEL E3 Oli GS] Sil CD d5> 
GEJ di) IH3 0-1 CO UD. An fcftŁCl , may hói X? An GD bJ IiD(X = 2,5). An i~), may 

hien ket qua bang —2,257429562 ^ 0. Loąi A. 

- Phuang dn B: Nhąp vao may — + in(x) —f -a/x +— ]. An itótęi, may 

dx \ y X J X — X X y 

hói X? An GD C:J [J?j (X = 2,5). An (=), may hien ket qua bang 1,421138830 *0. 


Loai B. 


dCl 1 f 1 1 

- Phuang dn C: Nhąp vao may — — + ln(x) - + ln(x) . An SMl, 

dxy X J x = X y X J 

may hói X? An ID Oi ii?i (X =2,5). An fej, may hien -0,516290732 *0 . Loąi C. 

& f 1. x — j 

- Phuang dn A: Nhąp vao may -j- — + ln(x) ——j— . An !]Mi, may hói X? 

óx y X J x = X X 


0.000000000 An [3 CD UD (X = 2,5). An f~j, may hięn ket qua bang 0. Chon D. 















STUDY TIPS 

Vói cac bai toan chiia ham 
luęmg giac, neu de khóng 
cho san don vi góc (dó 
hoąc radian), ta thuóng 
dua may ve che do Rad: 
jiiir i §ę§§ [4]. 


^(2e*+tanCX))|]> 
_0.000 00000 0 


d 

dx 


a fi 

(e x (2X-- 


FIK Mj.th A 


Ccos Cft 

61.68221219 


^(e*+tan(X))|,,J> 

-12.18249396 


^(^■+tan(X))|^ 

-18.27374894 


£((X 2 +X+l)®b 

0.816496581 



V;. du 2: Nguyen ham cua ham so f{x) = 2e x + 


s , 2e T +tan x + C 


C, e x + tanx + C 


>. e 


2x- 


COS X 


hz foest oś" ootttinś' 


+ C 


D.-htanx + C 

2 


I tr 


giai 


Dira may ve che dó góc radian [swj WOdj |4 j (Rad) va Fix-9: iSHiFTj f MOSE] fil(Fix)[gj. 

( \ 

- Phuang an A: Nhąp vao may -j—(2e x + tan(X)j 


x = X 


2e x +- 


( cos ( x )r 


, an 


V v \ n j 

IśhIfTi q§ (D Ul E® @3 @11 CE o r+] gg CDGDcB @jD CD <S> E CD GE) 

An elći . may 

hói X? An (Jj L;J [sj (X = 2,5). An (10, may hien ket qua bang 0. Dung CALC vói 
mot vai gia tri X khac, deu nhąn duoc ket qua bang 0. Chon A. 


r 


■ Phuang an B: Nhąp vao may 


dx 


r 


e 

v v 


2X - 


- 2e - - 


1 


(c°s(x)) 


(cos(x)) I \\x-X 

An (M^j, may hói X? An [2j (U (6j (X = 2,5). An (50, may hien ket qua bang 
61,6... =£0. Loąi B. 

1 


- Phuang an C: Nhąp vao may l^-(e x + tan(x)) 


— 2e -- 


-.An 


l*~ X (cos(x))" 

may hói X? An ! 2j (jj [g] (X = 2,5). An |=), may hien ket qua bang -12,1... *0 . 


Loai C. 


- Phuang an D: Nhąp vao may 


, d 




dx 


-tan(X) 


x = X 


- 2e - - 


(cos(X)) 


-. An [ĆALCl , 


•V ^ J I 

may hói X? An GE.! [£) (11 (X = 2,5). An ©, may hien ket qua bang -18,2...^0. 
Loąi D. 

Etap an A. 

Sir 2 + r) f i X 

Vi du 3: Mot nguyen ham cua ham só y = 


A. y = {x 2 +x + l)^2x + l 

B. y = (x 2 — x + l)V2x + l 

C. y = (x 2 + x-l)>/2x + l 

C. y = {x 2 -x- l)l2x + l 


Łoi giai 

Dua may ve che' dó Fix-9: fsiiprl jBpj fśl (Fix) (J[). 

- Phuang an A: Nhąp vao may + X + l)l2X + lj 


5(X 2 +X) 
x = X l2X +1 


, an 


m ® CD @3 Q3 fe;i G0 6(3 CD Q3 Ll 3 CD © GD Ul CD SI 03 ® <g> Pp! CE 

'&T‘ m, 

may hói X? An [JO CD Qłi (X = 2,5). An f=l , may hien ket qua 0,8... *0. Loąi A. 
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fa FIX Mtóh & 


^C(X 2 “X+1)/2X^ 


FIH Ms.th A 


~ ((X 2 


da: 


da 


C (X'"‘ 


0 FIK Math A 


^■C21nCe x -i-2))| x > 

0.8589)31.079 


FIK ra A 


^ClnCfi x +2))[ x= ,f; 


d (£ x xln(e*+2)!i> 


da 


41.91362685 


0 FIK Math A 

Cl 

dX KŁ y lx=X £X+2 

11.32351288 


Phucmg an B: Nhap vao may —((X 2 -X + lW2X + l) 

dx ” ’ ' 


5(X 2 


+ X 


: = X 


( + 1 


. An 


[&Mj, may hói X? An r2j i ;j [f j (X = 2,5). An tej, may hien ket qua -6,12...5*0 . 
Loai B. 


Phucmg an C: Nhap vao may SC((X 2 + X-l)S2X + l j 


5 (X 2 +X 


. An 


: = X V 2 X + 1 

[CfcjSj, may hói X? An j 2j |_yj (jj (X = 2,5). An lal . may hien ket qua bang 0. Dung 
CALC vód mot vai gia tri X khac, deu nhąn duoc ket qua bang 0. Chon C. 


Phucmg an D: Nhap vao may — (Yx 2 - 

" dx A 


X —1)V2X + 1 


5 (; 


An 


|x = X V2X + 1 

iCatCl/ may hói X? An CS LJ UD (X=2,5). An Isai , may hien ket qua bang 
-6,94... 5*0. Loąi D. 

Bap an C. 


du 4: Mot nguyen ham cua ham só' y - 


e x +2 


la 


A. 21n(e*+2) + C B. ln(e*+2) + C C. e x .ln(e x +2) + C D. e 2x + C 

Loi gial 

Dua may ve che do Fix-9: &]] g ag fsl (Fix) (jj. 

- Phuang dn A: Nhap vao may ™|21n^e x + 2)) 


x = X e x +2 


, an §iyj Qg i 1 j QWj 


iUl ilj @ liii CS (B G3 ii) CO OS AS- CS -3 CE) CK fel iii® §3 *m£ CD <S) 

Mli SV| IjgU mi CD @ [£ [8]. An §yj, may hói X? An Cg] CD EJ (X = 2,5). An 
CS, may hien ket qua bang 0,85... 5* 0 . Loai A. 


- Phuang dn B: Nhap vao may +2)) 


. —n-. An jęki?:, may hói X? 

|x = X e x +2 — 

An [fi CD Cli (X = 2,5). An [El, may hien ket qua bang 0. Dung CALC vói mot 

vai gia tri X khac, deu nhąn duoc ket qua bang 0. Chon B. 


Phuang dn C: Nhap vao may S?-|e x x ln(e x + 2)) 


An j»Eę], may 


|x = X e x +2 

hói X? An JO Qj (jj (X = 2,5). An fS), may hien ket qua 41,91... 0. Loąi C. 


Phuang dn D: Nhap vao may — ^e x ) 


i ,,, .. 

I v 1 an 


, ,,— 7 -. An iCALCj , may hói X? An 

|x = X e x +2 — 7 

ID (X = 2,5). An @, may hien ket qua bang 11,32... 5*0. Loąi D. 

tiap cisi BL 

ę ln(lnx) 

Nguyen ham I — —-- -dx la 

J x 

I = lnx.ln(lnx) + C 
I = lnx.ln(lnx)-lnx+C 


B, Z = lnx.ln(lnx) + lnx + C 
D. Z = ln(lnx)+lnx + C 


>1 ,sxai 



















^(lnGOxln(lnn> 

0.400000000 


£(ln(X)xln(lnti> 

0.800000000 


^ClnQOxlnCln(i> 
_ 0.000000000 


^(ln(ln(X))+lr» 

0.8715112% 



Ó buóc 2, nen chon cac gia 
tri X le (tuy y) de vięc xac 
dinh ket qua du-oc chinh 


xac hem. 


De ket qua nhan duęc de 
quan sat han, ta dung lęnh 

EffilHISj. Si (Fix-9). 


El FIX Math A 

tan(X) 

0.000000000 
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Dua may ve che dę Fix-9: (śiiti 6 (Fix) [ 9 j. 

- Phuang an A: Nhap vao may -^-(Jn(X)xln(ln ( x »)| 


ln(3n(X)) 


x = X 


X 


(Uli GB Qnj iauw Dj Qj [ M1 Hij DS liii UJ CD Lii O teś CD <S> Ed CS OD COD iii 

m m m ® IBSW [Tj- An (atej , may hói X? An [ID GD GD (X = 2,5). An [=], may 

hien ket qua bang 0,4 ^ 0. Loai A. 

ln(ln(X)) 


Phuang an B: Nhap vao may -^-(ln(x)xln(3n(x)) + ln(x)) 


x = X 


X 


An jć^cl , may hói X? An fjj Lu UJ (X = 2,5). An (=), may hien ket qua bang 
0,8 ^ 0. Loai B. 


Phuang an C: Nhap vao may ^-^ln(Xjxln(in (X))-ln(X»| 


ln(ln(X)) 


x = X 


X 


An (gaci, may hói X? An [2] L*J UJ (X = 2,5). An @5], may hien ket qua bang 0. 
Dung CALC vói męt vai gia tri X khac, deu nhąn duoc ket qua bang 0. Chon C. 


- Phuang an D: Nhap vao may — |ln(ln (X))+ln(X))| 


ln(ln(X)) 


. An [cal?:. 


|x = X X 

mayhóiX?An CC] Lii CCi (X = 2,5). An [Eg, may hien ket qua 0,87... ^0 . Loai D. 

ł.)ap an C. 

Dang i- Xac dinh nguyen ham dua vao dieu kięn cho truóc 


I Xac dinh F(x) la męt nguyen ham cua ham so /(x) sao cho F(x 0 ) = k . 


Q ay irinii barn may: 
li x 

| * Buóc 1: Nhap vao may F (X) - fc - J f (X) dx. 


i * Buóc 2: An (clici, may hói X? Nhap X tuy y (sao cho thóa man dieu kięn de bai) 

| * Buoc 3: An gy, may hien ket qua. 

I * Buóc 4: Quan sat ket qua. Neu ket qua nhan duoc có it nhat męt gia tri khac 0 thi 
I loai ngay dap an tuong ung va kiem tra cac dap an khac. Cón neu ket qua luón 
1 cho gia tri bang 0 vói nhieu gia tri cua A thi chon dap an tuong ling. 


1 | 7t 

Vś du 1; Nguyen ham F(x) cua ham só /(x) = 2x + ■ ■ 2 va F - 


- cot x + x - - 


16 


C. -cotx + x 


sm' x 


2 TC 

B. cotx-x H- 

16 

2 n 2 

D. cotx-x- 


= -1 la: 


16 


LiÓ'1 gisd 

Dua may tinh ve che dę radian isifrl f&jpg |4J (Rad) va Fix-9: fant §0 d| [6 j cii' 


1 n c 

Phuang an A: Nhap vao may-—- + X 2 -+ 1-1 

tan(Xj 16 J 


2X- 


1 


(sin(x))‘ 


dx, an 


JV l ' >> J 

003®® SM! CD GD® GE) Ul! CD d3 0113 Kg? {5gj ijfj (Tj je] <g? GE 03 
3 OS CD 00 im 030003® CD® SU DJ CO CD SS ; .£> CD ©0P31313 GB 

0J © (SD jiPHAi fTi . An j CALCj , may hói X? An [|j CD d] (X = 2,5). An (Sj, may 














S FIK Math j 

+J&+1 


hien ket qua bang 0. Dimg CALC vói vai gia tri X khac, deu niiąn cuęc Ket qua 
bang 0. Chon A. 

1 TC 2 X 1 'n' 

- Phurng in B: Nh»p vao may ^7y X - 2+ ^ + 1 1 2X + ~pf f*' An 

gg, m ay hói X? An g] Gj OD (X = 2,5). An gy, may hien ket qua bing 
—13,94... ^O.Loąi B. 

I X 1 

- Phwng dn C: Nhąp vao may ~ tan f x j + X? +1- J + ***' 


dx. An Elćj, 


?+l"1 }\ m ay hói X? An © Q ® ( X = 2,5). ©' ma Y hi ^ n 9 UŚ bśn S °' 61 ~ 56 0 ' 


Loai C. 


- Phncng an D: Nhąp vao may /' x \~ X ~ 16 +1 1 2X 


dx. An 


-1 w 

0 FIK Math A 

tan(X) A 

-15.1 

i s ^ 1 ? 

7729626 


may hói X? An © El lU ( x = 2,5). An ©, may hien ket qua bang 
-15,17... * 0. LoąiD. 


i Vi du 2: Nguyen ham F(x) cuahamsó ^ ^ thóa man F ^ 3 la. 


A, F(x) = 


tan —-1 


l-sinx 

F W=- 


l-tan : 


C. F(x)= 


3--J3 


- + - 

„ x 2 
1 - tan — 

2 


F(x) =-—-hy\3+6 


tan — 1 


toi gtai 


Btra may ve 


che dó radian (UD G (Rad) va che dó Fix-9: (i§ !§§ © t&J ■ 


- Phuang an A: Nhap vao may -pE-3- 

tan — -1 


' I l-sin(X) 


dx , an [gi fi] CA) 



0 FIK Math A 

-3-U > 


fFanj Fil CTJ © GS ® CD EJ OJ <B> E3 CS © OS© p L3J Ll-» 

^(^ci]®®sqj- a* mg ma y ho1 x? An 

QjGj®(X = l/5). An gj, may hien ket qua bang -56,74... *0. LoąiA. 

- Phuang an B: Nhap vao may -—— n/Ś- 3-j 1 _ sin ^ x ^ dx ' An k--' 


0 FIK Math A. 

~FÓ - 3 “ > 


l-sin(X) 


may hói X? An OD E3 \E ( x = !, 5 ). An @sj, may hien ket qua bing 0. Dimg 
CALC vói vai gia tri X khac, deu nhąn duąc ket qua bang 0. Chon B. 



" eTFIK Math Ł 


-1 3-%/Ś „ 

Phuang dn C: Nhąp vao may -—— + —- 4 J ^ 1 _ sin ( x )J aX ‘ 

tan UJ _ i f 

P, may hói X? An (Tj 0 Jj](X = l,5). An (§5, may hien ket qua bln* 


dx . Ar 


Ł (&§]/ niay hói X? An (jj LiJ li 

25310102] . 12 , 25 ... v 0. Loąi C. 





0 FIK Math A 

+73 +3- 1> 


- Phuang an D: Nhap vao may --J_+ 

J I \ \ 

tan — -1 
2 


. _ xf \ 

V3+ 3-J --~—- d*. 


An [calcL 


- f X ‘‘I ' -4 0 r 

tar,|Jj-i j 

-49.01240409 


may hói X? An Cl] [3 LJLj (X = 1,5). An (U, may hien ket qua bang-49,01.. ^0. 

T ~ t~\ 


Loąi D 


Oap an B. 


Vi du 3: Mót nguyen ham F(x) cua ham so /(x) = sinx + —L_ thóa man 

cos 2 X 


A V2 „ 


j AJ 2 

A. F(x) = -cosx + tanx + \/2-l 
c - F(x) = -cosx + tanx + l-x/2 


B. F(x) = cosx + tanx + x/2-l 
D. F(x) = -cosx + tanx 


La! giai 


-costxi+tarilx7+V 
_ 0.000000000 


coscx;i+taririx j+ h -A 
_0. 141474403 


7777 0 FIK Math A 

-coscjo+tanou+fr 


-0.3234271? 


. .... j 0 FIX Math A 

-costxj+tanuj-t 


-^41421356^ Loąi D . 


Dna may ve che dp radian 0H3 feg CU (Rad) va che dp Fix-9: §|t) gag (f) (fj. 

p: xf . ) 

- Phuang an A: Nhap -cos(x) + tan(x) + 2^-l-j s in(x) +- - -- dx, an 

2 (cos(x)) 2 ^ 

fe ® ©u m ca GB @ ii ca ca gej © ni <g> a ra <g> q m s im m a 
jg| m ca m ® 0@B[Ij ^ Qj ® ® ca <s> @ @ ® ® ©®" 

An m, may hói X? An CD CD CD (X = 1,5). An ID, may hien ket qua bing 0. 
Dung CALC vói vai gia tri X khac, deu nhąn duoc ket qua bing 0. Chon A. 

x ( N 

-Phuangan J5: Nhąp vao may cos(x) + tan(x) + — 1-J sin(x)+ 1 dx 

2 fl cos(X) 2 J 

An m, may hói X? An CD GD CD (X = 1,5). An (=), may hien ket qua bing 
0,14... *0. Loai B. 

o n: xf i 1 

- Phuang dn C: Nhap -cos(X) + tan(X) + l-2X£- J sin ( X ) +_i_ dx An 

2 fl cos(xfj 

BS, may hói X? An CD GD® (X = l,5). An may hięn ket qua bUng 
-0,82... ^ 0. Loąi C. 

- Phuang anD: Nhap -cos(X) + tan(x)-^-J sin(x) + — 1—^ dx. An @ 

fl cos ( X ) 

may hói X? An CD GD CD (X = 1,5). An ©, may hięn ket qua bing -0,41 ...?ł (J. 

T_• 7 ~\ 
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Tu gia thiet, ta có F(x) la 
nguyen ham cua ham so 
f{x)- sin z x va thóa man 


%) n 
4 8 


.0 FIK Math A 

B _ S1 & 
8 jp 


- 1.668279697 



-— 

0 FIK Mitti & 


4 

w n 
.1 4 

i 

" 4 


0 FIK Edith . 

4 4 o 


n.nnooooooo 


tal 

1. 12 8 '* 


-1.786130828 


Dna may ve che do radian « SI® (Rad) va che do Fix-9: [' aAŁ CiL- 

(sin(x)) ji f / . i 

- Phuang dn A: Nhąp vao man hmh--- J ax : 

4 _ _ 

r ^. rrf~:i r^r>. m rri fgl {'Sa (55Sl ?Ki0^1 £p j [§J 0^) tJ ifis lii iMfi) I 

. An , may hói X? Art 

fi] f 7 ! flj (X = 2,5). An ©, may hien ket qua bang -l / 66...?*0.LoęiA. 

, „ , - X sin(2X) n __ f/ s j ri /'x^ 2 dx . Xn jSEol, may hói 

- Phuang an B: Nhąp vao may 248 ' S1 ' // 

4 

1 

X? An fil fA (1 j (X = 2,5). An SI, may hien ket qua bang --^O.LoaiB. 

- ta, *. C Nhap vio may f- A-j(sin(X))=’<Ur. i®, may 

4 

hói X? An fal G3 [D (X = 2,5). An [Ej, may hien ket qua bang 0. Dung CALC 
vói vai gia tri X khac, deu nhąn duoc ket qua bang 0. Chon C. 

sin(x) sfl x 

3 " 12 " 8 


Phuang dn D: Nhąp vao may - - 10 R ]( sin ( x )) cix ' m ® y 


hói X? An m E) GD ( x = 2,5). An f=i, may hien ket qua bang -1,78... * 0. 
Loąi D. 


kJ&t 


STUDY TIFS 

Tit gia thiet, ta có do thj 
y = F(x) di qua diem 

ngn f [i) =0 - 


Vi dn 5: Cho ham só y = f{x) = -±— Neu F(x) la nguyen ham cua ham so 

SIU X i 


( % \ 


f(x) yadothi y = F(x) di qua diem M ~;Qj thi F(x) la 


, , -J 3 

A. F(x) = -y- cotx 
C. F(x) = -\/3+cotx 


? p(x) = —— + cot x 
D. F(x) = \l 3-cotx 


\/ż>i .31 

Dua may w che do radian @ ii GD (Rad) va che' do Fix-9: H3 l§§ © !S • 


J 3 cos(x) 

- Phuang dn A: Nhąp vao man hmh — - m , ' 


-da:: 


0 FIK MitW& 


3 sin CK) j ?! si 

. -1.1H4700538 


— -—; sre Mat i. ł 

A'' dl ii 7)1; i | ę s 

-4.986697333 


(x) 5 ^sin(x)^ 

r- rT! &S m fs 1 f=i sa rn (T1 GB P3 iii 03 03 <g> a ® S) tSJ CLI toj 

SlCD^rm - LlJ - An may hói X? An 

ij] rr> rfl = 2 , 5 ). An (ś), may hien ket qua bang -1,15... * 0. Loąi A. 

, ^ , ~/3 . cos(x) f 1 ^ An icEci, may hói 

- Phuang dn B: Nhąp vao may g J 

6 

X? An [a] 0 ffj (X = 2,5). An SU, may hien ket qua bang -4,98... * 0 . Loąi B. 


■■Jci + S in (X) 


~i Mit li kT 

a t 

6 


6.14139787 


_ ^ , A . cos (x) f 1 d-r An NJ-Cl, may hói 

- Phuang an C: Nhąp vao may Lo + g _ n ^ J t sin ^ 2 

6 

X? An S1 jE 311](X = 2,5). An Sj , may hien ket quabang -6,14...*0. Loąi C. 


fl I 













jnj wuw ł, i ■, 0 * 

0.oonrinnnnn 


2 - Chu de 6 ; Nsuv£n ha m - lich ah 


18C h phan - Lmg dune 


ł 1 I10 best ©r iiothirfiff 


- Ptern? ŚM D: Nhap ,ran rnśy • /q cos(x) * 1 

.p aomay v3 sin(X ) ' A " » h “ X? 

AS 

An uJ 3 U:. (X=2,5). An (HJ, may hien ket qua bang 0. Diing CALC 
gia tri X khac, deu nhąn duoc ket qua bang 0. Chon D. 


voi vai 


Dap an U 


: JL?S 


a Math A 

I 2 1+Xln(X) . 1 .. i.-. 

1 X2 —dx—> 


-0 


f 


Mlth , 


2 l+Xln(X) . i.. 

i xT —ux-—> 

0,4804530139 


i 


2 i+xincx) - i- K 
i £1ax--i> 

-~.-0.10 63470333 


f 2 1+Xln(X) 
X 2 


Mith . 

i-. 


ĆX~~> 

o.5868nnn97? 


i: Tinh tich phan xac dinh cua mót ham 


so 


i 5 b 

Kiem tra xem k có phai la ket qua cua tich phan jf(x) dx hay khóng? 

a 

Q«y trinh barn may: 

j! * Bwóc 1: Nhap vao may Jf(x)dx-fc . 

i „ ' 

I * B “° C 2: quan sat kń 9 UŚ: Ng “ qua bang 0 thi chon dap an tuang ung 

* Vm glA tri k dÓ - Cón n& q uś k hac 0 thi loąi dap an tuong ung gia tri k dó. 

2 "** ““ “ .. 


2 -i -i 

:h phan I = J ———-dx. Ket qua dung la: 



l-ln2 


Lói giai 


-/ an M 


- Phucmg dn A: Nhap vao may J . 1 + X W X ) dx 1 + ( ln ( 2 )) 

i X 2 

® m m m ® ® ® ® es gs m ej m © cu 

UJ tyj \v> GQ. An ej, may hięn ket qua bang 0. Chon A. 


- Phuang dn B: Nhap vao may J 

1 X 

qua bang 0,4804530139 * 0. Loąi B. 

2 

- Phuang dn C: Nhap vao may J 


Sv l-(h(2)f 


AS n 

■ An (=), may hien ket 


KS ^®^^ a ® ia4aiS ® BSBS ® , ®ES»isaEB^ssasaawi 

STUDY TIPS 

Vói cac bai toan chua ham 
luęmg giac, neu de khóng 
nói gi them thi dua may 
ve che dó rad: gfri jjjijg fjp 

(Rad). 


ll + Xln(x) l+ln(2) 

X 2 2 

ket qua bang -0,1063470833 * 0. Loąi C. 

- Phuong an D: Nhap vao may j dx _ ^ ]n ( 2 ) 

i X 2 

ket qua bang 0,5868000972 ^ 0 . Loąi D. 


Yi dy 2: Tinh tich phan / = j —— d . T . Ket qud dung la: 

o COS X 

A. I = e 3 - 3e 2 


■ An (=J, may hięn hien 


ąS __ 

An (10, may hięn hięn 


Dap an. 


I = e 3 -t 


B. I = e 3 + e 2 
D. I = e 3 -2e 2 


Lol giai 

Dua may tinh ve che do góc radian: @ @ 0] (R ad ). 
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m(X}+2 


4 ^ LaiLl \y j \ ^ -w 

Phuang dn A: Nhąp vao may -rj *dx - ( e° - 3e 2 ), an {i te USi \ " 

i / "V \ \ 


—- @ Matti & 

|4^t-n(Xl+| d 

i O (cos(H)) 2 

14.7781122 


) (cos(X)) 

ti m ni 


sHirri ; 


i; ej <>) &} S 5 gj &03 (•'H Osi) 

^){jj<g)QJ. An may 


hien ket qua bang 14,7781122 0. Loąi A. 

n 

4 tan(X)+2 


0 Math & 

- Phuang dn B: Nhąp vao may j 2 

0 j cos(X)] 

|Z e tantX)+2 • 

Jo (cos(X))2 „ 

-U. 7781122 

bang -14,7781122 0. Loąi B. 


~S Math 5 

4 tgt-3n c -jji .. k 

O (cos (X) ) 2 „ 


4 

- Phuang an C: Nhąp vao may j 

0 

qua bang 0. Chon C. 


tan(X)+2 ^ 

r dx-(e 3 -e 2 ). An £§)/ hi ? n 


jcos(X)j 


m(X)+2 


0 Matii & 

- Phuang dn D: Nhąp J 2 

o ^cos(X)j 

! 4 etai-i(x;+2 j|it 

J 0 (COS(X)5 2 

7.389056099 

7,389056099 * 0. Loąi D. 


dr-(e 3 ~2e 2 ). An [S], may hięn ket qua bang 


Dap k C. 


i Vj du 3: Tmh tich • 


A. I = In3 


phan I = f COSX - dx . Chon ket qua 
J 1+ Qiin r 


J l + sinx 
E. I = In 4 


C. I = ln2 


D. I = łn6 


Dtta may ve che d$ góc radian: ć" j.) AJ (Rad). 

cos{>() 


- Phuang dn A: Nhap vao may 


dx - ln(3), an ffi ffij IS DJ OJ 


“1 ■“ 


2 COS (X)___ r ] v _ i k 

o i+sin (X) us 1 

-0.4054651081, 


“ l + sin(x) 

® 03 $ (sil fi® CC CO C£> UD & B Pi) SS3 ( K ) <2> CU ®tr3 !i»3 Ul iii • 

An !=T|, may hien ket qua bang -0,4054651081 & 0. Loąi A. 


0 Matti & 


COS (X)-j> 

i+sin(X) UK ' 

-O.693U71806 


j cos ( 

X) 

' 1 + sin 

( x ) 


-- ~0 Mstii A 

2 COStXł pl.j-l h 
o i+sin(X) ax 1p 


bang —0,6931471806 ^ 0. Loąi B. 

TC 

- Phuang dn C: Nhąp vao may \ ^ ^^ / .k dx-ln(2). An [=j, may hięn ket qua 


0 Math A 


2 c-os (jjL- riy-l b 
O i+sin(X) UK 1p , 

-1.0986122891 


| l + sin(X) 

bang 0. Chon C. 

j cos (x) 

- Phuang dn D: Nhąp vao may J 
bang —1,098612289 0. Loąi D. 


, l + sin(x] 


dx - ln (ó). An 3, may hięn ket qua 


4 

j vi dti 4: Ket qu4 cua tich phan f 


tan x 
cosx 


•A > -? cJS-i 














ir “ ai5 ~ Ctu,J 0:ć - Tśch phan - i/ng dtjr-g The be st or nothing 

Lól glai 

Dvra may ve che do góc radian: gg iófi; | [4] (Rad). 

3T 

- Phuang dn A: Nhąp vao may J^l + (sin(X)) 2 dx- S +1 +1, a(n OS 

®m! Oj CD GD @ H® CD Q3<g>(vg CD ffiCD® @3 CD CD 0 sg ® GD (X) 


L ' ! UJ Lti LU [smj jauwt ijj LU LU LSfj Cg) [oj (a) 

(SHFO j*»j ffl |4J ® iS] 513 i@. An @3, may hien 

ket qua bang ~ * 0 . Loąi A. 

TT 

- Phuang an B: Nhąp vao may Jl + (sin(X)) 2 dx--v/3+ 1 + — An (HI 

J 0 cos(XJ » v v ” 12 — 

may hien ket qua bang 0. Chon B. 

7t 

4 tanfx) /- 

- Phuang dn C: Nhap vao may j_L-i^ + ( sin (x)) 2 dx-^ + ^. An d], may 
hien ket qua bang -1^0. Loąi C. 

n 

~ Phuang dn D: Nhąp vao may |~|^|^ + (sin(X)) 2 dx-V3. An ©, may 
hien ket qua bang 0,30... ^ 0. 


■Ban an B. 



Du-a may ve che do góc radian: (wj g»§ Qy (Rad). 

- Phuang dn A: Nhąp vao may |dx - |(l - ), ah © 0) @ @ m rg 

9? ® ffl ® G3iS CD <2> (oj ® e @ <g> s (S ffl © cg) 0 Q] 0 (ii§ 

I-iii @ @ <E> ffl • An ©, may hien ket qua bang 9,23... * 0. Loąi A. 

- Phuang dn B: Nhąp vao may j M^)) ds-gfł-e*). Xn 0, may hien ket 
qua bang 4,39...^0. Loąi B. 

- Phuang dn C: Nhąp vao may jfc^lL d x- |(l + e-). An (=), may hien ket 
qua bang —0,03... ^ 0. Loąi C. 

- Phuang dn D: Nhąp vao may dx~~(l~e T ). An (SJ, may hien ket 

qua bang 0. Chon D. 


Bap an C. 


LOVEBOOK.VN i 28S 



















m 


ket qua cna |/(x)dx la 

rriot so khong phu thupc 
vao x. Sny ra ket qua cua 

tich phan | f(x;m) cung 

khong phu thuoc vao x 
ma chi phą thuoc vao 
tham so m, khi m thay 
doi thi ket qua tich phan 
dó cung thay doi theo. V'i 
the khi su dung IgU, ta 
chi nhap M (tuy y) ma bó 
qua khong nhap X. Tuy 
nhien, neu ta nhap X bang 
męt gia tri khac (tuy y) thi 
ket qua bai toan cung 
khong bi anh huóng. 


1 Kiem tra xern l(m) có la ket qua cua tich phan I = j / (x;m)ax nay Knong, vu, ,n 

| “ 

| la tham so. 

| Owy fńńh barn m.ky: 

| * Buóc 1: Nhap vao mśy J/(X;M)d*-I i (M), vói bien X va M duce nhap tir ban 

ii a 

phlm may tlnh. 

jj * buóc 2: An Igi, may hói X? An [§u de bó qua (khong nhap X). May hói M? Ta 
| chon M tuy y thóa man gia thiet bai toan (neu có). 

| * Btróc 3: An fi] va quan sat ket qua. Neu may hien ket qua bang 0 thi chon aap 
| ^ tuong ting. Neu may hien ket qua khac 0 thi loąi dap an tuong ling va thii tiep 
| doi vói cac dap an khac. 

2m % 

Ji Sn t: Gia tri cua tich phan I = j (3x 2 + 8x + 5Jdx bang: 

o 

A. I = 2m(4m 2 + 8m + 5) ». I = m(4m 2 +8m + 5) 

C I — im 2 +8m + 5 D. I = m(4m 2 + Sm) 


(3X 2 +8X+5) d> > 


Jo M (3X 2 +8X+5) cfci> 


|q M C3X 2+ 8X+5)c1^ 1 


|™C3X 2 +8X+5)d^ 

84 


2M . \ /s/ 

- Phrnng an A: Nhap vao may j (3X 2 + 8X + 5)dx-2M(4M 2 +8M + 5), an (#! 

0 

rn [3] pg Q] [SB GB [13 Sili CD 'Di [13 DJ ® G?J Cfc; 13 j c*3 ii 

(guj), may hói X? An © bó 
qua X. May hói M? An ® (M = 2). An (11, may hięn kSt qua b§ng 0. Dung 
CALC vói vai gia tri M khac (M > l) deu nhąn dupc ket qua bang 0. Chpn A. 

2M v __„ 

- Phrnng an B: Nhap vao may j" ^3X 2 +8X + 5^dx-M(4M 2 +8M + 5J . An yy \, 

0 

may hói X? An © bó qua X. May hói M? An iJD (M = 2). An &, may hien kei 
qua bang 74 * C. Loai B. 

- Phrnng an C: Nhąp vao may jj (3X 2 + 8X + 5)dx-(4M 2 +8M + 5), an \v(l- 

0 

mn)®. An §®j, may hói X? An © bó qua X. May hói M? An !T) (M = 2). Ar 
j ?), may hien ket qua bang 111^0. Loąi C. 

_ Phuotng an D: Nhąp J*(3X 2 + 8X + 5)dx-M(4M 2 + 8M), an @) -3> 10 li €>0 
0 

ran)!®! ®3• An ggl, may hói X? An © bó qua X. May hói M? An [13 (M = 2) 
An ‘ §j, may hien ket qua bang 84 ^ 0. Loąi D. 


Vt du 2 . Tinh tich phan I = f - 2 -— 2 '{ m > '' ■ Chon ket qua dung. 
‘ ' ‘ A J x" + m 














lf * 2 - «.,hu cle 6: Nguyen ham - Tśch phan - lin 


i*■ i a r , . Mł 

JM x2+m2 ; 


*2 +M 2 UK 3M 

-in 


M M u-. 


X2 +M 2 U * 2M 
5 _ 


5*77737 ® ran 

J M x27j^2"dX-^[ 


X2 +M 2 U * 6M 

i „ 

_24 11 i 




M>/3 

“ Phuang dn A: Nhąp vao may f —-■ - dx — Ł. z n jj® j® m c ^> ijrajn m rai 

[ : ±j i&wi iii yg) Cyj te® @ ® g® 13 GD CU (E> ® E3 £B @ ggg (n) ©fs] ssa 

itei. An &$, may hói X? An UJ bó qua X. May hói M? An tl] (M = 2). An (=], 

may hien ket qua - - n * O. Loąi A. 

8 

Myfe - 

- Phuang dn B: Nhąp vao may J ——. An gg), may hói X? An !=j 

M A 4- !VL 2.Nl 

de bó qua X. May hói M? An ®(M = 2). An (=j, may hien ket qua ~—n*0. 
Loąi B. 

M £ , 

- Phuang dn C: Nhąp vao may J -y—ydx--^. An [mj, may hói X? An © 

de bó qua X. May hói M? An CS (M = 2). An iii, may hien ket qua -±-n*Q . 
Loąi C. i 

M & 1 j 

- Phuang dn D: Nhąp vao may J —-— dx--£- . An may hói X? An 

U=J bb ^ ua X - Ma y M? An ■ 2 i (M = 2). An {=), may hien ket qua bang 0. 
Dung CALC vói mot vai gia tri M khac (M > l) deu nhąn duąc ket qua bang 0. 
Chon D. I 

_________ ___ Dap an D. ! 

i v i dą 3: Tinh gia tri cua tich phan J = J T sin * dx,(m>l). Ket qua 

o \ll-2mcosx + m 2 \ 

| dung la: 


D. 2 m 


J ' 0 Math A 

n sin(Xł f 
°Vl-2Mxcos(XJ+ 


0 Math A 

n sintK) ^ 
0 -i 1 -2MXCOS (X) + 

_0.5 


Łoi giai 

Dua may ve che do góc radian: IgiFf) ggćg [4] (Rad). 

- Phuang dn A: Nhąp vao may j - — Sm ^ d*- —,Sh f® (Sj pij §M) 

o yl-2Mxcos(x) + M 2 M 

CD UJ ® CS mBHJ H ffl SD @ IH 030308 H ®3 pg © [o] © §§§ 

® ^ ^ ^® GD®@©.£n MM, may hói X? An D de bó qua X. May 
h°i M? teJ (M = 2). An ©, may hien ket qua bang 0. Dung CALC vói vai 
gia tri M khac (M > l) deu nhąn duąc ket qua bang 0. Chon A. 

- Phuang dn B: Nhąp vao may sm (*) dx-i-.An m, may hói 

o yl-2Mxcos(x) + M 2 M 

X? An l=J de bó qua X. May hói M? An (U (M = 2). An (=>, may hien ket qua 
0,5^0. Loai B. 
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Vói bai toan tmh tich phan 
chtła nhieu tham so, ta 
cung thyc hien theo quy 
trinh tacmg ta; cac vi du 
tren bang cach sit dung 
lęnh CALC vói cac gia tri 
tiry y cua tham so. Ta nen 
chon gia tri tham so le de 
ket qua hien thi chinh xac 
hon. 


J£B£GQS(X) ') S. i I 
4 13 


UJl giai 


- ® ^Math .4^ 

2L B Ccos cx) )2~t i I 
J "4 


0 Math & 

KB (COS (X) ,•! 

4 

26 


Dura may ve che dó góc radian: ferii SUS L4J (Rad). 


- Phuang an A: Nhap vao may 


i B(cos(x)^ 2 {l + e " 3X ) 2B 


dx -, an M GB ii) m 


O <y> SIS Ea lO §§ j£§y CE CO CD 113 CD LiJ GE 11 !2B l£j fc3GD|§iC0® 
[f] ® eiffi ;ll @ ® iS ® ® 11; iii! ki3 ® Cii <B ® 63 ® EB ® 
GPififlśltóC 

An lii, may hói A? An Oj EJ Hi (A = 1,3). An !D, may hói B? An (X! OJ tej 

13 

(B = 1,5). An !!3, may hói X? An 60 tiep de bó qua X, may hien ket qua —*0. 
Loai A. 

n 

4 2 A. 2 A v ^ 

- Phuang an B: Nhap vao may f - -77 -- dx - — ■ An l«£i, may hói 

6 b(cos(X)) (l + A 3X ) B 

a? An (33 CE! Ci] (A = 1,3). An GD, may hói B? An il] El ÓD (B = 1,5). An {=0, 
may hói X? An ii! tiep de bó qua X, may hien ket qua bang 0. Dimg CALC vói 
mpt vai gia tri A, B khac deu nhąn duoc ket qua bang 0. Chon B. 

7t 

- Phuang an C: Nhap vao may f- -77 -yd*-—-- • An i£ĄSi, may hói 

_* B(cos(x))' (l + e~ 3X ) B 

A? An OD E fs] (A = 1,3) . An LlD, may hói B? An UJ EJ ISJ (B = 1,5). An (Si, 

26 

may hói X? An © tiep de bó qua X, may hien ket qua * 0. Loąi C. 


2E B(cosCX) 

4 

13 

_15_ 


- Phuang an D: Nhap vao may f-- 7 —— --d* - — ■ An i^iU, may hói 

_n b(cos(x)) (l + A 3X ) B 

A? An SjiZJilj (A = 1,3). An IM), may hói B? An lid El (U (B = 1,5). An ‘Si, 

13 

may hói X? An Jij tiep de bó qua X, may hien ket qua — * 0 . Loąi D. 
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STUDY TIPS 
6 

Ta luón có J f(x)dx = 20 = 

o 

6 6 

fk.g(x)dx = k.fg(x)dx. 

o o 

Chpn męt ham so g(x) tuy 

y*i k= - 20 =k 0 

jg{x)dx 

O 

-> f{ x ) = Ks{ x )- 


o^*2Xdx 


ra M.\th . 


10 


STUDY TIPS 

Bai toan có sy xuat hien cua 
ham ltrcmg giac nen ta can 
dua may ve che do Rad: 

e Ul GD 


4 

a 

Math A 



8 


0 MathTA 

8sin(2X)cosO 
_2 


ans 5; 


Chon ham dąi dięn de tinh tlch phan 


Ch° J/(x)dx = k 0 . Tinh tich phan 7 = J/(f(x))dx . 

« m 

Phan lich: Gia su- /(*) = a.g(x) vói g(x) la mot ham bat ki lien tuc tren [a;bj . 

b b b 

Khidóracó: k 0 = jf(x)dx = Ja.g(x)dx = a.jg(x)dx -> a = - 


Jg(x)dx 

a 

Vay f(x) = a 0 .g(x) -> f(t(x)) = a 0 .g(t(x)) I = J/(f (x))dx = J a„.g(t (*))d* . 

m m 

Ouy trinh bam may: 

b 

* Buóc 1: Chon ham g(x) . Nhąp vao k 0 -h J g (x) dx, an |=j dtroc ket qua a 0 . 

1 

f * Bnóc 2: Nhap vao J a 0 .g(t(X))dx, an L™i ta duoc ket qua chinh la gia tri cua I. 


° 3 

V i dy 1: Cho j/(x)dx = 20 . Tinh tlch phan 7 = f/ (2x)dx. 
o o 

A. 7 = 40 B. 7 = 10 C. 7 = 20 D. 7 = 15 


Lei gia! 
6 


Chon g(x) = x. Nhąp vao may 20-i-JXdx: [2] [Ó] GE © |p§ QJ (g> (¥) © [I] 

0 

An (D may hien ket qua la ~. Khi dó /(x) = -> f(2x) = ~-.2x 


20 + J>* 


10 

9 


Nhąp vao J ^ x 2Xdx: © iT) © (Jj ® <& (U CU H CD © (© © (U 


An G£] may hien ket qua la 10. Vąy 7 = 10. 


Dap an B. 


i 


Vi dy 2: Cho J/(x)dx = 4. Tinh tich phan 7 = f/(sin2x)cos2xdx. 

o o 

A. 7 = 8 B. 7=6 C. 7 = 2 D. 7 = 12 


Lód giai 

1 


Chon g(x) = x . Nhąp vao man hinh 4 jxdx: [4) © {mg QJ <g) [o] © Q]. 

0 

An (=] may hien ket qua la 8. Khi dó /(x) = 8x ->/(sin2x) = 8sin2x . 

TC 

4 

Nhąp vao man hinh J 8sin(2X)cos(2X)dx: 

0 

® gd isK ni eh mmasu im cd cd © © © issi g^i @33 gd 

An @ may hien ket qua la 2. 

£Mp an C. 
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Jo J 


Vx au Diet rang ia AiL v Ł iŁi 


| D = £ 3 [/(3x) + T]dx 



A. D = 30 


CI, D=12 


D = 27 


Chon g(x) = x. Nhąp vao man hinh 9 - f Xdx: ijj tei Cifci i*S» LŁ) Ct> u 

"5 ^ 

2 An [i] may hien ket qua la |. Khi dó /(*) = |* /( 3x ) = --3* • 

O 



fiąp vao man hinh j -x3X+9 eh: d 


:: CP fQ GD ® l?.l ® ® GD SS3 CD 133 Cs 


nj@00©lI]-An |5j may hien ket qua la 30. Vąy D = [ o [f(3x) + T]dx-30 


Dap an - J 


rplnglk Ti^ tham s5 di tich phan bing mat gid tri cho truóc ..., 

i Vi du 1: Tim gia tri cua a de J( 2 x-l)lnxdx = 21n2- — • Chon dap an dung. 

I ’ 1 R 

i . fń w. —o C. a — 3 £A a — yj 



X)d^ 

26899 



;x)d*i>1 
179371 


Nhąp vao 


ao may J(2X-l)ln(X)cbc-^21n(2)-|j, an: ©SSIlCJbi. 


UJ LiOJ 

m 




i!2714 ] 


-Phuang an A: An gg), may hói X? An (U bó qua X. May hói A? An fej ffl 1 
( A = Vi). An Ti] , may hien ket qua bing -0,7690626899 * 0. Loąi A. 

- Phuang An B: An iH, may hói X? An Ei bó qua X. May hói A? An ! 
(A = 2). An Hj , may hien ket qua bang 0. Chon B. 

_ Phuang an C: An @, may hói X? An (=) bó qua X. May hói A? An i aj (A = 

An Ej, may hien ket qua bang 3,705379371 * 0. Loąi C. 

- Phuang an D: An S, may hói X? An ® de bó qua X. May hói A? 

f§l Q] - a/ 3^. An (Hj, may hięn ket qua bang -0,4577512714 ^0. Loąi 


\ v M.n 2; Neu j(cosx + sinx)d% = 0,(0 < a < 2%) thi gia tri a bang 


n 


n 


3n 


D. tc 













fhaj-j 2 - -i.:;.; de A Ngyyen Lam - Ijęh ph 

Dtra may tinh ve che do góc radian: gsitiFfj j g i g fTj (R ac j). 

|(cos(x) + sin (x))dx , ah @CD@@CDQ] 


; £ or oothihig 

Nhąp vao may 


Isisml 


. ^ 0 FIK Math A 

| 0 (cos(X)+sinCXi> 
l.oonnnnnnn 


0 

&i!i li 

Phuong dn A: An jme) , 
(SHIFT 3 3 - ^ Fn i a TC 


■> SM! CD [ 


U LU Cf5 LiJ ® 


may hoi X? An 0 de bó qua X. May hói A? An 


L' Ul: | A - - . An Q may hien ket qua bang 1*0. Loąi A. 




0 FIK Math A 

0 (cosCX)+sin(Xt- 

.. 2.oonnnnnnn 


- Phuong dn B: An @g], may hói X? An 


Q de bó qua X. May hói A? An 


BEJ (xir| LU [2] 


A = - 


. An 


L~j may hien ket qua bang 2*0. Loai B. 


I"A 


0 FIK Math A 

0 (cosCX)+sin(X> 
_o.oooonnrmn 


. B FIK Math A 

I J(cosCX)+sin()ti> 
2.oonnnnnnn 


- Phuong dn C: An iCALCj, may hói X? An © de bó qua X. May hói A? An 

An i_™j may hien ket qua bang 0. Chon C. 


Ol) HO SIEj GB GD 


A = - 


Phuongan D. An (tóg), may hói X? An © debó qua X. May hói A? An ($£t| gjjjj) 
(A = K ) ■ An tH) may hien ket qua bang 2*0. Loąi D. 


Da.p an. C. 


Vx dii 3: Gia tri cua m 
A. ?n = ln2 


de j 


2e 3x -e 2x 


8 1 

j r /— -—da: = ---ln5 la: 

o e \/4e -3 +1 3 3 


m = ln3 


C. m = ln4 


). m = ln5 


|-M 2s3X_ęfex \ 

_ -L 308315993 


rM_2g3X-gfex 


u e* 


+ i 


dxf> 

0 


J Q !~7T y OXL 

£0-1460-3 +1 

_L662993945 


IM ££ 3 X_ię 2 X 
0 6^ ■Idert-S +1 


dxt> 


3,614900420 


M 2g3 _ 

Nhap vao may Sh © ffl @ @ ©(«■) © 

® B a:' 1 '-'- 1 ® { "' !} 113 s m ® hę on (e B ) @ ca @ © ® @ © 

£i®. UJ e B CsJ ® ® ® ® ® ® ED © <g> s CD ® dl © (3 ] <B' 
B ffl LU <V) ® cg) QnJ dl (Tj 03. ■ ” 

- Phuong~ dn A: An may hói X? An © de bó qua X. May hói M? An 
OlOilJDJ (M = ln2). An ©, may hien ket qua bang - 1,308315993 * 0 . Loąi A. 

- Phuong an B: An @, may hói X? An © de bó qua X. May hói M? An 
[.Li! G?J LU (M — In3). An ©, may hien ket qua bang 0. Chon B. 

-Phuong dn C: An may hói X? An © de bó qua X. May hói M? An 
SIs] ® CEj (M = In4). An ©, may hien ket qua bang 1,662993945 * 0. Loąi C. 

- Phuong^ dn D: An @, may hói X? An © de bó qua X. May hói M? An 
03[£)LU (M = ino). An ©, may hien ket qua bang 3,614900423 * 0. Loąi D. 


4 

Vi du 4: Gia tri cua tham só m de j- 


tanx a r -fi „ 

rdr = Vm —?= la: 


* cos x VT + COS Z X 
6 


| Ac m = 5 

B. m = 4 


C. m = 3 

CM 

II 

s 

Q 

y A. c , » .... .;] 
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Dua may tinrt ve cne ao goe 


icŁUicLLl. X —-v- r 


tan(X) 


i cos(X)x Jl + (cos(x)) 


:dx- -Tm—“ 7= , an fj^Ul 

'/mJ 


Dl SA <x> ®! sfsg |*fgj {U} es) ifj ^ 

;; jMw ?ig <_p) f= @1 © CD ® © WM iii 


-,os ( y .) >(4 1 + (co 

-0.848926445 

~ " 1 (jj^, 

;0S C X) x/T+7go 

-0*4725987686 


I-OS (X) liii' (GO 


GOS i X ) X i j ■’ '■ GO 

R.6611407069 


- Phtuang an A: An md , may noi Xr Au s ==j u.e bo 4 ua A. JV*ay noi wi. ól 
(M = 5). An SD, may hien ket qua bang -0,848326445 * 0. Loai A. 

- Phuang dn B: An @g, may hói X? An © de bó qua X. May hói M? An g 
(M = 4). An @, may hięn ket quabang —0,4725987686 ^0. LoąiB. 

_ Phuang dn C: An jgig, may hói X? An © de bó qua X. May hói M? An [3 
(M = 3). An ©, may hien ket qua bang 0. Chon C. 

_ phuang dn D: An M , mdy hói X? An © de bó qua X. May hói M? An F| 
(M = 2). An śH], may hięn ket qua bang 0,6611407069 ^ 0. Loąi D. 


T.* iclp i*M. %. 


1 5; Cho dang thńc 2 &.m - j-^-yda = 0. Khi dó 144m 2 -1 Mng 













1 hbhSI 
- : v sKs g . wsgsńass 

Tai buóc 2, de tim a,b,c 

, \f(a;b;c) = A 

cua hę i ta 

Ig (a;b;cf = m 

can su dung linh hoat mot 
so chuc nang nhu EQN: 
SB UJ, hay lęnh SOLVE: 
@53 jMH, hay dung bang 
gia tri TARLE: gg PF) . 

Chń yi May tinh cam tay 
chua the giai quye't het 
moi bai toan ó dang nay. 
Trong khuón kho cuon 
sach, tac gia se chi de cap 
den cac dąng bai thuóng 
gap ma may h'nh có the xu 
ly dupc. 


li 


0 M.rth , 


1 2 . 6+1 i 

O -4 U l 

-0.5623351446 


0 M:-.th A 


Ans+A 

-0.562335144A 



i Ltąng 6: Tfch phan chong may tinh cam tay 


2 

Biet j /(x)dr = /(a;i>;c) vói a,b,c thuoc mót tap hop so nao dó (so nguyen, so 

X 1 

■■■ hiłu ti,...) va thóa. man hę thuc g(a; b;c) = m. De tim a,b,c ta lam nhu sau: 

Ouy trinh thuc hien: 

x 2 

* Buóc 1: Nhap vao may tinh tich phan j f(x)dx . Sau dó gan ket qua vao bien 

X l 

nhó nao do (A^CD^F^^M) (Chang han ta gan ket qua vao bien nhó A). 

f(a;b;c) = A ^ 
g(a;b;c) = m 

| cua hę phuong trinh thóa man gia thiet (só nguyen, sóhuu ti,...). 


* Buóc 2: Ta có hę phuong trinh f ; . ' ' . Tir day tim cac nghiem cua a, b, c 


Vi dn 1: 


^iet J-~~dx = ahi3 + bln2, (a;b e <Q>). Tinh S = 2a+b. 



Lód ąiai 


i + 1 

Nhap vao man hinh f---dr • 

]x 2 -4 

® ffi ta h q i Ei s <$> e ci m b a <s> 0 ® en 

An lii may hien ket qua la -0,5623351446, gan vao bien nhó A: @ @ jwj 

Gia thie't tró thanh «ln3 + fclrt2 = A . 


STUDY TIPS 

2 r\ 

Qua vięc tinh f-^— 1 dr roi 
■j x 2 -4 

gan ket qua vao bien nhó A 
va ket hpp vói dap an. Ta 
. [aln3 + Mn2 = A 

’ [2 a + b = S 

la mót hę phuong trinh bac 
nhat hai an có the giśi bang 
tinh nang EQN: §®§ Qf) (Tj, 
neu hai nghiem a,b tim 
duoc la só' huu ti ( a,b e Q) 
thi chon dap an tuong ung. 


Cąchl: Ta kiem tra dap an bang giai hę 2 A vói S la mót trong cac 

dap an A, B, C, D. Ket qua dung cho ta cac gia tri a,b<=Q. 


jaln3 + bln2 = A 

- Phuong dn A: + &= 5 .Su dung S \J] (EQN) CD, nhap cac hę 

hę phuong trinh. 

. [a = 7,978262519 

Ta tim diłpc ^ ->,.btQ. Lo«,i A. 


so cua 


0 Math 

^I.DSBB □. E9B j 

0 MathT 

A = 

0 Math A 

_-_2.5 

7.978262519 

-13.45652504 


- Phuong an B: 


aln3 + Mn2 = A 
2a + b = — 


a = 5, 568841679 
b = -9,637683359 


—» a,b i Q . Loai B. 


0 Math | 0 MathY 

□= i93 f -Q s 5E3] [ ■- 

aL a i i.sJ 

^ 0 Math A 

1.09S6122891 5.568841679 

-9.637683359 


LOVEBOGK.VN i 296 






















Cach 2: Ta cung có the dimg SGLVE de xac dinh dap an. ChŚng han, doi vói dap 


1 11 

anC, ta có S = ——-^2a + b = ———>b =—— — 2a. 

z z z. 


Tir aln3 + bln2 = A<=>flln3 + 


— 2a |ln2 = A.Coi a = X. 
2 ) 


xirua)+l 

x= 

L-R= _ 


-2ty Jl> 

0.75 

0 


- —~ @ Math 

£ { y \ ™ 3łQ j2 3. 


Nhap vao man hinh Xln(3) + ^—— — 2X ln (2) A. i»MS Qj UisJ ® tS 

fp fięi [2j Cfel f0 r~.l l/Łfflft. LL1 Oj i -jU C?J 03 b~j Sysssi &7J 

Xn j§g fŚffiT Shgf, may hói Solve for X. An (H), may hien ket qua bang 0,75. 

Suyra X = -sa = --»& = -^-2.- = -2^«,beQ. ChonB. 

J 44 2 4 

A—fr.ln2 r ( \ A — x.ln2 ^ r-tt „i 
Cach 3: Tir flln3 + Mn2 = Asa = ——->/(*)= - • An ^ L - J va 


Sn 3 


ln3 


STUDY TtPS 

Ó bai toan nay cac dap an 
có dąng 10.0,25; 6.0,25; 
-2.0,25 ; -5.0,25 . Bay la 
tich cua cac só nguyen vói 
0,25. Vay ta se chon gia tri 
Step = 0,25. 

Sau khi xac dinh buóc nhay 
Step = k , ta thuómg chon 
Start = -14fc va End = 14fc 
(bai tai che' d$ §S§ [Jj 
Si’ §5§ ® [s] ilJ bang chi 
hien thi duac tói da 30 gia 
tri, mat khac ó dąng toan 
nay, dap an cac gia tri a,b,c 
thrrang khong qua lón). 


A-Xln(2) 

pil III ® CU (Tl. Nhąp vao man hinh ham só f(X) = — ]n ^ : 

(-p|] ( Jmtt. JF5j F0 Ę.m f> ifinj; 2 .- Oj vj Uiii l?D t 

Chon gia tri Start = -14.0,25; End = 14.0,25; Step = 0,25. Tir bang gia tri, dó cap 


1 « 

n -a.s 

B - 3 * ES 
31 "i 

0 

F<KJ 

W 

3809 

Math 

£9754 

i " 

•t -a.is 

5 - 8.5 

BI -s.as 

a 

r <;c 

1.3231 

M 

50773 

Math 

24384 

1 “B 

m - 1 o is 
Si -loS 

0 ^ 

n?śasa 

0« Łs^aiS 

Math 

O „ 75 

_ 

| M 

id -i.as 

a 

F «!5 

o. a™ 

» 

38662 

Math 

19196 

| x 

I 3 l -D.S 
|L -B.E 5 
ISl 0 

-O.’ 

O 

F(K> 

-Bo i SE 

M 

511SE 

Math 

95071 

1 X 

IE D.BS 
n D.S 

isl D .15 

-o. 

f «:s? 

* 

9SS0.5 

68223 

1 x 

IS 1 

ao i.es 

Eli l.S 

-1 

0 Math 

F(«) | 

-I.IMB 

„458254138 

I X 

SB 1.15 
S 3 I E 

EMi 3.35 
-1 

a 

F<K 5 
- 5 oili 

931 

Math 

,51458 

EsI “i. 5 

SB B .15 
Sil 3 

-2 

FCK) 

|-E 0 DSS 

Im 

. 4046 

48768 


'“ 3 ~ 


-2,720113645 


Quan sat bang gia tri, ta tim duoc cap (X;F(X)) = 1-2 
3 1 

Suy ra b = —2,a = — —»S = 2a + fr = —— - 


thóa man. 








f 2 4lnm + i .... 
li x Qx 

1■65405320B 


ńris->fi 


1.654Q53?nR 


duoc he 


Xxln(2) 2 +(9-4X)k 
X= 2 
LzR= 0 


*vvs_ ń-Xxln (2ł ■ 
ln (2)1 


2 - Łhu de b: Nguyen haro - Tfcb pha n - Uhg dapg 

p41nx + l 


i 1 "" ^ no | ' dx— aln 2 2 +bln2 va a,bsZ. Tfnh tong S = 4a+b, ket 

i X * 


qua dung la 
A. S = 3 


B. S = 9 


C, S = 7 


D. S = 5 


Lot giai 


2 r 41n(X) + l 

Nh ap j--— dx: ® ffil LU uS3 @wj CD CD E) CD <§> H CD <S> E3 © E). 


X 

An b-J, may hien ket qua bang 1,654053208. Gan ket qua nay vao bien nhó A, an 
® @ @ O ( Ans -» A) . Khi dó ta có aln 2 2 + bln2 = A. 

Cach 1: Dung jećg fsl (EON) (Tj 

(a ln 2 2 + Mn 2 = A 
j 4 a + b = S 

j a ln 2 2 + b ln 2 = A [a = 0,1855860156 

4« + b = 3 


Xet hę phucmg trinh 
- Phuang dnA: S = 3 - 


vói S tirang ńng vai 4 dap an. 


b = 2,257655938 


Z. LoaiA. 


STUDY TIPS 

Qua vięc tfnh j © nx+ D x 

i * 

roi gan ket qua vao bien nhó 
A va ket hop vói dap an. Ta 
(flln 2 2 + f)ln2 = A 
[4 a + b = S 
la męt hę phuong trinh bęc 
nhat hai an có the giai bang 
tfnh nang EQN: g££ GD [EL 
neu hai nghięm jjr?j* tim 
duęc deu nguyen ( a,b e Z) 
thi chon dap an tirong ńng. 



B Math 

D - Ia3 i *ii?] 

a MathT 

x= 

, a Ms.th A 

Y= 

_—_72 

L 1.395195339 

1.419218646 


- Phuang dn D: S = 5 -J ^ 2 + bln2 = A _> = 0^903906771 


4a + b = 5 


a = 1,838437292 


>a,b <£ Z . LoaiD. 


a Matłi 

eP-H °- BS3 l słM] 

a MathT 

A = 

, , a Math A 

Fi 

0.7903906771 

1.838437292 


Vói P huan 8 ón B, ta có S = 9—>4fl + fc = 9—>-fo = 9-4a. Khi dó aln 2 2 + Mn2 = A 
<=?> a ln" 2 + (9 - 4a) ln 2 - A = 0. Nhap vao man hinh X x ln 2 2 + (9 - 4X) x ln 2 - A: 

b® © m ® ffi cd © 0 m m m © @o ® © m b s e. 

An (sifTi an dl, may hói Solve for X. An dj, may hien ket qua bang 2. Vąy 
a = 2->f7 = 9-4.2 = l thóaman a,freZ.ChonB. 

Cach 3: Dung TABLE: §§1 © 

Tu aln 2 2 + bln2 = A~>b 2 


ln2 


r/ \ A-x.ln 2 2 v - --- 

f \ x )——' An va 


fiŚES lig <g> LS Uj . Nhap vao man hinh ham só f (x) = —_ Xx 0 n ( 2 )) 

_ K 2 ) 













Cdr. g p:ia fó _ 

Chon Start = -14,End = 14,Step = 1. Tren bang gia tri, ta do cap (X;F(X)) = (a;b) 


Neu gia thiet bai toan cho 
thi ta thtrcmg dnom 
cac gia tri Start = —14, 
Ejid = 14 va Step = 1 • Neu 
van chua tim duroc cac gia 
tli thóa man thi ta xet cac 
gia tli Start, End khac. 
Chang han Start = —44, 

End = -15, Step = 1 hoac 

Start = 15, End = 44, 

Step = l (do bang hien thi 
dupc toi da 30 (dong) gia tri. 



I I 

I Vi GĘ 3 ; Cho I = jśm*xdx = vn+b vói a,beQ. Tinh gia tri cua bieu thńc 

| 0 

i M=a+b 

5 _ „. 5 11 


I 


A, M = 


11 

32 


M =- 

32 


M = • 


■ę~k 


32 


3. M = -— 
32 


I. M 


4 , 


G3 Math 


:sin(X)) 4 d> 
n. 114452431127 


a i. 


ńns+ń 

fi. (14452431127 


Dua may ve che dó Rad, ang @£€■ Nhąp vao manhinh j(sin(x)) dx: 

0 

plijOgg CD Oj CD 63 Oj tt OJ ca aa i*®3 ® ® 

An j=}~ may hien ket qua bang 0,04452431127. Gan ket qua nay vao hien nhó A, 
ah @ Ej O (Ans-» A). Gia thiet tró thanh rni+b-A. 

Cach 1: Dung fH GD (EQN) Q] 

I" na + b = A 


11 

- Phuong an A: M = — -» 

2>Z 


a = -0,1397211035 , _ T . . 

u —»a,fr £Q. Loai A. 

fl + b = _ [7 = 0,4834711035 

L 32 L 
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Fnan 2 - CM aa 6r Nguyen ham - Tfch phan ■ flng dymg The best or noth 

- Pk*mg »„ D: M = 7 E” + '’ = A N« * ^ 247805168 _ „ „ e Q 

U+b = 7 U. 10,24780517 '° ey8 


B Math 

|3- i M1 s I ^y^gj 


-3.247805188 


10.24780517 


--— ■ - II—- A V.- B fa.~T I UW1 I | 

Cach 2: Dung SOLVE: [sin] (oicl 

Vói P humi % dn B ’ ta có a + b = -~^b = --^- a . Khi dó, tu’ gia thiet m+b=A ta 

5 A = 

co 7M ~~ _fl -A = 0. Nhap vao man hinh rtX- X-A- 

32 _ 32 

§13@3S CO i=] LUffl GD GD<g> E3@Q]gggg 

An (fflirj iOĄLC;, ah Ge], may hói Solve for X. An [S], may hien ket qua bang 0,09375. 

Suy ra a = 0,09375 = A ~>b = -- ~±a,beZ . Chon B. 

32 4 

Cach 3: Dung TABLE: @ (T) 

Tu Tw + b = A—= A — tuj— */(x) = A-m:. An Ki Qj va [iSFfj jmg (g) [ 5 ] jTj. 

Nhap vao man hinh ham so f(x) = A- 7 tX: HO EJ @ gg) gS) Q] 

_ S Matfi 

f(X)=A-JiM 


STUDY TtPS 

Ta thay cac dap an lan lupt 

có dąng 11.— ;-5.—;5.-i- 
32 32 32 

\ 1 1 
va -11.— , la tich cua — 
32 32 

vói męt so nguyen. Theo 

nh|n xet a vt du 1, ta se 

chon Start = -—,End = — 
32 32 

va Step = — . 

r on 


Chon Start = -^,End=^,Step = ^. Tren bang gia tri, ta dó cap 


(X;F(X)) = thóa man X,F(X)< 


i -IMBT ITm?B9 

i W 

_ 1.£22621556. 

0 Math 

X FtX) 

10 -0.ISE 0.5353 

i£=g:iil km 

_ O.339046677K 

3 Math 

X F(X) 

19 0. 125 -0.34B 

20 0.1553 -D.UUE 

hi 0 . lais mwsf 

_-O.5445243113 


12 Math 

X FCX) 

U -0.343 I.1244 
S -0.312 I.02SP 
E -0.2BI HfflPff 

Q. 9£S097£d!=; 1 

9 M.th 

X F(X) 

-D.DE2 0.2400 

- D - D3 A W 

_ 0.04452431127 

0 Matii 

X F<X1 

22 0.2101 -D.E42 

24 0.2BI2 Bhflpfcl? 

-0.83904B6??F5 

§ Msth 

X FCX) 

2B 0.4052 -1.231 

29 0.4315 Emfftr 

30 

- 1■329922475 


1 -0.25 ofo299 

sm 

_ U ■ 633572933S 

0 Math 

a F CK) 

IE 0.0312 -0.053 

ib olnsii 

-IjJ 
0 Math 

X FCX) 

25 0.3125 -0.931 
2E 0.3431 -1.035 

21 0.315 dmwe 

- 1.133572934 


Ta tim dugc (X;F(X)) = thóa m g n ^hj dó fl = A j, = _A_» fl + £ 

v 32 4 J 32 4 


, 5 

? + P =- 

32 

Etap an B. 


Vi du 4: Biet J 


5 2 1 

fX + x+l 


x + 1 dx — a + ln — vói «,b e Z. Tinh P = a-2b 


A. P = —2 


B. P = 5 


D. P = 10 


Ldi giai 


5 -w-2 . y . -i 

Nhap vao man hinh f- - dx ■ 

3 X + 1 


® cu® tu 
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.44 kh iMsał C 




a + In — = A 


Ta thay hę 


khóng phai la hę phuong 
trinh bac nhat hai an nen bai 
toan khóng the diing chńc 
nang • ■■ ’ '«i . . <ie 

ciai. 


x= 

L-R= 


768310156 


X~ 1.765179852 


0 Ma.T.tl & 

2X+2 + ln[ |“8 

X- ' 3 

L-R= _-0 


An may hien ket qua bing 8,405465108. Gan ket 
qua vaobieti nhó A, an Q jaw 44; {<: j (Ans—>A). Gik 
b 

thiet tró thanh a + In — = A. 

2 

1: Dung SOLYS: tcaŁC l 



Ans-ń 


R- 41154651 OS 


- Phuong dn A: P = —2 — >a— 2b — —2 —>a — 2b 2.Khidó2fo 2 + ln^ A 


Nhap vao man hinh 2X — 2 + In 




K 2 J 


-A. An Isi 


21 V 


, man hinh 


hięn X = 4,768310156 = b —> b £ Z.. Loąi A. 

b 

— Phuong dn B: P = 5 —> u—2b = 5 —> ci = 2b + 5. Suy ra Ib + 5 + In — — A. 


Nhap vao man hinh 2X + 5 + In 


f* 

l 2 y 


-A . An Ahft pjHSOLVEI . “O , uran hinh 


hięn X = 1,765179852 = b -A b £ Z. Loai B. 

b 

— Phuong dn C: P = 2 —> ci— 2 b = 2 —4 a = 2ł> + 2. Sny ra 2b + 2 + In — — A. 

Nhap vao man hinh 2X + 2 + ln — - A. An ! J§Fr! ięicuSOŁYaf i~D SUJ/ m ^ n hinh 

V 2 p 

hięn X = 3 = h—>fl = 8 —>a,b eZ. Chon C. 

b 

— Phuong dn D: P = 10 —> n — 2b = 10 —4 a = 2h+10. Suy ra 2b +10 + In — — A. 


2X+lU+lnl^j-ft 

X- 0.247492879 

i=fc_tt 


f(X)=2e' 


0 Ms.th 


S TAJ DY TIFS 

Do a,beZ-*x,f(x)sZ. 

Khi dó ta chon Start, End, 
Step łan krat ia -14;14;1. 


Nhap vao man hinh 2X + 2 + ln —1-A. An .ssyj iCfekiSUb V h) tEl lEG man hinh 


hięn X = 0,247492879 — b —> b £ A. Loai O. 

Cach 2: Dimg TABLE: jśśg Oh 

Tu gia thiet A = a + ln|<=> A-a = ln|o| = e A ~ a <=> & = 2e A ~" -»/(*) = ?.e A x . 

An H| tlj va @ H! ($) © Qj • 

Nhap vao man hinh ham so f (X) = 2e **: [13 iii UJ ®10 S I® CD 
Chon Start = -14, End = 14,Step = l. Tren bang gia tri, dó cap (X;F(X)) = (a;b) 
sao cho X e Z va F (X) e Z. 


j « 


li "SM HsJO 

Si - i i Ewfln: 

a! -ia " “ 


E Ms.tti 

FCH5 


, UMmoSI 
3956447203 


¥ 

FOtt 
i ! o 3-iai 
ygMiy 

179622 B 4251 


K F(K) 

M -II S«3 
s -so 

1 72464858.261 


F(X> 

-1 lilii 
3607812 a 85^ 


ł2 

T! 


X 


OlST 


F<X5 

iiOHS 


3942.873981 


1 s 
so 

X 

M 

i 

F(H> 

IE3b1S 
SH.SSE 


SI 

S3 

X 

n 

1 

SI 

E 

£2. 16 

71683 

SM 

s 


0 M:.th 


3 n IS3KI 


0 Math 

X S F(X> I 

!?j«| 

7 a 436£5653xi£l. 


FCX> 

1S11.1 


z U£ui>j 

ilOEPratF , 
445.2394773 


F<X5 

0 a MDi 

» 


i c i _ 

0.05494691667 










fliSs-j 2 - -Cbki -7'-: ;:c [-;gt»y^n ham - Och ptufe - Ifng drag The best or nothln? 

Tirbang gia tri, ta tim duoc (X;F(X)) = (-13;3956447203) va (X;F(X)) = (8;3). 

a = — -13;^ = 3956447203 ->S = a~2b = —7912894419. Khóng có dap an phu hop. 
a = 8;b = 3 —>S = a — 2b = 2 . Dap an C phii hop. 


f e 1 n t X j 

Jl 


dx 


0.7025574Fi FS F. 


ńns+A 

0.7025574586 


STUDY TiPS 

Khi sii dung SOLVE: 
fet! feALg] ta can tim tai ca cac 
nghięm có the có cua 
phuang trinh, tranh trunng 
hpp nghięm bi bó sót nhu d 
phuang an B (Cach 1). 


Xle 

X= 2.426122639 
L-R= 


Xl£-f-A 

M»h A 

X= 

“2 

L-R= 

0 


XJe -6 

X= "1.735167475 
L-R= _0 


X / e -^-6 

X= -1.359044836 
L-R= _0 


E Math 

Can’t Solve 

CńCi :Canoel 
C ■€ 3 C &■ 3 i Goto_ 


VI du 


5- Cho tfch phan i" dx = t 

1 V* 

B. P = -8 C P = -4 D. P = i 


~a\fe +b vói a,be. Z.Tinh P=ab 


A. P = 4 


i giai 


NT1 A , pln(X) 

Nhąp vao may J ~^dx, an (£j QjD @D CD CD ® © 10© CD ® ®® 

E® ■ An Si/ may hien ket qua 0,7025574586. Gan ket qua nay vao bien nhó A, 
śn @ (sHiffj gaj O (Ans -> A). Gia thiet tro thanh A = a4e + b. 

Cach 1: Dung SOLVE: jajiFfJ f aicj 

- Phuang an A: P = ab = 4 b = —. Gia thiet A = a^fe + b <=> a\[e + — - A = 0 . 

a a 

Nhap x4e + ~ - A: S Q] © @ @3 <g> ffl (Tj (gj (mą! [7] Cg> EJ H O 

An ( 8 * 3 } (ę&Cj (SOLV E) (k) (sg, man hinh hien Can't 
SOLVE. Vąy phuang trinh khóng có nghięm tren R. 

Loai A. 


0 Math 

Can’t So1ve 

EAC3 :Canoe1 
C* 3 C eO ; Goto 


- Phuang dnB: P = ab = -8->b = ~- . Gia thiet A = a-fe +boafe ---A = 0. 

a a 

r~ 8 

Nhap XVe - A: [mj (Tj © gt|§ £fF] <g> (3 (J] jgj [mphaI ID <g) Q |ma| Fil 

An (wj) g«i(SOLVE) © (=}, man hinh hien X = 2,426122639 = «-> a g Z. 

An fair] [ćac](SOLVE)(=)O CD ©, man hinh hien X = -2 = a-+b = 4->a,beZ. 
Chon B. 

-Phuang dnC: P = ab = -4->b = ~-. Gia thiet A = aJe+boaJe---A = 0. 

a a 

Nhap X^-±-A: @ Q] © @ @ ® Q ® @ (TJ <g> El ID O 

An @ (jH {SOLYE} [=5] UD, man hinh hien X = 1,785167475 = « -> a g Z. 

An iffj §LC! (SOLYE) (=3 O CD 113/ man hinh hien X = -1,359044836 = a—>a&Z 

Loai C. 

- Phuang anD: P = ab = 8~±b = - . Gia thiet A = aVe +b<^>a4e +--A = 0. 

a a 

— 8 

Nhap Xyc + —— A : @ CD © H £13 <& ffl [fi @ § 514 ] [Tj (g) 0 S O 

An @@(SOLVE)(13[i], man hinh hien Can't Solve. Vąy phuong trinh 
khóng có nghięm tren ffi. Loai D. 

Cach 2: Dung TABLE; §po| (Tj 

Tir gia thiet A = a4e + b<=>b = A-a-Je —>/(%) = A-xVe . An jgj] fT! va 
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“ i 

M&th 

i u 

<)=ft-?i ii 






Nhąp vao man hinh ham so f (X) - A - X - •/ e : 

Vói Start = -14, End = 14, Step = 1. Ta có hang gia tr i duói day: 


_ a Ms.th 

i | 

-jij 

“gpJ48721£71 


i ii.laa8 


■'iliMi! c 

1K.Kii 04889 


B Mash 

FCK) 
is.bsh 
■i jjUtSa 
-6 ifemr _ r _^, 

1 i~i ■ B94SBbUB 


Do a,beZ-+x,f[x )eZ. 
Khi dó ta chon Start = -14, 
End = 14, Step = 1 



Tu bang gia tri, ta tim diroc cąp (X;F(X)) ~(-2;4) nguyen. 
Suyra a = - 2 ;ł> = 4. Vąy P = ab = - 8 . 


ii O iii- 


i V). dą 6: Biet fJ^_ = aln2+f>ln3+cln5 vói fl,b,ceZ.Tfah S=a+&+c 


x +x 


i 


A, S = 8 


B. S = -2 


S~2 


D. S=0 



Lol R'/«3 .a 


Do 


study n?s 

flln 2 + bln3 + cln5 = A 
a+b+c=S 
la hę hai phuong trinh 3 an, 
nen khó có the bien doi ve 
phuong trinh mót an de su 
dung SOŁV'S. Tuy nhien, ta 
se tim duoc moi quan hę 
giua a va b, cu the b = f(a). 
Coi u — x—>b = sir 

dung TABIJi va nhęp vao 
may ham so f(X) vói 
X e Z . Chon Start, End, 
Step lan lirot la -14;14;1. 
Quan sat bang va tim cac 
cap gia trj X,F(x) nguyen 
trong bang. Dó tuong ung 
la cac gia tri a va b. 


ńns+ń 

Ł0M53852114 1 


Nhśp vao may }^dx . &» «. ■* h « n «* ** 
bang 0,06453852114. Gan ket qua nay vao bien nhó A, 
an iĄjjśj Uli ©i O (Ans —> A) ■ 

Khi dó A = ain2+bln3+cln5. 

Cach 1: Diing TABLEt ||§t Cl; 

- Phuong an A: S = 8^a + b+c = 8^c = 8-a-b. Khi dó gia thiet tró thanh 

A-flln- - 8 In5 

A = flln 2 + hln3 + (8-a-b)in5—>b = - 


, 3 
In— 
5 


A —xln —-81n5 


. 3 
In — 
5 


, N A-Xln(2 + 5)-81n(5) 

An m UKTABLE) va SU ® Lfl tli nhąp f(X) = ^( 3 * 5 ) 

« ma sp 5 ! 0 fps[p. rnn m ra rs cd a tu 03 ® ca ® ® gd oo cs 

Nhąp Sta rt = -14, End = 14, Step = 1. Quan sat bang gid tri, ta khóng tim duoc cąp 
gia tri (X;F(X)) nguyen. Loąi A. 

- Phuong dn B: S = - 2 ^a+b + c = -2^c = -2-a-b. Khi dó gia thiet tró thanh 

A-aln 2 +21n5 A-xln- + 21n5 

A = aln2 + bln3 + (-2 —a-b)ln5—>b =-nj- >f{ x ) = - 


ln- 


ln- 

5 


/ N A-Xln(2 = 5) + 21n(5) 

An m SCTABŁE) va Hg §H ® CIO UJ, nhąp f (X ) = ^3^5) = 

nfl ®3 fT-?> Er! PI UJ Ck! kfcJ Lsj uJ to UJ luo tsu uj uy uuj a uj <-?-> 

Nhąp Start = -14, End = 14, Step = 1 - Quan sat bang gia tri, ta khóng tim duoc cąp 
eia tri (X;F(XV) nao nguyen. Loąi B. 







IB 

19 

K 

a Mith 

F (H) 

9 

U 

mmSai 

EG 

S 

-s.naa 

-l 


Phac 2 


fhe best 


or fso 


Phuan S an C; S-2-*a+b+c = 2^>c = 2-a-b. Khi dó gia thiet tró thanh 

2 - - 2 


. , , A-flln 2 ln 5 

A = flln2 + foln3 + (2-fl-fo)ln5->fc =_5_ 


ln- 


A-arln — 21n5 

> /( x ) =- 5 ~ - 

ln- 


An ioDEf LZJ(TABLE) va fUSj tol 


Lim 


inhap f (v ) - A - Xljt ( 2 ^)- 21 n( 5 ) 
' F 1 } ln(3 + 5) 


msessmDEJiiDsi^msdiEmm®©®^]©^ 

Nhap Start- 14,End-14,Step = l. Quan sat bang gia tri, tim dupc 

X = 4,F(X) = —1 nguyen, hic a = 4,fe = -l -> c = -leZ. ChonC. 

- Phucmg an D: S = 0->a+b+c = 0->c = -a-b. Khi dó gia thiet tró thanh 

A-flln- A ’ 2 

A = flln2 + Mn3 + (-fl-fr)ln5—= — 5 


A-*ln : 

^/(^) = — 5 


3 J V / o 

ln — 

5 5 


An @ [zJ(TABLE) va {§SfS @ © [Tj ff i, nhap f (x) = A ~ X1n ( 2 ^ 5 ) . 

W ln(3 + 5) ' 

fflH O E) ® Cl! GD GD 02 (1) Qj ® GD Li] 0 ij] [T) 

Nhap Start = -15, End = 0, Step = 1 va Start = 0, End = 15, Step = 1. Quan sat bang 
gia tri, ta khóng tim duoc cap gia trj (X;F(x)) nao nguyen. Loąi D. 


£ ;ń 

13 

Math A 

16 

<=> 2".3 b .5 c =e A =~ 

= = 2 4 .3 _1 .5' 1 —>• 1 



15 

15 

3.5 | 


fl = 4 

b - c = -1 


-» S = a + b + c = 2. 


STtJDYTIPS 

* Chang han, neu S = 3 thi 

a + 2b + c = 3<z>b = ~- a 
2 

1011 dó j* 4 * 2 . -da: = A 

J 0 x +3x 2 +2 

, 3-a-c , 

-Ina-t ---.mc va rat 

khó có the bieu dien a theo 
c (hoac c theo a ) nhtr vf 
du 5 de ląp bang gia tri. 

* Do b e Q nen ton tai mot so 
xeZ sao cho bxeZ. Ma 
a,b,ce<Q nen fl*.c ta eQ 
-> e M e Q . Nhu vay, ta chi 
can nhap ham f(x) = e AX 

vói X e Z va quan sat bang 
gia tri, tim tren bang cac gia 
tri X eZ va F(x)sQ, dó 
cung tuong ńng la gia tri cua 
x va o 1 / -*a,b,c 
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______ Dap an C. 

, - -- 

" /l 7: Cho I = l^ +3x 2 +2 dx = lna + blnc vói «/&,ceQ. Tinh S = a + 2fc + c 

A ‘ 5=3 _ B - 5 = 2 _ C 5 = 0 D. S = ~3 

Łoi giai 

Nh?P | x 4 +3X 2 +2 dx ' An ®' m *y hlAn ket quabang 

0,05889151783. Gan ket qua nay vao bien nhó A, an 
© @ SIU o (Ans -» a) . 

Gia thiet tró thanh A=lna+hlnc 

« a.c b = e K « ( a .c b )* = ( e A )* ^ vóixe Z. 

An @ m (TABLE) va §rrj gog <g> dj (TJ, nhap vao man hinh f (x) = : 

§11 fxirj gj (Jmg JGij (Sp (TJ 

Nhąp Start = -14, End = 14, Step = 1. Q U an sat bang gia tri, ta thay 
X = 2,F(X) = 1,125 = | thóaman XeZ, F(x)eQ. 


5J Math 

f(X)=e ń;KJ 

IB 

X 

Fm 

JjlUEDE 

Math 


n 

IB 

2 

3 

■mnFF 
i□i asa 

9jS 











O Ml 


9 3 2 

np , t x 2 _2k _ ^ - 

aUC 13 Cl .C 3 


2 -3 

2 r 2b = — — — = 3 2 2~ 3 = 3 2 2 2 —> a 

■ L O n>3 


= 3,b = _4,c = 2-»S = fl + 2f> + c = 2 . 


r.nę;t3Xł+£CQ^ 
2+3Sin (X) -COsE 

rLmrm 175791 

-- 0 Math A 

s-»ń 

0.89037175 79, 


& Cho tichpMn I 7}_£||i^d,^ 1 n2 + Hn3 + C voi 


Tinh P = «+&+c 
A. P = —3 


B, P=—2 


D.. P=1 


„ .... - KTK , f XI^dx vao 

Dna may ve che do Rart, an !3S!ti££> j 2 + 3sin(X)-cos(2X) 

may, an df! may hien ket qua bdng 0,8903717579 . Gan ke't qua nay vao bieh nhó 
A , an © (sśifj m O (Ans—> A). Gik thiet tró thanh A=aln2+bln3+c. 

Cach 1: Dung TABŁE; gj LZ3 

- Phumtg an A: P-«+fc+c = -3->c—3-«-i—A»«(ln2-l) + Hln3-l) 


_ Ał3 -“‘ A *+*-**, . A„ SI ta ™ea® m co. 

>»! ln ! 


, _ „ u- „ ,ń- fi X\ - Ał3 ~ Xln ( 2,t ’ I. Chon Start = -14,End = 14,Step-l. 
Nhąp ham so £(X) - 

Quan sat bang gia tri, ta khong tim duąc cap (X#(X))»(a;b) thóa man XeZ, 
p(X) e Z. 

-Phuangan B: P = a + b + c = -2^c = -2-a-b^A=a(]n2-l)+b(]n3-l)-2 


A + 2-aln— A + 2-xln- 


--»/(*)=■ 


L .. An |SŚ§ GD va (ajK} @1 <§> C§J CD • 


. - ( (y\ ChonStart = -14,End = 14,Step = l. 

Nhąp ham so f (X) =-^ • 

Quan sat bang gia tri, ta khong tim duoc cąp (X;F(X)) *{a;b) thóa man XeZ, 
F(X) e Z. 

-Phuangan C: P = a+ b + c = 2-*c = 2-a-b-» A=o(ln2-l)+b(ln3-l) + 2 
9 2 

A-7-flln- A-2-xln— ,,,_ 

-—Ł. An m H vi «3 te ® U3 L-U ■ 

In— ln- 

e ^ 

Nhjphamsó .Chpn Start —U.End.14,Step-l. 

Quan sat bang gid tri, ta khong tim duoc cąp (X;F(X)) = (a;b) thóa man XeZ, 
F(X)eZ. 





£iS2 2 ~ Chu 6: Ngii;yer; hbm - Tech pbam - fe ff du ng 

— Phuangdn D: P=a + b+c = l—>c = l — «—b —> A = «(ln2 —l) + b(ln3 —1) + 


he foest or nottfsc 


A —1-flln — 
>b = — -£. 

In 3 


A-l-xln - 
>f(x) = -— ~ 


ln- 


An §*»§ [fj va fswFfj jasg (g> [g] rjj_ 


tYVi_ń-i-Xln(2-. 

TUJ —iTus-ej ► 


e 

Nhlp ham só f (X) , . Chon Star, . -14, End = ,4, Step = ,. 

Quan sat bang gia tri, ta tim duoc (X;F(x)) = (l ;2 ) thóa man X e Z,F(x) e Z 
Chon D. 

C ąch 2: Tu A = «ln2 + Mn3 + c = ln2 a +ln3 f ’ + lne c = ln(2 B 3V)<=>2‘ , 3V =e A 
<^> 2 a 3 b — e A ~ l —>• /(x) = e A ~ x v< 5 i f[x) = 2".3 b . 

Do a, be y,nen T* j e Q . Nh^^^^ 

so f(X) = e A x , do ceZ->.reZ nen ta chon Start=-14,End = 14 va Step = l. Tim tren 
bang cac gia trj X e Z va f(X)eQ, dó tuong ung la c va 2“3 t . 

An @ GG va (wrj H <g> [ 5 ] GD, nhąp ham so f (X) = e 
Cho Start = -14, End = 14, Step = 1. An (=], bang gia tri 
hien ra. Quan sat bang gia tri, ta tim duoc X = -2 e Z 
va F(X) = 18eQ. Khi dó c = ~2 va 2“.3 i ’ = 18 

2 a -3 b =2\3 2 ^ . Vąy P = a+ft+c = l. 


1 K 

13 

F(KJ 

---1 

Matft 

i n 



H 1 



al a 

s, i ni 

9 


STUDY TIPS . 

De phan tich 18 ra thiia so 
n guyen to, ta dung lęnh 

l yfi g (fact). 

An (TJ [I] (2) gg g, m ' m 

hinh hięn k et qua la 2 x 3 2 , 

. _ S Math A '■ 

18 

■_ _ 2*3 2 

Vay 18 = 2.3 2 . 


,A-x 


fCX)=e ń - K 


— 

K 

-3 

i -a 

" fi— 

.J 

Math 

aa 

IB 

F CK) 

H 


1 4 

_ 

-1 

E.Baie 



>ap an 


Vid, 9: Cho tich phan fln(*+l)d* = «ln3+Hn2+c vói a.b.ceZ . Tinh gia trj 
cua bieu thiic S = a + b + c 

— 5 = 0 S = 1 C. S = 2 D. S = 3 


Jjln(X+l)dx 
_Lu 9095425049 


Ans*ń 

CL9095425049 


Lod giai 

2 

Nhap vao may Jln(X + l)dx. An @ may hien ket q„a bing 0,9095425049. Gan 

ket qua nay vao bien nhó A, an jAnsj (ifrj jg) (m) (Ans —> A). 

Gia thiet tuong duong vói A = aln3+fcln2+c. 

Cąch 1: Dung TABLE: gioog (Tj 

Ph "™g™A: P= a+ b + c = 0-+c = -a-b->A = a(ln3-l) + b(ln2-l) 


->& = - 


A —trln' 


ln- 


S Math 

fr-y-^ -iri-oIn CS-^ćl 
T ^ 1 n(2-ę£:j 


A-xln— 

" f{ x )= ■ An jgg§ GO va @®r] gg Cw) [F] jT). 

In— 






a 

F CK) | 


a a 


^ Math 

m a 



SI 1| 

1 ”f« BTB 3 

_ -2 


Nhap vao man hinh f fy) - A X]n ( 3 : e ) rł p 

^ \n(2-:-e) • Chon Start = -14, End = 14, Step = 1. 

Quan sat bang gia tri, ta tim dupc cap (X;F(x)) = ( 3 ;-2) thóa man XeZ, 
F(x) eZ. Suy ra a = 3,b = -2. Chon A. 
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Do a,be Z nen 3“.2 l ’eQ, 
ma 3*2* = e A_c nen e A ~ c e Q 
-> f(x')e Q • Dung TABŁE, 
nhąp vao may ham só 
f(X] — e A " x , c € Z 
Khi dó ta chon cac gia tri 
Start = -14,End = 14, brtóc 
nhay Step = 1 . Dó tren 

bang cac gia tri. X e Z va 
f(X) e Q , dó tuong ńng la c 

va 3".2" 


1 2;k+ i f .i,, 

O _4 

-n.Fii-.2335 1446 


-~ 1 Midi. Ł 

1 2X±Lriw 
O >:;2 

-0.5623351446 


C acli 2: luf A = f/ln3 + ł>ln2 + c = ln3 : +ln 2 1 ' +lne —ln^3 .2 .e j 
3 a .2 b .e c =e A <=> 3".2 6 = e A ~ c -» / (x) = e A ~ x . 


An II 


va p!R'i |ag 


Nhąp vao man hinh ham so f (X) = e A x . Nhąp start - 14End -14, Step 1. An 


~ 0 Mati! 


V, 

-i 

“6 

0 Wsth 

fch:* | 

f(X)=e M_,!A 

i 5 

SM 


i El 

0 





Oo j-o 


27 

Quan sat bang gia tri, ta tim dupc X=-leZ va F(X) = 6,75 = —eQ. Khi do 

fa = 3 


c = -1 va 3“.2" = ■— -> 3 a .2 b = J = 3 3 .2~ 2 ■ 
4 2 


b = —2 


. Vąy P = a + b + c = 0. 


an A.* 


Vt cA. 10- Biet f^±i<Łc = -ln3-(c-l)ln2, (t?;b;ceN*), p la phan so toi gian, 
" ' ; ' r-4 b v v b 


j x" -4 
tinh S = a z +b 2 +c 2 +abc 

A. S = 70 B, S = 84 


S = < 


D. S = 


?-ci m&i 


Nhap f 2X+ - ćbc: (j® @j GD i® CD GB CD ® lEi Oj @3 l=) GD ® ® i0 

J , X 2 -4 


STU0Y TIFS 

Do a,be W va la phan so 

, ^ a _ fl „ 

toi gian nen — o yp - > u . 

->/(*) 6 Q va / (x) > 0 . 

Mątkhac ceN'^ieN*. 
Ta chęn Start = 1, End = 29 
va Step = 1. Tren bang gia 

tri, dó cap (X;F(X)) thóa 
man XeN”,F(x)eQ va 
f(x) > 0. 

Khi dó (X;F(X)) = ^c4 


An © man hinh hien ket qua la -0,5623351446, gan vao A: UJ fch 

a _ A + (c~l) 
b In 3 


va x — c. 


a , „ a A + (c-l)ln2 

(Ans —>A). Gia thiet tró thanh A =-In3-(c-l)ln2->- = 

A + (x-l)ln2 x , 

An Hf [ Jj va HI Hi <g> © 03 ■ Nhąp vao may ham so f (X) « 

CO Hi Dl El CD CD E 3 CI; CD E) 013 OD Ej 

Nhąp Start = 1, End = 29, Step = 1. Quan sat bang gia tri, ta thay (X;F (X)) = ^3; | 
thóa man XeN',F(XjeQ va F(x)>0 


A + (X-l)ln(2) 
' łn(3) 


0 Math 


TO 

0 

M?th 

s a 

3 3 



MS M 

1 a 33QS 

O. 75 


Nhnvąy: c = 3,- = — -»a = 3 / Ł’ = 4,c = 3-»S = a 2 +b + c 2 +abc-70. 
h A 




LOVDEDOK,VN i 307 





rnan 


- Chu de 6: Nguyegi h km ~ lich phM - (Ing dung 


1 £18 fo -8 St or SI Ot El i O P 


Dang 1: Xac dinh nguyesi ham cua oiot ham so* 

x-l 


Cau 1: Ham so y = 
, 2x-2 


•Jx 2 -2x +5 
Vx 2 -2x + 5 


— có nguyen ham la 
>/x 2 -2x + 5 

i-C B. 2sjx 2 -2x + 5 + C 


+C D. sjx 2 -2x + 5+C 


Caa 2: Ham so nao duói day la mot nguyen ham cua 

hamso /(x) = ~ —-- 

yl + x 2 

B. lnVl + x 2 


A. -- 


■\/l + x 2 
C, ln|x + Vl + x 2 j 


C. ln^x-Vl + x 2 j 

Cau 3: Ho nguyen ham cua ham so 

xln[x + \jx 2 +1 1 
/(*) =-C - -1 la 

^/^ 2 7l 

A. f(x) = xln^x + \jx 2 +lj + C 

B. F(x) = ln|x + %/x 2 + lj-x + C 

C. F(x) = hWx 2 +1 -x + C 

D - F(x) = Vx 2 +lln(x + >/x 2 + lj-x + C 

Cau 4: Ham so F(x) = Ln|sinx-3cosx| la męt nguyen 
ham cua ham so nao sau day? 


cosx + 3sin x 
sinx-3cosx 
/(x) = cosx + 3sinx 

-cosx-3sinx 
sinx-3cosx 
sinx-3cosx 


A. f(x) 

B- /(*) 

C. /(*) = 


D. f(x)- 

cosx + 3sinx 

Cau S: Ket qua cua J cos xVsinx + ldx bang: 

A. F(x) = -|^(sinx + l) 3 +C 

B. F(x) = ~ s j(smx + if +C 

C. F(x) = ^%/sinx + l +C 

D. F(x) = |(sinx + 1) 3 +C 

Cau 6: Ham so /(x) = cosx[—— + x) 

^cosx J 

ham la: 
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A. F(x) = sinx ———h— +C 

l k sinx 2 J 

B. F(x) = x(l + sinx)-cosx+C 
c - F(x) = x(l + sinx) + cosx + C 

D. F(x) = x(l-sinx) + cosx + C 

Cau 7: Ham so y = xe x có cac nguyen ham la: 

A, F(x) = xe x +e x +C B. F(x) = xV+C 

cf ( x ) = St +c a fW=^(x-i) + c 

cata 8: Ham so y = ln x ^—+- ^ có cac nguyen ham 

la: 

A. F(x) = ln 2 x + x 2 +C 

„ r / \ ln 2 x + x 2 _ 

3. F x) =- + C 

\ i 2 

C F(x) = ^ + x 2 +C 

D. F(x) = lnx[ lnx+ X l + C 
1 2 ln x J 

Cau 9: Ham só y = 3.2* + sfx có nguyen ham la: 

fJI+c 

3 

+ J^ + C 

Cau 30: Ham so y = 2 2 *.3*.7* có nguyen ham la: 

2 2x .3 x .7 x 


. 2* 

a. 7-77 + 

7 i — * 

^ + C 

3 2* 
B. M_ 

ln2 

3 

ln2 

2* 

C. 

+ ^ + C 

D. Ml 

3.1n2 

3 

ln2 


, 84* „ 

A. -+ C 

ln84 

C. 84* + C 


* ‘ In4.ln3.ln7 

D. 84*.ln84 +C 


+ C 


IJąsig 2: Xac dirsh nguySn ham có dieu kięn 
cho trifdc 

Cau 11: Tim nguyen ham f(x) cua ham só 
/(x) = e si "*cosx biet F(tc) = 5 

A. F(x) = e sin *+ 4 B. F(x) = e sln * 

C. F(x) = e cos *+4 D. F(x) = e“ s * 

Cau 12: Ham so f( x ) = (x — 1 je* có mót nguyen ham 

F(x) la ket qua nao say .day, biet nguyen ham nay 
bang 1 khi x = 0 ? 

A. F(x) = (x-l)e* B. F(x) = (x-2)e v 
C. F(x) = (x + l)e*+l D. F(x) = (x-2)e*+3 


có nguyen 












Morę than a 'oook 


Cau 13: Mot nguyen ham cua / (x) - xlmx la ket qua 
nao san day, biet nguyen ham nay trięt tieu khi x = 1 


F{x) = ^x 2 \nx-j(x 2 + l) 


F(x) = Vl nx + jx+l 
F(x) = -^xlnx + j 


t 2 +l) 

Z. •*- 

D. F(x) = |x 2 lnx-^(x 2 -l) 
ka« 14: Biet F{x) la mot nguyen ham cua ham so 


/(*) = 


COS 2 X 


va 


: 2017 . Khang dinh nao sau 


day dóng? 

A. F(x) = e >anx 3, F(x) = e^ 

C. F (x) = e tmx + 2016 D. F (x) = e tanx + 2018 

Cl« 15: Tim mot nguyen ham F(x) cua ham so 

f(x) = tan 2 x biet F^|) = 1. Ket qua la: 

A. F(x) = tanx-x + ^ 

B. F(x) = tanx-x-- 

C. F(x) = x-tanx + | 

D. F(x) = x-tanx-- 

Cau 16: Timharn so f(x) biet /'(x) = sinx-cosx va 

■# a 

A. /(x) = - cosx-smx + \(l 

, , . fl 

B. /(x) = cosx-smx + — 

C. /(x) = cosx-sinx + >/2 

D. f[xj = cos x - sin x —— 

Cau 17: Tim mot nguyen ham F(x) cua ham so 

1 

3 


W ,h±|£h2Łibie,F(l)4 : 


x 2 + 2x +1 

A. F(x) = x z +x + 

B. F(x) = x 2 +x + 

x 2 

C. F(x) = — + x + 

„2 

D. F(x) 


—- 6 

x +1 

2 T3 
x + l 6 

Jł_13 

x +1 6 

2 


— + x + 

2 x +1 


-6 


-au 1.8: Tim nguyen ham cua ham so y - sinx.sin7x 


biet F | = 0: 
' 2 


sin 6x sin8x 
~ 12 16 
si n6x sin 8x 
16 


sin8x s in6x 
16 12 
sin 6x sin 8x 


12 16 12 16 
Cau 19: Nguyen ham F(x) cua ham so 

/(x) = x + sinx thóaman F(0) = 19 la: 
x 2 

A. F(x) = -cosx + — 

x 2 

B. F(x) = -cosx + —+ 2 

C. F(x) = cosx + y + 20 

D. F(x) = -cosx + y + 20 ’ 

Cau 20: Tim nguyen ham cua ham so / (x) thóa man 

dieukięn f(x) = 2x-3cosx va F [f] = 3: 

/ , 7t 2 

A. F(x) = x -3sinx + 6 + — 

B. F(x) = x 2 -3sinx--^j- 

C. F(x) = x 2 -3smx + - 

7t 2 

D. F (x) = x 2 — 3 sin x + 6 - — 


D?ng t Tfrih tich phan xac dinh dsa męt ham so 

Cau 21: Tich phan I = J-— 3 / T dx co § ia trł la: 

n I + VX + I 


A - l +31 "f 

C. ! + 3 In ! 


B. - + 3!n| 
2 2 

9 2 

D. |-31n- 


71 

Cau 22: Tich phan I = j x cos x sin 2 xc?x bang. 

O 


TC 2 

A -'-« + 5 


T 7t 2 

B - I = -6-9 


C. 1 = 


k 2 


D. I 


n 


6 9 

Cau 23: Tich phan K = | 


l + xlnx x , -i, 
-e ax bang: 


A. K = e~' B. K = - C K = -y D. K = e e 


Cau 24: 


i: Tich phan I = J 


e e 

ic 

1- sin4x 


£ sin x + cos x 


dx bang: 
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2 a f ~2 2~ 

* vx -a 


Ca« 25: Tinh tfch phan 7 - f Vl + 31n*.ln* ^ 

1 ^ 

qua la: 


A. 1 = 
C / = 


116 

135 

116 

133 


1 = 

. 1 = 


118 

137 

115 

134 


2 a 

-aii 34: Ket qua cua tich phan f -d dx ją, 

* 

A "«[V3-l + Jl] B./^ + i + ^ 

C^ + l-^j D.^V3-1-JI 


sin x cos x 


2 

Cau 35: Tfch phan J-j__ 

o V« 2 cos 2 x + b 2 sin 2 x 

bang 


có ket qua 


Cau 26: Gia tri cua tfch 

2 

Dhan f - 

sin xdx ,, 

A 1 

B. 1 


r» 1 1 



J / 3 la. 

0 (sinx + cosx) 

H+H 

H- 

\ b \ 

a 1 +b 2 

' H + H 

A. — 

2 

B. — 

3 

ci 

4 

D. i 

6 

Dang 5: Chi 

)n ham 

dąi« 


(h trch phin 

Cau 27: 

K 

Tfnh gia 

tri cua 

tfch phan sau 

Cau 36: Biet rang ham 

so y 

= /(x) lien 

tuc tren M va 

^ = 1 (sin 4 

x + cos 4 x ) (sin 6 x + cos 6 x 

)dx: 

J o /(x)dx = 9. 

Khi dó. 

gia tri cua £f{3x)dx bang 

0 



f 

A. 1 

B.2 


C. 3 

D.4 


A. 1 = -^ b. J = c r _ 

128 128 ' 128 


31jt 


/ = 


^ _ In3 2r j 

Cau 28: Gia tri cua tfch phan 1 = f_ e ~ _ 

Ł e x -1 + 4e x - 2 


30jc 

128 

la: 


A. I = 21n3-l 
C. I = ln3_i 


B, I =21n2 —1 
D. / =ln2-l 


Cau 29: Tfch phan I = j x 3 JTx I dx có gia tri bing: 


A. _ 

15 

Cau 30: 


C. 


D. 


8 


4 

B, — 

J 5 " 15 ~ ' 15 

Ket qua cua tfch phan 


2 

I = j cos X cos 2x cos 3.rd.t bang 
0 


A. 


7t 

6 


C. 


TC 

D. — 


4 6 8 2 

Oąsig 4: Tirsh tfch phan chifa iham so 

Ca« 31: Tfnh tfch phan I = j . K et qua dung la 

o a + x 

4n 


A. 


4(7 


n 
2a 


C. - 


D. 


Cau 32: Ket qua cua tfch phan ]■ja ? - x I dx,{a > 0 ) la 


na 


na 


A. g 

2 ” 4 


C. 


na 


D. — 


Cau 33: Ket qua cua tfch phan J x 2 ^7dx,(a > 0) 

O 

la 


A, 


na 

~8~ 


na 

~16 


na 

~16 


na 

~8~ 


Cau 37: Cho j f(x)dx = 10 . Khi dó J[2-4/(*)]dx 
bang: 

A, 32 B. 34 C. 36 D. 40 

Cau 38: Neu f( X ) lien tuc va J/(*)d* = 10, thi 

0 

2 

J/( 2x)dx bang 
0 

A. 5 B. 29 C. 19 D. 9 

Caa 39; Cho f(x) la ham só le va f f(x)dx = 2 . Gia 

-2 

2 

tri cua ff(x) dx la 

0 

A - 2 B. -2 C. 1 D.-l 

Cau 40: Cho /(x) la ham só chan va J /(x)dx = 3. 

-1 

1 

Gia tri cua J f(x)dx la 

-1 

A - 3 B. 2 C. 6 D. -3 

Oąng 6; Hm tham so de fach phan bang mol: 
gia tri cho fntóc 

CŚU 41: C ho tich phan / = }Mł^l d , v < 

2^/3 

I = 31n—^—. Gia tri cua m la: 

A - 2 B - 3 C. 73 D. 8 

Cau 42: Tim a > 0 sao cho J xe 2 dx = 4 

0 

A ° 4 cl D. 2 
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6 

Cau 43: Cho I = J 


sin x cos xdx 
o 

B, 3 C. 


KM dó n bang: 


D. 6 


:ho tich phan j 


n .(2x + l)e 1 +2x e + 1 

f V_ i - rir = 1 + In - 


e x +1 


gia tri cua sd thuc duong a bang 
1 


3 

a = — 


B. a - 


0 = 1 P. 0 = 2 


j« — In 3 

i 43: Cho dang thuc tich phan j 3 r . - j-dx + 6 = 0 va 


tham so thuc m, gia tri cua m bang 
1 


3 

A. m — — 
2 


m • 


1 m = l O, m = 2 


2 

C&; 45: Cho tich phan I = jx(sinx + 2m)dx = l + n\ 

0 

Gia tri cua tham sd m la: 

A, 5 B. 3 C. 4 0.6 

CG i 47 - Cho — - f x cos xdx = 1. Khi dó 9mr -6 bang 

m l 

A. 3 B, 30 C. -3 D. -30 

Dane 7: Tich phan chong rrsay tfnh dim tay 

C Sn 48: Ket qua cua tich phan J^x + 1 + —-jdx duac 

viet du-ói dąng 0 + bln2 vói a, beQ. Khi dó a + b 
bang 


A. 


„ 5 

TT,- 


n 

Ćat 49 ; Cho tich phan j tan 2 xdx = a + bn;a,beQ. 
0 

Tinh gia tri cua bieu thuc P = a + b 
5 


A. P = - 


4 


3 1 „ 11 
k p = - C. P = - D, P = — 
4 ' 4 4 

• 2 x +1 


CS.u 50: Biet f 2 f + — dx = a ln 3 + b ln 2, (o; b s Q) , tinh 

lx-~ 4 

S = a 2 +b 2 


A c-49 b s = 59 c s = 47 
x S 16 “ ’ 16 16 


D. S = 


73 

16 


4 

Cau 51: Cho J 


-1 

cosx -dx = 07 t + —Inb va 0 ,bei 

sin x + cos x 4 


Tinh tich M = ab 
A, M = - B 


M = ■ 


1 _ 1 

M = - O. M = - 

6 o 


1“/ \ “i - ĆZ 1 *77 X 

Chi 32; Cho f x(l + sin2x)dx =—-— voi va 

o 

- la phan so toi gian. Tinh bieu thuc M = a + b 
b 

A, M = 20 B. M = 40 C. M = 60 D. M = 10 

Cau 53: Cho tich phan j e x dx = «.e 2 + b.e vód 

1 X 

0 ,b e Q. Tinh gia tri cua bieu thuc P = a+b 

* p = _l b P = - C P = 1 D. P = 2 

' 2 

Cau 54: Cho }( 2 x - 1 -sinx)dx = ref T -i J-l vói 
0 k / 

0 , b e Z . Tinh P = 2a-3b 

A. P = 8 B. P = 5 C. P = 3 O. P = 2 

Cau 55: Cho I = J 21nX ^ dx = aln2-- vói 


] x 


(lnx + T) 


a,b,ce Z va - tói gian. Tinh S=a+b+c 
c 

A. S = 3 B. S = 5 C. S = 0 D. S = 7 

n 

Car 56: Cho j smx ~ co l f d x = (0 + b)ln3 + cln2 vói 
J sin x + cos x 
I 

a,b,ceQ. Tinh gia tri cua bieu thuc S=a+b+c 
A. S = 0 B. S = | C. S = | D. S = 2 


Cau 5 


■4 

>7: Cho 


dx 


2x 2 + 5x + 3 


= a ln 2 + b ln 5 + c ln 11 vói 


0 , b, c e Z. Tinh gia tri cua bieu thuc P = a + b+c 
A. P = 1 B. P = —3 C. P = 2 D. P = 0 . 


„.au i»8: 


Cho } 


2 - x 2 + 2x + 2 


dx = 0 ln 2 + b ln 3 + c vói 

x 2 + x 

0 , b, c e Z. Tinh gia tri cua bieu thuc P = 0 + b + c 
A. P = 3 B. P = -2 C P = 4 D. P = -l 

<? t , lnx 

Cau 59: Cho tich phan I = J —-dx = e" -b vói 

i x 


0 ; b e Q . Tinh gia tri cua S = 0 + 2b 


A. S = 2 B. S = | C S = ^ D. S = 3 


Cau 60: Biet ring I = j. 


■c 21nx + l , . 0 b 

dx = 0 m 2 —, voi 
c 


v (ln x +1) 


a, b, ce N* va - la phan sd toi gian. Tinh S = a + b + c 
c 

A. S = 3 B. S = 5 C. S =7 D. S = 10 
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Phan 2 - Cho de 6; higuyen ham - Tśch phan - SJhg dun^ 

Mp in 

coa ham so" 


11 tl 


? #n fcf 


Cau 1: Dap an D. 

Dua may ve che do Fix-9: @*3 gi GD (Fix) QD. 
- Phucmg dn A: Nhąp vao man hinh 


d 

dx 


^ I x=x' 1 


■4 i 

-0.422616977 


- Phucmg dn B: Nhąp vao man hinh 


d 

f 2X-2 ) 

T—i 

1 

X 

1 

-p-(ln(7l + X 2 )) 

dx 

v7x 2 -2X + 5 J 

^- X 7x 2 -2X + 5 

dxl \ // 


An @5), may hói X? An O Q CE (X = 2,5). An (g, 
may hien ket qua bing -0,088 * 0 . Loai A. 


d 

dx 


2X-2 


■lx 2 ~2X+5 . 

o. ossonnnnn 


r)i^ 


- Phuong dn B: Nhap vao man hinh 

An 


-2X + 5 


X-1 


'l* = X 7x 2 - 2X + 5 

• may hói X? An CE El GD (X = 2,5). An {=), 
may hien ket qua bang 0,6^0. Loai B. 


(2-/x^-2X+5^)| x > 

o.eooonnnnn 


- Phuong dn C: Nhąp vao man hinh 


d_ 

dx 


7x 2 - 2X + 5 


X-1 


: = X 7x 2 - 2X + 5 


An may hói X? An GD 0 ® (x = 2,5). An GE, 
may hien ket qua bang -0,3*0. Loai C. 


a , ^ ta FK Math A 

d I Jx 2-2X+5 I, . 
dxl 2 - )\yj 

-o.3Qonnnnnn 


- Phuong dn D: Nhąp vao man hinh 


d_ 

dx 


(Vx 2 -2X + 5j 


X-1 


\ x ~ x 7x 2 - 2X + 5 
An may hói X? An CE E) (E (X = 2,5). An CE, 

may hien ket qua bang 0. Dung CALC vói mot vai gia 
tri X khac, deu nhąn dugę ket gua bang 0. Chon D. 


^(•J l X 2 -2X+5)[ J; _t> 

o.oooonnnnn 


Cau 2: Dap an C. 

Dna may ve che do Fix-9: (Sn) gog QD (Fi x ) |Tj. 
- Phuong dn A: Nhąp vao man hinh 


d 

dx 


X 


TT 


+x 2 


:=x 7i+x 2 


An UD, may hói X? An GD El GD (X = 2,5). An (=j, 
may hien ket qua bang -0,42... * 0. Loai A. 


*= x 7i+x 2 ' 

An (H, may hói X? An CE Q (E (X = 2, 5) . An (D, 
may hien ket qua bing -0,02... * 0. Loai B. 


d 

dx 


(ln(.jT+X 2 j)|^ 

- 0 . 02656.90911 


- Phuong dn C: Nhąp vao man hinh 
_d_ 
dx ' 


-(ta(x + ^TF)) 


'l*= x 7i+x 2 ' 

An S, may hói X? An CE El GE) (X = 2,5) . An (g, 

may hien ket qua bing 0. Dung CALC vói mot vai gia 
tri X khac, deu nhąn dugę ket qua bing 0. Chon C. 


0 POI Math . 


^(ln(x+Jl+X 2 ).V 

o.ooooooonn 


- Phuong dn D: Nhąp vao man hinh 
jd 
dx 


: (ln(x-7l + X 2 )\ 


* = X 7l + X 2 ' 

An @, may hói X? An CE Q (U (X = 2,5). An ©, 
may hięn ket qua bing Math ERROR. 


S FIK Math 

Math ERROR 

cńc: :cancei 
X« 3 E >3 i Goto 


Dung CALC vói mót vai gia tri X khac, deu nhąn duoc 
ket qua la Math ERROR. Loai D. 

Thąt vąy, x - 7l + x 2 = —- 1- + * ; 

x + 7l + x 2 

do 7l + x 2 + x > 7? + x = |x| + x > 0, 


khóng ton tai ln^x-7l + x 2 . 



Cau 3: Dap an D. 

Dua may ve che do Fix-9: (mft) (roi [|](Fix)(9]. 

- Phuong dn A: Nhąp vao man hinh 

Xln(x + 7l + X 2 ) 


_d_ 

dx 


i -w 

Xln X + Vl + X 2 
^ ^ // 


'l* = x 7F7I 

An (§£), may hói X? An (E EJ g (x = 2,5).An@, 
may hięn ket qua bang 1,04... * 0 . Loai A. 
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dX 


..ndfggam 


-(inUsimKJ-^ 

-n. fififtnRS644 


- Phuang dn B: Nhąp vao man hinh 


d 

dx\ 


fln(x + 'il + X 2 )-X 


Xln^X + -JT+X- 'j 

x=X SĆ +1 


- Phucmg dn O Nhąp vao man hinh 

cos(x) + 3sin(x) 
^|x = X sin(X)-3cos(X) 


— (in sin(x)-3cos(X)|) 
dx v 


An m- mśy hói X? Xn ® CD m (X = 2,5) ■ Xn (§}, 


qua bang —2,15... /• 0. Loąi o. 

may men rci h 

—--irnR Math £ 

^(InCIsinCK)--^ 

n.^2428346 




-9.1FM195048 



'• Nhap vao man hinh 


- Phuang dn C: Nhąp vao man hinh 

Xln ^X + \/l + X 2 


A^ln(’Jl + X 2 ')-X| 


l|x = X 

An ięSttj, may hói X? An ijj Cij iJD (X = 2 / 5 ). An ,™j, 
may hien ket qua bang -2,18... * 0 . Loąi C. 


ą Math A 

- 9 . 1R458B1381 


— Phuang dn D: Nhąp vao man hinh 


d 

d.r 


(^ 2 + lln(x + A7F) X 


Xln^xWl + X 2 

X = X yjX 2 +1 

An SpL mśy hói X? An |jD L"J OD (X = 2,5). An 
may hien ke't qua bing 0. Dimg CALC vói mot vai gtó 
tri X khac. deu nhąn duoc ket qua bang 0. Chęn D. 

I-—- ffl Fik n«rs I 

^(ixMln(x4> 

_Ł 


CM 4: Dap an A. 

Dna may ve che do góc radian @ Ul iii (Rad) va 

Fix-9: ifSrj §£®i BO (Fi*) GD- 
— Phuang dn A: Nhąp vao man hinh 

j „ cos(x) + 3sin(X) 

A(ln|sin(x)-3cos(X)|) x = x ~‘ 

An IcauĆI , may hói X? An (2j CD &I ( x = 2,5) ■ An i~>, 
may hien ket qua bing 0. Dimg CALC vói mot vai gia 
tri X khac. deu nhąn duoc ket qua bang 0. Chon A. 

I— ---- WTW Mith A l 


0 FIK Młth “ 

~(ln( lsin(X)-! 


n.nnnnooooo 


— Phuang dn B: Nhąp vao man hinh 
A |sin (X) - 3 cos (X)|) ^ = x - cos (X) - 3 sin (X). 

An icffiTl, may hói X? An flj CD © ( x = 2 ' 5 )' ®' 

may hien ket qua bang -0,66... * 0. Loąi B. 


_d 

dx 


(In jsin (x)-3 cos (X)|) 


sin (X) - 3 cos (X) 

\x = X cos(x) + 3sin(X) 

An imcj, may hói X? An [2] GD CS {X = 2, 5 ) = An UD , 
mav hien ket qua bang —2,68... 0. 

-----~ GTTiK Mkth £ j 

^Cln(lsin(X)-c0 

-9 £87980298 


Cau 5: Dap an A. 

Dua may ve che dó góc radian jagi §g§ © ( Rad ) va 

Fix-9: iH Wi ® ( Fix > © • 

- Phuang An A: Nhąp vao man hinh 

A (!^(»( x ) u)’X , x -“ s ( x )'/ sin(x)+1 ■ 

An ™y hói X? An m S © ( x = 2,5) • An g, 

may hięn ket qua bing 0. Dimg CALC vói męt vai gid 
tri X khac, deu nhąn duoc ket qua bing 0. Chon A. 

.------ ra Math A 1 



— Phuang dn B: Nhąp vao man hinh 

A(-| J(sin(X)+7f ^ = x -cos(x)J5n(X)^l . 

An jCALCS , may hói X? An GD CD iS3 (X — 2,5). An fen 
may hien ket qua bang 2,02... * 0 . Loąi B. 


0 FIK Math & 

aa [ - lAs i n 00+> 


9 09R7B2933 1 


— Phuang dn C: Nhąp vao man hinh 

A (3 JSHxpi ]| x=x - cos ( x ) • 

An m' may hói X? Xn ® Q ® ( X = 2 ' 5 ) ,An ®' 
may hien ket qua bang 0,80... ^ 0. 
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•san 2 - Chu cle 6: Nguy&i hanu - TiVh nh3» - i 



4e (x(l- a in(x)) + cos(X)) 


- Phuong dn D: Nhąp vao man hinh 

^(3 ( sin ( X ) + i)'J| z = x - cos(x)^sin(X) + l . 

An §1, may hói X? An E Q (JD (X = 2,5). An ©J, 
may hien ket qua bing -3,08... * O. 


- cos ( x ) -V“V + X 

l COS ( X ) V 

An OH), may hói X7 An E 0 [g] (X = 2,5). An [E] 
may hien ket qua bang 2,80... * O . Loąi D. 


1 


dx C 3 ^ s i n C X)+ 1 .) ■ h 
_ - 3,081133781 


S FIK Math , 


H?CXCl-slnCX))H^ 

— 2.8087787811 


Cau 6: Dap an C. 

Dna may ve chc do góc radian 
Fix-9: SSĘ(Fix)Ej. 

- Phuong dn A: Nhąp vao man hinh 

~i sin(X)f — 
dx[ v ^sin(x) 2 


! O (Rad) va 


Phuong dn A: Nhąp -^-(Xe x +e A 


-Xe x . An 




)) 


x = X 


-cos 


( X ) 


COS 


( x ) 


+ X 


An 


I, may hói X? An O E3 (1] (X = 2,5). An GD, 


Cau 7: Dap an D. 

Dna may ve che' do Fix-9: fwj) graj (gj (Fj x ) jj] _ 
d 

dx v ~ ' " >\x = X 

S, may hói X? An LS !Z1 GD (X = 2,5). An ©J, may 
hien ket qua bang 24,36... * 0. Loąi A. 

~ 0 FIK Ma.tii A 

dx(Xe*+eX)\ x= x-> 

_ 24.3649879? 


may hięn ket qua bing 0,99... * 0 . Loai A. 1 

1 -—___ ' _ PlłłH/w-rt r>. TVT1_Ą O /■*,-> Y \ 1 


d i 
cix 1 

a FIK Matt. A 

( s inCX)(infef 
_ 0.995465601 

1 ““ D - iNn ^P d^\ A e )\ x = x ~ Xe ■ An mi 
may hói X? An ® 0 [JJ (x = 2, 5). An ©), may hien 


nuung an a: ł\nąp vao n 

ian hinh 

. Ul FIK Math A 

( x (l + sin(X))-cos(X)^ 


^(X 2 £ K )| ;t=f< -X(l> 


106.5968222 


-cos(x) 


cos 


( x ) +x 


- Phuong dn C: Nhąp 


An @, may hói x ? An O 0 @] ( X = 2,5). An ©|, 
may hien ket qua bang 1,19... ^0. Loąi B. 


dx 


( X 2 e x+1 

X + 1 


x = X 


- Xe x . An 


&(XCl+sin(X))-> 

_ 1.196944288 


m, may hói X? An E 0 g] ( x = 2/5 ). An ©), may 
hien ket qua bing 59,09... * 0 . Loąi C. 


Phuong dn C: Nhąp vao man hinh 
_d_ 
dx 1 


, _ T3 FiX Math * 

d f x2 e x+i -|, 
dX l K+l JI X=K' ■ 

_ 59.09065050 


t (x (1 + sin (x)) + cos (X)) 


x = X 


, - Xe x . An 


-cos(X) 


- + X 


v cos( x ) 

An (§!, may hói X? An El 0 Ej (X = 2,5). An ©], 

may hien ket qua bing 0. . Dung CALC vói mot vai 
gia tri X khac, deu nhąn dngc ket gua bing 0. Chon C. 


- Phuong dn D: Nhąp A(gX(x-l)) 

& may hói X? An E 0 ( 5 ) ( X = 2,5). An ©), may 

hien ket qua bing 0. Dung CALC vói męt vai gia tri X 
khac, deu nhąn duoc ket qua bang 0. Chon D. 


^Ce x (X-l))|^h 
_ 0. ooononnnri 


^(Xa+sin(X))^ 
_ 0.oooonnnnn 


Phuong dn D: Nhąp vao man hinh 


Cau 8: Dap an B. 

Dua may ve che do Fix-9: (5§ gg [§](Fi x )g). 
- Phuong dn A: Nhąp vao man hinh 

1 [ X 
x ln(X) 


dx 


(ln(x) 2 +X 2 )l x -ln(x) 
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Au ’ , may hói X? An [fj Qj Qy (X = 2,5). An >3, 
may hien kei qua bang 2,86... ^ O 


da: 


FiX Matll A 

(ln(X) 2 +X 2 )l x i> 

2.866516293 


- Phucmg dn B: Nhąp vao man hinh 


_d_ 

dx 


In(X) +X 


x = X 


(X) 


1 X 


X ln(x) 


An ittLtj, may hói X? An [1] LrJ (JLj (X —2,5). An Q, 

may hien ket qua bang 0. Dimg CALC vói mot vai gia 
trj X khac, deu nhąn dtrgc ket qua bang 0. Chon B. 


E FIK Kalit A 
2 


a [ j| j, 

n .0110000000 


da 


- Phuang an C: Nhąp vao man hinh 
f . \ 2 \ 


A 

dx 


ln(X) 2 
-~2~ 


x = X ln ^lx + ln(X) 


An i y , may hói X? An 00 [£} L&J (X - 2,5). An 0, 



13 FtX Mat 

ln CK) ^ „ v2 ! 

.. 2 " ' J 

A 

|> 
i A- 


2.50000UULIU 


- Phuang dn D: Nhąp vao man hinh 




2 X 2 
+ ~2 


X 


X ln(X) 


An feSSi , may hói X? An Jtj 0 OJ (X = 2,5). An fe, 
may hien ket qua bang 0,36... * 0 . Loąi D. 


a FIK Math - 

0 366516293 


Cau 9: Bap an B. 

Dna may ve che do Fix-9: §§Tj gg CC!( Fix )[U • 
- Phuang an A: Nhąp vao man hinh 

A(20X/F) v -3x2=>*A. 

dx In!2) 3 x - X 


An , may hói X? An [2j 0] [Bj (X - 2,5). An 
may hien ket qua bang -11,31... * 0 . Loąi A. 


fi 1* A’"* 

dKllnTET^S 

-11„31370850 


rĄ 


- Phucmg dn B: Nhąp vao man hinh 

— 3 x 2 X — \fx . 


d f 3x2 x + 2^ 


dx^ln(2) 3 


x = X 


An jeb i, may hói X? An (jj l:j UJ (X = 2,5j. An , 

may hien ket qua bang 0. Dimg CALC vói mot vai gia 
tri X khac, deu nhąn dtroc ket qua bang 0. Chon B. 


d ( 3xZ x , 
dx 11ni 23 

n.nnnnooooo 


- Phuang dn C: Nhąp vao man hinh 


0 
A v 


3 In (2) 3 


2 i/A 


x = X 


— 3 x 2P — >/x 


An jeg}, may hói X? An dj 0 ij] (X = 2,5). An tej, 
may hien ket qua bang -15,08... * 0 . Loąi C. 



- Phuang dn D: Nhąp vao man hinh 


d 

dx 


3x2 x 

m(2) 




x = X 


-3x2 x -\/x . 


An gCALS;, may hói X? An ;_2j QD (X = 2,5). An 0, 

may hien ket qua bang 0,79... * 0. 


fi. 790569415 


CiiilOtidip in A. 

Dua may ve che 7 do Fix-9: (Ssij łMB [§i (Fix) i.8j. 
- Phuang dn A: Nhąp vao man hinh 

,, X il 


A 

dx 


84 

In (84) 


x = X 


- 2 2X x 3 X x 7 x 


An [SEci, may hói X? An [s], (_?J OJ (X = 2,5). An Qj, 
may hien ket qua bang 0. Dimg CALC vói męt vai gia 
tri X khac, deu nhąn dirgc ket gua bang 0. Chon A. 


E FIK Math . 


d f S4* i. k 
dx:Un(84) J! x=X * 

n.noooooooo 


- Phuang dn B: Nhąp vao man hinh 


A 

dx 


2 2X x3 x x7 x 

In (4) x In (3) x ln (7) 


x = X 


-2 2x x3 x x7 x 


An iOAUij , may hói X? An 00 Lii Q?J (X = 2,5). An ęęl, 
may hien ket qua bang 32015,73... -l 0. Loąi B. 


d i 

dxlin(4)xln(33x 

3PD15.73960 


- Phuang an C: Nhąp vao man hinh 

A(84 x ) 
dx > x = X 


3 X x7 x 


LC WE BOOK.Y N 







rtJI may noi X? An (D E3 [U (X = 2,5). An GD, 
may hien ket qua bang 221868,54... *0. Loąi C. 


~ ' ~ 0 FiX Math 4 

^(84 x )|„ k -2^ 

22ia8S.S4qn 


- Phucmg dn D:: Nhąp vao man hinh 
d -(84^ta(M)) 


dx 


x = X 


2 2X x 3 X x 7 X . 


An @, may hói X? An g) Q (B (X = 2,5). An g), 
may hien ket qua bang 1204927,44... * 0 . Loąi D. 


^(84*xin(84% 

1204927.448 


figoyen 


co 


Cau 11: Dap an A. 

Dna may ve che dó góc radia 
Fix-9: [wt] gg (js) (Fix) OD. 

- Phucmg an A: Nhąp e sin(x) -1 -1 


,may hói X? An (T) CD (fj (X = 2,5). An (=) , may 

hien ket qua bang 0. Dimg CALC vói męt vai gia tri X 
khac, deu nhąn duoc ket qua bang 0. Chon A. 


0 FIK Math 4 


_łbooooooooJ 


- Phucmg dn B: Nhąp e sin(x) -5-je sin(x) cos(X). An 

ir 

@, may hói X? An (T) H CS (X = 2,5). An (=}, may 
hien ket qua bang -4*0. Loąi B. 


0 FIK Sfotfc , 


e *in(X)_ 5 _|^ e s J ^ 

_ -4.000000000 


- Phucmg dn C: Nhąp e cos(X) -l-} e 5 '" (><) cos(x) . An 

7t 

may hói X? An (D Q U] (X = 2,5). An (=), may 
hien ket qua bang -1,37... * 0 . Loąi C. 


0 FIX Math 4 

e cos (X) -1-J*e si i> 

-1.370521593 


- Phucmg dn D: Nhąp e cos(x) -5-Je sin(x) C o S (x). An 

71 

UD, may hien ket qua bang -5,37... *0. Loąi D. 


nCOSCKl 


-5-j;^ 

-5.370521593 


Cau 12: Dap an D. 

Dua may ve che do Fix-9: (Sft) gg gj (Fix) g]. 

X 

- Phucmg dn A: Nhąp (X-l)e x -l-|(X-l)e x . An 

0 

s, m ®y hói x? An CD GD [H (X = 2,5) . An g), may 
hien ket qua bang 9,18... * 0. 

Loai A. 


<X-De*-l-j*(X-i> 
_ 9.132493981 


Phucmg dn B: Nhąp (X-2)e x -l-J(X-l)e x . An 

0 

, may hói X? An (2 Q GD (X = 2,5). An (g , may 
hien ket qua bang —3*0. 


ii) |0D|j LU (Rad) va 

0 FIX Math A 

x 

CX-2)£ x -1“|q(X-I> 

{ e sta,x| cos(X). An 

-3.000000000 


- Phucmg dn C: Nhąp (X +1) e x - J(x -1) e x . An 


may hói X? An 2 0 GD (x = 2,5). An gj, may hien 
ket qua bang 34,54... * 0 . 

Loai C. 


0 FIK Mąth , 


(X+l)e x -J*(X-l> 

_34_5474SI88 


- Phucmg dn D: Nhąp (X-2)e x + 2-J(X-l)e x . An 


may hói X? An 2 EJ GS (X = 2,5). An GD , may 

hien ket qua bang 0. Dung CALC vói mot vai gia tri X 
khac, deu nhąn duoc ket qua bang 0. 

Chon D. 


CX-2)e*+2-j*(X-i> 

o.oooóoonnn 


Cau 13: Dap an D. 

Dua may ve che dó Fix-9: Sśffrj gg [s](Fix)(T). 

- Phucmg dn A: Nhąp Jxin(x)dx . 

An may hói X? An 2 Q GD (X = 2,5). An (g, 
may hien ket qua bang -- * o . Loąi A. 


^inwj A+r' 1 1 ;' 

2 -4“ J t 

JL. 

__ ~2 
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dn B: Nhap ■+ 7 + 1 - J xln ( x ) d 3c • 


4n jĆALC], may hói X? An Taj Hj !J0 (X = 2,5). An |s 


may hien ket qua bang — * O. Loąi B. 


- n Math Ł 

AMŁIAJ .A.i _ i k 


- Phuong an C: Nhap e -1-j- - —-y- An SAj» 

o cos(X) 

may hói X? An Qj Qj Ol; (X = 1,5). An jgj, may Men 

ket qua bang 0,000001470 ~ 0. Chpn C. 


*tan £K) 

E 1 J O COS 


Xln(x) x 2 +1 /v x , 

- Phuong an C: Nhap - - -+ —r—--JXln(X)dx. 

Z z , 

An pg, may hói X? An [2.) (3 [jn (X = 2,5). An (Hj, 
may hien ket qua bang 3,21... 0 . Loai C. 

0 FIX Math A 

j OnOjł , x2+i f* b 

- - 'T ? ^ ^ 


X tan(X) 

f e 


- Phuong dn D: Nhap +1 — J ——-— -y • An l&iij, 

ocos(X) 

may hói X? An (T) Hj © (X = 1,5). An (U, may hien 

ket qua bang ^36054u _ ^ qq q Loai D. 

4 6 680272 


3-7194548781 

, A X 2 ln(X) x 2 -1 x fvl 
- Phuong dn D: Nhap ---— r - J Xln(Xjdx. 

2 4 j 

An SeEej, may hói X? An Li] GD CS (X = 2,5). An (HJ, 
may hien ket qua bang 0. Dung CALC vói myt vai gia 
tri X khac, deu nhąn duyc ket qua bang 0. Chyr. D. 


S 2 ln(X) YŹ-1 \ 

_____ — ^ j 

n.00000000 


Caii 14; Bap an C. 

Dura may ve che dy góc radian (św?) |fflf ® (Rad) va 
Fix-9: f|g H fi] (Fix) ©. 

X tan(X) 

— Phuong dn A: Nhąp e tan ^ - 2017 - j--— 3 - • An 

o cos(XJ 

SU, may hói X? An © E3 EJ (X = 1,5). An UJ, may 
hien ket qua bang -2015,99... * 0. Loai A. 


-.tan (KJ 


0 FIX Math & 

-2017-fJ 


-7015-999999I 

X tan(X) ^ 

- Phuong dn B: Nhap e tan A)_2017-j-- -y • An 

o cos(X) 

pjęj, may hói X? An [Tj Ld LS (X = l,5). An (S, m ^y 
hien ket qua bang —1332987,84... & 0. Loai B. 


-tan(X) 


tX) -2017“Jt> 
1332987-849 




J O cos 
1360548 


Cau 15: Bap an A. 

Dura may tinh ve che do radian Slanj |®g| GD (Rad) va 
Fix-9: jliS KU GO ( Fix ) GD • 

x 

- Phuong dn A: Nhap tan (X) — X + — -1 - J tan (X) dx. 

^ Jt 

4 

An iS/Ti, may hói X? An 10IJJ(X=1,5). An S), 
may hien ket qua bang 0. Dung CALC vói myt vai gia 
tri X khac, deu nhan duyc ket qua bang 0. Chyn A. 

W RX Math Ł 

tarux)”X+f-i-j/ 

0.,0000000011 


- Phuong dn B: Nhap tan(x) —X- —— 1-Jtan(x) dx. 

4 * 

4 

An jcśle!, may hói X? An [Jj Q'j fsj (X = 1,5). An (Hj, 

may hien ket qua bang -1,57... * 0 . Loai B. 

iSTtS Math A 

tan(.X)-x-f-i-Lf 


x 2 

- Phuong an C: Nhap X-tan(x) +j-1-Jtan(X) dx. 

* n 

4 

An ESci , may hói X? An Qj E ClJ (X = 1,5). An (Hj, 
may hien ket qua bang -25,20... * 0 . Loai C. 

x-tan<;x)+t-i-j 

-25.20283989 
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x 

- Phwomg dn D: Nhąp X - tan (x) - - - 1 - J tan ( X f dx. 

4 

An (gej, may hói X? An (Tj [3 (33 (X = 1,5) . An (Ej, 
may hien ket qua bang -26,77... * O . Loąi D. 

— ~ 7 ‘ I FiX Mat!; A 

x-tanGO-f-i-j ,!> 

-26.7736362? 


Dna may ve che do Fix-9: fig §go| (f) (Fix) (Tl. 

- Phuang dn A: Nhąp vao man hinh 

X 2 + X h— -— - f — 3 „ + ^X 2 + 3X -1 ^ 

X + 1 3 J X 2 + 2X +1 

An (gę), may hói X? An (Tj GD CE (X = 1,5). An (Ej, 

, v 55 

may hien ket qua bang - — * 0 . Loąi A. 


Cau 16: Dap an A. 

Dira may ve che do góc radian (Sn] jg|§ gj (Rad) va 
Fix-9: (SS) §gg) g] (Fix) @3. 

- Phieang dn A: Nhąp vao man hinh 

X 

-cos(x)-sin(X) + x/2-J(sin(x)-cos(X))dx. 

4 

An S, may hói X? An (Tj GD © (X = 1,5). An @0, 
may hien ket qua bang 0. Diing CALC vói mot vai gia 


,0 FIK Ms.th A 

^ + x + xtr-if- .}?- 


- Phuang dn B: Nhąp vao man hinh 

X 2 + X h— -— _ f 7. 3 . + 3X 2 + 3X - 1 ^ 

X + 1 2 J X 2 + 2X +1 

An jggj, may hói X? An [T] (TJ [FJ (X = 1,5). An (Ej, 

, '9 

may hien ket qua bang - * 0 . Loąi B. 

8 


tri X khac, deu nhąn duoc ket qua bang 

....... 0 FIMath A 

-coscjo-simjo+b 

; 0. Chon A. 

0 FIX Math A 

x^x+*fr-f- 

9 

_ 3 

o.oonnnnnnn 


- Phuang dn C: Nhąp vao man hinh 


- Phuang dn B: Nhąp vao man hinh 

cos (X) - sin (X) + ^ - J(sin(X) - cos (x))d* . 

4 

An (agi, may hói X? An (Tj Q CE (X = 1,5). An (5), 


— + X + — -- - f ~ 3 + 3X 2 + 3X ^ 

2 X + 1 2 J X 2 +2X + 1 

An may hói X? An (Tj E) CE (X = 1,5). An (Ej, 

may hien ket qua bang 0. Dung CALC vói mpt vai gia 


may hięn ket qua bang -0,56... * 0. Chon B. 

tri X khac, deu nhąn duoc ket qua bang 


777" 0Tix Mith a 

costx;-simx.)+-> 

£?. + y + _2_ 5 fK K 

2 + * + K?T“Ir^ 


-0.56563237R 

o.oooonnnnn 


- Phuang dn C: Nhąp vao man hinh 

x 

cos(X)-sin(x) + x/2-J(sin(X)-cos(X))dx. 

71 

4 

An (gę), may hói X? An [T] EJ (D (X = 1,5). An |A], 

may hien ket qua bang 0,14... * 0. Loąi C. 

7777 0 FIK MatTI 

COSUO-SinOO+JO 

0.1414744CI3 

- Vói phuang an D: Nhąp vao man hinh 

cos(x)-sin(X)-^-J(sin(X)-cos(x))dx. 

4 

An (gę!, may hói X? An (Tj E! 00 (X = l,5). An (H), 

may hien ket qua bang -1,97.../0. Loąi D. 

7777 0 FIK Mat!, A 

cosoo-simKJ-Ah 


-1.979845940 


- Phuang dn D: Nhąp vao man hinh 

—+ X + —-19_ X f X 3 +3X ł + 3X-l 

2 X + 1 3 ] X 2 +2X + 1 ' 

An §gj, may hói X? An (Tj E3 CD (X = l,5). An (=], 

, ^ x 23 

may hien ket qua bang-* 0 . Loąi D. 

6 

, . 7 Math A 

%- + x + xhr-¥-J7- 

23 

__ 6 

Cau 18: Dap an C. 

Dna may ve che dó góc radian gfr) fśgf g] (Rad) va 
Fix-9: (SS] gl| [1] (Fix) [ 9 ]. 

- Phuang dn A: Nhąp vao man hinh 

sin(6X) sin(8X) $ 

" i + " 16 -jsin(X)sin(7X)dx. 


An gg], may hói X? An [Tj E3 GD (X = 1,5). An (Ej, 
may hien ket qua bang -0,06... * 0. Loąi A. 


Cau 17: £»ap an C. 
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- Phuang dn B' Nhąp vao man hinh 
sin 


12 


6X) + sin(8X) J s . n(x)sin(7x)dj 


16 


An 615], may hói X? An Qj CU ikJ (X —1,5). An 
may hien ket qua bing -0,13... ^ O. Loai B. 


-n_135758029 


— Phuang dii C.‘ Nhą p vao man hinh 

sin(6X)_sin(8X)_|sin(x)sin(7X)dx. 

12 16 { ' 

2 

An H, may hói X? An Rj Q ® (X = 1,5). An SD, 
may Wen ket qua bing 0. Dung CALC vói mót vai gia 
tri X khac, deu nhąn dwyc ket qua bang 0. Chon C. 


12 16 

n.nnnnooooo 


— Phuang dn D: Nhąp vao man hinh 

sin(6X)_sin(8X)_ x r in ( x ) sin ( 7X ) dx . 

12 16 i 

2 

An pcj , may hói X? An hj CU [£j (X = 1,5) • An bd, 
may hien ket qua bing -0,06... * 0 ■ Loąi D. 


S FW Ms.th.A_7 


Tl - 16 ' 

-n.nftflfi864i4 


Ci*, a 19: Bdp śn D. 

Dua may ve che do góc radian pij fig [13 (Rad) va 
Fix-9: © @ [13 (Fi*) ® • 

- Phuang dn A: Nhąp vao man hinh 

-cos(X) + ^--19-}(X + sin(X))dx. 

2 0 

An [3I§, may hói X? An Qj Lu OD (X = l,5). An 3, 
mav hien ket qua bang -20 * 0. Loai A. 

-- B FIX Ms.th A 

-cosOO+^-19-/ 

-9n.nnnnD000 

— Phuang dn B: Nhąp vao man hinh 

-cos(X) + ^-17-](x + sin(X))dx. 

2 o 

An Jffifj, may hói X? An LU LU USj (X = l,5). An 3, 
may hien ket quó bang -18 * 0. Loąi B. 


-cosOO+^-il-/ 

- 1 onnooooo1 

- Phuang dn C: Nhąp vao man hinh 

cos (x) +-+■ 1 — | (X + sin (x))d*. 

2 o 

An ' - j, may hói X? An [jj LU (Si (X = 1,5) • An U,/ 
may hien ket qua bang 0,14... * 0. Loąi C. 

---!TiX Math 5 

COSCX)+#+l“fo > 

n-141474403 

- Phuang dn D: Nhąp vao man hinh 

v 2 x 

—cos(x) +— + 1 — j(X + sin(^X)jdx „ 

2 o 

- v V 

An fcSę], may hói X? An i j j LtJ LŚJ (X =1,5) ■ An b-j, 
may hien ket qua bang 0. Dung CALC vói męt vai gia 
tri X khac, deu nhąn du-ąc ket qua bang 0. Chęn D. 


---0“Fix Matf 

-cosCX)+ 2 f-+l- 

& 

\% 

U 

n.nnraouuuu 


Cau 20: Bap an O. 

Dua may ve che do góc radian @ftj fH§ ffl (Rad) va 

Fix-9: ggi |H El (Fix) [f] • 

— Phuang dn A: Nhąp vao man hinh 

X 2 - 3 sin (X) + 3 + - }(2X - 3 cos (X))d.t . 

^ K 

2 

An m[), may hói X? An 'JjlU 30 (X = l,5). An Wj, 
may hien ket qua bang 4,93... * 0 . 

-- I"7iX Mith A 

x i - , Jsincxj+y+-4i> 

A 9,14Ri.12201 

— Phuang dn B.’ Nhąp vao man hinh 

X 2 - 3sin(X)- ^ " 3 " K 2X ~ 3cos ( X )) dx ' 

4 jt. 

2 

An pe], may hói X? An Qj LU LU (X = l,5). An L™J, 
mav hien ket qua bang —6 ^ 0. Loąi B. 

■-- " H F1X Ms.th A 

-h.nnopooooo 

— Phuang dn C: Nhąp vao man hinh 

X 2 -3sm(X) + ^-3-J(2X-3cos(X))dx. 

2 

An piel, m ®y hói X? An Qj UJ [5 i (X = l,5) ■ An B, 
may hien ket qua bing -1,06... * 0. Loąi C. 








4 


_ -1.065197799 

- Phuong dn D: Nhap vao man hinh 

X -3sin(x) + 3-—--J(2X-3cos(x))d;t. 

’ n 
2 

An @, may hói X? An [TJ Q (U (X = 1,5). An (=}, 

may hien ket qua bang 0. Dung CALC vói mot vai gia 
tri X khac, de u nhąn dugę ket qua bang 0. Chon D. 

x i -asirKXJ+y-^ 

o.oonnnnnnn 

Dang 3: Tśnh tśch phars xac dinh cya męt ham so 

Cau 21: Dap an B. 

Dira may tinh ve che dó Fix-9: {gig Sj](Fix) [§]. 


- Phuong dn A: Nhap j Xcos(X)(sin(x)) dx-~-~ 

An (=], man hinh hien ket qua hang -- * 0. Loąi A. 

9 

. ia FIX Mj.tti A 

j 0 Xcos(XXsinO 

4 

L_'9 


- Phuang dn B: Nhap }x cos (x) (sin (x)) 2 dx + ~ + - . 

A' ^ -1 

An [5], man hinh hięn ket qua bang 1 jt * 0. Loąi B. 


• ^ ~ 0 FIX Ma.th A 

J 0 Xcos(X)(siriGi> 


7 7C 

-P^^A-NhapJ I -A=dx-|-31n[|].An - Phuang dn C: Nhąp J X cos(x)(sin(x)) 2 dx. 


3' man hinh hien ket qua bang —3 * 0. Loąi A. 

77Z " " ~ W FIX Math A 

0~ 3 r~ 

J 0 1 + ^1+K 2 

_- o.oooooooonl 

- Phuang dn B: Nhap f -L=dx - - -31nf-) . An 

ol + Vx + l 2 UJ 

UD* man hinh hien ket qua bang 0. Chon B. 

0 FIX Math A 

_clooooooodoJ 

GD, man hinh hięn ket qua bang -0,567209351*0. 
Loąi C. 

“ 0 FC< Math A 

O7- 3)_ dx-|-:t> 

■ JU l + ’3 r i+X 2 

_ -0.567209351 

- Phuang 6n D: Nh^p <b:-f + 31„(|].A„ 

HO/ man hinh hięn ket qua bang -3 * 0. Loąi D. 

0 FIK Math ▲ 

J 0 —-^=zrdx-f+:i> 

J °1 + J 7T+X 2 

L -3.oooonnnnn 

Cau 22: Dap an C. 

Dua may tinh ve che dó góc radian (aifl jHij Rl (Rad) 
va Fix-9: (Sg) iffl (el(Fix)f¥l. 


An G§), man hinh hięn ket qua bang 0. Chon C. 

7ZT ' Math A 

Jo Xcos(X)(sim> 

_ŁJ20000000CL 

- Phuang dn D: Nhap }xcos(x)(sin(X)) 2 dx-- . An 

o 7 6 

3i, man hinh hięn ket qua bang * 0. Loąi D. 

9 

, 0 FIK Math A 

Jo XcostX)(sint> 

2 

-19_ 

Cau 23: Dap ars D. 

Dua may tinh ve che dó Fix-9: @ gg d) (Fix) Q0. 

- Phuang dn A: Nhap vao may f _ i n U) g^^ _ g -e 

1 X 

An (5), man hinh hięn ket qua bang 15,08827421 * 0. 


Loąi A. 

T ~ 0 FIX Math A 

_ 15.08327421 

- Phuang dn B: Nhap vao may f — + ^ ^ n U) e '<^ x _ 1 

1 X e 

An [=), man hinh hięn ket qua bang 14,78638280 * 0. 
Loąi B. 


a FI* MMh A 

_ 14,78638280 


















e f l + Xln(X) aXjvj _l 

- Phuong dn C: Nhąp vao may J ^ e ' x r e ' 

An Si, man hinh hien ket qua bang 15,52214168 * 0. 
T ,oai C. 

- —~ 0 FIK MzAłi & 

Jj 1 "^ i "feK 1 n t X ^ 

1 iŁ5221il£B 


^ S i Fs C 4* A 

O tsintK) ) 4 +£c.o 


« 1 _i.ylr>(X) 

r 1 AJl V , V „x Av _ a e 
- Phuong an D: Nhąp vao may j — — e ax c • 

An fD. man hinh hien ket qua bang 0. Chon D. 

-——“* ” g F1X Math & 

1 n.nnnnooooo 

Cau 24: Dap an A. _ 

Dua may tinh ve che dó góc radian HS l§® C€! (Rad) 

va Fix-9: ®D Ul S3 (R*) GD. 

_ phuong dn A'. Nhąp vao man hinh 

|___an(4X)_- d x--in( 2 ). 

o^sin(X)J + (cos(X)) 

An m . man hinh hien ket qua bang 0. Chon A. 

—---- g FU Math & 

|4 sint4X j. 

Jo csintX) lt±k9.9. 

n.onnnoooool 

- Phuong an B: Nhąp vao man hinh 

I_sin(4X)_ _ dx + l Ą 2 ). 

o (sin (x)) 4 +(cos(X)) 


Pan 2-51 0*s.p su 

Dua may tinh ve che do Fix-9: @ @ E (F*) ® • 

< JTf31n(xjxln(x)^ 116 

- Phuong an A: Nhąp j -- - r dx 135 ' 

An PI, man hinh hien ket qua bang 0. Chon A. 

r—-~ WlSl Ms-th 5 

Jg Ji+31n(xrxlnY 

1 n.nnnnnnooo 

« Jl + 31n(X) x ln(x) ^ 118 

- Phuong an B: Nhąp j -- - d* 137 ' 

An gg, man hinh hien ket qua -0,002054609 * 0. Loąi 


- la rlf. Matu » 

|® JT+sTńTy xln ^ 

1 -n,nn?054609 

< t Ji + 31n(X)xln( x ) j 116 
- Phuong an C: Nhąp j - - dx 133 ’ 

An ©, man hinh hięn ket qua -X), 012921192 * 0. Loąi 


| e /minlx'hxin^ 

1 -fL 012921192.. 


e 

- Phuong an D: Nhąp 


Jl + 3 In (X) x In (x) ^ 115 


An ©, man hinh hien ket qua bing 1,386294361 * 0. An ©, man hinh hięn ket qua bing 0,001050304 * 0. 


— —'— ' @ FlX Math A 

I 4 gln(4X | 

° tSi i n m29436°l 

— Phuong dn O Nhąp vao man hinh 

1_sin(4X)-_ dx + 41n ( 2 ). 

o(sin(X)) 4 +(cos(X)) 

An ©, man hinh hięn ket qua bang 3,465735903 * 0. 
Loai C. _ 

---- WIT/. Ms-th A 

14 sin£4X | 

J O {sin(X)3 (GO 

1 Is fffffr735903l 

- Phuong dn D: Nhąp vao man hinh 

j___sin(4X)_-d*-iln(2). 

o^sin(X)J + (cos(X)J 

An S13 , man hinh hięn ket qua bang 0,519860385 * 0. 
Loai D. 


Loai D. ___ 

—-- gTnS SatTA 

j® Ji+3lntX) x U'i 

1 n.nn1050304 

Cau 26: Bap ati A. 

Dua may tinh ve che dó góc radian *H! IH GO (Rad) 
va Fix-9: @ @ CS (Fix)fJ3. 

, , , • r sin(x) _ anOSEE) 

Nhąp vao may --— 3 ax, an 

o (sin(X) + cos(X)J 

gjjBB Q3 lD ® CD@@ [DESfflS@®i CD CD ES 

Sil @ ® @ ® (a) <g) ta. Xn SD, man 


hinh hięn ket qua bang Chon A. 

Cau 27: Dap an A. 

Dua may tinh ve che dó góc radian @ @ ffi (Rad) 

va Fix-9: >113 @1 © (Fix)HE3 ■ 

- Phuong an A: Nhąp vao man hinh 
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a« 2 Chu de 


o: Ngiijyeri h;km - Tieh pśnaw - Ung d 


| (sin (X) 4 + cos (X) 4 ) (sin (X) 6 + cos (X) 6 )d* - 
An GD, man hinh hien ket qua bang 0. Chon A. 


33ti 

128 


1a MK Mith A 

o Csin(X) 4 +cosi> 

0. ooonrinnnn 

- Phuang dn B: Nhąp vao man hinh 

n 

|(sin(x) 4 +cos(x) 4 j(sin(x) 6 + cos(x) 6 jdx- 

An ;'ii, man hinh hien ket qua bang 0 ,024543693 * 0. 
Loai B. 


32 Tc 
128 


. _ S FiX Hath A 

jn CsiriCX) 4 +cost> 

_ 0.024543893 


- Phuang an C: Nhąp vao man hinh 


j(sm(x) +cos(X) 4 j(sin(x) 6 +cos(x) 6 jd^-: 


3171 

o' >\ ' ' y > j 

An |=), man hinh hien ket qua bing 0,049087385 * 0 
Loai C. 


_ U NA M*tl> A 

oCsin(X) 4 +cos > 

_ 0.049087385 


- Phuang an D: Nhąp vao man hinh 

7C 

|(sin(x) 4 +cos(X) 4 j(sin(X) 6 + cos(X) < ’j 

A n !=J/ man hinh hien ket qua bang 0,073631078 * 0. 
Loai D. 


dx 


307t 


0 FIX Math A 


nlsinCX) 4 +cos > 
_Ł073Ć31078 




Cau 28: Dap an A. 

Dua may tinh ve che dó Fix-9: gir) 

- Phuang an A: Nhąp vao man hinh 

J T0 7- dx-21n(3) + l. 

m(2)e x -1 +Ve x -2 v ’ 

An HU, man hinh hien ket qua bang -0,000000002 « 0 
Chon A. 


lin(3) 

J lri (2) 


S FIK MathTA 

e 2,k l 


-u. oonnnnnn? 


- Phuang dn B: Nhąp vao man hinh 


In(3) 

r e 

in( 2 ) e x -1 + y/e x -2 


dx-21n(2) + l. 


An Q, man hinh hien ket qua bang 0,810930215 * 0. 
Loai B. 


The foest or nothing 


eX-i+Jex~- 
0.81093H215 


- Phuang dn C: Nhąp vao man hinh 

i n (3) ^ 2X 

J ~Z - f=r - dr-ln(3) + l. 

in(2)e x ~l + Ve x -2 V ’ 

An Q, man hinh hien ket qua bang 1,098612287 * 0 
Loai C. 


lin 

J ln 


(3) 


0 FIK Math . 

£2 X 


C2J e*-i +&srS 
- 1.098612287 


- Phuang an D: Nhąp vao man hinh 

I„(3) , x 

J ~Z -~r==dx-ln(2) + l. 

in(2)e -1 + Ve -2 V 

An EJ, man hinh hien ket qua bang 1,504077395 * 0 
Loai D. 


' 1 n (3 J 
, ln(21 


0 FIK Md.th A 

£.2K 


25 ex-i + m- 
L504077395 


Cau 29: Dap art A. 

Dua may tinh ve che do Fix-9: @ gg js](Fbc) ijj. 

- Phuang dn A: Nhąp vao may J X 3 Vl-X 2 dx--.An 

o 15 

m , man hinh hien ket qua bang 0. Chpn A. 


FIK Math A 


l‘x 3 iPFclx-A 
_ o. ooooonnńri 


- Phuang dn B: Nhąp vao may J X 3 yil~X 2 dx - — . An 

o 15 

0, man hinh hien ket qua bang -0,133333333 *0. 
Loai B. 


„ 0 FIX Math A 

ioX 3 /r^dx-^ 

_ -o.133333333 


1 __ 

- Phuang dn C: Nhąp vao may J X 3 /l-X 2 dx - — . An 

o 15 

dO, man hinh hien ket qua bang -0,333333333 * 0. 
Loai C. 


^ 0 FIK Mat fi A 

J>./n>Fdx-A 

_ -0.333333333 


1 

- Phuang dn D: Nhąp vao may J X 3 %/l"-X 2 dx - — . An 

o 15 

(Ml, man hinh hien ket qua bang -0,4*0. Loai D. 


_ -Q.4000nnnnn 
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Dna may tinh ve che dó góc radian i*3 (H-s vJr (Rad) 
va Fix-9: Ph) fei iSJ(Fix) ©i- 


- Phucrng dn A: Nhąp Jcos(X)cos(2X)cos(3X)cbc ^ 
o 

An ©, man hinh hien ket qua bang -~*0. Loąi A. 


1 ^ r 

nQ ( y. 

0 FIK Math & 

JO ■" 





2 

- Phucrng dn B : Nhąp Jcos^X)cos^2\)cos^3X Jdx - 


An @1, tnan hinh hien ket qua bang * 0. Loąi B. 

24 


0 FIK M&th A 

cosOOcos(2X> 

-Jsl 


2 \ TC 

— Phucrng dn C:Nhap |cos(X)cos(2X)cos(3Xjdx ——. 
o 

An ©, man hinh hien ket qua bang 0. Chon C. 


0 fi>: Matti eT 


o 


cosCX)cos(2X> 

n.nnnnooooo 


2 - 
- Phucrng dn D: Nhąp jcos(X)cos(2X)cos(3X)dx —- 
o 

3tc 

An ®. man hinh hien ke't qua —* 0 . Loąi D. 

o 


TŚTFiK Math A" 


^ cosCX)cos(2X> 


Dang 4: Tifth tfdh phSn chńa tham so 

Can 31: Dap an A. 

Dna may tinh ve che do Fix-9: iMSkft @1 ISJO^O • 

- Phucrng dn A: Nhąp vao may j ^ 2 ^ - 

[Siei, may hói A? An O CE) GO (A = 2,5). An S, 

may hói X? An (U tiep de bó qua X. Man hinh hien 
ket qua bang 0. Dung CALC vói vai gia tri A khac deu 
nhąn duoc ket qua bang 0. Chon A. 


I 


0 ń 2 +?< 2 aX 4ń 


FtX M?.th A 

n 


ii, nnnoooooo 


ll 71 A 

- Phuang dn B: Nhąp vao may J - ^ 2 + x i ~ d:sr ' 2 A ' An 
(555), may hói A? An '.2Q LiJ UU (A = 2,5). An c=a/ 


may hói X? An Cii tiep de bó qua X. Man hinh hien 


ket qua bang —— ^ 0 . Loąi B. 




2 ń 


iO J 


p 1 TC a 

- Phucrng dn C: Nhąp vao may j —^ — •— . An 

Pgg) , mdy hói A? An a3®(A = 2,5). An ©, 
may hói X? An @ tiep de bó qua X. Man hinh hien 

ket qua bang —— 0 . Loąi t_. 


-- ITTiK Math'“i 

Joń2+x2 aX A 

-fó* 


- Phuang dn D: Nhąp vao may 


s 1 , 4n / 

- dx -- Am 

, A 2 + X 2 A 


piej , may hói A? An GD GD l£j (A — 2,5). An JB, 
may hói X? An UD tiep de bó qua X. Man hinh hien 
37t 

ket qua bang —— # 0 . Loąi D. 


J O 


Cav; ;i2: Dap dn C. 


Dua may tinh ve che do Fix-9: l*ll tlSl ULi(Fix)GD. 

- Phuang dn A: Nhąp vao may JpA 2 -X 2 dx-^— . 

0 

An @51, may hói A? An (U CD CS] (A = 2,5). An UJ, 
may hói X? An © tiep de bó qua X. Man hinh hien 
ket qua bang -4,90... ^ 0. Loąi A. 


i FI/ M&th A 




-A.qnR738521 


- Phuang dn B: Nhąp vao may j c/a 2 - X 2 dx - ~ ■ An 

0 

jeaci, may hói A? An Uti Li3 LSJ (A = 2,5) . An lj~j, 
may hói X? An © tiep de bó qua X. Man hinh hien 
ket qua bang 2,94... 0 . Loąi B. 




: 2 dx-^ 

,945243113 


7tA 2 

4~ 


- Phuang dn C: Nhąp vao may J 4A 2 -X 2 dx- 

0 

An jsaę) , may hói A? An CS L“J L 5 J ( A = 2, 5) . An (?~j , 
may hói X? An © tiep de bó qua X. Man hinh hien 
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ket qua la 0. Dung CALC vói vai gia tri A khac, deu 
nhąn dupc ket qua bing 0. Chon C. 

7 FU Msth & 

jo-/A 2 -X 2 dx-^ 

o.ooooooooo 

- Phuong dn D: Nhąp vao may J -Ja 1 -X 2 dx - —. An 

o 2 

S, may hói A? An (U ED [D (A = 2,5). An GD, 

may hói X? An GD tiep de bó qua X. Man hinh hien 
ket qua bang 0,98... + 0. Loai D. 

~ ' “a" fi>: Mith a 

0.981747704 

Cau 33: Dap an B. 

Dua may tinh ve che do Fix-9: (SfD [g] (Fix)fsl. 


n* Marti & 

j □ X 2 •/ń 2 -X 2 "dX--£ 

_ 5,215534679 

Cau 34: Dap an D. 

Dua may tinh ve che do Fix-9: f||f) |Ód| [s] (Fix) (¥). 
- Phuong dn A: Nhąp vao man hinh 


An S, may hói A? An CU Q d) (A = 2,5) . An (=), 
may hói X? An GD tiep de bó qua X. Man hinh hien 
ket qua bang * 0 . Loai A. 

I-- M --JL™ . Msth A 

_-_ irsJL 


- Phuong dn A: Nhap J X\/A 2 -XM*-^.AnH, - Phuong dn B: Nhap vao man hinh 


may hói A? An ® Q ID (A = 2,5) . An (=J, may hói 

X? An GD tiep de bó qua X. Man hinh hien ket qua 
bang -7,66... ^0. Loai A. 

7 ~ M&th A 

|oX 2 JA 2 ^X r dx- 5 £ 

_lŁ. 669903939 

- Phuong dn B: Nhąp JX 2 -JA 2 -X 2 dx - — . Anltil, 

o 16 

may hói A? An © CD CE (A = 2,5). An ©, may hói 

X? An (=| tiep de bó qua X. Man hinh hien ket qua 
bang 0. Dung CALC vói vai gia tri A khac deu nhąn 
dupc ket qua bing 0. Chon B. 

~ ~ " 0 FIX Mj.th A 

dx--> 

_P. 000000000 

A 2 

- Phuong dn C: Nhąp Jx 2 7a 2 - X 2 dx - — . Anlwl. 

o 16 

may hói A? An ©) H U) (A = 2,5) . An (D, may hói 

X? An GD tiep de bó qua X. Man hinh hien ket qua 
bang 6,44... * 0. Loai C. 

~ ~ 0~nX MMh A 

6.442719309 

A i- . 2 

- Phuong dn D: Nhąp J"x 2 7a 2 - X 2 dx - — . AnlOLĆ], 
may hói A? An |J] Q IU (A = 2,5) . An [H], may hói 

X? An (=) tiep de bó qua X. Man hinh hien ket qua 
bang 5,21... *0. Loai D. 


-chr-A 73 + 1 + 21 . 

I 12 


An , may hói A? An OD GD GD (A = 2,5) . An (=), 

may hói X? An dl tiep de bó qua X. Mim hinh hien 
ket qua bing -6,30... + 0. Loai B. 


f£ń ^2-^2 

I X 


dx-P> 


I_1Ł3089969; 

- Phuong dn C: Nhąp vao man hinh 


/X 2 - A 2 


dx-A\S + l-~ . 

I 12 


An (ęgę), may hói A? An (¥] CD GD (A = 2,5). An d], 

may hói X? An GD tiep de bó qua X. Man hinh hien 
ket qua bing -5*0. Loai C. 

f2ń j X 2_ ń "2“ “;n 
■I H-Jz X dx fb 
L7_ -5.000000000 I 

- Phuong dn D: Nhąp vao man hinh 


/X 2 - A 2 
X 


dx-A 73-1- — 

l 12 


An Hę), may hói A? An E) E) (D (A = 2,5) . An (=), 

may hói X? An (=) tiep de bó qua X. Man hinh hien 
ket qua bing 0. Dung CALC vói vai gia tri A khac deu 
nhąn dupc ket qua bing 0. Chon D. 

, _ . ! ia fi:< Math a 

0.000000000 

Cau 35: Dap an A. 

Dua may tinh ve che'do góc radian IshftI góBil [4l (Rad) 
va Fix-9: (wt) gl) g] (Fix)[U. 
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- Phuang dn A: Nhąp vao man hinh 


sin A cos A i 


°JA 2 (cos(x)) + B 2 (sin(x) 


An fśtihi. may hói X? An tśi de bó qua X. May hói A? 
An OD Ej El) ( A = 2,5). An IM), may hói B? An 

fil C3 C§3 (A = 1,5) . An Cii, may hien ket qua bang 
0. Dung CALC vói vai gia tri A, B khac deu nhąn o-.rac 
ket qua bang 0. Chon A. 

E - FIK hłfcth & 

1 2 sinOOco p 

0.000000000 

- Phuang dn B: Nhąp vao man hinh 

I sin (X) cos (X) 1 

0 ^A 2 )cos(X)) + B' (sin(x)) l A l M 

An iCMJi, may hói X? An Ej de bó qua X. May hói A? 
An OD CD GD (A = 2,5). An OD, may hói B? An 
PO GO GO (A = 1,5) . An Ej, may hien ket qua bang 
-0,75 -/ 0 . Loąi B. 

iTix mmi. a 

1 2 sin C-O .- 


- Phuang dn C: Nhąp vao man hinh 


sin(X)cos(x) 


1 

' A 2 + B 2 


°^A 2 )cos(X)) +B 2 (sin(x)) 

An Ul), may hói X? An (ID de bó qua X. May hói A? 
An II] 0 [5] (A = 2,5). An Sjsj, may hói B? An 

CD Gj jj[j ^A = l,5) . An !»), may hięn ket qua bing 
0,13... =^0. Loąi C. 

i~7ix MMh a 

1 2 si !2l olŁP j> 

Ja 2 cos cx) 2 +b 2 

0.132352941 

- Phuang dn D: Nhąp vao man hinh 

7t 

| sin (X) cos (X) ^ 5 1 

» ^A 2 (cos(X)) + B 2 (sin(X )) 2 l A l l B l 

An 1 , may hói X? An OEi de bó qua X. May hói A? 
An 00 [Z] Li] (A = 2,5). An IM}, may hói B? An 

03 [}j (JO = 1,5). An (=), may hien ket qua bang 
-0,81... * 0. Loąi D. 


Sin(X)co p 


0 X "|A|"|B|- 


Dang 5: Chon ha m da* dlęn cle t&Yeh uch phan 
Gaił 36: UAp An C. 

9 

Nhąp vao man hinh 9 -s- j Xdx . An ta duroc ket qua 

o 

la ^ . Khi dó / (je) = ~ x . 

_ "a 

_9_ 

9 2 

Nhąp vao mar. hinh J—x 3Xdx . An [y i ta dtroc ket 
o 9 

qua la 3. Vąy J /(3x)dx = 3. 


■x3Xdx 


Cau 37: Dap an B. 


o 

Nhąp vao man hinh 10-s-J Xdx . An (=] ta duęrc ket 


qua la — . Khi dó f(x) = — x. 
M 21 J y ' 21 


i0=f®Xc!x 


r ZU " —» 

Nhąp vao man hinh J|^2-4x — XJdx. An lEi ta 

2 

duąc ket qua bang 34. Vąy j[2 - 4/(x)J dx = 34 . 

5 

1 MMI. A 

ls(2-4*!fx)dx 

__34. 

Ca U 53: t)ip Aa A. 

4 

Nhąp vao man hinh 10 -5- J Xd.v . An Ej ta duac ket 

o 

qua la ^ . Khi dó /(x) = A . 

0 Math A 

i(G>* 2 

_ 

i 5 

Nhąp vao man hinh I — x 2Xdx . An (13 ta duoc ket 
o ^ 

2 

qua la 5. Vąy J/(2x)dx = 5 . 


of x 2Xdx 


Caa 39: DAp An B. 


0 ■/ń 2 Gos™ 2 0e 2 


Phan ach: Gia sń /(x) = /c.g(x) . Do /(x) la ham só 
le nen /(— x) = — /(x) <=> x) = -A:.g(x) 
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PhSrs 2 - Chu dśS 6: Nguyert barn - Tfch phSn • U’ng dung 

• Vay #(x) cung la ham so lć. | 
Chon g(x) = x la mót ham so le. Suy ra f(x) = k.x . 


! Ta có J /(x)dx = 2 = j Lxdx = A: J xdx —> k = ------- 

Jxdx 

l -2 

0 

Nhąp vao man hinh 2 J xdx. An HO ta duoc ket qua 
la-1. Khidó f(x} = —x. 


2 -J°Xdx 


0 Math . 


-1 


Nhąp vao man hinh J -Xdx . An Q=] ta duoc ket qua 

o 

2 

la -2. Vąy J f(x}dx = -2 . 


fo'Xdx 


0 Math , 


-2 


Cau 40: Bap an C. 

Phan lich: Gia str /fx) = fc.g(x) .Do /(x) la ham so jj 
chan nen /(-x) = /(x) <=> k.g(-x) = k.g(x) 

•fc>g(-x) = g(x). Vąy g(x) cung la ham so chan. 

Ta chpn g(x) = x 2 la mpt ham so chan. Khi dó 
0 0 0 ~ 

3 = J /(x)dx = J k.x 2 dx .= k. J x 2 dx -> k = -- 

Ja d.x 

o 

Nhąp vao man hinh 3 -s- J X 2 dx . An OD ta duoc ket 

-l 

quala9. Suy ra f(x) = 9X 2 . 


3-J° 1 X 2 dx 


0 Math J 


Nhąp vao man hinh J 9X 2 dx. An GU ta duąc ket qua 

-i 

i 

la 6. Vąy J f( x )dx = 6 . 


J!,9X 2 dx 


0 Math A 


61 “firn tham §6" de tfch phan bana mol 


I E)(Fix)[9]. 


gia trg cho tr 

Cau 41: Dap an A. 

Dua may tinh ve che do Fix-9: 


The besć: or nothlns 


Vln(l + X) (2J3 

Nhąp vao may j — 2 —-—- dx — 3 ln ' 


X 2 


v 3 , 


an [,£g 


© m Ei m m co <s> s m m ® ca © m b 

<b> s ta © m Si o <§> m © m. 

- Phuong an A: An ( 5tćl , may hói X? An [=] de bó qua 
X. May hói M? An (Tj (M = 2). An (=], man hinh hien 
ket qua bang 0. Chon A. 


a 0 FIK Math A 

fi I n jg ŁaL dx-31ri> 

'ó.ooooooooo 


- Phuong an B: An (CALCj, may hói X? An (=] de bó qua 
X. May hói M? An jj>"j (M = 3). An (Hj, man hinh hien 
ket qua bang 0,204991060 y= 0. Loąi B. 


i 0 FIK Math A 

fi ln ^ 2 +X) dx-31fi> 
0.204991060 


- Phuong an C: An [ĆAlćl , may hói X? An [=) de bó qua 
X. May hói M? An @ \Jij (Tl (m = y/3 j. An (=), man 
hinh hien ket qua bang -0,081242496 ^ 0. Loąi C. 


in (i+X) 
i YĆ 


dx-31r> 
-0.031242496 


- Phuong an D: An (wlg), may hói X? An UD de bó qua 
X. May hói M? An [50 (M = 8). An (Hj, man hinh hien 
ket qua bang 0,562335145 *■ 0. Loąi D. 


0 FIK Math - 


Tl lntn-xi 

i YA 


dx-31rh 
0.562335145 


Cau 42: Dap an D. 

Dua may tinh v'e che' dó Fix-9: faji] |5p| JJ[j(Fix) [Śj. 

A ii 

Nhąp vao may J Xe 2 dx - 4 an U~\ [m| Q] (SFrj Q7j ( e a ) 
o 

- Phuong an A: An jCALCl . may hói X? An (=] de bó qua 
X. May hói M? An [Tj (A = 4). An (=], man hinh hien 
ket qua bang 29,55622440 ^0. Loąi A. 


oXe 2 dx-4 


29.55622440 


• Phuong an B: An [CALCj , may hói X? An (=] de bó qua 


X. May hói A? An (Tj (1EI H ^A = — J. An (H, man 
hinh hien ket qua bang -3,966019586 ^0. Loąi B. 


0 FIK Math , 


□Xe 2 dx-4 


-3.966019536 
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, may hói X? An iS] de bó qua 

1 


- Phuang an C: Art 

X. May hói A? An (Ti ffi CU I A = f |. An i~j, man 
iiinh hien ket qua bang -3,852076250 ^0. Loąi C. 


„) 
j o 


E FIK A 

dx-4 

-3^852076250 


- Phuang an D: Art (ScI, may hói X? Art M] de bó 4 ua 
X. May hói A? Art GD (A = 2). An {=), man hinh hien 

ket qua bang 0. Chan D._ 




n-nnnnooooo 


CASu 43: Dap in 8. 

Dna may tirth ve che do góc radian §fD I® Bj (Rad) 
va Fix-9: H3 S§1 ® ( Fix ) 3D • 

Ji 

Nhąp vao may j (sin (X)) cos(X)dx - —, Ićn ySCD 
o 

1 m OD CD CO 15 F' 7 . Fi B @ I! 03 lB ®GD 
(a) i'i-i (S7 S®3 (<t) ® [D (B ® E3 IJt) Lii Os) iŁ If.i• 

- Phuang an A: An fiS® . may hói X? An ® de bó qua 
X. May hói M? An LU! (A = 5). An man hinh hien 

, 5 

ket qua bang - * 0. Loąi A. 

384 

FW. Math“A 


m ua i k. ■■■**» 

j"Csin(X)) A cos> 

5 

_ ~ 384 


- Phuang an B: An (Ć ALĆi , may hói X? Art @ś} de bó qua 
X. May hói A? An [1] (A = 3). An ej, man hinh hięn 

ket qua bang 0. Chon B. 


E FIK MmTT - 


Jo 


Csin(X)) A cos^ 

. 0-000000000 


- Phuang an C: An !ĆMjC! , may hói X? An i„~! de bó qua 
X. May hói A? An Si (A = 4). An UD, man hinh hięn 
3 

ket qua bang —*■ 0. Loai C. 


' Csin(X)) ri cos > 


o» 

’320 


- Phuang an D: An gaEi , may hói X? An (SI de hó qua 
X. May hói A? An GD (A = 6). An @3, man hinh hięn 

' 13 

ket qua bang- ¥= 0. Loąi D. 


L Csint%)) A cos^ 

13 

896 


Nhąp vao may j 


ó(2X + l)e x + 2X 


<XX - 


o " ' 

ffi ffl CD od B8 mmmc 

® 93 GD fi® 03 <2> S® @15 

'i !j UiU Lsl j/' 


’ + i 


\CC 


- Phuang an A: An may hói X? An de bó qua 
X. May hói A? An LU ffB CC An (§D, man 

hinh hięn ket qua bang 1,63815159 ^ 0. Loąi A. 


Jo " e x + r~ d> 

j-63815159 


• Phuang an B: An ©Wj, may hói X? An XI o.e bo qua 


j A = - . An ( 


X. May hói A? Art ( - - 9 

hinh hięn ket qua bang —1,089184703 0. Loąi B. 


Jo ex+i 

-1„089184703 


— Phuang an C: An KSLCJ, may hói X? An (3 de bó qua 
X. May hói A? An Q] (A = l). An [=], man hinh hięn 

ket qua bang 0. Chon C. 


łfeth A 

.:2K-! i ) 3-Mg;..; 

o 




lss Osp IB., 


,C>»ÓL 


Y — ma 

Nhap vao man hinh 3 X x \ dx + 6 : 

i x 

CS CT iS CD il! iii F3 <© <& ill Lisi S3 CB ffl iii 
(7; 73 7?) E O 89 ® 


— Phuang an A: An ^U'(j, may hói X? An ei?.S de bó qua 
X. May hói A? An [Sj ® CS J^A = |j. An (1], man 
hinh hięn ket qua bang 6,9199161769 ^ 0. Loąi A. 

— B MUh i I 


f^ 3 x x m^i dx+6 

6-91.9916177 


- Phuang dn B: An may hói X? An Q de bó qua 
X. May hói A? An Qjffl [S ^A = An iH, man 
hinh hięn ket qua bang 0. Chon B. 

i S Mit 




0 


iau 46; Dap an C, 
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han 2 - Orać dl &; Ngnygw hanu - Tfch phan - Cna dung 


The best or notlnir 


z 

Tir 1 = Jx(sinx + 2 m)dx = l + jr 2 taco: 

0 

It 
2 

1 + 7 t 2 — J xsinxdx 


Khidótacó A = a + ł>ln2. 

Cach 1 ; firag .[Ul (EON) {Tj 


| x sin xdx + 2 mj xdx = l + n 2 


«• m = 


Dtra may tinh ve che do góc radian 
Nhąp vao man hinh 


2 

2 j xdx 
o 

I BD (Rad). 


ffl + bln 2 = 

Phuang dn A: 1 3 

\a + b = — 

[ 2 

A fa = -6 ,27667406 

[b = 7 ,77667406 

0 MathV 

X= 

0 Math A 

Y= 

-6.27667406 

7.77667406 


► a, i> £ <Q>. Loai A. 


( - ^ 

7t 

fa + bln2 = A f 

l + n 2 -JXsin(x)dx 

2 

42jxdx: 

- Phuang dn B: l 3 —> i 

a+&=-- 

0 

V / 

0 

l 2 l 


1 

« = — 
2 

b = - 2 


® OD © .Hi @ tg 
© GD ® liii (xiyl fgl dl 

An (UJ, man hinh hien ket qua bang 4 . 


sm| lALPHŚj | ) i jT) 

3 li) ligi btiśj G] 


1+JI 2 - 2 

l. Jo 


Xsin(X > 
_4 


Cau 47: Dap an B. 


n ? 

Tu-I x cos xdx = 1 —» m =--- 

m i i 

0 2 

J x cos xdx +1 

o 

Dua may tinh ve che dó góc radian (wt) § 0 d| GD (Rad). 


Nhąp vao man hinh jt 4 


|Xcos(X)dx + l 


®@0U)ISP(I)@@(II[II®(ę)® 

pamdKgKBGBmcz) 

An GD, man hinh hien ket qua bang 2 . 


” + Uo 


0 Math A 

Xcos(X)dx-t> 
_ 2 


Nhap vao may 9x Ans 2 -6 : CU @3 (H 0 0 I 
An (§0, man hinh hien ket qua bang 30. 


9*ńns 2 -6 


30 


Dang 7: Tfch phasi chong may tfnh cam tay 

Cau 48: Dap an B. 


Tinh f x +1 + —dx-i* 

il x-l) 


-> A. 


J° 1 (X+l+^ r )dx 

-0.8862943611 


ńns*ń 

-0.3362943611 


X= 


Y= 


0 Math A 


—> fl, b e Q . Chon B. 

fa + bln2 = A 
- Phuang dn C: -j 5 

la + b = — 

l 2 


a = -8,535565413 
b = 11,03556541 


0 MathT 

X= 

0 Math A 

-8.535565413 

11.03556541 


— >a,beQ. Loąi C. 

|a + bln2 = A 

- Phuang dn D: J 5 

\a + b = — 

l 2 


a = 2 ,758891353 
b= -5,258891353 


0 MathT 

X- 

~ 0 Math A 

_2,758891353 

_15.258891353 


-*a,beQ. Loai D. 

Cach 2: fair ) (ĆALC HSGŁYE) 


Neu a + b = - >b ■ 

2 


3 3 

- — — a—>A = «+ — — — a ]ln 2 



(-f-X) 

0 Math A 

ln( 2 )-ń 

x+[-f-xjrn(2T-3 

X= 0.5 

L-R= n 


—> « = — 'b = ~2—>a,b eQ. Chon B. 

Cach 3: ££££ GO(TABŁE) 

NKąn xet: Ta thay a + bel --;--step = -. 

Tir dó ta chon Start = -—,End = — ,Step = - . 

_____________ _2 _____ 2 F 2 

Tu A = a + bln2—»b = ^— f( x ) = ł2r x 
ln 2 J w ln 2 

An ||§§ OD va Hi gg @ (jT) (T), nhąp vao may ham 
S ° f(X) = ^ vóiStart = -^,End = ^,Step = i. 
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m „ 2 ,2 73 2 f A-aln3 " 73 

- Phucme an D: a +b =-> a + - = — 

16 In 2 16 


7E 1 

Phuang trinh-h — lnb = A vó nghiem tren K . 

2b 4 6 ' 


0 Mstii A 

^( ń =m^ L ) 2 > 

0 Math A 

A-Xlnf3) -|2 73, 

^ 1 n (2) J TP 

. .... 

^ + i riniirT^ 

X= -1.482286076 
L-R= n 

B Matb A 

1 1 ln (2) J ^ 
X= 0.75 

l-r= n 


Loai A. 


x 1 TC 1 

-PhuonganB: ab =->a =-> — + -lnb = A. 

4 # 41) 4 

1 Matfi A ~ 1 Math A 

^+{ln(X)-tf 4x+tlrKJO-H 

A- uL 


0 Math . 

6 i-Q. 75 xln( 3 ) 
ln t£; 


v „ __ , A-0,75.1n3 „ , ^ 

—> a = X = 0,75 —» b =-= —2 —> n,b e Q ■ 

ln2 v 

Chon D. 

Cach 2: łoili (7) (TABLE) 

... , 2 ,2 [ 47 49 59 73] „ j 

Nhan xet: Ta thay a +b e]—;—;—;—[. Nen neu j 
7 116 16 16 16 J i 

i 

ham so f[x) chua x 2 (=« 2 ) (bac cua an bing 2) thi ta 
| chon Step = — . Suy ra neu ham so f{x) chua x(~a) 

I — ; 

thi chon Step = . — = —. 

___ Vl6__4 ______ .A 

a i o / i t i. A-«ln3 / \ A-xln3 

A = aln3 + bln2-»b =-> f(x) = -. 

In 2 J ' ’ ln2 

An [»j|j [7] va [wt] gg§ © [sj [T|. 


—>b = 2 —>a = - >a,beQ. ChonB. 

8 

- Phuang an C: ab = — —>a = ——> — + — lnb = A . 

6 6b 6b 4 


0 Ma.t.h A 

5ę+iln(X)-fl 

0 Math A 

^+timx)-H 

X= 0.8725727183 
L-R= n 

>b = 0,8725727183 ~^beQ. Loai C. 

1 

Phuang an D: ab - - >a 

1 K 1 

= -1 — lnb = A 

8 b 8 b 4 

0 Ms.th A 

3 *+£ln(X)-A 

0 Ms.th A 

m + i muj-H 

X= 0.548291798 
L-R= 0 


->b = 0,548291798 ->bg<Q. Loai D. 

Cach 2: Baj (T| (TABLE) 

, 1, , . 4A-lnb / . 4A-lnx 

fl7t + -lno = A-->fl =-» f(x) = - 

4 4n ' 2 4tc 



->X = -,F(x) = -2->a = -,b = -2. Vay S = —. 

4 v ’ 4 16 

Cara 51: Dap an B. 

Dua may ve che do Rad: jwjl jg§§ [|J. 

TE 

j cos(x) 

Tinh f . , . V ’ . , dx —. -> A . 

j sin(X) + cos(x) 

~ S Mwh A 0 Math A 

4 cos tx) , ńns*ń 

J o sin(X)+cos(X, 

0.5659858768 0.5659858768 


.. 4A-ln(x) 

Nhap ham so f X =-— vói Start = 0, 

7 4n 

29 1 , 

End = —, Step = —. Quan sat bang gia tri, ta 
khóng thay gia tri nao thóa man X e Q, F(X ) e <Q. 

29 58 1 

Nhąp tiep Start = —, End = —, Step = —. Ta tim 
24 24 F 24 

dugc X = 2,F(X) = 0,125 thóa man. 


Khi dó ta có + —lnb = A. 

4 


0 M:-th 

v_4ń-ln(X) 


Cach 1 : [SHIFT] |ŁALĆ|(SOŁVE) 

- Phuang an A: ab — — —» a = ——» — + — l n b = A. 

2 2b 2b 4 


B Math 

K FOO 

^ Lasa I» 

21 2 .DHIB D .1233 
_O.125 


0 Math , 

^+iln(K)-fl 


0 Matfa 

Can J t Solve 

CACl sCanoel 
Culc &3;Goto 


-»b = 2,a = 0,125 = -. Vay M = ab = -. 

8 y 4 

Cau 52: Bap an B. 

Dua may ve che do Rad, an firrl iiBj [Tl. 
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Kfl + sin(2X)jd> 


Ans^ft 


n■5584951375I O.55642 5_1375_ 


hi dó ta có A = 71 , + " vói a,be Z. 
b 

ach 1: KO'f; QlJ{EON)0Ll 

ił A = ^l±£^a-A.& = -7t 2 . 

b 

\a- A.b = -7t 2 ja = 0,8334685564 
Phuang dnA: \ a + bv= 20 b = 19,16653144 



fi. 8334685564 1 1 

Loąi A. 

U - A.b = -Tc 2 f« = 


9. 1 &653H 


Phuang an B: | a + j, _ 40 ^> = 32 

---fg MatE 

j| I 0^521 


• a,be Z. Chon B. 

f fl -A.b = -rc 2 fa = 15,16653144 

- Phuang dnC: \ a + b = 6Q ~*\b = 44,83346856 



—--s 

1? 

ir s “Oa^ss - 

al i i E 

Matti 



60 

x= 

" " ~ 0 Łw j 

Y= 



15.166531441 

44.. 83346856 


► a, b g Z . Loąi C. 

ffl-A.b = -TC 2 J« = -2,749797165 
- Phuang an D: \ a + b = 1Q ^ U = 12,74979717 


b =12,74979717 


0 Math 

-0.SSH 


-2.7497971651 12.74 1 ; 

— >a,b eZ . Loąi D. 

Cach. 2: [gSfj gg(SOLVE) 

- Phuang an A: a + b = 20 —> b = 20 — a —> A 


1?.74979717' 


a n~ +Xa 


__LL=R=— 

► n = 0,8334685564Loąi A. 


20-a 

X= 2O 0f8334685564 


Phuang an B 

a + b = 40 —> 

b = 40 — a -a- A 

CS 

1 

O 

II 

ń 4 , i^ 

H ~40-X 

0 Math i 

A“to=x 

X= 

L-R= 

8 

0 

-» a = 8 -> b = 

32—>a,be Z 

. Chon B. 

t z 2 + a 

Phuang an C: a + b = 60 — 

> b = 60 — a —» A 

60- fl 

ń rO .;-X 

H 60—X 

. 0 Math A 

A-fnifT 



X= 15.16653144 
L-R= _DL 


->a = 15,16653144Loąi C. 

- Phuang an D: a + b = 10 ~^>b = 10 —a—>A = - 


-- "0 Math A 

Jt2+X 

~ 1 Math A 

A i' 0 -x 

h-IoTk 

X= -2.749737165 


L-R- 0 


, a = -2 ,749797165 -ł«€ Z. Loąi D. 


Cach 3: l agą [fjiTABLE' 


tc + a , n' + a 


An (IB? Q0 va Sm <V) [5j (JO, nhąp vao may ham 

so f (X) = n v ói X e Z va F(X)eZ. 

Chon Start = -14, End = 14, Step = 1. Ouan sat bang, ta 
tim diroc cap gia tri X = 8 va F(_X) = 32 nguyen. Suy 
ra a = 8,0 = 32 . 


so f(x)= 7t vói XeZ va F(X)eZ. 


f(X)= 2 ^ i 


1 i 

K 

0 

FCK> S 

M?.th 

SSL 


sn. aoaj 


aa 6 

iSSSS*#: 

li 


m\ 

B 

33.131 

s 


Vąy a+b = 8 + 32 = 40 . Chpn B. 

Ca u 53: Ośp an B. 

Tinh jl^ e x dx--» A. 


-026246221 


•n.97624622: 


Khi dó ta có A = a.e 2 + b.e . 

Cach 1: jMOPEŚ © (EON) Qj 

1 a.e 2 + b.e = A (a = 0,3729650603 


- Ptetmg ( ^ U = - 1 , 37296506 


fl + 0 = - 

E Marti’? - 


H„37296506031 -1 .3 

—>«,b gQ . Loąi A. 

fa.e 2 +b.e = A f __2 
- Phuang an B: 1 1 -* r 2 

[« + b = 2 [b = l 


. 37296506 
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->a,heQ. ChonB. 


n , , _ | a.e 2 + b.e = A 

Phuong an C: 1 

[a = -0,790988353 

[a + b = 1 

(fo = 1, 790988353 

, , 0 MathT 

X= Y= 

B Math A 

-0.7909883534 

1.790988353 


->a,bg Q. Loai C. 

■ Phuong dn D: H + ^ = A f« = -1,37296506 
[a + b = 2 [6 = 3,37296506 

~T, ~ ® r~, a Math A 

X= Y= 

--1.37296506 I Ł372965QĆ 


I--1.3729 65061 3.37296535 

—> a,b i Q. Loai D. 

Cach 2: fiifTi |m[Ć1 (SOLVE) 

- Phuong dn A: a + b = -1 -> A = ae 2 + (-1 -a)e 

~ 0 Mat fi A 

A-Xe 2 +(1+X)e 
X- 0.3729650603 
1 L-R= n 

-> fl = 0,3729650603 —> a g Q. Loai A. 

-Phuongdn B: a + b = -l-> A = ae 2 + j^-aje 

® MiSiTi "a-s ^r a — 

A-Xe 2 + fx- 4 k A-xe‘n*-SJ« 

' *= -0.5 


—> « _ —> b = 1 — >a,beQ. Chon B. 

- Phuong dn C: a+b = l-+A = ae 2 + (l-a)e 

_ 0 Math A 

Ą-Xe i +(X-l)e 
X= -0.790988353 
L~R= _Q_ 

—>a = - 0,790988353 —>a g Q. Loai C. 

- Phuong dn D: a + b = 2^A = ae 2 +(2-a)e 

~ — 0 Ms.th A 

A~Xe 2 +(X-2)e 
X= -1.37296506 
lL-R= ni 

—>a = -1,37296506 —»• a g (Q>. Loai D. 

Cach 3: H (T) (TABLE) 


Nhan xet: « + he j-|;|;|;|Ustep = A. Tu ćtó ta 


| chon Start = -7, End = 7, Step = I. 

Tu A = a.e 2 + b.e -» fc = — ~ _» f( x ) = A ~ x e2 
e w e 


An ggof LfJ va (swrj (rag (w) [sj Qj, nhąp vao may ham 

so f(x) = — ■ vói Start = -7, End = 7, Step = i . 

Tatimdugc X = ~,F(x) = l thóa man. 


2 

" 0 Math - 

f(X)= £ =j^ 


13 

IM 

& 

K F 

-1 B.359I 

-Q.s Mnfel 

15 

D -0.353 


1 1 

-* fl = ~r ,h = l->« + & = —. ChonB. 

2 2 

Cau 54: Dap an D. 

Dua may ve che dó Rad, an fajt) gg§ [2 

TC 

Tinh |(2X-l-sin(X))dx — 


__ @ itin -— 

o(2X-l-sin(X)> ńns+ń 


-iOJJ339 52265 -0.1033953365 


Khi dó ta có A = n( — - —1-1. 


U bj 

Cach 1: iiHiFTj i55cU SOLVE> 

- Phuong dn A: 2a-3b = 8—>b = - 


. 71 ; 

—> A = 7C- 

. a 2 a- 


MS-dW+ii can?t so1 ^ Mi 

CńC 3 sCancei 

--——- C< 3 Ci> 3 ł Goto 

• Khóng ton tai a thóa man. Loai A. 


- Phuong dn B: 2a-3b = 5->b- 


A (TC 3 

—> A = 7t- 

,a 2 a—5 


0 Math A 

A 2X-siJ + l 

_ 0 Math 

Can^t Solve 

CńC3 rCancel 

Cfl ] C Pl: Got.n 

Khong ton tai a thóa man. Loai B. 

- Phuong dn C: 2a-3b = 3- 

, 2a - 3 

->b =- 

3 

—> A - ref 71 3 1 1. 

U 2«-3j 


0 Math A 

M” 2X-3t)- + 1 

_ i-i M:,th 

Can’t Solve 

CńC] sCancei 

L* 3C►]:Goto 


-> Khong ton tai a thóa man. Loai C. 
- Phuong anD: 2a-3b = 2->b = 

3 

—> A = 7tf — — ——^—1 — 1. 

U 2a-2 J 
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„ X Zk-2.} ' 


: Lx~2X-2J' 


9 A — ? 

—4. a — 4 —> b = — ^— - = 2 —> a, b e Z . Chon D. 
3 

Cach 3: j§5Ę| (jR {TABLE; 

f i 1^ n 

r» A = łt ----l->b = -r-- 

[ab ic „ 




An f|| [T 

so f (X) = - 


jgjg (ij> fg] fTl, nhąp vao may ham 
vói X e Z va F (X) e Z. 


- -1-A 


Chon Start = -14,End = 14,Step = 1. An ;§j bang gia 
tri hien ra. Quan sat bang, ta tim duoc cap gia tri 


'X;F (X)) = (4; 2) nguyen. Suy ra a = 4, b = 2 . 

0 llr-.th 

fCX)=-^2 JL -“ 

K FCKJ 

is a ^yłtp.ą 

il s a .siei 

_2_ 


Vay P = 2a - 3b = 2.4 - 3.2 = 2. Chon D. 

Cira 55; Dap an B, 

Tinh ) 21n ( X ) + - 1 7 dx- ™_ > 

i x(ln(X) + l) 


'® 2 ln(XJ+l fj.. 

1 X(ln(X)+l)2 ■" ń 

0.8862943611. 


Khi dó ta có A = aln2 — . 

c 

Cach 1: 


Ań 

0.8862943611 


-PhuangdnA: a + b + c = 3-» A = aln2 


3 -a-c 


ci — 3 rf x — 3 

^ C= A-flln2-l“ > ^ _ A-xln2-l' 

An H iTj va il §1 Cg) CS 03, nhąp vao may ham 

sd f(X) = --—— t—t -vói XeZ va F(X)eZ. 

v ’ A-Xln(2)-1 v ' 

Chon Start = -14, End = 14, Step = 1. Quan sat bang 

gia tri, ta tim duoc cap gia tri (X;F(X)) = (3;0) • Suy ra 

a — 3, c = 0 khong thóa man do c 0 . Loąi A. 

“0 MsCth I ® 

K~~3 ń g 

f CA J~^ 1 n C25 “i !b i MIS 

IS M 


-PhuangdnB: a + b + c = 5—> A — aln2 


5 -a-c 


>c- -2—5->/(*) = 

A-aln2 —1 V ’ 


x — 5 

A —xln2 —1 


M . . : va J"\, , miąp vesu iiici y jłicuj i 

sd f (X) =-—— r~\ -vói X e Z va F(X) e Z. 

7 A —Xln(2j-1 v ; 

Chon Start = -14, End = 14, Step = 1. Quan sat bang 

gia tri, ta tim duoc ^X;F (X)^ = (2; 2). Suy ra 

a = c = 2->b = l —»a,b,ceZ. ChonB. 

“0 MŚćtb I ~ i " Mśhi 

,,.. ... K-S | H F(K) 

ftX)- ń _ xln(2 )-i jS 

ib! ilg.siiii 


—u — c 

- Phuano dnC: a + b + c = 0 —» A = flln2- 

ó c 

_ Cl r( \_ _£_ 

~ >C ~ A-cln2-l ^ ■ ■' A-xln2-l ' 

An j®E [71 va gpi gpf <g> f§] Qj, nhap vao may ham 

sd ffx) =-^ 7 ~r— vói XeZ va F(x)eZ. 

v > A-Xln(2)-1 v ’ 

Chon Start = -14, End = 14, Step = 1. Quan sat bang 
gia tri, ta tim duoc cap gia tri fX;F(X)) = (0; 0). Suy ra 


[3 Math 

X_ 


i 

IB 

Matłi 

I x 

F 


im -i 



!S 9 



!EI 1 

-i.iaa 

0 


- Phuong an D: a + b + c = 7 —> A = aln2 


7-a-c 


a-7 v //_ x~7 

~ >C ~ \ 2 ; A -.vi.i2-J ‘ 

An licil © va fsnirTj feifj U?3 LlJ/ nhap vao may ham 

so f(x) =- X -vói XeZ va F(X)eZ. 

' ’ A-Xlnl2l-1 v ’ 


so A _ Xln ( 2 )_ 1 

Chon Start = -14, End = 14, Step = 1 . Quan sat bang 
gia tri, ta tim duoc cąp gia tri (X;F(X)) = (7;0). Suy ra 

a = 7, c = 0 khong thóa man vi c * 0 . Loąi D. 

— 7® | ' 7 T® 

^X) = ft -xin~ ( 2 ł-l" i " 1 


l) b 

Cach 2: Do b,c e Z va - toi gian nen - s Q . 

c c 

Tu A = flin2---^- = «In2-A^-/(x) = xln2-A 
CC 

vói f(x) = - va x = a . 
v c 

An 5^ CS va gigi jo§§ @ O CO, nhąp vao may ham 
so f(X) = Xln(2)-A vói XeZ va F(x)sQ. 

Chon Start = -14, End = 14, Step = 1. Quan sat bang gia 

. . 1 

tri, ta tim duoc X = 2 s Z va F[Xj = 0,5 = — e Q. Suy 

_ , b 1 , 1 „ 

ra s = 2 va — = — —>b = l,c = 2. 
c 2 










niani: 


Isy de 6: Ngsayen ham - Tfch phaR - IJfag dum 


a Math 


fG0=Xln(2)-fli 



H 

a 

j F <H5 

Math 

rE 

n 

E 

U 


iU 

3 

! 1.1931 

0.5 


Vay S-a+b+c= 2 + l + 2 = 5. ChonB. 

Cau 56: Dap an B. 

Dua may ve che do Rad, an (lifi] g®§ ; 4_]. 


j> sin(X 

-cos 

W 

1 sin(X 

+ cos(X) 


dx 


gaiBFil 


-> A. 


, .. E U-_"d'A 

jj sin+cos(x/ 

0 Math A 

ńns+ń 

' 4 0.34&573Fi9n;l 

0.34657-Winr-! 


Khidó A = (a + i?)ln3 + cln2. 

Cach 1: Ęg (Ti (EQN) (T) 

Do a,b,ce Q nen (a + b),ceQ. 

|(« + b)ln3 + cln2 = A 
|(fl + fe) + c = 0 


- Phucmg an A: 


0 MathT 

X= 

0 Math A 

Y= 

0.8547FiRfi4R7 

-0.8547FiFf : i4Fi7 

ja + b = 0,8547556457 
> {c = -0,8547556457 ^ 

(a + b),c g Q . Loai A. 


- Phuang an B: 


|^a + b)ln3 + cln2 = A 
('« + b) + c = \ 


X= 


~S EW 


0. 


Y= 


“E Math Ł 

i 

__ 2 




+ b = 0 

1 —>(a + 6),c e Q . Chon B. 


f(fl + h)ln3 + cln2 = A 

- Phuang an C: \ i 

\{a + b) + c = ~ 


0 MathT 

X= 

0 Math A 

Y= 

0.2849185488 

0.04841478477 


a + b = 0,2849185486 , . 

c = 0,04841478477 ~^( a + b )' ci< ^- Lo ^ lC - 

(fl + b)ln3 + cln2 = A 


- Phuang an D: 


(fl + b) + c = 2 


0 MathT 

X- 

0 Math A 

Y= 

-2.584286937 

4.564266937 


a + b - -2,564266937 , , 

je = 4,564266937 ^( a + b ),ct®. Loai D. 

Cach 2: gójj§ (Tj(TABLE) 


Nlais xei : Ta có S = a + b + c e i 0; —; —; — 1 Step = - 

l 6 6 6 J 6 

. 14 14 i 

Tu do ta chon Start =-; End = — va Step = - 

6 6 r 6 


-PhuanganA: a + b + c = 0 —>c--a-b 

—> A = aln3 + Mn3 + (—a — £>)ln2 = a ln — + Mn — 


J 


A - a ln - 


►/W= : 


A-xln- 


,3 ' ' , 3 

ln— ln- 


2 ’ 2 

An S55j [ T) va jlEj popij (J) yf] (T), nhap vao may ham 

A-Xln(3-2) 


'f(x) = 


ln(3-s-2) 


14 14 1 

Chon Start = ——; End = —, Step = — . Quan sat bang 
6 6 6 

gia tri, khong có cap (X;F (X)) nao thóa man X e Q va 
F(X)eQ->fl,bgQ. Loąi A. 

1 1 

- Phuong anB: a + b + c = >c = — a-b. 

2 2 

—>A = flln3 + bln3 + f—-fl-b)ln2 = flln — + foln — + ^5-^ 

v 2 J 2 2 2 


2A - 2« ln — - ln 2 
► & =-2_ 

21n^ 

2 


►/(*)' 


2 A - 2x ln — - ln 2 
._ 2 

21n — 


An fjj| (Tl va (w3 @ ® CD (U, nh$p vao may ham 
2A-2Xln(3 + 2)-ln(2) 

21n(3n-2) ' 


so 


f(x) = 


14 14 i 

Chon Start = ——; End = —-, Step = - . Quan sat bang 
6 6 6 

gia tri, ta thay (X;F(X)) = (-2; 2) thóa man 


f(X)= 


0 Math 

2ń-2Xlri(3-i 


2ln c 


H 

-1.033 


. F(KJ 

-S. IE| jjjp 

1.B333 


>a — 2,b — 2 — >c — — —>■ ci,I?,c 6Q. ChonB. 

1 1 

- Phuang anC: a + b + c = >c = — a-b 

3 3 

—>A = 0ln3 + {?ln3 + (-«-b|ln2 = flln — + bln — + 

{3 J 2 2 3 

3 


3A - 3aln — — ln2 3A-3x.ln--ln2 

> b = -2-► /(*) = _- 2 


31n- 


31n — 
2 


An lirol [7] va fsmrfl 6)53 (▼) [11 GO, nhap vao may ham 

3A-3Xln(3^2)-ln(2) 


f(x)=- 


31n(3^2) 
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14 14 1 „ ,, , , 

Chon Start =-; End =—, Step = 7 . Quan sat bang 

6 6 o 


gia tri, ta khóng thay cap Ajj nao thóa man 

X;FfX)sQ->«,NQ- Loai C. 

-PhutmgdnD: a+b + c — 2—/C = 2—a—b 

3 3 

~->A = «ln3 + bln3 + (2 — u — b)ln2 = aln— + bln — + 21n2 


A — a In — 2 In 2 

->/> = —.- 2 ,- 

In — 


2 2 
O 

A-xln-2in2 




ln- 


An ffj va l ""*.1 S*»i ® [§j Q / nhap vao may ham 
A-Xln(3 + 2)-21n2 


f( x ) = : 


ln (3+ 2) 


Chon Start = -—; End = —, Step = 7 . Quan sat bang 
6 6 6 

gia tri, ta khóng thay cap ^X;F(x)) nao thóa man 
X;F(X)eQ->a,b«Q. Loąi D. 

Cacfa 3: SSagi [VJ(TABLE) 

, , A-(a + fc)ln3 

Tu A = (fl + &)ln3 + cln2->c =-— 

_> f( x ) = ——vói f(x)=c va x = a + b. 

J y ’ In 2 w 


-»xeQ va * 

J 
\ 


'Nhm xei; Dp a r .b,c<e® nen (a+b),ęe® 
jj /(x)eQ. Tren bang gia tri, ta dó cac cap 
ę (X;p(x)) = (a + b;c) thóa man X,F(x)eQ, ' 


An log Iz] va §|gj §sg © (13 LłJ, nhap vao may ham 

. , A-Xln(3) _ „ 14 _ , 14 , 

só f fX) =- , , v . Chon Start = ——;End = — va 

v ; ln(2) 6 6 

1 A , 
Step == -. Quan sat bang gia tri, ta thay 
6 

(X;F(x)) = fo;|l thóa man X,F(X)eQ. 


f 00 


m Mwh 

A-XlnC 3 ) 

1 n (2) 


E M&th 

F(K) 


“ Bq 5S | IfeS--1 

3 n 8EEi opisał 


0.5 I 


1 1 

Suyra a+b = 0,c = - . Vay S = a + b + c = -. Chon B. 
Cacfa4: A = (a + fr)ln3 + cln2 = ln3‘ ,+i ’ +ln2 c 
—> A = ln(302 c ) -> 3“ +6 .2 c = e A = . 


O-O 


Ca» 37; Dap Af D, 

1 


Tinh 


2X + 5X + 3 


dx 


A. 


JS MaTh 


rdX 


f4 


B MaJh j 

rdx 


! 1 -2X2+5X+3 UA J 1 2X 2 +5X+3 

3 -1 £783337151 OJ. 278333? 15 


Khi dó A = fl]n2+hln5+clnll. 

Cacfa 1: jfeg tZ](TABI,F..ł 

- Phucmg an A: a+b+c=l—>c=l—a—b 
-> A = filn2 + falnS + (l - a - b)lnll 


-+b = - 


A —flln-Inll 

11 


, 5 

In - 

11 


’/(*) = 


A-rln-Inll 

11 _ 


11 


An ggo§ ff] va i»£;j Elg <g> !jj fjj, nhap vao may ham 

-,M A-Xln(2 ł H)-ta(ll) v _, , v , , 

80 f ' x b—ipsTil)—- X,Z ' F(X )* Z ' 

Chon Start = -14, End =14, Step = 1. Quan sat bang 
gia tri, khóng có cap fX;F(X)) thóa man XeZ, 
F(X) eZ. Loai A. 

- Phutyng an B: a+b + c = —3—*c = —3—a—b 
—» A = aln2 + faIn5 + (—3 —a—b) Inll 


A-aln— + 31nll 
11 _ 


In- 5 - 

11 


->/(*): 


A -xln-i-31nll 

._ 11 _ 


ln- 


11 


An ~.£ : v] va §5 t) |0p§ ® fsj PD, nhap vao may ham 

Chon Start =-14, End =14, Step = 1. Quan sat bang 
gia tri, khóng có cap (X;F(X)) thóa man XeZ, 
F(X)eZ. Loai B. 

- Phuang an C: a + b + c = 2-^c = 2—a—b 


-> A = aln2 + l<ln5 + (2-a-b)lnll 
2 

— ->/(*) = 


A-aln- 


—> b - 


11 


A-xln-21nll 

11 _ 


c ■ j \ / c; 

ln— ln^ 

11 11 


An jtei L ? J va iH3 |bp§ (v) {¥) CO/ nhap vao may ham 

XeZiF ( X ) 6Z . 

Chon Start = -14, End = 14, Step = 1. Quan sat bang 

>a man XeZ, 


a+b -0 ^ 

i —>S = a + b+c = —. 

gia tri, khóng có cap (X;F(X)) 

H 

F(X)eZ. Loai C. 
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Jz!liTlTi_Z-Ti : A fc Nguyfei ham - lich phan - Ling rimig; 

-Phuongdn D: a + b + c = 0->c = -a—b 


The best er notf 


-» A = 


= aln2 + Mn5 + (-a-b)lnll 


A-aln— 

■ fc =-li 


•/(*) = - 


A - x ln - 


11 


, 5 ' w ,5 

ln— ln — 

11 11 

An 655^ fTl va (swiri fisSj (w) [§H fTl . nhąp vao may ham 

so f ( X ) = A in^ll) 1 ^ VÓi XeZ ' F ( X ) eZ - 
Chon Start = -14, End = 14, Step = 1. Quan sat bang, ta 
thay (X;F(Xjj = {—1;2) thóa man. Suy ra a = —l,b = 2 
—>c = —a-b = — 1. Vąy a, ł>, c e Z. Chon D. 


1 In(S-rli) ? 


FCXJ 

-2 

u ^^62 


S Mith 


Cach 2: A = aln2 + bln5 + cln11 = 10 ?" +ln5 ( ’ +lnir 

-> A = ln(2“.5‘.ll e ) -> 2' , .5 t .ll c = e A = — 

V ) 22 


B MsTh A 


25 

_ 22 _ 


Suy ra 2 a .5 6 .ll c = — = 2- 1 .5 2 .ll" 1 -> 

2.11 

Vay P = a + b + c = 0 . Chon D. 

Cau 58: Bap an A. 


a = -1 
b = 2 
c = —1 


Tinh j 


2 - X 2 + 2X + 2 


X 2 +X 


dx_ g-aein ) ^ 


S Math . 


12x2+2^2 . 

I 1 x2 + x 

_ 1.980829253 


Ans*A 


a Mith a 


1.980829253 


—>A = aln2 + bln3 + 3- a — F —> b = 


Khidótacó A = aln2 + bln3 + c. 

Cach 1: §M§ tZj(TABLE) 

-Phuongdn A: a + b + c = 3->c = 3-a-b 

A-3 —a(ln2-l) 
ln3-l 

A-3-x(ln2-l) 
ln3-l ' 

An jMPEj [B v a (*2! feól ® OH (jj, nhąp vao may ham 

„ , . A-3-Xfln(2)-l) , 

50 f W“'-i n ( 3 ^ | vói XsZ, F(X)eZ. 

Chon Start = -14, End = 14, Step = 1. Quan sat bang 
gia tri, ta thay (X;F(X)j = (3;—l) thóa man. Suy ra 
a = 3,b = -l,c = l. Yąy a,b,ce Z. Chon A. 


S Mftth 



- w- 



n 

sa 

K 

5 

a 




IB 

M 

2.1111 

-1 


-Phuongdn B: « + b + c = -2 —»c =-2-a-b 

a , . .. „ „ , A + 2-«(ln2-l) 

—»A = aln2 + bln3-2-g-b —>b = -i- - 

ln3-l 

, f(x \ - A 2 — r (!n2 — l) 

^ ’ ln3-l 

An (23 va fiff fl popsl ® [¥] [Tj, nhąp vao may ham 

so f(x) = —- — 7 vói X e Z , F(X)eZ. 

Chpn Start =-14, End = 14, Step = 1. Quan sat bang 
gia tri, khóng có cap (X;F(X)) thóa man X e Z, 
F(X)eZ. LoąiB. 

-Phuongdn C: a+b + c-4^>c = 4-a-b 

—>A = aln2 + bln3 + 4-g-b—= A ~ 4 ~ g ( ln2-1 ) 

ln3-l 

,, , A-4-x(ln2-l) 

->■ f(x) = -i-i. 

1 V ’ ln3-l 

An Isode] [7j va jswrr i §jOR| ® [sj fTl , nhąp vao may ham 

, , A-4-Xfln(2)-l) 

so f(X) =-- - vói XeZ, F(x)eZ. 

Chpn Start = -14, End = 14, Step = 1. Quan sat bang 
gia tri, khóng có cąp (X;F(X)) thóa man XeZ, 
F(X) e Z. Loąi C. 

-Phuongdn D: a + b + c = -l->c = -l-a-b 

—> A = gln2 + bln3-l- a — b —> b =--—’-1 

ln3-l 

3 V ’ ln3-l 

An @ (Ti va @S) @ © (U (T3, nhąp vao may ham 
. . A + l-X(ln(2)-l) 

só f(X) =-vói XeZ, F(x)eZ. 

Chpn Start = —14, End = 14, Step = 1. Quan sat bang 
gia tri, khóng có cąp (X;F(X)j thóa man X e Z, 
F(x)eZ. Loąi D. 

Cach 2: Tu A = «ln2 + bln3 + c = ]n2 a +In3 6 +lne c 
—> A = ln(2".3 fc .e c ) -> 2“.3 b .e c = e A -» 2 a .3 b = e A ~ c 

-^■f[x) = e A ~ x vói f(x) = 2“.3 b va x=c. 

Do a,bel, nen 2‘ 1 .3 1 ’sQ^-e A ' c eQ->/(x)eQ va 
ceZ—ueZ. 

An j aoo| [7] va jiirfl im] © [U Q3, nhąp vao may ham 

so f(x) = e A ~ x , X e Z , F(x)eQ. 
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Moi sd phuc dąng a + bi;(a;beR;i 2 = -l) duoc goi la męt sd phdc. 

Doi vói so phuc z = ą + bi,(a;be R) ta nói a la phan thuc, b la phan ao cua z. 

Tąp hop cac so phuc duoc ki hięu la C. 

Diem M(a;b) trong mot hę toa do vuÓng góc cua mąt phang duoc goi la diem 
bieu diln so phuc z = a + bi; (a; b e M). 


2. Che m lam wlie vfli mm triftfng sc piwie 

De khói dong moi truong so phuc ta thuc hien an 

Trong moi truong sd phuc, thanh phan ao hien ra bing cach thuc hien an nut 

m. 


1. Tinh módun sd phuc. 

Su dung Abs (1551 g§) 

r CMPlx "j 

101 | 

j 

2. Tim sd phuc lien hop. 

Su* dung Conj g { [shift] (Ti g]) | 

cmplz a iSstT' i 

ConjgC 

3. Tim argument sd phuc. j 

Su dung argi iwr] gj [T]) 

|4. Chuyen doi so phuc tir dąng dąi sd sang dąng j 
lupng giac. 

| Su dyng rZQ : SUj) [Ci g] hoąc @ @ ® CS QQg) ] 

cm^ a'" 1 "BT 

arg( 

WiK B Math J 

h-Zi9 | 

| 5. Chuyen doi sd phuc tu dąng lupng giac sang dang j 
] dąi sd. ’ 

j Su dung a + bi : ® © © hoąc |j] (Tj 

CMPLK 0 Math 

►a+bil 


i Cśc dąng toin wb so pinie 

I. Dang 1: Cac dąng toan cóng tru nhan chia sd phuc. 


Vi du 1: Cho hai so phuc z, = 5 - 7/ va z 2 = 2 + 3/. Tim sd phuc z = z 1+ z 2 . 


CMPLT —a Math A 

5~7i+2+3i 
__7 -4i 


A. 2 = 7-4f B. z = 2 + 5t C. z = -2 + 5 t D. z = 3-10/ 

Lói giai 

* Buóc 1: Su dung @ ®{CMPLX) de vao che dó tinJh toan vói mdi truong so 
phuc. 

* Buóc 2: Nhąp vao man hinh bieu thuc 5-7/ + 2 + 3/ 

Cach an: @ [2j [5] El ® @ ffl CU GB GUS ©. 

Vąy z, +z 2 =7-4/. 


Dap an. 


| Vi dii 2: Cho hai sd phuc z, =4-3/; z 2 = 7 + 3/. Tim sd phuc z = z, 
A. z = 11 B. z = 3 + 6/ G. z = —1 —10/ 


z = —3 — 6/ 
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CMPLX B :4r.th A 



Ct/IPLH E Math jŁ 

_ 5+J2i 



Trong bai toan nay ta nen 
chu y de bai yeu cau tim 
phan ao cila so phńc 2 chii 
khong phai so phiic z . Nen 
ta can chii y khóng chpn 
nham phuong an. 


ĆMPLX 1 ffeth A. 

Cl+i3i) 2 +Cl-i3> 
2-2-13+2-13 i 






*Biróe li Sir dung " 1 K) de vao che do tinh toan vói moi tniong so 

phiic. 

* Bwóc 2: Nhąp vao man hinh bieu thiic 4 — 31 — 7—31 
Cach ah: §f j GL ’ LU iii (3 GD fcJ iMj BSi Ii-O- 
Vay z = —3 — ói. 

Dap ars AJ, 

| Vi dą 3: Tim. phan ao cua so phiic z, biet z = (\/2 + i) ^1 — •Jli). 

i „ rr _ rr. /r. 

A. V2 B. -\/2 (3. V2i D.-V2i 


*Btróc 1: Sir dung Mool [I] {CM?LX) de vao che ćtó tinh toan vói moi tnrcmg so 
phiic. 

* Btfóc 2: Nhąp vao man hinh bieu thiic + i )‘(i-n/2ż) va an dU 

Cach ah fĘM CD CO ED GD (JE) GB ID CD © GJ OD b;i Eli GU C§5 Hi OJ l=D 

Do vąy so phiic z = 5 - \fli. Vąy phan ao cua sd phiic z la -\fl. 

_ an 3. 

Vi dy 4: Gia tri cua bieu. thiic P = ^ 1 + >/3i) +^1-\/s| . bing 

A. P = 2\/3 + 2\/3i B, P = 2n/3 - iSi 

C. P = 2-2 V 3 2\/3z D, P = 2 -2^ + 2^/ 


I.M giai 

*Bwdc 1: Sir dyng [ii i f2l(CMPŁX> de vao che do tinh toan vói moi trućrng so 
phiic. 

* Btróc 2: Nhąp vao man hinh bieu thirc ; i +y3 /) + (l-\/3z^ va an (Ml thi may 

hien ket qua 2 - 2%/s + 2\[3i. Tir day ta chon D. 

Cach an: 

m m co CD ej m tu <b m o:) m ® m m a © m <b ca 00 m 

Dap An D. 


I Vś du 5: Tim phan thirc va phan ao cua sd phurc z = 


1 + iS 

1 + i 


J 3 


A. So phiic z cd phan thirc la 2 va phan ao la 2. 

B. So phiic z có phan thirc la 2 va phan ao la —2. 

C. So phiic z có phan th uc la 1 va phan ao la —1. 

D. Sd phiic z có phan ao la -1 va phan thirc la 1. 

Ldi giai 

Vói bai toan nay ta se giai bang cach thóng thirdng truóc, sau dó se so sanh vói 
phirong phap sir dung may tinh cam tay. 


Ta có z — 



3 l + 3Si + 3.(Si 

2 

+ 

IH 

{ 1+i J 

2i 

1 + 0 



l + 3Si~9-3Si -8 


-2 + 2 i 


= 2 + 2 i. 
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Phan 2 - Chu de 7 : So phdc 


f ne best or not 


CMPLH 13 Math A 


f l+i/3 )' 
K i+i J 


Vąy só phuc z có phan thuc la 2 va phan ao la 2. 

Gach 7 : Sw dung iitay tmh cain tay. 

* Buóc 1: Su dyng §§H) UJ (CMPLX) de vao che do txnh toan vói moi trucmg so 
phuc. 

fl + i -73 Y 

* Buóc 2: Nhap vao man hinh bieu thuc - va an 

1+1 ~ 


Cach an: 


m LLi (fi S GD © CO GS M <B O @ Ej (D • 



(W) 2 


CMPLX ra Math 

X+9i^ 2 


twr 

- CMPL>:— 

(W ) 2 


Dap an A. 


Vi dy 6: Tat ca cac gia tri cua k de binh phuong cua so phuc z = la so thuc 

1 - z 


A.k = 9;k = l. B.k = 9;k = -9. C. k = -9;k = 2. D. k = 2;k=l. 


ILoi grał 

1. Gia! bang rnay tinh cam tay. 

*Buóc 1: Su dung 11ÓD§ (20 (CMPLX) de vao che dó tinh toan vói moi truóng so 
phuc. 

( Y 4- Qj V 

* Buóc 2: Nhap vao man hinh bieu thuc - 

1 —z 


ach ah m cu m m m ra ® ta m <§> m ej m ® ra m 

* Buóc 3: Su dung jCALĆl de thu tung phuong an. 

Vói A: An fCALĆl (9.3 L™J may hien -81, thóa man. Tu day ta có the loąi duoc 
phuong an D do de bai hói tat ca cac gia tri cua m thóa man, ma phuong an D 
khóng có 9 nen loąi. 

Tiep theo ta lan luot thu k = 1; k = -9; k = 2. 

Thuc hien an iCALCj tuong tu nhu tren thi khi k=l may hien -9-40/ khóng phai 
la só thuc nen loąi, khi k = -9 thi may hien 81, do vąy tir day ta chon B. 

2. Giai bang phuorsg phap thóng thmmg. 


STUDY TIPS 

Trong bai toan nay ta thay 
ro rang vięc thuc hien barn 
may tinh giup ta tim duoc 
phucmg an nhanh hon hay 
vi binh phuong roi giai tu 
luąn mat nhieu thói gian. 


Ta có z 


4 -2 _/fc + 9Q 2 . (k + 9i f _1 


,(fc + 9z) 2 .(l + z) 2 


= —(fc 2 + 18fcz-8l).2ż = -.z(fc 2 -81 + 18fcz) 


De z 2 la só thuc thi k 2 - 81 = 0 <=> k = ±9 (do khi dó ^ ,i.l8ki = -^ .18.(-l) k = -9 k 
la mót só thuc). 


Dap an B. 


\ • ^ C. H1 NIhÓ’ - 


Dang 2: Cac bai toan lien quan den só phuc lien hop. 


De tinh so phuc lien hop 
ta thuc hięn chuc nang 

Coajs(@ CU GD). 


Vi du 1; So phuc lien hop vói so phuc z = (l + z) - 3(l + 2z) 2 la 
A. -9-10/ B, 9 + 10/ C. 9-10/ I 


-9 + 10/ 
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} de vao che do tinh toan vói moi trucmg 


"CMPLX i Math '& 

2i"3Con.jg(-l+3i) 

_ 3+1 la 


STUDY TłPS 

Vói cac bai toan xuat hięn ca 
z va z thi ta nen sir dung 
gg de thir dap an thay vi 
dat z = a + bi. 


CMPLK 1 Math 

Cl+i)X-2Conjg(X^ 


^onjg(X)+5-llii 



tinh toan c$ng trir nhan chia so phuc. 

* Buóc 1: Su dung @ ffl (CMPLX) de vao che do tinh toan vói moi truóng sÓ 
phuc. 

* Buóc 2: Sir dung lęnh CoRjgOjKrrjLjjtjJ) 

Cach an jgl GD SJ I§ B 03 IMS Si CIj EB CIj 93 GD 11 Cli i=3 

Vay s 6 phuc w có phan thuc va phan ao fan luot la 3 va 11. 

Dap an D. 

[ Vi du 3: Tim so phuc z biet rang (l + i)z - 2z = -5 + lii. 

I A. z = 5 — 7i B. z = 2 + 3i C. z = l + 3i 1).z = 2— 4i ^ _ 

Li>i tdid 

Trong bai toan nay, do có su xuat hien cua ca z va z nen ta se khó tinh tnie tiep 
duoc ngay z. Neu lam theo cach thóng thuong thi ta phai dąt z = a + bi,(a;be R) 
tuy rthien cach lam ać kha lau. Do vay ta se nhap bisu thuc vao man hinh may 
tinh va sir dung CALC de thir timg dap an. 

* Buóc 1: Sir dyng @ [fj(CMPl,X) de vao che do tinh toan vói mói trucmg so 
phirc. 

* Buóc 2: Sir dung lęnh Conjg (§19 OD UJ) 

Nhap vao man hinh bieu thuc (l + i)X - 2Conjg(X) + 5 - lii bang cach an 

ggg (Yj Gj CD 03 ii CO @j§j tlj ED GD (ii) CS CS ®H CD CD®© B LU Ili 

li , « 

— ón i nhiwma an nao ra ket crus 


hang 0 thi phuong an dó chinh la dap an cuoi cung. 

Vói A: Ta tiep tuc an §1 © S © Hi P thi man hinh hien 7 - 27i nen ta loąi A. 
Vm B: Ta tiep tuc an @ CS ffl 3311 © ket qua hien 0. Vąy B la dap an can 
chon. 


Dap an B, 


5 + iS 


* vv 1_n 1' 

Vi dii 4: So phuc z thóa man dieu kięn z - - t - u ta 

A. 1 + S i va 2-Si 3 -1 + Si va 2 + Si 

C -1 -Si va 2-Si D. -1 + Si va 2-Si 















De tinh módun cua so 
phiłc ta thuc hięn chiic 
nang Abs(@S). 


CMPIX O Mith A 

|l+i+2~3iI 


, UWIK E 

|2 + 3i-W 


j Vi 1 Cho hai sophtic z, = 1 + i va z 2 = 2 - 3i. Tinh módun cua sÓ phuc V+1 
i *'■ K +z 2 | = 1 /l3 6, |zj +z 2 j = \fE C. |zj + z 2 | = l B. |z t +z 2 | =5 


Łoi giai 


* Btt6c 1: S * d vng mi m (CMPl.X) de vao che dó tinh toan vói moi trudng so 
phuc. 

* Bu-óc 2: Nhap vao man hinh bieu thuc |l + i + 2 - 3z| 

Sti dung Abs bang cach an ism j j§ij 

Caeh an: gg g] @ @P; Qj ££) Ul GE) [fj B CU S (Hj. 

Vąy |z, + z 2 | = ^. 


Bap an A. 


x d« 2: Tim módun cua só phuc z = 2 + 3z - 1 + 5 * 
_ 3-i ’ 

* U >/l70 _ , , Jl70 


A. Z = - 


o u _ | , Vi7o 

i_. z =-. £>. z =—- 

5 1 1 4 


J.-Cji giai 

* Bmk 1: Su* dung gag (JO (CMPLX) de vao che do tinh toan 
phuc. 


an vói moi trućmg só 


* Bu-óc 2: Nhąp vao man hinh bieu thuc 2 + 3 i- 1 + 

3-i 

Su dung Abs bang cach an (pff) gpj 

(Zach an S (3 (wij M EJ El £D @ B ffl O BR [f] §§ (?) (fl R @ jHj 

viyW = ^. 


Dap an B, 
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Trpng bai ..toan.nay ..ta se •• 
sił dung cturc nang lura 
tru Vet qua . (STO) 
dup'C giói thięu a phia 
trwóc. 




0 MathVA 


3-2i 




JTT 


CMPLK 0 Math A 


Sau khi sir dung chuc 
nang giai phuong trinh va 
gan gia tri nghięm vao A; 
B, trong bai toan nay tói 
hiróng dan an luón 
lida ©(CMFDO de trd ve 
moi trudng so phuc bdi ta 
an luón !®Bi| CS {CMFLX? 
de gia tri cua A; B van giu 
nguyen dang só' phuc. 


Xi= 


“1 uśW~ 


T+3i 


Xs = 


i 


CMPLK 1 Mat li & 

■l+3i! 2+ l-1-3IP 
_20 


V) du 3: Clio so phiic z 2 — 6z + 13 = 0. i at ca cac gia tri cua P — 


2 + 


Z + t 


\ P = -JV7 hoąc P = 5. 
3-/65 „ 

.... p —-hoac P — 5. 


B, P = 


3a/ó5 


O. P = ^7. 


De tinh dugc P ta dan tim cl noc z. Ta se sir dung che do liii [jllBON; de giai 
phuong trinh tim z. Tir dó thay vao P. 

* Buóc 1: Sir dung §o3j (Jj (CMPI.X) de vao che do tinh toan vói moi trudng sd 
phuc. 

* Btróc 2: Sir dung KS§ Li.j tfc.QN) de giai phuong trinh tim z. 

Cach ah: ŚOOŚ Q»j l£J LII LSI iod LSJ SJ CD- LiS SJ EEj 

Luc nay may hien hal nghięm nhu hinh ben. Ta tiep tuc sir dung lęnh !Mi; l i> 
(SHIFT STO) de gan hai gia tri nghięm vao cac hien, sau dó chi sir dung cac bien 
da dugc gan dó de tim P. 

Khi may hięn x t nhu hinh tren ta ah ftęy iicllde gan x x vao bien A. 

Tiep tuc an Cj®D [gf jj fettj ■;::«) de gan x 2 vao bien B. 

» Buóc 3: An 65% [ID (CM.PLX) de trd ve moi trudng só phuc thuc hien tim P. 

Vói z = x, ta ah [afj Isb Sffil O U? J ĆKd iślUl Si LSJ • Vay P = \ll7. 

Vdi z = x 2 taah @ @ @ E3 El © ślJ i® S ® ii © • Vąy P=5. 

E>śp śi?. A. 

[ VI dy 4: Ggi z x va z 2 la hai nghięm phuc cua phuong trinh z 2 + 2z +10 = 0. Gia 
| tri cita bieu thuc A = |z 1 | + |z 2 | bang 

| A. 20 B. 100 C 10 .0.17 


Lor /:. ■ i 

ac 1: Sir dung H Q0(CMFLJC de vao che do tinh toan vdi mdi trudng so 


phuc. 

» Budc 2: Tuong tu nhu bai toan tren ta sir dung felg C|jOiQ>i; de giai phuong 
trinh tim z. 

Cach an: |ffi| CU [3,J ;Jj LSSJ L&i L~J LU Ifi. te) Lćj LS. 

* Budę 3: Tim gia tri cua A. Ta an 

Ta dugc ket qua A = 20. Chon A. 


/ J 00 


, . 2{l + 2z) „ . , 

x Cho só phuc z thda man (2 + i)z + \ _ .. L = 7 + 81 Modun cua so phuc 


w = z + i +1 bang 

A. 3 


B- 4 


1 + i 
5 


D-6 


, . 2(l + 2i) 

Ta có (2 + i)z + -^-- = 7 + 8i<=>z = 


l + i 


7 +8i -TAL> 

l + i 


:( 2 + 0 








Luc nay de tim modun cua w ta thuc hien nhąp vao man hinh 

f 7 + 8i - —: (2 + i) + ż +1 = 

[_ 1 + 1 x ’ 


Cach ah 


isnirij |nyp| 


, ii® lu (2) mmii© ca s 


Dap an 1 


3 

Vi du 6; Cho hai so phuc z, = 2 + 3z';z 2 = 1 + i. Khi dó gia tri cua - 1 - + Za bang 

Z 1 Z 2 

A. VB5 B. — C. 85 n IM 


STUDY UPS Ta thtfc hien chuyen m 

Trong bai toan nay, vięc jmj LTKCMPUO. 
th VC hien gan z,;z 2 cho A; G ś n 2j = 2 + 3i -> A : g] 0 
B myc dich giup cho vięc an 

may tinh toan ngan gon, Gan Z 2 = 1 + i —> B : (Tj f+j 
tranh khói nham lan sai sót. I „ ™!. L 


Ta thuc hien chuyen may tinh sang moi truong so phuc bang cach ah 

S(D(CMPLX). 



CMPLX 0 

2+3i*A 

M«h A CMPLX 0 

1+i+B 

Mkth A 


2+3i 

1+i 

Zi 3 +z, t „ 

—-- ta an 



z, +z 2 




Tinh gia tri cua —- - ta an 

z, + z 2 

(H3 @ GS S O 63 su ® ffl mm ra © rm i© m mm a o 


Vi du 7; So phtic z thóa man hę • 

Z 1 la 

z - 3 i 



z + i 


A. z = -l -i B. Z = 1 + i C. z = l -i 

D. z = —1 + i 


STUDY TIPS 

1. Neu thuc hięn giai thóng 
thuóng ma khóng su dung 
may tinh thu se mat rat 
nhieu thói gian. Khi dó ta 
phai dat z = a+bi, sau dó 
phai rut gon va giai hę. 

2. Khi lira chon cach thu 
bang may tinh thi ta can 
chon cach thu sao cho nhanh 
nhat. Neu thu moi phuong 
an mót łan thi vięc lap di lap 
ląi an timg dŚng thuc cua hę 
se mat rat nhieu thói gian. 
Do vay, neu sir dung 
jĆAlĆl mót lan cho timg dang 
thuc cua hę nhu lói giai se 
tiet kięm thói gian. 


Ta se thuc hien thu timg phuong an bang nut lęnh (CALC). 

* Buóc 1: Chuyen may tinh sang moi truong so phuc bang cach an 

iii GD (cmplx>. 

* Buóc 2: Thuc hięn thir cho ve mot cua hę. Nhąp vao man hinh ——- — \ sau 

A-i 

dó sir dung nut lęnh (CALCl de thir timg phuong an. 

C ach ah: jjj) jj Ig (Hf F>1 H 17] © |mil FU R @ Cg) (g) £3 0Q 

T~ ’ '■ *7 

| vóiA:iiiemBiGn=] Ifełl-i i 


VóiB: @(T)E)S(D 
Vói C: m CD (3 @ © 


CMPLX 0 Matfi 


a-i 


cmpu 0 TEST 

L ^ 1 -5+75 

_ 5. 

"ĆmPuT " " 0"""' Mati. A 
























IjFtDH I_3.3 -b2.? 


morę m 




CMPLK 

■Si I _ 


■K-ln 


Vói bai toan 
nay, do A !a mot hang so 
nen vói bat ki cap so 
■ z 1 ,z„ 2 3 } thóa man hai 
dŚn.g thiic da cbo thi 
/, = const do vay ta có the 
chpn (z,, z 2 , z 3 ) bat ki roi 
thay vao A. 


Tu bang tren ta loąi C va D. 

* Bwóc 3: Thuc hien thu cho ve eon ląi cua hę vói hai phuong an A va B, sau dó 
sii dung nut lęnh ggde thu timg phuong an. 

Cachah: j 3&J(3jgNgi(S Sir - 1 ' 

VÓi A: gil o Ej B SU Vąy ta dion B. 

L»ap ś n n. 

Vi du 8: Cho ba so phuc z,;z 2 ;z 3 thóa man dieu kięn |z 1 |=j 2 2 |=|z 3 | = l va 
| Zj + z 2 + z 3 = 0. Tfnh A = z 3 +z 2 3 + z 3 3 . 

i 4.0 B. 3 C.l+i D. 1 


CMPLX 0 Mi® a 


CMPLK S Math A 

(i+3)X-(2-i)*Coi> 


Ta chon męt trong cac cap so {z 1 ,z 2 ,z 3 ) thóa man dó la 


1 S ■ i &. i 

.i -v, -— z; 1 

2 2 2 2 


Khi dó ta tiruc hien bam may tinh tim A. 

Cach an: 

BI S3 52 P Dj SB GD <& GE! SB SU CS © GD <B H EU El ® <£> Cii CQ O 

m m cii <& s®(D® © ca © ii m w os <b 00 a © m id 


Vąy A = Zj 3 + z 2 3 + z 3 3 = 3. 


Dap an Fi. 


^ _ j _ 1 — 1 

Vi dii 9; Cho so phuc z thóa man hę thuc (z + 3)z + . ~ (2 i)z. Moaun cua so 

phu’c w = z — i la 


j . r/26 

, -J6 . , 2r/5 „ r/26 i 

A - 5 

r> ' 5 L ‘ 5 lX 25 ' 


.Si graj 


STUDYTIPS 

Vięc bien doi hę phuong 
trinh dua tren thuat toan 
khai trieh da thuc bang may 
tinh cam tay da giói thięu o 
phan chuc nang phia tren. 


Ta có (i + 3)z + = (2 - i)z <=> (i + 3)z -(2 - i)z +1 - 2 i = 0 

Nh|p bieu thuc VT vao may va su dyng CALC thay z = 10000 4- 1001, hic la ta 
thay z = x + yi vói x = 10000; y = 100. 

Cach nhąp gg§§ (Jj 2 fil GB GS CO feMi DJ EJ lii l?J s3 lii Cli 

fx] iii GD - Jj Ili 21 £B GE) CI] E! Jj !§ 

f10001 = 10000 + 1 = x + l 

Ta thu d W he phuong trinh !,, 2 . 10000 + 5 . 100 _ 2 „ j, + 5y _ 2 


x + l = 0 
2x + 5y - 2 = 0 


<=> 


x = —1 
4 


„ 4. . , 1 . ii -s/26 

=> w = -1 + — z -1 = -1 — z => M = —r— • 
5 5 5 


tJ ap an a.* 


Vi du 10; So phtłc z thóa man (3-2ż)z-4(l-z) = -(2 + ż)z. Módun cua z la 

D ^/3 

4 ‘ 


A. ■&. 


ii. -s/s. 


C. 2v2. 

LóA giaJ 
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C3-2i)Conjg(X)+P 

49696-100961 


HSIRHSKaSJSSBS 

SIUDY TIPS 

1. Dau hięu su dung cach 
giai toan nay. Thuong ap 
dung cho cac bai toan có 

d $ n 8 |/(z)|=|g(z)| 

( f( z )’8 { z ) thuong la hai 
ham so có bac mpt). 

2. Li giai vięc thuc hien 
tim /(0);/(i);/(l). 

Nhin vao cach 2 o phia 
duói, khi thąc hięn dat z 
va rut gpn thi VT cua (*) 
se tró ve dąng 
ax + by + c = 0 (l). 

a. Do vąy neu ta thay 
z = 0 vao /(z) hic la ta 
thay * = 0;y = 0 vao VT 
cua (l) <=> c = 0. 

b. Tuong tu z— i 
<=>* = 0;y = l -»b + c = 0. 

c. Tuong tu vói truóng 
hpp z = l. 


Taco (3-2z)z-4(l-z) = -(2 + z)zo(3-2z)z + (2 + ;')z-4(l-z) = 0. 

Nhąp bieu thuc VT vao may va sir dung CALC thay z = 10000 +100;, tuc la ta 
thay z = x + yi vói x = 10000; y = 100. 

li GD CD GD BEH S CD dUS (JD CD ®§1 CD 03 33 CD GD GB Hi 03 H® CD 
E3CS CD CuLdfeiiljJSIS DJ GE) @3 ODfo] ggQ ]'qq SDS Oj 

May hięn ket qua 49696-10096;'. 

rp> a t . , f49696 = 50000 - 300 - 4 = 5x - 3t/ - 4 

1 a duoc he phuong trinh i 9 

[10096 = 10000 + 100-4 = x + y -4 

f5x-3y-4 = 0 [x = 2 . , r 

=>\ Ą „ <=>\ =>z = 2 + 2z=> z =2V2. 

[x + y - 4 = 0 [y = 2 11 

i Vi dti 11: Cho so phóc z thóa man 2|z-2 + 3z'| = |2z-l-2z|. Tąp hop cac diem 

! bieu dien cho so phtic z la 


A. 20x-16y-47 = 0. 
C, 20x + 16y + 47 = 0. 


B. 20x + 16y-47 = 0. 
D. 20x —16y+ 47 = 0. 


1. Giai bang may ttnh cant tay. 

Taco 2|z-2 + 3z| = j2;'-l-2zj<s>|2;'-l-2z| 2 -4|z-2 + 3z| 2 =0(*) 

Dat |2;-l-2z| 2 -4|z-2 + 3;f =/(z) 

Tąp hop cac diem bieu dien so phuc z la mot duómg thang có dąng ax + by + c = 0. 

7(0) =-4 7 

Ta thuc hięn tim /(0);/(;);/(l). Luc nay < /(z) = -63 

./(!) =-27 

Cach an: 

Bi ID i® Si CIO iii EJ CIS 0113 iii) GD Ci] tUS [I] Q] (g> @ E3 CS pr) §y§ 
fM) CS B CS 33 Cs ii Cg) m 


1 mmm 


CMPLX 0 MatW 

l2i-l-2Comg(X)P 

-47 

J 

j gg]@[D 


CMPLX 0 MatWFA 

l2i-l-2Conjg(X)i> 

-63 


| ®0i 


CMPIZ 0 Math A 

l2i-l-2Con.jg(X)P 

-27 



/(0) = -47 Cc = -47 Cc = -47 

' /(/) = —63 <=>- b + c = -63 <=> ■ b = -16 => Tąp hop bieu dien só' phuc la duong 
/(l) = -27 fl + c = -27 a = 20 

thang có phuong trinh 20x - 16y - 47 = 0. 

2. Giai bang phirtmg phśp tkóng thuong. 

Dat z = x + yz,(x;y eR). 
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Tuy nh':n cach 2 có ve 
-ij-an ho n cach 1, tuy 
nhien vięc bieh doi phuc 
tąp, khai trieh binh 
phuong chuyen ve khien 
cho thao tac giai bai toan 
ton nhieu thbi gian han. 


—■ cMx 

0 MathT 

9lX+l-i 



-7 


' CMPLX 


9lX+ii 



-49 


cmpTS ® 


9lX+l-ilM4i -c> 


Theo de bai ta có 2 \x + yi - 2 + 3ij -\li - i 2 (.x yi )| 

« 4.[(x - 2) 2 + (y ■+ 3) 2 ] = (~2x -1 f + 4 (y +1) 2 

<=> 4 (x 2 -4x + 4 + y 2 +6y + 9) = 4x 2 +4x + l + 4y 2 +8y + 4 

<=>20x-16i/-47 = 0. 

!l/i 12: Tąp hop cac diem tren mąt phang toa do bieu dien cac so pinie z tnoa j 
! man dieu kięn 3|z +1 - i| = |4ż - 3 — 3zj la I 

I A duóng thang 3x + 4y +1 = 0. B. duóng thlng 6x + l = 0. 

| C duóng thang 6y + l = 0. D. duóng thŚng 3x-4y + l = 0. j 

Tuong tu nhu vi du 11 ta có 

3 | z + l_j| = |4i-3-3z|<s>9|z + l-i| — j4i —3 —3zj =0. 

2 , -a 

Dat /(z) = 9|z + l-zf -|4i-3-3z| . 

a = 0 

b = —42 => -42y- 7 = 0<=>6y + l = 0 la phuang 

c = -7 


/(0) = -7 

c = -7 

li 

i 

U 

b + c - -49 <ts> • 

/W — 7 

a + c = -7 


dp. 


■Dap 


! Jx 2 +y 2 ' + i^2xy 

j VI dv 531 Mó dun cua só' phuc z = bang 


A. ^x 2 + 8y 2 -xy B. ^x 2 + y* 


D. ^2x 2 + 2y 2 -3xy 


I;i gif:x 


Vói bai toan nay ta se su dung thu truóng hąp dąc bięt. 

, „ , , ., , 'I** + + »>/2XY dó - ifciici thu cac truóng hop. 

Nhąp vao may tinh •- .. ... Sllu uu ' 

Cach an: 


X-Y + 2żn/xY 


CMPlX " ~ B Wat h i 

-!-y 2~+i J 
V-l-2i ■/XV ■ 


j.A l ei (_+! [J:j gfj; cis. 

Thu 'm li) Gil (I 


i KTsgł isrn roi , 
j iAL“tai ÓM i-i j ' 


33 ii !3 Sj iii) CD m 8 ® liii 


i ©33 nri :§® 

thu them cac truóng hop khac deu ra 1. Do vąy ta chon C. 


May hien ket qua 1, 


lanc 4: Can bąc hai cua só phuc va phuong trinh so phuc. 


i De tinh can bąc hai cua so 
•I phuc bang cach an ięg 

l ar s( 2 ) 

z A-■ 


phuc ta thuc hien chuyen may sang moi truóng só 
Ty thuc hien tim can bąc hai cua so phuc z bang cach an 


| -Jż =,J4 


2 










Poafii ł — Ctiu de 7: Sd phidTe 

| Tim can bąc n cua sd 


The best or nothirtg 


phuc 2 ta thu-c hien tim theo cóng thuc tfz. = 4^I^ ar ^( 2 ) 

VI I n ' 


0.2 +i va —2 — z 


Vi du 1: Cac can bąc hai cua so phuc 2=3+4/la 
_ A - 2 ~ ł ' B- 2 —z va z—2 C. 2 + i D ,2 + z va - 

LM giai 

Ta thuc hien nhąp vao man hinh ^|3 + 4zjz arg ^ 3 + 4? ) 

Cach an 

e a m m a m 03 © @ <© ® @ e s ®n ® m © ®; 

LU l“J 

Luc nay may hien 2 + i. Nhu vąy dap an la ±(2 + i). 

Vąy ta chon D. 

Vl dy 2: Giśi phuong trinh z 2 - z +1 = 0 tren tąp so phuc. 


Dap an D. 


A. z = —± —i 

2 2 ' 


= V3±i. C. z = l±V3f. D. z = - + —i 

2 2 


LM giai 

bKi !T nS ,rinh “ C hai ,r “ ,ap S ® ph “ “ Chi c “ d< ” •* d »8 llnh 

Cach nhąp: gg fj) \J\ (T) [§j Q [Tj © jTj © © 

May hien hai nghięm cua phuong trinh la z = - ± — i 

2 2 ' 

—-- Dap art D. 

Vi du 3; Tim s «th w c m de phuong (rinh dZfTZjzTDoZ 
2 = l-i. 

A. 6 R. 4 o _ 


C. -2 


Leń giai 

De tim duoc m ta chi can thay z = 1 - i vao phuong trinh. 

(l-/) 2 +(2-m)(l-i) + 2 = 0z>m = 2 + i^—i-^. 

1-i 

Cach an: @ g) © Q0 gj gj Qj Q @ jjj @ ffl gj @ m Q @ @ 


r - ___________ ia-ap an. B. 

Vi du 4: Biet ha: sd phuc có tong bŚng3va tich bimg + TSng modunarahaisd' 
\ phuc dó bang 

1.- 4- C.8, o. 12. 

Lol giai 

Ap dung dinh ly Vi-et thi ta có hai só phuc can tim la nghięm cua phuong trinh 

Su dung @ © [D de giai phuong trinh 
Cach an: @ © (D13 (U B CU UJ ® (=J © 

Tim tong mó dun hai sd phuc 

Dap an B. 















W, KI 'CilŁięSi 




v i da 5: Ki hięu z 1 ;z 2 ;z 3 va z 4 ia bon nghięm phuc cua phucmg trinh i 
z 4 - z 2 -12 = 0. Tinh tong T = |z 1 |+jz 2 |+|z 3 | + |z 4 |. 

A. T = 4. B. T = 2\/3. C T = 4 +2-/3. D. T = 2 + 2-/3. j 


Day la dang toan phucmg trinh triing phuong bac bon, ta su dung &B UJ GD ■ 


rn MŁthm 

X2- 

Cach nhąp: UD L3J UJ IHJ 3 l_!_ 

ii) Ej li J 

.U i~i l~J 

-3 



z, =2 

CMPLX 0 Mkth A 


[z 2 =4 

<N 

II 

rt 

N 

2+2+1/31 1 + I-/3P 

Luc nay ta có phucmg trinh <=> 


z 3 = -s/3 i 

4+2/3 



z 4 =-s/3 i 


Cach nhąp: 




fgj yg ijj] gg gg gg gg] [aj <g) UD CfjS Qd 

mMżśt 


i V: dii 6: Ki hięu z,;z 2 ;z 3 va z 4 la bon nghięm 


>T = 4 + 2V3 


j z 4 -2z 3 + 5z 2 — 4z + 3 = 0. Lucnay T = |z 1 |+|z 2 | + |z 3 |+|z 4 | cógiatrila 

i a. 2. 8.2 + 2S. C 2j3. D. 2-2>j3. 


Lo,. giai 


STOBYTIPS 

Thuąt giai Newton - 
Raphson su- dung de tim 
nhan tu cho cac phucmg 
trinh bac cao. Mau chót cua 
thuat giai nay la tim du-oc 
ket qua hoi tu tu- cong thuc 
lap nghięm. 


4Ans 3 -6ńn 

4 + 0.86602540381 


CMPIK 0 MmIi & 

fins+ft 

4+0.86602540381 


CMPLK 0 Math A 

ń^ComeCA) 


CMPLK 0 Mr.th , 

ń+ConjgCń) 


Do may tinh khóng có chuc nang giai phuong trinh bac bon va chńc nang SOLVE 
khi qua che óq sc phuc ta khóng thuc hien duoc. Do vay ta can den sy trą giup 
cua thuat giai Newton - Raphson. 

Ta có cóng thuc ląp de tim nghięm 

Xn ^ Xn -JTT) 

Buóc 1: Chuyeh may tinh sang moi truóng so phuc §®g Ul)/ sau dó nh|p i, barn 
(śs) de luu ket qua trong Ans. 

Buóc 2: Nhąp len man hinh 

Ans 4 - 2 Ans 3 + 5 Ans 2 - 4 Ans + 3 

A Tl c_— -— 

4Ans 3 - 6Ans 2 + lOAns - 4 

Bam © lien tpc de nhan duoc męt day hói tu. Ket qua nhu hinh ben. 

Buóc 3: Luu ket qua vao ó nhó A. Thuc hien an |CU . 

Buóc 4: Thuc hien nhan só phuc lien hop. 

Ap dung dinh ly Viet dao tim: AxConjg(A) va A + Conjg(A] 

Tim Ax Conjg(A) cach an: Jfi! 03S (H312J CU lilii O LłJ tSJ 

Tim A + Conjg(A) cach an: (HM O S3 @0 UO L i-i @3 O CD UD 

Tir ket qua tren ta thu duoc nhan tu cua phuong trinh da cho la z 2 - z +1. Chia 
da thuc ta tim duoc nhan tir eon ląi la z 2 - z + 3. 
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Pśiars 2 —■ Chń de 7i So shut 


1+g-i 
£ 2 1 



2 £ 1 


i mTT- 


r i s. 

Z = - +- i 

2 2 

_, = J._x/|. 

Vąy z 4 — 2z 3 + 5z 2 -4z + 3 = 0o(z 2 -z + l)(z 2 -z + 3) = 0o 2 2 

; _i TH 

z — —l- 1 

2 2 

Z _1 yjn . 

Z 2 2 

Su dung lęnh §Ójj§ Q0 Q[j de tim ra bon nghięm tren. 

Thuc hien tim 

r -i + + l-4i U + =2.- +—i + 2. 


2 2 2 2 2 2 2 2 


2 2 2 2 


CMPLK 0 Math . 


2 x lł + #i| + 2 x lit> 

_ 2+2-Z3 


Cach an 


GD GO O dliii 63 UU uj © Cu <g> GE) ® ® fsj © yjj © fp§ © gg j fi fj<j 
(§13 §§ GD a GD <& lii GB !D UJ CES © dl <B S OD 

Vay T = 2 + 2n/3. 


£)ap an E. 


| Oąsig 5; Cac bai toan cu-c tri lien quan den so phńc. 

•• Męt so cóng ttóc imh nhanh so phóc v|n dung vao bai toan tim min. max so 


I L K+ 2 2 | 2 +| 2 ] - 2 2 | 2 = 2 (| 2 ł | 2 +|z 2 | 2 ). 
2. 2 .z = |z| 2 ; az, +bz 2 = az 1 +bz 2 . 


O, 2j+2 2 Z 1 +Z 2 ; 2, 2 2 — Zj 2 2 ; 2 j.2 2 —2j2 2 ; =Ł- — 1. 

z 2 v z 2 y 

4 - KbhMzii^hl+hi 

5. |Zl+22| + | Z 2 +Z 3i + | 2 3 +2 l|^| 2 l|+| Z 2| + | Z 3| + | Z l+Z2 +Z 3| 

6. Kl+lzzl+jzjl^lzj +2, -2 3 |+| Zl -2 2 +Z 3 |+|-2 j +z 2 +2 3 | 

7. Cho |z 1 | = |z 2 |=|z 3 | = fc. 

Ta có | 2l -z 2 ||z 2 - 2 3 |+| 2 2 z 3 || 2 3 - Z ,|+I z 3 -^IK ~z 2 \<9k 2 

\ I I \lk 2 +4 +k 


| 8. Cho so phńc z thóa man z + - = k thi \ 


4k 2 +4 -jfc 


9. Cho |z+a| = 1. Khi dó Iz 2 +a 2 \ > - 


iO. Cho so phńc z thóa man |z —z 0 | = R. Luc nay tąp hop cac diem diln só phńc z 
la duong tron có tam la diem I la diem bieu dien só' phńc z 0 . Luc nay 
jmax|z| = |z 0 | + R 
] minlzl = llzj —R| 


LOVEBOOK.VN! 350 















>ó.: Voi bai toan 

nay, de tim dir<?c s6 phuc 
có módun nbó nhat tóc la 
tim z = x + yi,{x;yz R) 


| tŁ Cho so phńc z thóa man |z lZ -z 2 | = r. Khi dó gia tri lón rtót, gla tri nhó nhat 
ii f Iz, 

i, max P = I— - z, I + r 


cuabieuthuc P = |z-z 3 | la j 


Ł i i rn 


min P = 


phuc z thóa man |z| = |z - 3 + 4i|, so phuc có módim nhó nhat la 


sao cho \jx 2 +y 2 nhó 

nhat. Ta can su dyng du 
kięn de bai de tim mól 
lien hę giua x; y tir dó tim 
dirętc so phuc can tim. 



Tirong to nhu bai toan ó vi du 11 dąng 3, ta se tim moi quan hę giua *; y bang 
cach tim phuong trinh duóng thang la tąp hop bieu dien so phuc z. 

f(z) = jz| 2 — jz — 3 + 4?j 

Su dpng may tmh tim /(o);/(i);/(l). 

Cach an: _ __ _ _ «gg 

WM 00 §13 §3 @S ® 0B ®@ fes 53 la i uj i u g t±> i 

' Uc.. J " "— 1” ~ -t r-MP! >1 Si B 


CMPLX 0 MatW 

IXl 2 -IConjgCX)-> 
_i25. 


CM PIK 0 Math A 


IXl 2 -IConjgCX)-M IX! 2 -IConjg(X)-i> 
-171_iii 


c = -25 
b + c = -17 «■ 
a + c = -19 


c = - 25 ^ 

b = 8 <=> duóng thang 6x + 8y - 25 = 0 la tąp hop bieu dien 

a = 6 


so phuc z. 

Ta có 6x + 8y — 25 = 0 6x + 8y = 25. 


Ap dung bat dSng thuc Bunyakovsky ta có T& + 8" ■'fif+y* S 6x + 8y 


<=> \[x 2 + y 2 £-■ 

Dau bang xay ra khi 


x = y 

6 8 

6x + 8y = 25 


* = - 3 _. 

o => z = — + 2z. 
? 

y = 2 


i.)ap : i) .A 


SIUDY TIFS 

Bai toan hói |z| m . n do vay ta 

khong can tim dau bang 
xay ra nhu a vi du 1 de tiet 
kięm thoi gian trong qua 
trinh lam bai trać nghięm. 





/( 0 ) = “8 

/(*')— 2 
/(l) = -ó 

trong dó z — x + yi,{x',y 


c = — 8 

j, = 6 => 2 x + 6y-8 = 0<=>x + 3y-4 = 0 la moi lien hę giua x; y 
a -2 
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STUDY TIPS 

Traóng hop cua vi du 3 la 
mpt bai dien hinh cua vięc 
su dung hinh bieu diln giai 
quyet bai toan nhanh han 
thay vi su dung cach dai so 
thóng thuóng. 


Piran 2 — Chuj de 7: So pl 

x + 3y — 4 = 0<=>x + 3y = 4. 

Ap dung bat dang thuc Bunyakovsky ta có -Jl 2 + 3 2 .^J x 2 + y 2 > |x + 3y| 
4 2^ 


• he best or nothine 


<=> Z > 




__ Dap an C. 

Vi d “ 3: Ch ° S °“P tóc 2 thóa mSn | z2 — 2z + 5| = |(z-l + 2z)(zTsT-Tjj/BnTgiZtoj - 

nhó nhat cua módun so phuc w=z — l + i. 


m . =-. 

i Imm Ą 


\W\ . =-. 

i Imin ^ 


\zv\ = 1 . 

1 'mm 


D. 07 . = -±=. 

I Imm 2%/ ę 


Loi giai 

Do ve phai cua phuong trinh da cho la dang nhan tu, do vąy ta se phan tich ve 
trai bang lęnh §ra| [g] fsl 


Cach ah: @ CU g) SI] UJ B g] (U [U d} [=1 

Ta thu duoc | 2 2 -22 + 5| = |( Z -1 + 2z)(z + 3z -1)| 

o\(z-l-2i)(z-l + 2i)\ = \(z-l + 2i)(z + 3i-l)\ 

|z -1 + 2*| = O => w = -z => |w| = 1. 

|z -1 - 2z| = |z + 3z -1|<=> jz -1 _ 2z| 2 -|z + 3z -1| 2 = 0 (*) 
Dat |z-l-2zj 2 -jz + 3z-l| 2 =0 
Bai toan tro ve giong vi du 1 va vi du 2. 


<=> 


Ta có 


/(O)—5 
/O') =-15: 
/(l) = -5 


a = 0 


b = -10 => -lOy - 5 = 0 o y = 


-1 


c = —5 


Hf? s ® b ta a ® 0 b @ są« m ib GA is a 


3 @ [9] (=) jeffic 


Vąy w = x-l + -z. 

2 


Ta có lwi = 




Ket hop ca hai truóng hop ta có \w\ 

I Imin 2 


_ / 1 \2 1 ^ 1 , I 1 1 

A* -1 ) + I-^ => H min = 2^ x = 1 ^ z = l + ^'- 
1 


Yi cłu 4: Trong cac sd phuc z thóa man 

(i+0 

A--z + 2 

1 -z 

= 1/ z o la só phuc có módun 

nhó nhat. Vąy módun cua z 0 bang 



A. 1. E. 4. 

c. VTo. 

D. 9. 


Ta có 


(1+0 


1 -z 


Łoi giai 

2 + 2j = 1 <=> \iz + 2| = 1 <=> | (-y + l) + ix | = 1 <» x 2 + (y - 2) 2 = 1 
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i 2 


M i 1 


,i o i* la tl -ijął Cassę 


iV:'»-e ihar, 


Uo vąy tąp hop bieu dien só phóc z la duóng tron tam I (0; 2 j, ban kinii R—1. 
Goi M la diem bieu dien so phóc z 0 . Mąt khac z 0 la so phóc có módun nhó nhat, 
do vąy OM phai nhó nhat. Nhin vao hinh ve ta thay OM* = 1 <=> M(0;l). Vąy 


z 0 =1<=>z 0 =1. 


d« 5: Cho so phtłc z thóa min \z -1 - Zi\ = 1. Módun lón nhat cua só phtłc z la 
4. |z| = Jó-2%/5. B. izi = \/6 + 2-\/5 . 

I L— » I lmax 


L 01 &:iai 


Ap dung cóng thiłc so 10 phia tren ta có 


= z 0 +R|=|l + 2i +1 = 1 + a/5 = *j6 + 2\fE. 


Łłap an 




De thay ket qua 3 tong 
quat cho ca hai ket qua 1 
va 2. Vay men ta chi can 
nhó duoc ket qua 3, tu dó 
suy ra diroc cac ket qua 1 
va 2. v:. 


, Tąp hop d’ern bieu ć ten sÓphóe Men quan.den duóng tron 

Męt so cóng thtłc tiuli nhanh: 

| 1. Cho Zj 6 C, so phóc z thóa man |z-z,| = R . Tąp hęp diem bieu dien só phóc z 

| la duóng tron (l t ;R), trong dó i, la diem bieu dien cua só phiłc z t tren mąt phang 

|| 

| tęa &q Oxy. 

i 2. Cho z,,z 2 e C;z 2 * 0 va so phóc z thóa man |z-z x | = R. Khi dó ta có cac ket qua 
I sau: 

1 - Tąp hop diem bieu diln so phóc w, = z.z 2 la duóng tron, tam la diem bieu dien 
| cua Zj.z 2 , ban kinh bing R.|z 2 |. 

| _ Tąp hop diem bieu diln so phóc w 2 = — la duóng tron, tam la diem bieu dii 
1 ' Z 2 

|! cua só' phóc —, ban kinh bang —?. 

z 2 |z 2 | 

I * 

«! - Tąp hgp diem bieu dien só phóc w 3 = z + z 2 la duóng tron, tam la diern bieu dien 

i , , i 

| cua Zj + z,, ban kinh bang R. 

I - Tąp hop diem bieu diln só phóc zv 4 = z - z 2 la duóng tron, tam la diem bieu dien 
| cua Zj+Zj, ban kinh bang R. 

i 3. Cho Zj ,z 2 ,z 3 e C va só phóc z thóa man |z-z,| = R.Khi dó tąp hop diem bieu 
| diln só phóc w = z 2 .z + z 3 la męt duóng tron, tam la diem bieu dien cua só phóc 
| z,.z,+z 3 , ban kinh bang |z 2 |.R 

; VI du 1: Cho cac só phóc z thóa man |z -1 + zj = 7. Biet tąp hop cac diem bieu dien 

| 

j só phóc w = (3 + 4 i)z la mot duóng tron. Tim tam va ban kinh duóng tron dó 

! A. j(7;l),r = >/35 B. l(l;7),r = 35 

j C. l(7;l),r = 35 D. ./(l;7),r = >/35 
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CMPIX B Mtth A 

Cl-i)(3+4i) 

__ 7+i 


7*I3+4i 


_35 


CMPLX 

- i 

a Math A 

2-3i 

_3_ 

13 13 1 


CMPLX 

5 

a M&th A 

12-3i1 

SlTS 

13 


CMPLX H 


(3-i)+(5-7i) 


8-8i 


Tu- |z-l + i|=7<=>|z-(l-i)| = 7 = |z--z 1 |-»z 1 =l-i / R = 7. 

Tir w = (3 + 4z')z = z.z 2 ->■ z 2 = 3 + 4z -» z r z 2 = (l -z')(3 + 4z) = 7+i. 

Suy ra tąp hop cac diem bieu diln só phuc w la duóng tron có tam la l(7;l), ban 
kinh r = R. |z 2 | = 7.|3 + 4z'| = 35 . 


'C/eljfJ grill K. 


V i dii 2: Cho cac so phuc z thóa man |z + z| = 5. Biet tąp hop cac diem bieu diln 
so phuc w = - la mot duóng tron. Tim tam va ban kinh r cua duóng tron dó 


13 13 


,r = 


L 


C. I 


13 13 


,r = 


>/l3 

5 


Ii 1| —; — 
13 13 


,r = 




n/13 


D, 1| — 

13 13 


,r = 


Vl3 


Lod. giai 

Tir Jz + /[ = 5 <=> |z — (-z)| = 5-+z 1 =-i,R = 5. 

Tir w = — = ——> z 2 = 2 - 3z —> — = — 

2 -3z z 2 2 z 2 


2-3z 13 13 

Vąy tąp hop cac diem bieu dien so phuc w la duong tron có tam I 


1 .__2 

13' 13 


, ban 


, , , R 5 
kinh r = t— r = 


2 - 3zj 


5n/13 5 

</l3 


13 


Dap an A, 


\ i du 3: Cho cac so phuc z thóa man |z-3 + z| = 4. Biet rang tąp hop cac diem 

bieu dien so phuc w = z + 5-7i la mot duóng tron. Tim tam va ban kinh r cua 
duong tron dó 

A. l(-8;8),r = 2 B. l(8;-8),r = 4 

l(-8;8),r = 4 D, l(8;-8),r = 2 


r 


Lód giai 

Tir |z-3 + z|=4<»|z-(3-z)| = 4 = jz-z 1 |->z 1 =3-z;R = 4. 

Tir m = z + 5 —7z =z + z 2 ->z 2 =5-7z -+z 1 +z 2 =(3-z) + (5-7z) = 8-8z 

Vąy tąp hop cac diem bieu dien só phuc w la duóng tron có tam /(8;-8j, ban 
kinh r = R = 4. 

_ Dap an B. 

Vi dii 4: Cho cac so phuc z thóa man |z —6 + z| = 4. Biet rang tąp hop cac diem 
bieu dien só phuc w = (l + 3z)z -5-2z la mot duóng tron. Tim tam va ban kinh 
r cua duóng tron dó 


A, l(4;15),r = 4 

B. l(-4;15),r = \jlO 

C. l(—4;15),r = 4 

D. l(4;15) / r = 4%/l0 


LOVEBOQK.VN I 354 

















Tir |z -- 6 + i| = 4 <=> |z — (ó — i)| — 4 — |z z 1 j<^>z 1 6 i,R 4. 

Tir w = (l + 3i) z — 5 — 2i = z 2 .z + z 3 -» z 2 = 1 + 3z; z 3 = -5 - 2i 
—> z 2 ,z x + z 3 = (1 + 3/)(6 - i) - 5 - 2 i = 4 + 15/ . 

Vąy tąp hop cac diem bieu diln so phóc w la ducmg tron tam I (4; 15), ban kinh 

r = |z 2 |.R = |l + 3ż|.4 = 4%/lO. 


Vói hai so phiłę z u z 2 ta 

lu5ncó: __ |z-(2 + 3i)| = 1<=> z-(2 + 3ij = 1 <=> |z - 2 + 3/| = 1 <=> |z - (2 ~ 3z )| = 1 —> 

I z i- z 2 | = | z i- z 2| = h _z 2| 

Dat w = z + 1 + i = z + (l + f) — > z 2 = 1 + / — > Zj + z 2 — (2 — 3/) + (l + /) 3 2 i . 

Suy ra tąp hop cac diem bieu dien so phuc w = z +1 + i la duong tron có tam 
7(3;-2), ban kinh r = R = 1. 

Ap dung cóng thiic so 10 dąng 5, ta có |w| max = OJ + r = + (-2) +1 = ^ + 1. 

Dap an D, 



Zj = 2 — 3i 
R = 1 


Cho só phńc z thóa man |z - 2 - 3/j = 1. Gia tri lón nhat cua |z +1 h zj la 
^13+2 B. 4 C, 6 D, -\/l3 + l 






s ,_a« 1: Tim sd phuc lien hop cua sd phuc z = i (3z+1) 
A. z = 3- z. B. z = -3 + z. 

C. z = 3 + i. D. z = -3 -i. 

Caii 2: So nao trong cac so sau la so thuan ao? 

A. (V3+2ij+^-73-2f). B. (72+3l)(V2-3!‘). 


C (2 + 2 if 


Lf. 


2+3z 


2-3 z' 

Cau 3: Dang thuc nao sau day la dung? 

A. (l + z/ =-16. B. (l + z/ = 16i'. 

C. (l+z) 8 =16. D. (l + z) 8 = -16z. 

Cau 4: So nao trong cac so sau la so thuc? 

A. (>/3 + 2z')-(V3-2z). B. ^2 + z\/5j + ^2 — z‘>/5j. 

sfe+i 


(2 + 2z)\ 


D. 


Cau 5: So -bang 

l + z 8 

A. l + z'. 


4i-i 

2 

-(l-z). C. l-z. D. z. 


Cau 6: Tąp hop cac nghięm cua phuong trinh z = 2 

z + i 
la 

A. {O; 1;-z'}. B. {o}. 

C - {!-*}• D. (0; 1}. 

Cau 7: Vói mpi so phuc z, ta có |z +1| 2 bang 
A. |z| 2 +2|z| + l. B. z.z + 1. 

C. z + z + 1 . D. z.z + z + z + 1 . 

Cau 8: Tąp hop cac nghięm cua phuong tinh 
z 2 +|z| 2 =0 la 

A. tąp hop moi so ao. B. (O; z; -z'}. 
c H'0}. D. {0}. 

Cau. 9: Nghięm thuc lón nhat cua phuong trinh 
z 3 -(3 + z)z 2 + (3z-l)z + z' = 0 tren C la 

3-n/ 13 „ 4 + Vl3 


A. 


C. 


2 

3 + 7l3 


B. 

D. 


3 

4 —Vl3 


2 3 

Cau 10: Bień doi rut gon z, = z 2016 + (l + if +1 ta duoc 
A. z, =4z. B. z, =2. C. z, = -4z. D. z, =-2. 
Cau 11: Módun cua so phuc 2z(l + 3z) khóng bang 
módun cua so phuc nao sau day? 


A. 2z(l-3z). 

C. S + S71 
Cau 12: So phuc nghich dao cua so phuc z = 1 - z la 

a. JL+JL 

~ -n -hi 

i i . 


B. Tio + z. 

D. —2ż(l —3z'). 


1 1 . 

—I- X. 

2 2 


c 


D. i--z. 
2 2 


Cau 13: Can bąc hai cua so phuc z 3 + 3z la 
A- 1 — z va 1 + z. B. 1 — z va —1 + z. 

C l + z va -l-z. D. V3z va . 

Cau 14: Cho sd phuc tuy y z*l. Xet cac so phuc 


22005 • , , 

a = ~=——--z 2 +(z) 2 va p 2 ~ 2 


—^ ^ + z. Khang 


z — 1 

dinh nao sau day la dung? 

A. a la sd thuc, (3 la sd thuc. 

B. a la sd thuc, (3 la sd ao. 

C. a la sd ao, p la sd thuc. 

D. a la sd ao, p la sd ao. 

+au 15: Neu módun cua sd phuc z bang r (r > Oj thi 
módun cua so phuc (l - if z bang 

A. 4B. 2 r. C. rV2. D. r. 

Cau 16: Cho sd phuc z thóa man (lOz) z + 2z'z = 5 + 3z. 
Módun cua w = 2(z + l)-z la 


y-^bi 


' ' 8 

W 


w\ = 5. D. lwi 


ił 
: VT 

Cau 17: Cac phuong trinh duoc xet tren tąp so phuc. 
Khang dinh nao sau day la sai? 

A. Phuong trinh z 2 - 4x + 5 = 0 vó nghięm. 

®' - Phuong trinh x 2 + 3 = 0 có hai nghięm phan 
bięt. 

C. Phuong trinh z 2 =-3 có hai nghięm +z'V3. 

D. Phuong trinl-i x 4 - 4x 2 = 5 có 4 nghięm. 

Cau 18: Neu sd phuc z*l thóa man |z|=l thi phan 

thuc cua bang 


A. 


C. 2. 


D. 3. 


B. -ł. 

2 2 
L.au 19: Goi z 1 ;z 2 la hai nghięm phuc cua phuong 


trinh z 2 
A. 0. 


-z+ 1 = 0. Giatri rr + p-f bang 


A| 1*21 
C. 2. 


D. 4. 
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kięn 


2.0: Clio so phuc z = a + bi ( a ,; b 
z ~ 2 h- i 


•2016 


(2 + :)(l- 


thóa man dieu 
i) 2 . Gia tri a + lb bang 


A- -6. B. -1. C. 0. O- 1. 

Ca« 21: Tóng cac módun cac nghięm phńc cua 
phuong trinh x 4 — 6x 2 —16 = 0 la 

S = 2v2. B, S = 6\/2. 

C. S = -W2. O. S = 2a/3. 

psj.j 22: Cac so thyc x;y thóa man 

( 2 x + 3 y + l) + (-x + 2 y)i = ( 3 x- 2 i/ + 2 ) + ( 4 x-y- 3 )i 

la 

A. (X 




9 4 

'n 

Cav: 23: Cho so phńc 2 thóa man |z -1 + 2i| = 3. Modun 
lónnhat cua so phńc w — z—2i la 

A. lwi = \/26 + 6\/r7 . 

1 lmax 

B. |w| =\I26 — 6-Jy7. 

1 lmax 

C. |w| = 5/26 + S\fv 7 . 

1 lmax 

D. |w| = \/26-4\/l7. 

1 tmax 

O-u 24: Cho so phńc z thóa man |z + l-i| = |z + 3ś|. 
Modun nhó nhat cua só phńc z la 


l Z ™ in 68 


i5. z 


C. z , = 


7-^68 


'Imin |36 

N ^ 

Cau 23: So phńc z thóa man — + 2iz H—- 


a/68’ 

C68 

7 

2(z + i) 


0 có 


dang a + W khi dó — bang 
' 0 o 


3 

A. —. 
5 


B, -5. 


C. 5 


Cau 26: Cho so phńc z thóa man: 

(2z-l)(l + /)+(z + l^(l—i) = 2-2!. 

Só phńc z có phan ao bang 


1 

B. -1. 

1 

D. 

1 . 


A ‘ 3 ' 


3' 




CS 11 27: Cho 

só phńc 

z thóa 

man 

hę 

thńc 

/. \ 2 + i 

(1 + 3) z + ■—:— = 

= (2 -i) z. 

Módun 

cua 

só 

phńc 

w=z— i la 






a/26 

& 

2a/ó 

~ 

a/26 


5 

Ł “ 5 ' 

. 5 


25 



€av 28; Cho so phńc z thóa man: 


K 


3 

z + --2i 

= 

z + — + 2z 

2 


2 


Biet bieu thńc Q=|z-2-4i[ + |z-4-6i| dat gia tri 
nhó nhat tai z=u + bi;{a;be M). Tinh P = a—4b. 
j, k p~—2. B. P=—1. 


P = 


1333 


D, P = 


691 


272 ' 272 

. . I” I 

Cau 29*- Trong cac so płiuc z tłioa man jzj = |z — 3 + 4z|, 

so phuc có modun nhó nhat la 

A, z = 3 + 4i. B. z=-3—4ż. 


z = --2 i. 
2 


i ?. z —t- 2z. 

2 


Clii 30: So phńc z thóa man 

(3 - 2z)z - 4(1 - i) = (2 + i) z. Modun cua z la 

A. 15 . B. 15 . C. 155 . D. f. 

Cau 31: Trong cac só phńc z thóa man 
^ 1 + , 'i z + 2| = i, z 0 la só phńc có modun nhó nhat. 


1 — i 

Modun cua z 0 bang 

A. 1. B, 4. C. >/l0. D. 9. 

Cau 32: Cho só phńc z thóa man 2z+z + 4i = 9. Khi dó 
modun cua z 2 la 


A. 25. 

B. 4. C 16. 

D. 9. 


Cau 33: 

Tim módun cua só 

phńc z 

biet 

z - 4 = (l + t)|z| - (4 + 3z) i. 



A. |z| = 

4. 8. |z| = l. C. |z| = |. 

D.|z| = 2. 


Cau 34 

Cho so phńc z 

thóa 

man 

(l + 2i) 2 z + z = 4 i- 20. Módun 

cua z 

la 

A. 4. 

B, 5. C. 10. 

D, 6. 


Caw 35 

Cho so phńc z 

thóa 

man 

(2 + i)z + 

2(1+2*) 

■ 7 -7+8 1 . Modun 

1 + i 

cua só 

phńc 

w = z + i +1 la 



A. 3. 

B. 4. C. 5. 

D. 6. 



;au 36: Cho só phńc z thóa man z - (2 + 3i) z =1 - 9 i. 
Modun cua só phńc w=z + 2i +1 la 

A. 3^2. B. \(2. C. -JlÓ. D. 5. 

Cau 37: Trong cac só phńc thóa man dieu kięn 
|z + 3i| = |z + 2 — z'|, só phńc có modun nhó nhat la 
B —1 + 2i. 


A. 1-2 i. 

1 2. 
r. — +— 1 . 
' 5 5 


12. 

5 5 
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- Chu de 7: §© phdc 

Cau 38: Cac cart bąc hai cua so phuc -117+Mi la 
A. ±(2 + 11/). B. ±(2-11/). 

C. ±(7 + 4/). D. ±(7-4/). 

Cau 39: Trong cac so phuc z thóa man dieu kięn 
|z-2-4/|=|z-2/|. Tim sophucz cómódunnhónhat. 

A. z=2 +i. B. z = 3 + /. 

C. z—2 + 2i. D. z = l + 3/. 

Cau 40: Cho phuong trinh (l + /)z-(2-/)z = 3. 

Módun cua so phuc w = 22 la 


1 -/ 


^122 3^ „ Vl22 


D. 


Vnó 


Cau 41: Goi z la so phuc thóa man z + 2z = 2-4/. 
Módun cua z la 


5n/3 

4 


2^ 


C. Vl3. 


D. 


2^51 


C. |z| = \/2. 


3 3 

Cau 42: Módun cua só phuc z thóa man phuong trinh 

(2z-l)(l + /) + (z + l)(l —/) = 2 — 2 / la 

A - \A = ~- B. |z| = —. 

3 1 1 3 

a \z\=~-. 

Cau 43: Cho so phuc z thóa man 
(l + 2/) (z — /) — 3z + 3 / = 0. Módun cua só’ phuc 

„„_2z + z + 3/ wW106 . . 

147 - 2 - la —77— • Gia tri cua m la 

z Zo 

A. 3. B. 2. C. 1. D. 4. 

Cau 44: Cho só' phuc z thóa man |z + /-l| = |z-2/|. 
Gia tri nhó nhat cua Izl la 


A. 


, 1 . 


C. -Jl. 


D. 


1 


£' 4' 

Cau 45: Cho só phuc z thóa man |z-l|=|z-2 + 3/|. 
Tap hop cac diem bieu dien só phuc z la 

A. duóng tron tam /(l;2), ban kmh R = 1 . 

B. duóng thang có phuong trinh x-5y- 6 = 0. 

C. duóng thang có phuong trinh x - 3y + 6 = 0. 

D. duóng thang có phuong trinh x - 3y - 6 = 0. 
Cau 46: Tąp hop cac diem bieu dien só phuc z thóa 

Iz + 2 -3/1 


man 


= 1 la 


z - 4 + / 

A. duóng tron tam I (-2; 3) ban kmh r =1. 

B. duóng thang 3x - y -1 = 0. 

C. duóng thŚng 3x + y -1 = 0. 

D. duóng tron tam /(-4;l) ban kmh r = 1. 
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Cau 47: Cho só phuc z thóa man: 

(3 + /)z + (2/ + l)z + 4/ = 3. 

Khi dó phan thirc cua só phiic z bang 

A - 5. B. -2. C. 2 D. -5. 

Cau 48: Tąp hop cac diem bieu diin só phuc 

z = x + y/,(x;y eR) thóa man |z-/|=|z-3/ + 2j la 

A. duóng tron tam I (0; l), ban kinh R = V3. 

3. duóng thang d: x + 2y + 3 = 0. 

C. duóng tron tam I (-2; -3), ban kinh R = 3. 

D. duóng thang d:y = 0. 

Cau 49: Cho só phuc z = a + bi,(a;beU;a>0;b>0). 
Dąt da thuc / (x) = ax 2 + bx - 2. 

Brnt /(-l) < 0; /^-J < . Tim gia tri lón nhat cua |z|. 

. = 2 >/5. B. |z| =3->/2. 


C. |z| =5. 


I Z L 

Izl 


. =2n/ó. 


Cau 50: Cho só phuc z thóa man z khóng phai la só 
thuc va io = — la só thuc. Gia tri lón nhat cua bieu 


2 +z 2 
thuc A4 = |z + 1-/| la 

A. 2. B. l4l. C. \f2. D. 8. 

Cau 51: Cho cac só phuc z thóa man [z| = 4. Biet rang 
tąp hop cac diem bieu diin cac so phuc 
w = (3+4 i)z + i la męt duóng tron. Tim ban kinh r 
cua duóng tron dó 

A. r = 4 B. r = 5 

C. r = 20 D. r = 22 

Cau 52: Cho só phuc z thóa man dieu kięn 
|z-3+4/|<2. Trong mąt phang toa dó Oxy, tąp hop 

cac diein bieu diin só phuc w = 2z + l- i la hinh tron 
có dien tich bang 

A. S = 9it B. S = 12 tc 

C. S = 167i D. S = 25k 

Cau 53: Biet rang |z-l| = 2 va tąp hop cac diem bieu 

dien só phuc zu = ^l + i\/3jz + 2 la mot duóng tron. 

Xac dinh ban kinh cua duóng tron dó 
A. r = 4 B. r = 9 

C. r = 16 D. r = 25 

Cau 54: Cho só phuc z thay doi luón có |z| = 2. Khi dó 

tąp hop cac diem bieu diin só phuc w = (l -2/)z + 3/ 
la 












A. Duong tron x 2 + — 3) — 20 

B. Brtang tron x 2 + (y — 3) = 2\/ó 

C. Dtićrng tron x 2 + (y + 3) =20 

D. Bwćmg tron (>: 3) + y 2 = 2 45 

Ca a 55: Cho so phńc z thóa man |z + lj = 2. Biet tąp 
hop cac diem bieu dien so phńc w = (l+2i)z~ i la 
męt duńng tron. Tim toa do tam I cńa dućmg tron dó 
A. l(-1;-2) B. /(<;/) 

C. j(-l;-3) H 1 ' 3 ) 

Ca« 56: Cho so phńc z thóa man |(l + i)z+l-7ż| = %/2. 
Tim gia tri lon nhat cna jzj 


A. max|z| = 4 


B, max|z| = 3 
D. max|zl = 6 


C, max|z| = 7 D. max|z| = 6 

Cau 57: Cho só phńc z thóa man |z - 2 - 4zj = 4Ś . Gia 
tri lón nhat, gia tri nhó nhat cńa M = |z + lj łan luot 


A. maxM = 5 + 45; minM = 5- \l 5 

B. max M = 5 + -M; min M = 5 

C. max M = 5; min M = 4s 

D. max M = 5; min M = 5 -45 

Ca a 58- Cho só phńc z thóa man jz - i + 2/j = \/s . Gia 

tri nhó nhat cńa M = |z -1 -z| la 

A, 3-45 B, 3 + 45 C.3 0-^5 

, . ,1 

Cau 59: Cho só phńc z thóa man |{l+ż)z+l-2z| = l. 
Gia tri nhó nhat cńa M = |(2 + i)z +1 -ij la 

426 + 4W n 426-410 


jL “ 

Cau 60: Biet só phńc z thóa man jz -1 + 2i| = 4w . Gia 
tri lón nhat cua |z +1 — 4z'| la 

A. -M B, 10-\/3 C. 3%/l0 C>. 4-s/lO 
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Bap an 


F t ! ' i n ana 


Cau 1: Dap an D 

Cach an: 


i,-£m ,-ko łJ-b 8J SU 


"T " CMPIX O MMfi A 

CorugQ(3i+l)) 

—__ ~3-i 


Vói A. j>/3 + 2/ j + ^[3 — 2i j _ 2^/3 la so thuc, loai. 


Vói B: 


&§ c?3 CD (U CU Cg) ES ts ® [7] m © [U CE> F 

cus mdi 


"ESI* a M„i a 

(■/2+3i) CJ2-3i) 


Loai 

Vói C: co [g) ai ccig CU 63 [§J 


J1 


CMPIX 

C2+21) 2 


Vąy ta chon C. 

Cau 3: Dap an C. 


_SL 


Ta có poSj fjaJ CD EZD ff] IM 

ES © (sj 


CMPIX 

Cl+i) 8 

0 M»th A 



16 

Cau 4: Dap an B. 


Cau 3: Dap an. B. 


EmpTS 

0 MMh A 

l+i 

I-i, 

2 2*_ 


Cau 6: Dap an B. 

Ta có z*-z. 

„ z 2 • , 

2 = -:<=>Z + ZZ = ZC5-Z +ZZ-Z = 0 

Z +1 


Do z ^ —z nen ta se thu ba phuong an cón lai. 

Su dung CALC de thu phuong an. 

Nhap vao man hinh ve trai cua phuong trinh tren roi 
CALC cho ba phuong an B; C; D. 

@ CII iii LI] E 3 ES IS @ CD E) (PIS CO Hg] roi 


7 EmKS @ MuhTA 

x 2 -xx-): 

X z -iX-X 

C«PIX U M«b A 

X 2 -iX-X 

0 

__-2-2i 

-i 


trinh. 

7: Dap an D<. 

Ta thuc hien gan z vói mot so phuc bat ki, ó day ta 
chon z = 1 + z. Nhąp gag [Tl (Tj ĘFl jg g jffrj jgj QJ 


1+1+X 




1+1 


Vói A: Ta nhąp vao man hinh |x + l| 2 -|x| 2 -2|xj-l 

l*i! Ew (śray Qj i±] CD <►) {53 E3 i5Sfi gjs§ ismi Q] <g> 


m jH tu ) SHIFT i jjr 

B Uli lU iE Ej CD f~= 


CMPL>: i Math A ■ 

!X+1I 2 -IXI 2 -2I>i> 

2 - 2-12 


Vói B: ta nhąp 

M m CD 03 OD CE © [3 fsiMj IT 
m @ CS LU 0 CO !=0 


<j /SHIFT" (2 1 


CMPLX 0 Mith A 

IX+1 l 2 -X><ConjgC> 
_2 


Vói C: ta nhąp 

@ Si (H§ CD ffi CD cg) © e : J ps? CD E3 Ha) CS 
CHS mm BE1 (U 


IX+1 l 2 -X-ConjgO 

2 . 


Tu- day ta loąi B;C. Vąy ta chon D. 

Cau 8: Dap an A, 

Ta có the nham nhanh duoc z = 0 luon la mot 
nghięm cua phuong trinh z 2 + |z| 2 = 0. 

Vąy ta se thu vói z = i; z = -i va z = 2 i (vi phuong an 
A la tąp hop moi so ao). 

Ta nhąp vao man hinh ve trai cua phuong trinh va sir 
dung CALC. 

i® LU SB ffl iii] fe] @ m CE Si!i !«lc] @ © @ 
O ii Ci] fes® GD fil fi] 

Tat ca cac truóng hop ta vira thu deu ra ket qua la 0. 
Do vąy phuong trinh thóa man vói moi so ao. 


X 2 +IXI : 


Cau 9: Dap an C. 

Do cac hę so cua phuong trinh la cac so phuc, do vąy 
ta khóng sir dung duoc chuc nang giai hę phuong 
trinh gęg fs]. 

Tir day ta se sir dung CALC. Nhąp ve trai cua 
phuong trinh vao may tinh va sir dung CALC cho 
cac phuong an. 

fil EJ @ CU © dl cg) EJ LU d] 00 li CD m El! 
63 SD CD m IH E3 EU El fsjM] Q] 03 f§j faicj Q] ©) 
EOOEUdJ LU CS ffl © @ fą€ę] R"J fi] ffl dl CD 
EU CD CD G3 C13 H3 (§gj [T] ® ffi d] ET] [s] [I] [jj 


~Z ĆMPLX 0 - 

X 3 -(3+i)X z +i3i-k 

n 

uu ll-.J s^J L.LJ UJ LEJ 

CMPIK 0 MathTA 

X 3 -C3+i)X 2 +(3i-P 
-5.522630574+— ► 

CMPŁX 0 MathTA 

X 3 -C3+i)X 2 +C3i-> 

___ 0 _ 

CMPLX 0 Ma.th A 

X 3 -(3+i)X z +C3l-P 

30 - 9 / 13 ' - 1+2 /DT 

S + ~ a ► 
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Tir ket qua hien thi tren man hinh ta chon C. Do 
3 + -/B 3-n/13 


Tinh p. 


Trong sach C6ng pha toin 3 trang 323 tói có de cap 
ve cach rut gon /'". Do trong bai n = 2016 = 504.4 nen 
i 2016 = 1. Vąy z, =(l + i) 4 + 2. 

Ta nhąp - ■ . ■ 


cmplx a 


Cl+i) 4 +2 


Ta nhąp 

§ć»§ OS iffi 51 CjC Dj li) C±. Lai Mś jJ Osi 


CHpE? 0 


121(1+3111 


2/1(1 


Ta loąi A va D do A la sd phiic lien hgp cua so de cho 
nen có ciing módun. Vói D thi ta luón có |z| = j—z|. 

Vói B ta có the nham nhanh |n/Io + i| = n/41 & 2^/^0. 

Ta chon B. 

C/m IŁ Bńp ars B, 

1 = 

1 -i 


Ta nhąp vao man hinh 

g3| [2] CI) ®i 


-ĆRFC?— 

I 

0 ffeth Ł 

i—i 

i . i 4 
2+21 


iJćiii ). 3•;<v.?a i-i 

Trong phan li thuyet tói có giói thięu cho quy doc gia 
cach bam car bąc hai cua so phiic. Do vąy a day ta 
nhąp luón. 

pij Hp'. (v5; jsSrj jSgśj psi (pj Cl] (A) [+] i.3j &£■ ijgp fJp) isid 
' , ' ' _ : 1 ^ r )T'.T •?' 


CMPLX 0 Mills A 


Vąy cac can bąc hai cua só phiic da cho la 1 + i va 
-1 - i. 

Ta thyc hien nhąp hai só phiic vao may tinh va thii 
vói mot truong hop z ^ 1 bat ki. O day ta thii 
z = 1 + /'. 

Gan z = 1 + i. Nhąp p . S (j j FFj @jrj ;tcQ Qj • 


CMPLK 0 Mith , 

l+i+X 


1+1 


Ta tinh a. 




"gi fj 
;">1 i 


CMPLK B M«h i 


CMPLK B Mtth A 

12005 +• i> €Er* (Conj 9 (X) > 


conJstxj-i 


-4i 


Luc nay ta có the ket luąn a la so ao, p la só thtrc. 

Tc lii _ i ) 2 1 = 2 ==> 111 - i\ 2 z\ = 2r. 

jv+ v | ' ' ji* ') | 

@ CE @0 SE GD sil fe3 iii UD Pt! 1=] 

Cśu 16; Dap ars B. 

Ta có (lOi)z + 2/z = 5 + 3/ <=>(l0/)z + 2/z — 5 —3/ =0. 
Nhąp VT cua phuang trinh vao ma}/ tinh va CALC 
z=10000+ 100/. 

Ta nhąp 

Hi tU CD OD ® ® CS Si CD GB © i§ !§§ CS © 
CD GO E3 OD E3 GD Ti SS CD CD) r§3 Ca I ©i GS 

[ ~l ; : Ś.? | j iSilis] [ ntn-j 


CMPLX □ Matli A 

(10i)X+2iConjgO> 

-805+1199971 


Ta có hę 


y - ■ 


j805 = 8.100 + 5 = 83/ + 5 
1119997 = 10.10000 + 2.10000 - 3 = 12* - 3 

: 4 15. 9 15 . i i 3>/61 

-5 4 8 4 8 1 1 8 

8 " 


TT a 17: TJ;q> A 

Do xet tren tąp so phńc nen phuong trinh 
x 2 - 4x + 5 = 0 luón có nghięm. Vąy A sai, ta chon A. 

Cau i:?-; : )óu -;r A. 

_ . , 1 S ■ 11 , 

Ta se chon 2 =-— 1 => z = 1 

2 2 11 

Luc nay ta nhąp vao may tinh va tim dtroc 

1 1 s . 

1-2 _ 2 2 


-2" S J 


9 o 1 . 


Ta chon A. 

i' +.. łCf- T; iv 


Ta su dung kani [sj |JJ roi gan nghięm sau dó tim 


—+ — 


Ta nhąp g§ \ 


Xi= 


X‘Z“ 


i .73"- 
—+-5^1 


□ M?.thVA 

1 7s - 

2 2 • 


Ta nham nhanh duoc 


1 s . 


1 n/s . 

—1- 1 

2 2 


2 2 1 


= 1 . 










Plian 2 -Chi de 7: Se pihifc 

Do vay —'-r + = 1 + 1 = 2. 

| Z l| N 

Cau 20: £?ap art A. 

Taco 2016 = 4.504. Do vąy i 2016 =1. 

Phirong trinh tró thanh z-2 + z'=(2 + z)(l-z')" 

•»z=(2 + z')(l-z) 2 +2 —i. 

Ta tim z bang may tinh bang cach nhąp 

esBBfflimmHBimsEis 


CMPLX E Mj.th A 

f2+i)(l-i) 2 +2-i 
_4-5i 


Vąy « + 2b = 4-2.5 = -6. 

Cau 21: Dap an B. 

Ta sił dung faśll fil fi] de tim nghięm cua phuang 
trinh. 


m ID (U CD (U B (D (U E3(33 £D dl ID <§> 


a Utah* 

Xi = 

0 MsthTA 

X2= 


8 

-2 

Ta có 

z 2 = 8 <=> z = ±2 a/2 


z 2 = -2 <=> z = ±a/2z 


=>2.2a/2+2.|a/2z| = 6a/2. 


Cau 22: Dap an A. 

(2x + 3 y +1^ ■+■ x + 2y)i = 

(3x-2y + 2) + (4x-y 


2x + 3y +1 = 3x - 2y + 2 
-x + 2y = 4x - y - 3 


[x-5y + l = 0 ^ 
[5.r - 3y - 3 = 0 


y = 


9_ 

11 

4 

11 


Ngoai ra ta có the su' dung CALC thu cac phuong an. 

Cau 23: Dap an A. 

Ta có |z -1 + 2z| = |(z - 2z) + (-1 + 4z)| 

Dat A = |z — 2/[. 

-3 +1—1 + 4z| < A < 3 +1—1 + 4ź| 

<=> -3 + a/17 < A < 3 + a/17 . 

Nhu vay módun lón nhat cua so phuc z - 2 i la 

A = 3 + a/i7=V 2 6 + 6a/t7. 

Cau 24: Dap an B. 

Ta có |z +1 - zj = |z + 3*| <=> |z +1 - z'| 2 - |z + 3z'| 2 = 0 

HDlil[)]ilI!Bi®iSI§ 
(Ml (Ud) 

/(0) = -7 
Ta có ■ /(i) = -15 

/(!) =-5 

quan hę giiła x; y trong dó z = x + yi,(x;y e 1$). 


c = -7 

b = -8 => 2x - 8y = 7 la mdi 
« = 2 


Ap dung bat dang thuc Bunyakovsky ta có 
8y| s; a/ 22 + (-8f-yjx 2 + y 2 o ,/r 


2x 


i i 7 , , 7 

opp-p- Vay z . =-==. 
' a/ 68 ' lmm a/68 

Cau 25: Dap an A. 

|z| 2 2(z + z) 

L- 1 - + 2zz + -A-= 0 

z 1 — z* 


JX +y 


n/ 22+ (- 8 f 


Nhąp ve trai vao man hinh va CALC cho 
z = 10000 + lOOz = x + yi;o day x = 10000; y = 100. 




SSmOElCSEEimE)© 


lxl 2 


CMPLX E Ma.th A 

X.+2iX+^fl> 

19899+300011 


l(D 


Ta có he 


J19699 = 2.10000 - 3.100 -1 = 2x - 3y -1 
v [30001 = 3.10000 +1 = 3x +1 


\2x - 3y = 1 
1 <=> 


1 

x = — 
3 


y=-; 


15. a 3 

=>z =-z => - = —. 

5 3 9 b 5 


Cau 26: Dap an C. 

Tuong tu nhu cau 25, ta thuc hięn chuyeri ve va nhąp 
ve trai vao man hinh CALC cho z = 10000 + lOOz ta 
duoc ket qua 29698 +101OOz. 


CMPIX 3 MMh A 

C2X-Dxa+i)+CC> 
_ 29Ć98+101OOi 


Ta có 


13.10000 - 3.100 - 2 = 3x - 3y - 2 
[10100 = 

3x - 3y = 2 
x + y = 0 


[10100 = 10000 + 100 = x + y 
1 


= 1 _1 . 

Z ~3 3 1 


Vąy phan ao cua so phuc z la - —. 


Cau 27: Dap an A. 

Ta có 

2 +z 


(z + 3) 


z + - 


(2-z/z <=> (z+ 3)z-(2-z')z + l-2z = 0 


Nhąp bieu thuc VT vao may va su dung CALC thay 
z = 10000 + lOOz, tóc la ta thay z=x + yi vói 
z = 10000; y = 100. 

Cach nhąp Sonii ID 

i (i) mam Sm® sum 
o ei s m m ffi m B ca s 


<i+3)X-(2-i)*Co> 

10001+204981 


LOVEBOOK.VN i 362 












Ta thu dugc hę phtrong trinh 
j 10001 = 10000 +1 = x +1 
120498 = 2.10000 + 5.100 - 2 = 2x + 5y - 2 

[x = — 1 


; +1 = 0 


O < 


[2x + 5y-2 = 0 y 


i i 4 . . i 1 . i | _ ^/26 


Ta se tim mdi lien hę giua x; y vói 
z = x+yć(x;y sR). 


Ta có pt <s> 


5 „. 

iz h-2; 

2 


2 

3 

— 

,z + - + 2i 
2 


= 0 . 


Ta có 


/(o) = 4 
/(O = -4=> 
/( 1 ) = 6 


c = 4 

b = — 8 => x — 4y + 2 = 0 
a = 2 


c = -25 c = -25 

b + c = -17 <s> • b = 8 <=> duómg thang 

a + c = —19 a = 6 
6 x + 8 t/ - 25 = 0 la tąp hop bieu diln so phuc z. 
6x+ 8y —25 = 0 <=> 6 x+ 8 y = 25. 

Ap dung bat dang thuc Bunyakovsky ta có 

_ ,-- 5 

>\6x+ 8 y| Os]x 2 +y 2 >-■ 

Dau bang xay ra khi 

[£=y f*=- 3 

jó 8 oj 2 => z = —+ 2 j. 

[6x + 8y = 25 [y = 2 

Cau 30: Dap an C. 

(3-2t)z-4(l-i) = (2+i)z 

»(3-2i)z-4(l-f)-(2 + i)z = 0 

Nhąp ve trai va CALC z = 10000+100: ta dugc 


<=>x = 4y-2. 

m GB la® §1HP CD GB 113 O © O S 33 ii ® 
fi B &B S3 m 03 GE CS G® GD Ml <& 

SBiSCElljllSiSillEiCljSiiilfi; 


CMPIX B MM*'_ 

C3-2i)xConjgOO > 
qR9fi-3D496i 


, J9896 = 10000-100 - 4 = x-y-4 
Ta C ° {30496 = 3.10000 + 5.100 - 4 = 3x + 5y - 4 


Ta có 

{,-,-4 = 0 1,-3 =>H , VS 

Q = |z-2—4i|+|z—4—6f| 

(3x + 5y-4 = 0 (y = -1 


= |4y-2+yi-2-4z|+|4y-2+yi-4-6i| 

= J(4y~- 4) 2 + (y - 4) + \|(4y-6) +(y - 6) 

Dat «(4y-4;y-4);u(-4y + 6;-y + 6). 

Suy ra Q =j M |+jf| 

Ap dung bat dŚng thuc vecta ta có 

|w| +1;| > |u + ~v\ Q > x |(4y-4-4y + 6) 2 h(y-4-y + ó} 2 

<^0>^/2 ^ T2 ^ = 2^/2. 

Dau bing xay ra ow,v cung phuong 
<=> y = 0 => X = -2 
=> z = —2 => P = —2, 

Cau. 29: Dap in D, 

. .2 r .l 2 

f{z)~ \z\ -z-3 + 4i| 

Su dung may tinh tim /(o);/(i);/(l)- 

Cach an: 

ii CS S13S® 03® 53 Bi® ES®®©© 

pa Q3 m E3 CD GB GS §1 <£> SB !HI CfiJ !§§ iSsfii @ 


Cau 31: Cap an 


Mi 1 


"To 


Ta có 


( 1+0 


1-i 


z + 2l 


= 1 <=> Jrz + 2| = 1 


ty LU iSi! 

cmplk s 

1X1 2 - 1 Con.jg<X>-^ 
-25 

cmpi>: a M«hv* 

!Xl 2 -lConjgCX)-> 

-17 


CMPLH B * 

lXl 2 -IConjg(X)-i> 

-19 



<=> j(-y + 2) + ;x| = 1 <=> x 2 + (y - 2) 2 =1 

Do vąy tąp hop bieu dien so phuc z la duong tron 

tam l(0;2), bankinh R = l. 

Goi M la diem bieu diln sd phuc z 0 . Mąt khac z 0 la 

so phuc có modun nhó nhat, do vąy OM phai nhó 
nhat. Nhin vao hinh ve ta thay OM min = 1 <=> M (0; l). 

Vąy |z 0 | = 1 <=>z 0 =1- 

Cau 32: Dap an A. 

Trong bai toan nay ta nham thong thucmg nhanh hon 
la dung may tinh. 

Taco 2z+z+4ż = 9<»2(x+yi) + x-yi+4i=9 
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2 — Chu de 7: So phufc 

vv3x-9 + (y + 4)/ = 0<» ) ~ 3 - 
(y = -4 

Tim módun cua z 2 ta barn 


t or nofheng 


>z = 3-4f. 


2au 36: Dap an C. 

Tanhąp X-(2+3/).Conjg(x)-l+9/ CALC vói 


Cau 33: Oap an 

z-4 = (l + /)|z|-(4 + 3z)/ 
4-4/+(l + z')| z | 


tamom iii m m ra 

, , CMPLX E Mtfft A ' 

“ ĆMPLX 1 mTTa- 


X-(2+3i)Conjg(Xt> 

1C3-41) 2 1 





_il0301-2969 li 

___25_ 

ns 

j 10301 = 10000 + 3.100 +1 = x + 3y +1 


<=> 2 = 


4-4/ + (l + /)| z | 
1 + 3/ 


<=> z = 


1 + 3/ 


Ta se CALC timg phrnmg an de thii. 

Ta nhąp vao man hinh |xj-[ 4 4i + ( 1 + 0 | x | 


1 + 3/ 

thuc hien CALC. 

SED@§g[Tj<g> 0isSnj§g(g)rjj ej O 
® ® LD CD 0311 CD GS UD @ Hi Q @ [T| 03 
E! @ HHI 33 (§D @ Q] {=) (gjgj (Ti gg [fj pi pici 
[Ud] 




IAI 1 i+3i * 

20 — 4 / 10 ' 

.. 5 

1X1 1 l+3i ► 

5 


cmx ia mh a 

IAI 1 l+3i *> 

| X 1 4 - 4 » + d+i)K 

1 -J 13 

1 l+3i 1 

- 2 

--- 0 


[29691 = 3.10000 - 300 - 9 = 3x - 3y - 9 

x + 3y +1 = 0 fx = 2 

3x-3y-9 = 0^|y = -i :=>Z = 2_Z 

=>w = 3 + i=>jwl = sfl0. 

Cau 37; Dap an D. 

Ta se su 1 dung CALC de thii xem truóng hop nao 
thóa man, tir dó so sanh módun cua cac so phiic thóa 
man. 

Ta nhąp vao man hinh |X + 3/J - |X + 2 - zj va CALC 

@ ® @ S smffi (33 m <B 0 Ul 1 @ @ 
ę ® ® '-- 1 @ cii s [3 S dl dH O CO ffl 

E) i (H @ O (IIH (u (Tl GD E (S gg © gę) 


Ta thay chi có truóng hop |z| = 2 thóa man, do vay ta 
chpn D. 

Cau 34; Dap an B. 

Ta nhap (l + 2z) 2 X + Conjg(X)~4i +20 CALC vói 
X — 10000+100/ ta dupc ket qua 


O Gd CJLl GB (5) 


dl 


CMPLX 0 MTfW 

1X+3i1 -1X+2~i1 

-?J9 

CMPU E MitłiTA 

lX+3i1 — 1X+2—i 1 

, ^MPLX a MsłhVA 

1X+3i1-1X+2-i1 

■/290 -3VTo 

CMPtX a MMh A 

1X+3i1 -1X+2-i1 

-. _ 0 

*—-——_5_ 


“CMPUS B Mi«'h A 

(l+2i) 2 X+Conjg(t> 
_- 20380+395961 


Ta có 1 20380 = 2 - 10000 + 4 ' 100 - 20 = 2x + 4y - 20 
[39596 = 4.10000-4.100-4 = 4x-4y-4 


12 

Ta thay chi có z = — - — / thóa man nen ta chpn D. 

Cau 38: Dap an A. 

Ta nhap . 

x 1 2 

iii Lgj ® @ §p] o CD m E3 SO EJ QQ S <B <S> 
@ offl IM! (33 EDemm (Z)El El 33 pi(Tl 
®E3d3 ' ' “ 

Ta thu duac 


CWPŁX B Mli 


{ 2 + i) z + ~~ = 7+8i 

<=> 2 = 

1 +/ 

=> IV- 

l + z 


:(2 + Z ) 


Tuong tu cau 37 ta se CALC timg phuong an va thu 
duoc ket qua sau 

e od (Mi ss o o m ej ® s <g> ej im 

® S (33 E3 (Z m UD O ffl i® © @ (u ran pa 

(D ® [2J ffl [2J @ (D lięj ffl ffl CU ii T] 


Nhąp vao may tinh tim módun cua w ta dupc 


Empu i itetiT 


|[ 7+ 3i- Zi+ f) > 

_ 5 


CMPLX E frlMhT 

1X-2-4i1-1X-2i1 

3-JfT 

cMbtA E MstIWA 

1X-2-4i1-1X-2i1 

- . 0 

, CMPLX 0 M.ul.TA 

1X-2-4i1-1X-2i1 

__Q_ 

cmplx E ■ mwA 

1X-2-4i1 - 1X-2i1 

0 


ta so sanh módun cua ba só' phiic cón ląi. 


[2x + 4y = 20 [x = 4 , . 

^|4x-4y = 4 ^(y = 3 ^l Z ^5- 

Vąy ta chon A. 


2+1 li 

Cau 35: Dap an C. 

Cau 39: 0ap an C- 
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Mddun cua B va D hang nhau, do vąy ta chon C. 
Ta se thuc hien CALC cho z = 10000 +100;. 


o1C5ii±! 




"/(O) = -12 
/(0 = -18=>‘ 
/(1) = -1° 

CMPLK 0 A 

(1 +i) x X- C 2-i) X C i> 

-innn3+20300t 


10000 + 3 = X + 3 


2.10000 + 3.100 = 2x + 3y Cau 46: Dap an 


Ta có 


x + 3 = 0 \x - -3 9 3 

2x + 3y = 0 \y = 2 2 2 

, , 3\<io 

Cdiii 41: Osp Sal 15c 

Taco x + yi + 2 (x — yt) = 2 — 4i 

3x = 2 2 ..ii 2^37 

=> z = - + 4; => z = —-— • 
y = -4 3 3 

Catt 42; Dtp an 8. 

Tucmg tu cau 40 ta CALC cho z = 10000 +100; ta 
duoc 


-ĆRPLK S Math A 

(2X-lHl+i)+CCot> 

29998+101001 


f29698 = 3.10000 - 3.100 - 2 = 3x - 3y - 2 
110100 = 10000 +100 = x + y 


Cla 43; O ip 4n B 

CALC cho z = 10000 + 100i ta dugc 


CMPLX “! tfeTti A 

Q+2i)x(X-i)-3CP 
-20193+20402! 


20198 = 2.10000 + 2.100 - 2 = 2x + 2y - 2 
20402 = 2.10000 + 4.100 + 2 = 2x + 4y + 2 

2x + 2y = 2 f* = 3 => 2 = 3-2 i. 

2x + 4 y = -2 [y = -2 

15 133 . ii \ i Oh _ 2c/l06 

^ W = _ 169 + 169^ l “’ 1 "' 13 26 

=>m = 2. 

CStt 44; Dai> an A. 

Ta có |z + i —1| = |z - 2ij «• |z + i - lj - |z - 2t'| = 0 
7(0) =-2 

Ta có < / (i) = -4 : 

/( l )— 4 


c = -2 

b = -2=>x + y + l = 0 
o = —2 


Ap dung bat dang thuc Bunyakovsky ta có 

C + y| < i/ 2 )(l 2 +1 2 ) «|zp • 

s -1| = |z ~ 2 + 3;| <=> |z - lf -|z-2 + 3if =0 
c = -12 

b = -6 =>2x-6y-12 = 0«-x-3y-6 
« = 2 


z + 2 - 3 i 


c = -4 

b = -4 => 12x - 4y ~ 4 = 0 
a = 12 


= 1 <s> Iz + 2 - 3i\ = Iz - 4 + i| 
z-4 + il 1 ' 

2 I" I 2 

<=> |z + 2 — 3i| — Iz — 4 + ij =0 
/( 0) = -4 

/(«') = - 8 

7(1) = 8 

<»3x-y-l = 0. 

Cau 47; Bap an C. 

(3 + i)z + (2i +1) z + 4; = 3 

<=> (3 + i) z + (2 i + l)z + 4i - 3 = 0 
Nhąp VT vao man hinh va CALC cho 
z = 10000 + lOOz. 

|gp=j ( ; śjj ■ Jj Q0 laaj lżj LSJ iij S-Hii LU idJ dc) Llj 

[2] gc 83 fi CD (li aJ SD [a H E) lii SMI CD @3 


A-jy-C. 

i_r~j ijł.J 3...S—■- ł-.i-j 

1 1 72 

1 ^l 2 l = T" 

CMPLX B A 

C3+i)Conjg(X)+0 

|x + y = 0 

[ y = “3 

89897+298041 


[39897 = 4.10000 - 100 - 3 = 4x - y - 3 
"[29804 = 3.10000 - 2.100 + 4 = 3x - 2y + 4 

ix-y -3 ^ I - v ~ ^ phan thuc cńa z la 2. 

3x - 2y = -4 [y = 5 

Cau 48: Dap an B. 

| z -f| = |z-3x + 2| olz-jf - Iz-3t + 2| =0. 


c = -12 

b = -8 => -4x - 8y -12 = 0. 
a = - 4 



— Ł>-2<0 


\a<b + 2 


4)4 116 4 4 116 4 4 




T ,, . b + 2 b „ -5 
Tathu —— + --2<— =>fc<2 
16 4 4 

|z| 2 <|b + 2| 2 + |b|. 

Ta sir dung TABLE de tim Max voi 
/(x) = |x + 2| 2 +|x| 2 tren [0;2], 


cd gg3 (si[M3iS][=]Ci3E=iroirnnif^i 


iuru— 

0.2 

D.M 

E Mktb 

FCX> 1 

X 

M a 00 

5.321 

0 

, s 

m Vb F n!ua 

iLdUl b -^ 

MMh 

i 

1 

B 

3 

X 

Ib 2 

msM 

a 

F (X) 

1 USB 
13.52 

1 Sb 52 

M&th 

1.6 

, E 

jn "i.a n?M 

lul 50 

Math 


Vąy max|z| =20 =>max|z| = 2^5 <=> b = 2;a = 4. 

Cau 50: Dap an B. 


Ta dat 


■ = «<=> az -z + 2fl = 0. 


2 +z 2 

Vói a = 0 => z = 0 => |z| = 0. 


Vói a = l=^z 2 


■z + 2 = 0oz = -±4: 

2 2 


1 = ^. 


Ta thay vói cac trucmg hop a * 0 thi |z| = const = -Ji. 

Dat u = z+l-i=>\u-l+i\=^2 

Bai toan tró thanh tim |u| biet \u -1 + fi = Jl 

I lmax I I v 

Ap dung cóng thuc so 10 trong phan ly thuyet cyc tri 
ta có [M| max =\l-i\ + 4l= 2sfl. 

Cau 51: Dap ati C. 

Tir |z| =4 <=>|z-0| =4 = |z-Zj| -»z t =0;R = 4. 

Tir w = (3+4f)z + f = z 2 .z+z 3 -+z 2 =3+4 i;z 3 =i 
—>z 2 .z I +z 3 =(3 + 4f).0 + f -i 

Vąy tąp hop cac diem bieu dien so phuc w la duong 


iii 

2(3-4i)+l-| 


7-9i 


Dięn tich hinh tron dó la S = nR 2 = nA 2 = 16n (dvdt). 

Cau 53: Dap an A. 

Tir |z—1| =2 = |z—z,| —»z 1 =1;R = 2. 

Tir w = (\ + i^3 jz + 2 = z 2 .z + z 3 -»z 2 = l + i-j3;z 3 =2 . 

z 2 - z i +Z 3 ~ ^l + i>/3 j.1 + 2 = 3+f\/3 . Vąy tap hop 
cac diem bieu dien so phuc w la dudng tron tam 
/|3;^j,bankinh r = R.|z 2 | = 2.|l + j>/3| = 4 . 


CMPLX O 


211 +i I 


Cau 54: Dap an A. 

Ta có |z| = 2 = |z|o|z-o| = 2->z 1 =0;R = 2. 

Tir w = (l-2i).z+3i = z 2 .z+z 3 -+z 2 =l-2f;z 3 =3 i 
—>z 2 .Zj +z 3 = (l-2z).0+3i = 3 i. Vąt tąp hop cac diem 
bieu dien so phuc w la duong tron tam /(0;3), ban 
kinh r = R|l-2i| = 2.|l-2i| = 2>/5 . 


CMPLX a - 

211 —2i I 


J2K 


Phuong trinh duong tron dó la x 2 +(j/-3) 2 = 20 . 

Cau 55: Dap an C. 

Tir \z+l\ = 2 = \z-z 1 \-> z, = -l;R = 2. 

Tir w = (l + 2i)z-i = z 2 .z + z 3 -+z 2 = l+2z;z 3 =-i 
Ta có z 2 .Zj +z 3 =(l + 2t)(—1)+(—f) = — l-3f. Vąy tąp 
hop cac diem bieu dien so phuc a; la duong tron tam 



/1 

(—1;—3), ban kinh r = 2?.|; 

z 2 =2.1 + 2 i =2^5. 

OTE a KH a 

413+4i1 


~ ", CMPLX 0 iTi 

(l+2i)x(-l)-i 

CMPt* a Mmi, i - 

211+211 

_ 2oJ 

1 

_-l-3i 

_ 2j5 


Cau 52: Dap an C, 

Tir |z-3+4ij<2<^>|z-(3— 4f)| <2—»z, = 3-4i;R = 2. 

Tąp hop cac diem bieu dien so phuc z la hinh tron 
tam I (3;-4), ban kinh R = 2 . 

Tir W7 = 2z + 1-i = z 2 .z + z 3 ->z 2 =2;z 3 =l-i 
— >z 2 - z i +z 3 —2(3— 4z) + l — i = 7— 9i. Vąy tąp hop cac 
diem bieu dien so phuc w la hinh tron tam l t (7;-9), 
ban kinh r = R. |z 2 | =2.|2| =4. 


Cau 56: Dap an ] 

Dat a> = (l + i)z + l-7t-»z = - 

—( H i )”- 3ł4i - 


i+f 


Bai toan tró' thanh: Cho só' phuc w thóa man |u>| = & 
Tim gia tri lón nhat cua |z| vói z = (i - - i) w + 3 + 4 i 

__ U 2 J 

Tir gia thiet ta có \v\=42=\w-w 1 \-*w l = 0;R = -^2 . 
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.mań 


tąp hop cac diem bieu dien so phuc z la dudng tron 

r i i 

(3;4),bankinh r = R.\vj 2 | = \/2 — - — i = 1. 


tam 


CMPLX 


(2+i)( 


Suy ra tąp hop cac diem bieu dien so phiic w la 
h 5I 

duong tron tam i —, ban kinh 


is tró t hi: dr. Cno so phuc z thóa man 
;j = S • Tim gia tri lón nhat va gia tri nhó nhat 

fciet w=z+ 1. 


Ta có z 2 .z, + z 3 = 1. (2+4i)+1 = 3+4i. Vąy tąp h(?p 
cac diem bieu dien so phuc w la duong tron có tam 
l(3;4) va ban kinh r = R.|z 2 | = -JE . 

[maxM = max|w| =OI + r = 5 + sfS 

M =; w < iii-i r 

minM = min iy = \Ol-r\ = 5 —v5 


Rai ; foka nć iiMah, 

|z-l+2z| = x/lO . Tim 


man 


nic z thóa man 


CMPLX 


Suy ra tąp hop cac diem bieu dien so phiic w la 
duóng tron có tam I (2; -6), ban kinh 


Suy ra tąp hop tat ca cac diem bieu dien so phuc w la. 
duong tron tam I (O;—3), ban kinh r = R.|z 2 | = v5 . 

Vąy M l 


lmax 


i min 


fi 

-iii 

K7 + 3 + 4 

1 

= W n .W + w, —* w 0 = — 

1 . 

— t ; 


i 

z —— 

3 . 

— i 

u 

2 J 

2 3 2 2 

2 


2 

2 
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Zh*M de 8; Pby'orś5£ irhń 



‘ v ~ 1 I ypub 

1. Cle chi iii Sam vięo trsn may tfoh 

1, Lęnh [calc; dung de kiem tra xem x 0 có la nghięm \ 

i 

cua phuong trinh, hę phuong trinh hay bat phuong i 
? trinh hay khóng. 

j 2. Lęnh SQLVE: (arrl fcŁci de tim nghięm cua mót j 

I 

| phuong trinh bat ki. \ 

I 3. Phuong thuc EQN: Sodę ffl de giai cac hę phuong 
. trinh va phuong trinh co ban. 


1: anX+tinV=Cn 
2: anK+bnV+Cn2=dri 
3:aX£+bX+c=o 
4;aX3 +bxa +cX+d=o 


4, Phuomg thuc ifcE-j «n ■' • ^ I de giai cac bat ( 

phuong trinh co ban (bat phuong trinh bąc hai, bac j 
ba). 


l;aX£+bX+c 
2 s aM3+bX£+cX+d 


J3X 2 +6X+3-2X-l 

0.9282032303 


4'3X 2 +6X+3-2X-l 


0 


t. Csc tiąng toan hm quan 

| Dang 1: Kiem tra xem mot so có phai la nghięm cua phuong trinh hay khóng 


“Ir 


Bai toan: Kiem tra xem x 0 có la nghięm cua phuong trinh f(x) = 0 hay khóng. 

Quy trmls. barn may: | 

- Buóc 1: Nhap vao man hinh f (X) . 

| - Buóc 2: An gis), may hói X? Nhap x 0 (X = x 0 ). 

I - Buóc 3: An (SI, quan sat ket qua. Neu ket qua bang 0 thi x 0 la nghięm cua 
| phuong trinh f(x) = 0 . Nguoc lai, neu ket qua khac 0 thi x 0 khóng la nghięm cua 

s 


| phuong trinh. 


j~Vi diii 1: Tąp nghięm cua phuong trinh 73x 2 +6x + 3 = 2x + l 
A. {l-|3;l + >/3} B. {l-TŚ} C {l + TI} 


D. 0 


Ldi giai 

Nhap vao man hinh 7 3X 2 +6X + 3 - 2X -1: 

© d} gg Qj H3 GE3 tFJ iii Q] SD di (B E3 GD Pili CO Ej CD 

An jCALĆj , may hói X? An hj El(yjjj (31 fTl (x = l-73). An lisi , may hien ket 
qua bang 0,9282032303 ^ 0 . Loąi A va B. 

An ®i|l tiep, may hói X? An (J) (+j © [s] jj] (x = 1 + 71). An dO, may hien 
ket qua bang 0. Chon C. 

Oap an C. 


Vi du 2 : Phuong trinh cos2x-cos6x = sin3x + sin5x có nghięm la: 


A. x = — 

6 


i. x = - 


4 - n 

C. x = — 
3 


D. x = -- 
6 


Ldi giai 

Dua may tlnh ve che do racfian: jimi ©1 3](Rad), 
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Giai phuang trinh |log 2 {x-2)-\ = log 1 4^5 ta duac tąp nghięm 
6 ^8 


Dieu kięn: X > 2. Mur vąy loąi ngay A va 

1 . j 

Nhąp vao man hinh - Sag , (X - 2) - — - lo 

i-pj \ "i 1 Qf ] (J>) (jfjl lAt.H^A j UJ Lii. 

[j] <g> jj] <g> ® ES [13 §§) COQ C§J 

An [iii!, may hói X? An *jJ (X = 3). An 
An ;cSlc| tiep, may hói X? An ifij (X = 
0,3012258203 * 0 . Loąi C 


1.7 i A i v Ą* Płitvnmcr friTlIl 


ą£7A~x+i + 2 ~ 9.2 V ' 


Dieu kien: 3x 2 - 2x > 0 <s> x(3x - 2) > 0 o " 3 - Loąi 3. 

x < 0 

„ a , x , , , , Ax 2 -2X+1 , 9 q x tA x2 -2X . 

Nhap vao man hmh 4 - V X/ - 

GiHgiESliljSMśili® g[2l@m<g)E][l]€)0iiiIiG3ŚIi SKUSI 
li] iii CD © 3 GD S®j iii 

- Phucmg an A: An @2), may hói X? An Kj 03 £ii CU |x = --j ■ An 
hien ket qua bang 0. An §gj tiep, may hói X? An UJ (X = l). An U~j, ma 















3 4 * -4 3 * 

_: 0.3381061054 


4* *3* 


3 4 -4 


76.392115791 


34* _.;j3^ 

-0.233416P7 

a Math A 

-j4 r ' _a3* 


3 4 -4° 


JL 


De de dang kiem tra nghięm, ta gan log 3 (log 3 4)^ A, log 2 (log 3 2)->B, 

4 3 

lo S 3 (!og 3 2) -> C va log 4 (log 3 4) -> D. 

2 3 

Nhąp vao man hinh 3 4X - 4 3 *: 

®@®©iDa(g)®QSgjoggpguj 

- Phuang dn A: An may hói X? An @| O (X = A). An (=), may hien ket 
qua bang -0,3381061054 * 0. Loąi A. 

- Phuang dn B: An iii, may hói X?AngE3(X = B). An may hien ket 

qua bang 76,39211579 * 0. Loąi B. 

- Phuang dn C: An S, may hói X? An @ H (X = C). An OD, may hien ket 
qua bang -0,23341627 * 0. Loąi C. 

- Phuang dn B: An @, may hói X?AnB§( X = D).An may hien ket 
qua bang 0. Chon D. 


Dang 2; Kiem tra nghięm, tąp nghięm cua hę phuomg trinh 


bi su 

Cach lam ben cung dung 
trong truóng hop hę gbm 
3, hay 4 phuang trinh. Su 
dung ki tu da cau lęnh (:) 
de ngan cach cac bieu thuc 
(ve trai) va sau dó dung 
CALC de kiem tra nghięm. 


hay khóng. 


Bai toan: Kiem tra xem cąp s6 x 0 ;y 0 có la nghięm cua hę phuang trinh 
/ x;y =0 
8 x;y =0 

Quy trinh barn may: j 

- Buac 1: Nhąp vao man hinh hai bieu thuc f X va g X ngan cach nhau boi ki 

tu da cau lęnh (:): §1 ® (da duąc de cąp den tąi chu de 3). Có nghia la nhąp vao 
man hinh f X : g X . 

- Buóc 2: An may hói X? Nhąp x 0 X = x 0 . An OD may hói Y? Nhąp 
Vo Y =y 0 • 

- Buóc 3: An ©, may hien gia tri cua f X;Y (khi X = x 0 , Y = y 0 ). An (U tiep 
may hien gia tri cua g X (khi X = x 0 , Y = y g ). Neu f X;Y va g X;Y deu bing ! 
Otht x 0 ;y 0 la nghięm cua hę. Neu męt trong hai gia tri f X;Y va g X;Y (hoąc 
ca hai) khac 0 thi x Q ;y Q khóng la nghięm. 


Vi du 1: Hę phuong trinh \ X 4 * V + V 1 c ó nghięm la: 

V-3xy = 4 5 ' 


A. (1;4) hoąc (-1;-A) 

C. (-l;-4) hoąc (-4;-l) 


i- (l;4) hoąc (4; 1) 

3. (4;-4) hoąc (-4; 4) 


Lćd giai 

Nhąp vao man hinh X 2 - 4XY + Y 2 -1: Y 2 - 3XY - 4: 

@0@0@aE@§fflg§@g[ 
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m 

Math ADiss 

X 2 ~4XY+ 

y2_i 

0 


‘,.'2 _oyV 
f On i 


Phuang an A: An may hói X? An jj (X = 1). An iD, may hói Y? An !4j 
CY = 4). An ©, may hien X 2 -4XY + Y 2 -1 = 0. An Jg tiep, may hien 
Y 2 -3XY-4 = 0. 

An (§[§) tiep, may hói X? An jjrig Jj /X = —l). An Lsj, may hói Y? An @[4.3 
(Y = —4). An S}, may hien X 2 -4XY + Y 2 -1 = 0. An [§D tiep, may hien 
Y 2 -3XY -4 = 0. Vąy (—1;-4) la mot nghięm cua hę. 

Chon ngay dap an A va khóng can kiem tra tiep cac dap an B, C, D. 


, _ TT „ , , . fx 2 +y 2 =20 ,, 

Vi aa 2; He phuang trinh < J voi x > y co nghiem la: 

[log 2 *+log 2 y = 3 

A. (3;2) B. (4;2) C ^3>/2;^/2 j D. Ket qua khac 


X z +Y 2 -20 


-7 


X 2 +y 2 -20 


~0 Math ADispl 


g MathA 

log 2 CX)+log 2 CY)!> 




“1 MatTi SxH5i| 


230 


gY+1—2^- 


BMsth AOiiiil 


3 V+1 -2^~5 


B Math ADisfi 


4 X_ 6x g v +2 


B Math Ł 


Nhap vao man hinh X 2 + Y 2 — 20: log 2 (X) + log 2 (Y) — 3 

i® CD® GB ES ii® EJ GD (13 Hi 88 ES d3 <© HS CD <£> GES §3 Cis CE) 
KŁHW CE’ E3 LŚJ 

- Phuang an A: An (CALCj, may hói X? An [3] (X = 3). An fSj, may hói Y? An S~2l 
(Y = 2). An Cli/ may hien ket qua. X 2 + Y 2 -20 =-7^0. Vęy (3;2) khóng la 
nghięm cua hę phuang trinh. 

- Phuang an B: An iwEŚ) . may hói X? An 31 (X = 4). An @13/ may hói Y? An |JD 
(Y = 2). An Q=), may hien ket qua X 2 + Y 2 - 20 = 0 . An @|], may hien ket qua 
log 2 (X) + log 2 {Y) -3 = 0 . Vay (4; 2) la nghięm cua hę phuang trinh. 

Dap an B, 

V- 1 o.r 


STUDY UPS 

Ó vi du ben, khi an (CALę}, 
may hói Y aau tien la do 
trong bieli thńc nhąp vao 
man hinh, bien nhó Y duoc 
nhąp truóc bieh nhó X. Vąy 
nen, ban doc can quan sat kT 
de tranh nham lan khóng 
dang có trong tłuł tu nhąp 
X,Y. 


3~ - 2 X = 5 

Vi du 3: He phuang trinh < có nghiem la: 

i ' 4* - 6.3 y +2 = 0 ' 


A. 


(3;4) 


B. (l;3) C. (2;l) 


D. (4; 4) 


Lad giai 


Nhap vao may 3 Y+1 - 2 X - 5: 4 X - 6 x 3 Y + 2: 

m © m s m m <b s od m m m <& a en m m ® ® m m ® 

E3 CD [13 iii fej @ f§| <B OB CD 

- Phuang an A: An | SIo| , may hói Y? An © (Y = 4). An ©, may hói X? An GD 
(X = 3). An fST] , may hien 3 Y+1 - 2 X — 5 = 230 & 0 . Vay (3; 4) khóng la nghięm cua 
hę phuang trinh. 

- Phuang an B: An fCALCj, may hói Y? An QQ (Y = 3). An may hói X? An ijj 
(X = l) . An iSj . may hien 3 Y+1 -2 X — 5 = 74 y 0 . Vay (l;3) khóng la nghięm cua 
hę phuang trinh. 

- Phuang an C: An jĆALCl , may hói Y? An Qj (Y = l). An SMI, may hói X? An (JJ 
(X = 2). An Ijj:, may hien ket qua 3 Y+1 - 2 X - 5 = 0 . An © tiep, may hien ket 
qua 4 X -6x3 Y +2 = 0 . Vąy (2;l) la nghięm cua hę phuang trinh. 


Dap an C.. 
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Phars 2 - Chu de 8: Phiftfng rrswh - He PT - Bat PT 


; 3: Kiem tra tąp nghięm cua bat phtrong trinh 


Diem tói han ctia ham so 
f\x) la diem lam /(*) = 0 
hoąc f(x) khóng xac dinh. 
Khi j55F; cho /(X) tai 
X = ,v 0 ma may hien ket 
qua bang 0, hoąc may hien 
Math ERROR thi x 0 chinh 
la diem tói han cua f (i]. 


Quy trinh bani may: 

- Biróc 1: Bień doi bat phuong trinh ve mot trong cac dąng sau: f X > 0, 
f x <0 ,fx >0 ,fx <0. 

- Biróc 2: Nhąp vao may bieu thuc f X . 

- Biróc 3: An (caEcI , may hói X? Nhąp x i X — x j , trong dó x. i = 1, n thuong la 
cac gia tri tąi dau mut cua cac tąp nghięm da cho truóc trong 4 dap an A, B, C, D. 
- > Kiem tra xem x i có phai la diem tói han cua f X hay khóng? 

Neu tat ca x t deu la diem tói han thi dau cua / x trong moi khoang 
(x 1 ;^) / ...,(x: I1 _ il ;* ll ),(x lI ;+oo) (vói x 1 < x 2 <... < x n ) la khóng thay doi. 

- Biróc 4: An [Ćii.i.C|, may hói X ? Chon X e (-oo; x 1 ) la mót gia tri dąi dięn de xet dau 
cua f(x). An (=j quan sat ket qua xem la duong hay am, ta xac dinh duac dau 
cua f(x) tren khoang (-qo; x 1 ). Tu* dó ta có the suy ra duoc dau cua / x tren moi 
khoang cón ląi nhó vao quy tac dan xen dau. 


Math ERROR 

Math 

CAC] : 

1 c >1: 

Cancel 

Goto _ _ 

(X—1) 

2- 1 X-2 

a 

Math A 

X2-i 


0 

_ 

Math ERROR 

Math 

CAC 3 : 

C43CH1: 

Canoe1 

Goto 

(X = l) 

2- 1 X—2 
X2-l 


Math A 

2 

3 

(X = 2) 

2-1X—2 
X2-1 

0 

Math A 

0 

(X-4) 


0 

2-1X—21 

Math A 

X2-1 

2 

3 


^ 2 - x—2 

VI du I: Tąp nghięm cua bat phuong trinh --> 0 la: 


x 2 3 -l 


i. S = (—l;0)u(l;4) 
I. S=(-l;0]u(l;4] 


• S = [-l;0]u(l;4] 
). S = (-l;2]u(l;4] 


Lód giai 

Nh$n xet: Dieu kięn xa±1 nen loąi ngay dap an B vi trong tąp nghięm có chua 
x = -l. 


2- x-2 
x 2 -1 


voi 


Dap an xuat hien cac gia tri -1, 0, 1, 2, 4 nen ta se CALC bieu thuc 

cac gia tri nay de tim gia tri tói han. 

2 —|X—2| 

Nhap vao man hinh - - --: 

F X 2 -l 

m cu s m ii m m b lu ® m m isa. 

An fCALC l, may hói X? Lan luot CALC vói cac gia tri X = —1, X = 0, X = 1, X = 2, 

2 

X = 4 thi man hinh hien ket qua tuong ung la: Math ERROR, 0, Math ERROR, — 
va 0. 

2-|x —2| 

Vąy có bon gia tri -1, 0, 1, 4 la gia tri tói hąn cua -—--. Khi dó, dau cua 


x l -l 


2-\x-2 


x 2 - 


j-C tren mói khoang (-oo;— l),(—l;0),(0;l),(l;4),(4;+co) khóng doi. 


, , ^ 2-X—2 

Xet khoang (-oo;— lj chua diem x=— 2. Dimg CALC cho bieu thuc-;-vói 


X z -1 


2 2-X-2 , . 

X=—2, ta duoc ket qua — <0. Suy ra---< 0, g (-oo; -1 j. 

3 X — 1 
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Tir dó, ta xac dinh duoc dau cac khoang cón ląi cda bieu thóc 


13 Math A 

ln((X-l)(X-2)0(s ; - 

_ 0 . 

(X =1;X = 2;X = 3) 


Math ERROR 

CAC 3 i Canoe1 
r-a i c a coto _ 

(x=o' 


lnCCX-l)CX”2)CXi> 
-fi.4700036292 

(x=5/2) 


ln((X-l)CX-2)(Xi> 

n.31.R4537311 

(x=3/2 


ln((X-l)CX-2)(Xi> 
1 - 94591.0149 


X —2 


V 2 . 


nnu san: 



2— X —2 

Quan sat, ta thay tren cac khoang (— 1;0) va (l;4) thi ——-—-— > 0. Do bieu thiic 

A. — i 

nay bang 0 tai X = 0 va X = 4 va do bat phuong trinh có lay dau "=" (dau bat 

2-|x-2| -l<x<0 

phircmg trinh la “>") nen: --— — >G<=> ^ <x< ą ' 

Vąy tap nghięm S = (—1; 0~| u (l; 4j. 


i Vi du 2: Bat phuong trinh ln[(x-l)(x-2)(x-3) + l] > 0 có tap nghięm la: 

A. S = (l;2)u(3;+oo) B. S = (l;2)n(3;+°o) 

j C, S = (— °°;l)o(2;3) D, S = (-oo;l)cj(2;3) 


LM giai 

Loai ngay dap an B va C vi hai tap nghięm nay khóng ton tai. 

NMn xet Dap an xuat hien cac gia tri 1, 2, 3 nen ta se sir dung CALC bieu thiic 
ln[(x-l)(x-2)(x-3) + l] vói x = l,x = 2,x = 3 de tim diem tói han. 

Nhąp vao man hinh ln((X-l)(X-2)(X-3) + l) 

03 co m CD E3 CD CD CD ®P -T S f •?) T; CO @§ CS 0 GD CS GB CD CD • 

An (CALCj, may hói X? Lan kręt CALC vói cac gia tri X = l / X = 2 / X = 3 thi man 
hinh deu hien ket qua b&ng 0. 

Vay 1,2, 3 deu la cac gia tri tói han cua bieu thiic ln[(x - l)(x - 2)(x - 3) +1] . Khi 
dó, ba gia tri nay chia thanh 4 khoang (-oo;l),(l;2),(2; 3),(3; +oo) va dau cua bieu 
thiic ln[(x-l)(x-2)(x-3) + l] tren mói khoang dó khóng doi. 

3 5 

Chon 4 gia tri dai dięn cho mói khoang la: Oe(-oo;l), —e(l;2), -e(2;3). 


4s(3;-k>o). 

Diing CALC cho bieu thiic ln((X-l)(X-2)(X-3) + l) lan luot vói 

X = 0X = -,X=-,X = 4 ta rthan diroc ket qua tuong ńng la Math ERROR, 
2 2 

0,3184537311 >0, -0,4700036292 < 0, 1,945910149 >0. 

Nhu vąy, tren mói khoang (l;2) va (3;+°o) thi ln|^(x — l)(x —2)(x — 3) + lJ > 0. 
Bat phuong trinh lay dau duong (dau bat phucmg trinh la ">”) nen tap nghięm 
la S = (l;2)u(3;-K»). 




Phan 2 - Łhu de 8: PhiAmg trinh - Hę PT - Bat PT 


The best or nothing 



(X = log 2 5) 


| Vi du 3: Tąp nghięm cua bat phuong trinh > 5 X ' 2 la: 

A. ace(-oo;-2)u(log 2 5;+oo) B. x e(-°o;-2]u[log, 5;-Kx>) 

C. a:e(-oo;log 2 5-2)^(2;+oo) D. xe(-oo;log 2 5-2]u[2;-H») 

Lói giai 

Bat phuong trinh <=> 2 **' 4 - 5' 2 > 0 . 

Nhąn xet: Dap an xuat hien cac gia tri -2, log 2 5-2, 2 va log 2 5 nen ta se CALC 

bieu thuc 2* 2-4 — 5*~ 2 vói x = -2, x = log, 5-2, x = 2 va x = log, 5 detimdiem 
tói han. 

Nhąp vao man hinh 2 X " 4 - 5 X 2 : 

(2 0 ®H CD m B ES <S> EJ EJ 63 @D Dl EJ CU. 

An USB, may hói X? Lan lupt CALC vói cac gia tri X = -2, X = log 2 5-2, X = 2, 

X = log, 5 ta nhąn duoc ket qua tuong ung la — ,0, 0 va 0,9443665781. 

625 

Vąy bieu thuc 2 y2 - 4 -5 r ~ 2 có hai gia tri tói han la x = log 2 5-2 va x = 2. Nhu vąy 
dap so chi có the la C hoąc D (Loai A va B). 

Do bat phuong trinh có lay dau "=" (dau bat phuong trinh la " < ") nen ca hai gia 
tri x = log 2 5-2 va x = 2 deu thóa man bat phuong trinh. Loąi C. 


Dang. 4: tun $6 nghięm cua phuong trinh. Tinh gia tri cua bieu thóc lien quan 
den cac nghięm 



Neu trong qua trinh SOLVE 
xuat hięn nghięm le, ta có 
the gan nghięm dó vao cac 
bien nhó A, B, C, ... roi sau 
dó thuc hięn nhąp vao may 
: f(X)4-(X-A)*(X- B) 


Bai toan: Tim so nghięm cua phuong trinh f x — 0 

Quy trinh barn may; 

- Biróc 1: Nhap vao man hinh f X . Dung SOLYE: (wt) (ag) ta tim duoc męt 
nghięm cua phuong trinh la x = u . 

- Buóc 2: Sau khi tim duoc męt nghięm x = a . Sua bieu thuc da nhąp thanh 
f(X)^-(X-a.). Tiep tuc dung SOLYE: [śhIPt] (CALĆI de tim nghięm. 

+ Neu man hinh bao Can't Solve thi có nghia la phuong trinh da het nghięm. 

+ Neu man hinh hięn them mot nghięm x = p thi ta sua bieu thuc da nhąp thanh 
X - X — a : X p . Qua trinh SOLYE: (shjft) (aĘęJ van tiep tuc nhu vąy cho den 
khi man hinh bao Can't Solve thi phuong trinh da het nghięm. 



Lól giai 


Nhąp vao man hinh (log 2 (x )) 2 + (X -4)log 2 (X)- X + 3: 


(io9 2 coy+d-4» 



2 


GD sata® e m (g> m m ffl m s m ei ej ca §3 m <g> mi ca <s> 

0H0®@] 

An ssTSj (CALC] (SOL VE), an QD © man hinh hien thi nghięm x=2. 
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0 Math 

can" t 

. sol we 

E ńG 3 

z canoe1 

E<S 1 C 

>1 i GOtO 




A 




i 

"V . o. 

. 

V n \ 

^log 2 


k X-4j 

i 0 g 2 

l x J 

-A4-o 

- 

A — Zj 


An f i)FTj fcStćl CSOLYEi, an fs] l5J man hinh hien Can't Solve. 
Vąy phuong trinh có dung mol nghięm ia x = 2. 


7{ da 2: S6nghięm cua phuong trinh 2' + ' 21+3 - 2 U ^ X+5 +2 bi -32-0 la 


. gj Math 


_nł+^2f 


;an’t sol we 

:ńC3 scanoei 
:^3CB-]gGot.o _ 


6*4 / M2*6 k +6*9 :k 

X= 0 

L-R=_D 


Continue-[=] 

X= =87.90305971 
l-R= -2„ 3%4xii 24 

--i- mr& 

(6x4 f< -12x6 x +6^i> 

X= lx.i 50 

L-R= _0. 


Łoi giął 

Nhąp vao man hinh -2 1+ ^^+2 6 x — 32: 

An pPfl pQ(SOLV12), an (o) (§0 ta lim duoc mot nghięm la x=l. 

Sua bieu thuc vua nhap o tren thanh ^2 x+ ' ExT ® - 2 ,+ '^ 5 +2 6 x - 32 j -e (X -1): 

<B CD ® (3> CD GS CD m 03 B CD CD 

An pffl jcnT(?l<SOŁVE)/ an [f] @ ta tim duoc mot nghięm la x = 2. 

Sua bieu thuc vira nhap thanh ( 2+ 2 6 x - 32 j -s-(X -1) -e(X - 2): 

li) 23 OD iii CD EJ S CD 

Su dpng ®@ (§E|<SOLVE), an TJ [fj (§] man hinh hien Can't Solve. 

Vay phuong trinh chi có hai nghięm la x = 1 va x = 2 . 

Bap an B. 

j vi «iu 3: Sc nghięm cua phuong trinh 6.4* -12.6* + 6.9* =0 la 

j a. 3 B, 1 A, 2 _D^0_ 

1,64 gśii 

Nhap vao man hinh 6 x 4 X —12 x 6 X + 6 x 9 X : 

©[iiiijSSiliDJcEiBSSiscijiSgiScacsiBSSScijgjiiiCD 
An ii] [tH(SOLVE), an foj |=) ta tim duoc mot nghięm la * = 0. 

Sua bieu thuc vua nhap ó tren thanh (ó x 4" -12 x 6 X + 6 x 9 X ) -s- X : 

<E) CD <S> C§> Q3.CS @ CS 

An @ HISOŁYE), an O 03 S3 © may yeu cau Continue:[=] 

An fE] Hen tuc cho den khi may hien ket qua x = 1 x 10 50 « 0. 

Sua bieu thuc da nhap vao man hinh thanh (6 x 4 X -12 x 6 X + 6 x 9 X ) + X + X 

An iii H(SOLYE), an UJ [Oj j=) may yeu cau Continue:[=] . An f=l lien tu< 

cho thi may hien ket qua x = 1 x 10 ~ 0. 

V$y phuong trinh có mot nghięm la x — 0. 


3 * 

Vi du 4: Phuong trinh ^-s/3 + -J2 j* 1 = ^\/3 — yfij có só nghięm am la 


Lód giai 


D. 0 
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rlian 2 - Chu de 8: PhiMig trinh - He PT - Bat PT 


fhe best or nott 


JA 

Nhąp vao man hinh |\/3 + -Jl j*' 1 : 

CD © (U © GB UD GD © GO © fU iii EU 853 H CD El CD © © El CD GD 


An [shift) jogjCSOLYE), an [0J [=J ta tim ćtuoc nghięm la x = 0 . 


Sua bieu thurc vua nhąp a tren thanh |%/3+^j x_1 +X: 


®0®@agg[ij 

-An {H3 d! (SOLYE), an O CD ii] (Mi ta tim dtroc mót nghięm la x = -2. 

' 3X_ \ 

Sua bieu thuc vua nhąp ó tren thanh (%/3 + n/2^" 1 -{^3 +X-^(X + 2): 


smaafflas 

An @@(SOLVE), ah |_0 @3 GD man hinh hien Continue:[=] . 
Vąy phuong trinh có nghięm am la x = -2. 



Ldi giai 

Nhąp vao man hinh log 4 (x - Vx 2 -l)xlog 5 (x + Vx 2 -l)-log 20 (x - Vx 2 -l): 

S 0 ® d§ Dl 0 ®1 CD (13 0 CD © © El) §3 CD © ®® Dfj El PI] 
H Dl d 3 E) CD © © 0 i§Sj CD D 3 ® d§ jT) EJ © di Dl m R m 

An®® (SOLYE), ah © H) may hien nghięm x = l. 

Sua bieu thuc vua nhąp thanh 

(log 4 (X -7x 2 -l) x log 5 (X + Vx 2 -l)-log 20 (x -y/x 2 -ljj - (X -1) 

® m © © m o co m m s m m 

An @@(SOLVE), an ©GD man hinh hien nghięm x = 1,290406565. An 
@13 @ O de gan nghięm nay vao bien nhó A. 

Nhąp vao man hinh 

(l°g 4 (x-A/x 2 -l)xlog 5 (x + Vx 2 -l)-log 20 (x-7x 2 -l)jH-(X-l)H-(X-A) 

An |wj] (CA^j (SOLYE), ah (S] jS) man hinh hien Can't Solve. 

Vąy phuong trinh có hai nghięm. 



Nhąp vao man hinh X 3 x 3 X + 27X - X x 3 X+1 - 9X 3 : 

S0B@SLl]0BC]®®@!I]B[aEBa0®@S 

An (ŚHRj (H (SOLYE), ah GD [Sj may hien nghięm x = 0. 
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—“ “ 1 Math o 

(X 3 x3 k +2?X“:^3^ 
x= i.732050308 
LzEf__a. 


— -- i 

łfeth A 

(X 3 *3*+27X-X 

X3 r > 

x= 

2 

1 -R= 

0 


-a-Kry- 

^27X-X*3'S> 
..732050808 
_ 0 


Continue’E=] 

X= -2 d 91852xid 24 
1 -B=3. n83749xi £4 


O+ń^-2+B 


Suabieu thiic danhąp thanh (X 3 x3 x + 27X-Xx3 x " 9X7 ) : X: 


O uJ (±j WIX 

E), an [Jlilij may hięn nghięm x = 1,732050808 ganvao a. 

'v_aV 


X 


An ISAtCiOA 

S«a bieu thuc da nhąp thanh (X J x3 X + 27X- X x 3~' 1 - 9X ) + X 
An piPfj pSj(SOLYE), an [H [Ii (U may hien nghięm x=2. 

Sua bieu thuc da nhąp thanh 

(X 3 x 3 X + 27X — X x 3 X+1 — 9X 3 ) - 5 - X -h (X — A) + (X — 2) 

An piWj !ća 5](SOLVE), an £5j (Hj may hien nghięm x = -1,732050808 gan vao 
Siia bieu thuc thanh 

(X 3 x3 x +27X-Xx3 x+1 -9X 3 )h-X^(X-A)-(X-2)-^(X —B) 

An jislj (§E,Ci (SOI.VE), an dQ GD [ii may hięn Continue: [=] 

Vąy phircmg trinh có 4 nghięm: x = 0, x = A, x = 2,x — B. 

Tortg cac nghięm la 0 + A + 2 + B = 2. 
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Dang 1: Kiern tra nghięrra cua phiAAig trsnh 

Can 1: Neu log, 243 = 5 thi x bang: 

A. 2 B. 3 C. 4 D. 5 

Cau 2: Nghięm cua phuong trinh 2' 2 ~' +8 = 4' Zx la: 
A - {-2; 3} B. {-3;-2} 

c {-3; 2} D. {2; 3} 

Cau, 3: Phuong trinh 2 x2 ~ 4x+1 = 8 X ~ 4 có tąp nghięm la: 


A. (2; — 
2 


r j / ±yfi7 ] 


B. -j ——;2 
2 


D 


Nghięm khac 

Cau 4: Tąp nghięm cua phuong trinh 
iog 2 xlog 4 xlog 6 x 

= log 2 x. log 4 x + log 4 xlog 6 x + log 6 xlog 2 x la: 
A * {1} B. {2;4;6} 

C- {l; 12} D. (l; 48} 

Cau 5: Phuong trinh log 2 x + log 2 x 2 = log 2 (4x) có tąp 
nghięm la: 

A. {O; —2; 2} B. {0;2} 

C - {-2; 2} D. {2} 

Cau 6: Phuong trinh 5 1 " 1 +5 3 ~* =26 có tąp nghięm la: 
A- {3;5} B. {l;3} C. { 2 ;4} D. 0 

Ca« 7: Phuong trinh — + - = 1 có t g p 


4 - log x 2 + log x 

B. {l; 20} 

D. 0 


nghięm la: 

A. {10;100} 

C. ;10 

[10 

Cau 8: Phuong trinh log 3 x + log 9 x + log 27 x = ll có 
nghięm la: 

A. x = 6 B. x = 729 

1 


C. x — - 


8 


D. x>0 


Cau 9: Phuong trinh 3.8* +4.12* -18' -2.27' =0 có 
nghięm la: 

A. x = l B. x = —1, x = 1 

A- X = 2 D. Vó nghięm 

Cau 10: Nghięm cua phuong trinh 2 si " 2 ' +5.2 cra,2:t =7 
la: 

A. % B. -3k C. - D. n 
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Liąsig 2°. kiern tra nghięim, tąp nghięm cua hę 

phiftmg trinh 

Cau 11: Hę phuong trinh j lo s( xy ) ~ 5 vói x > y có 
[logx.logy = 6 

nghięm la: 

A. (l00;10) B. (500;4) 

C. (100; 100) D. Ket qua khac 

Cau 12: Hę phuong trinh fa°S x 2 log y- 5 

[41ogx + 31ogy = 18 

nghięm la: 

A. (l00;1000) B, (l000;100) 

C. (50;40) D. Ket qua khac. 

Ca« 13: Hę phuong trinh j* + V ~ 7 v ói x > y 

[logx + logy = l y 

có nghięm la: 

A. (4;3) B. (6;1) C. ( 5 ;2) D. ( 3;4 ) 

Cau 14: Hę phuong trinh j 3Io g x -21ogy = 5 

[4 log x + 3 log y = 18 

nghięm la: 

A. (100;1000) B. (l000;100) 

C. (50;40) D. Ket qua khac. 

Cau 15: Hę phuong trinh i X ^ ~ ^ c 5 

(lnx + lny = 31n6 

nghięm la: 

A. (20; 14) B. (l2;6) C. (8; 2) D. (l8;12) 

Cau 16: Hę phuong trinh j 2 0°®y x hlo &.r! / ) x= 5 ^ 

[xy = 8 

nghięm la: 

A. (2;4) / (4;2) B. (4;16),(2;4) 

C. (2;4),(4;3) D. (l;4),( 4 ;2) 

Dąng 3: Kłem tra tąp nghifrn cóa b*ft phifttag 
trinh 

Cau 17: Tąp nghięm cua bat phuong trinh 
2.2' +3.3* —6* +1 >0 la: 

A. S = (2;+co) B. S = (0;2) 

C. S = (— 00 ; 2 ) D. S = K 

Cau 18: Bat phuong trinh log, , (x 2 +x-ó) > 1 có tąp 
nghięm la: 

A. (l;+co) B. ^;+ooj 

C (l;+oo)\{2) D. (l;^)\{2} 










torc i 


Cau 19; Tap nghięm 

cua bat phuong trinh 

f 71Y TtY " ,J 

tan- < tan- u 

l 7) l 

i: 

A. (-oo;-2] 

~& t j^4; -t-oo^ 

c. [-2;4] 

u. ( —go; —2 J U j^4; +=o) 

(, 2x + l i n , 

C&w lii. Bat phuong trinh log, log, > U co tap 

2 V XI) 

nghięm la: 


A. (^“ co / -2) 

B, (4;-foo) 

C. (—2;l)u(l;4) 

D. (-oo;-2)cj(4;+oo) 


Ciii 21: Tęp nghięm cua bat phuong trinh 

log j (4* +4) > logj (2 2 ' T+1 -3.2 1 ) la: 

2 2 

A. [2;-too) B. (-»;2) 

C. (—°o;lJcj|^2;+oo) u , [] — 'l;2j 

Oąsig 4: lim so nghięm cua phutfng trinh. 
Tfnh gis tri cua bilu thtfc Hen quan cień cśc 
nghięm. 

Cau 22: So nghięm cua phuong trinh 
log 3 (x - A -lj.logj (x + 'Jx 2 + lj = log. J3 ^x--A -1) 

la: 

A. 0 B 1 C. 2 D. 3 

23: So nghięm cua phuong trinh 

-log! (x + 2) 2 -3 = —log 4 (4- xf + logj (x + 6) 3 la: 


>4; So nghięm cua phuong trinh 

2 log 2 x = log 3 x log 3 (/2x+1 -l) 


la: 


A. 8 B. 1 C 4 D. 2 

Cau 25: So nghięm cua phuong trinh 

27* + 2 = la: 

A, 0 B. 1 C. 4 D. 3 

2 _ 3 

Cau 26: So nghięm cua phuong trinh 2* ~ 2x .3 x = - la: 

A. 2 B. 1 €.3 D.O 

Cau 27: So nghięm cua phuong trinh 

s 

y2x+l _|_ ^3-2x _ _ 


log 3 (4x 2 -4x+4^ 


la: 


A. 0 B. 1 C. 2 D. 3 

Cau 23: Tong binh phuong cac nghięm cua phuong 

3 x ^ 1 , t — 

trinh log 3 -. log 2 x - log 3 -~j= = - + log 2 yfx 

33 „ 5 

A - :0 ‘ 32 ' " 64 

Cau 29: Tong cac nghięm cua phuong trinh 

3 

log 2 x+log 3l - = l la: 


D. — 

' 64 


10 „ 28 _ 37 

A. — B. — 


D. 4 


9 9 "9 

Clu ?> Tich cac nghięm cua phuong trinh 
2log 2 x = log 3 xlog 3 {\{2x +1 -1) la: 

A. 8 B, 1 C. 4 D. 2 


A 4 


B. 1 


e. 2 


D. 3 


LOVEBOOK.VN i 379 



Ciap in bal tąp riis luyfin ky ning 


iem tra nghlęm cua phifóng trinli 


ip an B. 


Nhąp vao man hinh log x (243)-5: 

- Phuang an A: An fig), an GD (X = 2) . An dj may 
hien ket qua bang 2,924812504 * 0. Loąi A. 


log K C243)-5 


2^924812504 


- Phuang dn B: An SSĘ), an [D (x = 3) . An (=) may 
hien ket qua bang 0. Chon B. 


log x C243)-5 


_0 


Cau Z: Bap an 3 


Nhąp vao man hinh 2 X> ~ X+8 =4 1 ~ 3X : 

An PD, an O (D(X = -2) . An (H) may hien ket qua 
bang 0. Loąi C va D. 


2X2-h+8_^1-3?<: 


An (Hę), an GD (X = 3) . An (H) may hien ket qua bang 
16383,99998 *0. Loąi A. 


2?< £ -X+8_^l-3X 

_ 16383.99998 


An , an O CŁ) (X = -3). An (D may hien ket qua 
bang 0. Chon B. 


2X^-X+8_^l-3X 


Cau 3: Bap an D. 

Nhąp vao man hinh 2 x2 " 4x+1 -8 X ~' : 

An @, an [2 j (X = 2). An SIEI may hien ket qua bang 
63 


8 


An 


* 0 . Loąi A,B. 


-jX 2 -4X+1 


_ 8 X-1 


63 

8 


X = 


7—Jv7 


an m sb© ma mm są 

• An L*0 may hien ket qua bang 


-0,1680552378 * 0 . Loąi C. 


-4X+1 _gX— 1 

_-0.1680552378 


Cau 4: Bap an D. 

Nhąp vao man hinh log 2 (x)log 4 (X)log 6 (X)- 
log 2 (x)log 4 (X)-log 4 (x)log 6 (x)-log 6 (x)log 2 (X) 
An SSĘ|, an Ci 1 (X = 1) . An (§0 may hien ket qua bang 
0. Loąi B. 

_ ” 0 Matł. A 

log 2 (X)log 4 (X)li> 
_ 0. 

An (Biel, an CD OD (X = 12) . An GgJ may hien ket qua 


bang -4,971815308 * 0. Loąi C. 



„ S hteth A 

log 2 G01og 4 (X)lt> 

-4.971815308 


An SSĘ], an LU CD (X = 48) . An 0§j may hien ket qua 
bang 0. Chon D. 


, 0 Math A 

log 2 CX)log 4 CX)li> 

_0_ 



Cau 5: Bap ara D. 

Dieu kięn x>0 nen loąi ngay A, B va C. 

Nhąp vao man hinh log, (x) + log 2 (x 2 )-log, (4X) 

An SSĘ), an CS (X = 2) . An {=) may hien ket qua bang 
0. 



0 Ms.th A 

lu9 2 CX)+log 2 (X 2 i> 

0 

j 

Cau 6: Dap an B. 

Nhąp vao man hinh 5 X ~ : +5 3_x -26 . 

An jCALCj, an QD (X = 3) . An (=) may hien ket qua bang 

0. Loąi C va D. 


0 Math A 

5 x-i +5 3-x_2ć 

- - 0 


An m, an QD (X = 5) . An E3 may hien ket qua bang 

14976 „ T 

* 0 . Loai A. 

25 


. . . 0 M&th A 

5 x-i +5 3-X-26 

14976 

25 


An |SĘ), an CD 

0. Chon B. 

(X — l) . An L~J may hien ket qua bang 


0 Md. th A 

5 X- 1+5 3-X-26 

0 



Cau 7: Bap an A. 
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1 


;v;ore ihAr: « hooii 


Nhap vao man hinh- 7 —r -1 - 7 —r — 1 

■ P 4-log(X) 2 + Iog(x) 

An (Kg, an (Tj QB (X = 10) . An gj may hien ket qua 
bang 0. Loąi B va D. 

i MatiTS 

4^IolTxT + 2 +Tog"^ 
_ 0 

An ‘SE), ah CD OD [B] (X = 100) . An iH) may hien ket 
mi3 hSipęr n Ol OH A 

Nhąp vao man hinh log 3 (X)+log 9 (x)+log 27 (X)—11 

- Phucmg an A: An ksE), an (X = 6) . An fej may 
hien ket qua bang —8,009962118 5 * 0 . Loąi A. 

i Math A 

log 3 CX)+10Q9(X)i> 

-a.nn9%5ti8 

- Phtecmg an B: An [cAięj, ah IZ) LsJ OD (X = 729). An 
[S] may hien ket qua bang 0. Chon B. 

i Math A 

log 3 CX)+iog9CX)i> 
_CL 

Ciiw 9: Bip an .4, 

Nhap vao man hinh 3.8 X +4.12 x —18" -2.27 X . 

An an Cl) (X = l). An (=} may hien ket qua bang 
0. Loąi C, D. 


2 S i n t x 1 2 +gx 2 cos i> 

_ 1 

„ _ , „ _ _ _ _ ( , 

- Phucmg an C: An £?±SJ, an [swt] ,łc;!£j ę-y LŁ X 

An gO may hien ket qua bang 0. Chon C. 

_ Math ^ 
os i n C X ) 2 + c x 2 cos |> 


Dąng 2: Kś§m tra nghifoi, tąp nghśfm cua hę 

pityWrtg trinh 

Cau 11: Dap am D, 

Nhap vao man hinh Iog(XY)—5: łog(X)xlog(Y )-6 . 

- Phucmg an A: An gaici . nhap X = 100 , Y = 10 . An (3 
may hien log(XY)—5 = —2^0. Loąi A. 

0 Math ADijp 

log(X¥)“5 

•2 

- Phucmg An B: An Ićj&S j, nhap X = 500,Y = 4 . An [§D 
may hien log(XY)—5 = —1,698970004 * 0 . Loąi B. 

0 Math Abisp 

log(XV)-5 

-L 698970004 

- Phucmg an C: An l&IĆI, nhap X = 100, Y = 100 . An gj 
may hien log (XY)—5 = -1 7 * 0. 


0 Math A 

3x8 x +4x12' x: - 18 ;k: -!> 

1oq(XY)-5 B 

Math ADisp 

0 


-i 


An &IĆ 1 , an O UJ (X = -l) . An [§0 may hien ket qua 

bang -. Loai B. 

6 216 

0 Math A 

3x8*+4><12 x -18*-i> 

125 

_ 216 

Csil 10; Etap an C. 

Dua may ve che do Rad: (iHirti |iys| [hj 

Nhap vao man hinh 2 sln ^' +5x2“^' -7. 

- Phucmg An A: An ićftici, ah Qf ; i wrl I*#) Iśl L3J 

(x = ^J. An Mi may hięn ket qua bang 
0,6278284055 * 0. Loąi A. 

0 Math A 

gsin (X) 2 +5x2 cos I> 

n.6278284055 

- Phucmg An B: An : cŁsj , an O GD :§fii3 (sffi (X = -3n) 
An gj may hien ket qua bang 4^0. Loąi B. 


Crv 12; Dap 6n B. 

Nhap vao man hinh 

31og(x)-21og(Y)-5:41og(X)+31og(Y)-18 

- Phucmg An A: An §£§, nhap X = 100,Y = 1000 . An 
g) may hien 31og(X)-21og(Y)-5 = —5^0. Loąi A. 

0 Math ADisp 

31og(X)-21og(Y)i> 
_ i 

- Phucmg an B: An {(551 , nhap X = 100 , Y = 1000 . An 
;S) may hien 3log (x) - 2 log(Y)-5 = 0 . An [g tiep 
may hien 41og(x) + 31og(Y)-18 = 0 . ChonB. 

0 Math 4Diip 

3lQ9(X)-21og(Y)t> 


Do x > y nen loąi D. 

Nhap vao man hinh X + Y-7: log(x) + log(Y)-l 
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PSifin 2 - Chu ae 8: Phuiang frźnh - 1-gf phuStfmg trijiih - 


- Phuong dn A: An fcticj, nhąp X = 4,Y = 3. An (s) 
may hien X+Y-7 = 0. An QEj tiep may hien 
log (X)+log (Y) -1 = 0,07918124605 * 0 . Loąi A. 


IB Matti ADisp 

X+Y-7 

IB Math A 

log(X)+log(Y)-l 

0 

0.07918124605 


- Phuong dn B: An jcael , nhąp X = 6, Y = 1. An |=) may 
hien X+Y-7 = 0. An (=] tiep may hien 
log ( X)+log (Y)—1 = -0,2218487496 * 0 . Loąi B. 


ta M&th ABisp 

X+Y-7 

IB Math A 

log(50+log(Y)-l 

0 

-0.2218487496 


- Phuong an C: An (ęlęj, nhąp X = 5,Y = 2. An fS] 
may hien X + Y-7 = 0. An (50 tiep may hien 
log(x)+log(Y)-l = 0. ChonC. 


B Math ADisp 

X+Y-7 

B Math A 

logQO+log(Y)-l 

0 

0 


Cau 14: Bap an B. 

Nhąp vao man hinh 

3 log (X) - 2 log (Y) - 5: 41og (X)+3 log ( Y) -18 
- Phuong an A: An (Suj), nhąp X = 100 / Y = 1000. An 
(Ml may hien 31og(X)-21og(Y)-5 = -5^0 . Loąi A. 

B Math ZBSp 

31og(X)-21og(Y)i> 
_ i 


- Phuong an B: An (cm*, nhąp X = 1000,Y = 100. An 
IMS may hięn 31og(X)-21og(Y)-5 = 0. An (sj tiep 
may hien 41og(X) + 31og(Y)-18 = 0. Chon B. 


B M&th AOisp 

31og(X)-21ogCY)t> 

□ Macth A 

41ogCX)+31og(Y)i> 

0 

0 


Cau 15: Bap an D. 

Nhąp vao man hinh X-Y-6: ln(x)+ln(Y)-31n(6) 
- Phuong dn A: An (ęSę), nhąp X = 20, Y = 14. An (sj 
may hien X-Y-6 = 0. An (50 tiep may hien 
ln(X)+ln(Y)-31n(6)=0,2595111955 ^0. Loąi A. 


B Math AOisp 

X-Y-6 

B Midi A 

lnCX)+ln<Y)-31nh 

0 

0.2595111955 


- Phuong dn B: An (calcI , nhąp X=12,Y = 6. An (S] 
may hien X —Y —6 = 0. An Sb) tiep may hięn 
ln(x) + ln(Y)-31n(6) = -1,098612289 *0. Loąi B. 


IB Mith AOisp 

X-Y-6 

lnCX)+ln(Y)-3Tnt> 

0 

-1.098612289 


at pSinitfng trinh The- best or nolhing 

- Phuong dn C: An [c/ilc ], nhąp X = 8,Y = 2 . An (Hj 
may hięn X—Y—6 = 0. An (=j tiep may hięn 
ln(X) + ln(Y)-31n(6) = -2,602689685 *0 . Loąi C. 


B Mat li ABisp 

X-Y-6 

B Math A 

ln(X)+ln(Y)-31nt> 

0 

-2.602689685 


- Phuong dn D: An glę), nhąp X = 18,Y = 12. An (5) 
may hięn X—Y-6 = 0. An (E) tiep may hięn 
ln(x)+ln(Y)-31n(6) = 0 . ChonD. 


X-Y-6 

B Math ABisp 

B Math A 

ln(X)+ln(Y)-31n> 


0 

0 


Cau 16: Dap an A. 

Nhąp vao man hinh 21og Y (x) + 21og x (Y)-5: XY-8 
Phuong dn A: An [cScj , nhąp X = 2, Y = 4 . An (Hj may 
hięn 21og Y (X) + 21og x (Y)-5 = 0. An (JU tiep may 
hięn XY-8 = 0 . 


An (owe] , nhąp X = 4,Y = 2. An gg] may hięn 
21og y (x) + 21og x (Y)-5 = 0. An (=) tiep may hięn 
XY—8 = 0 . Chon A. 


0 Math ADijp 

2 log Y <X) +2109*0 

XY-8 

0 

Math A 

£L 



0 


5 Nhąn xet: Quan sat ki, ta có the loąi ngay cac phuong 
; an B, C, D vi có mpt nghięm khóng thóa man phuong 
| trinh xy = 8 . 


Dąrtg 3: Kiem tra tąp nghifm cya bat phuWrsg 
trinh 

Cau 17: Bap an C. 



Khi dó gia tri x = 2 la diem tói han va dau cua 
2.2* +3.3* -6* +1 khóng doi tren moi khoang (-oo;2) 

va (2;+oo). 

Do x = 0 e(-co;2) va 2.2*+3.3*-6*+1 = 5 > 0 khi 
x = 0 . Mąt khac, bat phuong trinh có dąng f(x') > 0 
nen có tąp nghięm la (-oo; 2). 

Cau 18: Bap an B. 
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.. ' C Dap anxuaihien cac gii tn i, 2 va -JŚ nen j 

-a CALC bisu thiłc log,., (x 2 + x-6)-l voi x = 1, { 
x = 2 va x = 'J5 . 

Mat khac, cac tąp nghięm ó hai phuong an C va D có s 
iiK? viet iąi nhu sau: 

[(l;+oo)\{2}=(l;2)u(2;+oo) 

; i ; a/ih. {2} = (i; 2) o (2; -/s') 

U ' ; > > v ' ' > 

i ("0<x-l^l i 

\ Bieu kięn cua bat phuong trinh la v .: + t _ 6>0 ] 


•Vtó 


'x > 2 <=> * > 2 . 
x <—3 - 


a 


Nhąp vao man hinh log x _,(X 2 +X-6)-l. An ftij, 
nhąp X = 1,X = 2 va X = S ta dupc ket qua lan luort 


- H1 RTath 

Math ERROR 

log^-iC 

0 Math & 

X 2 +X-6)-i 

c^G3 scancel 
■ itr. 


! 


Nhu vąy cac gia tri x = l,x = 2 va x-4Ś deu la cac 
diem tai han va dau cua log,.! (x 2 + x-ó)-l khong 

doi tren moi khoang (-co;l),(l;2),(2;\/5) va 
U 5 - r+ 00) . Do dieu kięn la x>2 nen chi xet tren hai 
khoang ^2;\/Śj va (•s/5; -t-00) . 

• Chpn x = 3e(S;+°=)- Dung CALC, ta dm dupc 
log,-i (x 2 + x - 6) ~ 1 = 1,584962501 > 0 khi x = 3. 


—0 MatRfiT - 


lQgx_i(X 2 +X-6)-i> 
1 .RP.49&2501 


_> log,.! (x 2 + x —ó)-l > 0,Vx e 

- Chpn x = 2,le(2-,S). Dimg CALC, ta tinh dupc 
logi i ^ +x -6)-l = -8,06477057 <0 khi x = 2,l. 


C ’ ar , fińt Mer. cac gr <ri -2 /a 4 nen ta 

-? 


CALC bieu thńc | tan- 
iva A=4y :,f ' 


0ua may ve che dó Rad; issU |®|& L9J 

\ X 2 -X-9 


—I tan— I vai x- 
7, 


tan— I . An 
7, 


Nhąp vao man hinh ^tan- 
gpi, nhąp X = -2 va X = 4 ta dupc ket qua bang 0. 


—-- i Matb 6. 

tan ( 7 )^ >? 


Nhu vąy x = —2 va x = 4 la diem tói han va dau cua 


bieu thuc tan ^ 


x-9 / M-l 

%\ In 


tan — j khong doi tren moi 


khoang (-00;—2),(—2;4) va (4; +00). 
* Chpn x =-3 e (-00; -2) thi 


tan- 


7 

~1 Math 


-I tan— I < 0 . 
7 


tan(f) * 2 ~ x ~ 9 -t;> 
' -1 Fi, 48115219 


y-1-9 


-Jtan^l -ftan|l <0yVxe(-oo;-2). 


► Chpn x = 0 e (-2; 4) thi tan - 


C-i-9 

/ \' r ‘ 

| tan—I 

tan—) 

l 7) 1 

t 7 ) 


•, x2_x-9 


tani#)" " ‘ "t;i> 

* 71R.7635437I 


tan 


ć-z-9 f 

71 ^ tan -p | >0,Vxe(-2;4) . 


* Chpn x = 5 e (4; 400) thi 


tan- 


tan— <0 
7 


71 


X 2 -*-? 


tan— I -ftan|) <°' Vxe ( 4 l c0 )- 
7 / / 


— 0 Math & 

A09>ę..i( 'K £ 


0 Msuh & 

tan ( 7 ) x 2 -x_ 9 -t;> 

-R-06477057 


-fifF,b!4&10839i 


-»log,.i (x 2 +x-ó)-l< 0,Vx e ^2;-s/5^ 

Bat phuong trinh có dąng f(x) > 0 nen tąp nghięm la 


Bat phuong trinh có dąng /(x)<0 nen tąp nghięm la 
(-oo;-2]cr[4;+oo). 


CSu 20: Dap an ii. 

Cac gia tri 


dąc bięt o day la -2, 1 va 4. 








bang Math ERROR, Math ERROR va 0. 


i K ® Math A 

łog i U A +4J-log > 

2 i 

_oj 

Suy ra cac gia tri tói han la x = -l va x=2. Loąi ngay 
dap an C. 

Bieu thńc lo gl (4 x +4)-lo gl (2 2X+1 -3.2 x ) có dau 

khong doi tren moi khoang (-oo;—1),(—1;2) va 
(2;+oo). 

Chon x = —2 e(-oo;-l) thi bieu thńc 

lo §i( 4 +4)-lo gl (2 2X+1 -3.2 X ) khong xac dinh 

2 2 

(Math ERROR). 


, , ą Math A 

log i |log 3 |^-/ 

2 

__0j 


Suy ra x- 2,x-l va x = 4 la cac diem tói han va dau 

'2x+r 


cua log, log 


X-1 

( _0 °; — 2), (—2; l), (l; 4) va (4; 400 ). 

* Chon x = —3 s (— 00 ; —2) thi log, [ log 


khong doi tren mói khoang 


2X + 1 
X-1 


>0 


® Math A 

log_i llogsl-^j^-h 
_ 2 2.29963831 Fi 


-4 log, log 


2X + 1 
X-1 


J > 0, Vx e (- 00 ;-2). 
ł Chon x = 0 e (-2;l) thi log, [log, [^±łj j khong 


xac dinh tai x = 0 . 


Math ERROR 

CAC] sCanoe1 
E* 3 C 80 ■■ Goto 


* Chon x = 2e(l;4) thi log, [log 3 [< 0 


_ . ą Math a 

lo9illog 3 [^-^ 

_t 0.55087458R3 


-> log, | log, 

2 


2X + 1 


cO,Vxe(l;4). 


X-1 

Chon x ~ 5 e^4; + 00 ) thi log,f log 3 


2X + 1 
. X-1 


>0 


log 1 [log 3 {^^^ 
_ JL 1190420322 


-t log, log 


2X +1 
X-1 


■ 0, Vx e (4;+ 00 ) . 


Bat phuong trinh có dang f(x) > 0 nen tąp nghięm la 
(■ko;— 2) o(4; + 00 ) . 

Cau 21: f>ap an A. 

xet: Cac gia tri dąc bięt la -1,1 va 2. 

Nhap vao man hinh log, (V +4)- log, (2 2X+1 -3 2 X j 
2 z 2 

An jMLÓ), nhąp X = -1,X = 1 va X = 2 ta duac ket qua 
lan luot bang Math ERROR, -2 va 0. 




Math ERROR 

CńC3 :Canoe 1 
C -a 3 E fr 3 1 Goto _ 


Chon x-0e(-l;2) thi bieu thńc 

lo gi ( 4 + 4 )-log, (2‘ x+1 ~3.2 X ) khong xac dinh 

2 9 


2 2 

(Math ERROR). 


Math ERROR 
c ńC] 5 Cancei 

lAj L fr 1 g Goto 


* Chpn x = 3 e (2; -ko) thi ta có 

log, (4 X +4)-log, (2 2X+1 -3.2 X ) > 0. 

9 ' 


. la Math A 

109^14 +4.1 -log > 
J D.6129768769 


Bat phuong trinh có dang f(x) > 0 nen tąp nghięm la 
[2;-ko). 

Oąrsg 4: lim §0 nghięm cua phutfng trinh. 
t mh gia tri cua bieu thufc Hen quan den cac 


Cau 22: Dap an B. 

Nhąp vao man hinh 

lo g 3 ( x -/x 2 -lj x log 5 |x + Vx 2 +1 


An (sHji 

x = 1. 


- lo g 13 (x-\/x 2 -i) 

0(SOLVE), an lej (U may hien nghięm 


log 3 t.X-^-l Jx] > 
X= 1 

L~R=_0 
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Sita bieu th ' c vtta nhap thanh 
(log, (X 1) x log 5 (X + & +1 


~i°Si 3 (x —i/)?—l)j^(X~l) 
An Srr] jcEęj (SOLVE), ma 33 © may hien Can't Solve. 

0 Mat! 

Can ! t Solve 

CńC3 ; Canoe1 
r-aics-ils Goto _ 

frinti rv.Afr rio"Viif»rn v = 1 . 

ęiy JL/I IUlOjl tg ŁŁiJLLŁŁ \J\J u.iyl -' — • 

Nhąp vao man hinh 

| log, ((X + lf ) - 3 + log 4 ((4 - X) 3 j - log, ((X + 6) 3 j 

An iswi] pIŚjlSOLVE), ah [oj [i® may hien nghięm 

,v • 2 . 


1 L-R= _QJ 

Sita bieu thuc vira nhąp thanh 
| log, ((X + lf ) - 3 + log 4 ((4 - X) 3 ) - log, ((X + 6) 3 )1 

V 2 4 V 4 ) 

+ (X-2) 

An @ig)(SOLVE), an i© HO may hien nghięm 


i Rata 

1 jE, J“_ 

X= -i. 744562647 

r 

1 Rata 

4 

x= 

-4.744562647 

L-R= ... .... 0 

L-F 

0 


Nhap vao man hinh 

r \ 

f | log, ((X + 2f) - 3 + log 4 ((4 - x) 3 ) - log ^ ((X + 6) 3 ) 

+(X-2)-i-(X-A) 

An IgO (SOLVE), algi may hien Can't Solve. 
Vay phuong trinh có 2 nghięm. 

B Math 

Cam’t Solve 

men sCancel 
r-aicit-iiGot-o _ 

Ca« 24: Pap an D. 

Nhap vao man hinh 

2(log 9 (X)) 2 -log 3 (x)xlog 3 ('/2X +l-l) 

An jiSśfrj gigej <SOLVE), ah QD [=] may hien nghięm 
x-l. 

B Rata A. 

logQ(X) i -loQ 3 tl !t!> 


Su a bieu thuc da nhap thanh 
(2(log 9 (X)) 2 -log 3 (X)xlog 3 (>/5Ć+1 -i))h-(X-1) 


An jsagf e i§5ęKSQLVE), an [ijfhj may hien nghięm 
x=4. 

HS Mata 

t2riog 9 CX))^”lci> 

X- ' 4 

L-R- _Oj 

Nhap vao man hinh 

(21og 9 (X) 2 - log 3 (X) x log 3 ( 3 /2X + l-l)) 

-t-(X— l)a-(X—4) 

An ggpSjfSOLAEh an faj CSJ may hien Continue: 

H __ 

1 Mata Ł 

Continue*[=1 
X= 10249521L7 
i -R=-5104078x13 16 

Vay phuong trinh có hai nghięm x = l,x = 4. 

Cłu 25: Dap ars E, 

Nhąp vao man hinh 27" + 2-3 a/ 3 x+1 -2 . 

An SsHiPrj fć5ĆUSOŁVE), ah [5] © may hien nghięm 

x = 0. 

-- gi Mata 

27 K +2-3'l3 x “ s ' 1 -2 

X= 0 

L-R- 0 

Sita bieu thuc da nhąp thanh 

(27 x + 2-3^/3 x+1 -2 j-i-X 

An mm&oism, an CD© may hien nghięm 
x = 1 x 10~ 50 » 0. 

( i ' Mata 

1 - h 


l27 x +2-3“J3 x+1 - 
X" lxiB®^ 

LrEf___Oj 

Sita bieu thuc da nhąp thanh 

(27 x + 2-3\/3 x+1 - 2 j + X-i-X 

An SjiHiFfj [atćKSOLyE), an [13 33 man hinh hifn 
Continue:[=] 

-—-S-SBS- 

Continue *[=1 
X= ”664887.6591 
L-R=1.307415xii 11 

Vąy phuong trinh có mot nghięm. 

Can 26: Dap ar. A. 

Nhąp vao man hinh 2 X x 3 A - — 

An !5SB(55) (SOŁVE), an GD© may hien nghięm 
x = -0,5849625007 . Gan vao A. 

r-B Matti & Mata & 

2 f —"'xtr-£ ńns+ń 

l A -P= 5m3bi ^ [I . rL 5849625007 

Nhąp vao man hinh ^3 X x3 x - — j-e(X-A) 












^nara 2 — Cfru de 8: Pfuftftig trmh — Hę phufdng i 


An [|H|F[f (cwS) (SOLVE|, an [3 G3 may hien nghięm 
x = l. 



1'^— xŁr-fj*i> 

X= ' 1 

L-R= _Ol 


Nhąp vao man hinh 


|^3 X ‘- 2X x3 x “f J + (X-A)-(X-l) 

An (SOLYE), an fD ! 1 may hien Can't 

Solve. 

0 Math 

Catvt Solve 

CAC3 sCancei 
l* 3 E e>3; Goto _ 


t os' notfain 


^ i uy 3 ^ j * i uy “i t\v 

X= 1 

L-R= _0 

Sua bieu thuc da nhąp thanh 

[ l0 §3 [|] X 1°§2 (X) ■- log 3 ^ j - ~- log 2 (Vx) 


+(X—A) + (X-1) 

An @@ (SOLYE), an i@i man hinh hien 
Continue: Q=J. 

0 Math A 

Continue:[=] 

X= 166056570.7 
L-R=-1.8440Svm 14 


Vąy phuong trinh có hai nghięm. 

Cau 27: Dap an B. 

Nhap vao man hinh 

22X+1 2 3 " 2x ___§_ 

log 3 (4X 2 -4X + 4) 

An jwFj Się;(SOLVE), an QD (=} may hien nghięm 



Sua bieu thuc da nhap thanh 


-- 7 —~ -r +(X- 0 , 5 ) 

log 3 (4X 2 -4X + 4)J V ’ 

An (iS| lag) (SOLYE), an GO OD may hien Can't Solve. 



Vąy phuong trinh có mót nghięm. 
Cau 28: Dap an D. 

Nhap vao man hinh 



Vay phuong trinh có hai nghięm va tong binh phucmg 

cac nghięm la 1 + A 2 = — . 

64 



Cau 29: Dap an C. 


Nhąp vao man hinh (log 3 (X) j 2 + log 3 


An Ikr) Hę) (SOLYE), an fol [Hf) ta tim duoc mót 


nghięm x = 0,llllllllll gan vao A. 



Nhąp vao man hinh 

[( lo S 3 (X)/ + log 3X [| ] - 1 ] + (X ~ A) 

An @13 @(SOLYE), an iMi CD (=3 ta tim duoc mót 
nghięm x = 1. 

Uiog 3 cxir+f66 

X= 1 

L-R= _Q_ 


lo Sa [|] x log 2 (X) - log 3 ^ j - 1 - log 2 (Vx ) 

An @13 S (SOLYE), an (LOGU ta tim duoc mót 
nghięm x — 0,2165063509 gan vao A. 

I 1 III i —* i v Pi ii i M is ® Matfc A 

iUy 3lKj X1Uy 2tA..^ 

X= 0.2165063509 

LLr.R=_ Oli 0.2165063509 

Nhąp vao man hinh 

l0 S3[|] xl °S 2 ( X )- l0 g3^j-i- l0 g 2 (^()j^( X - A ) 

An ® Igg) (SOLYE), an (Mi E] (U ta tim duoc mót 
nghięm x = 1. 


Sua bieu thuc da nhąp thanh 

[(log3(x)) 2 +log 3x ^|j-lj^(X-A)^(X-l) 

A n (Sn) (CALCj(SOLYE), an dE) GD dH ta tim duoc mót 
nghięm x = 3 . 



Sua bieu thuc vua nhąp thanh 

[( lo S3(x)) 2 +log 3X ^|j-lj^(X-A)^(X-l)^(X-3) 

An @*3 Hę)(SOLYE), ain |S| fal (SI man hinh hien 
Continue: [=] 
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r 

[ 

Continue:[=] 

X= 10.44291846 
S -P=4 . 4035248xih 3 



Vąy phircmg tri: 

A+l + 3 = —. 

9 

nh có ba nghięm va tong cac nghięm la 


ft+1+3 

E M?th i. 

37 

9 


Nhap vao man hinh 

2 (log, (X)) 2 -log 3 (x)xlog 3 ( V2XTT - 1) 

An WB Sffi (SOLVE), an SD © may hien nghięm 


X = 1 • 




l09o(X 

i 1 EJjTDa; 

1)^-1093 W 


x= 

i 


L-R= 

0 


Sita bieu thuc da nhap thanh 


12 (log, (x))“ -log 3 (X)xlog 3 (y'2X + 1 -1)j -(X-1) 

An jifflP2KSQŁVE), an OD© may hien nghięm 



Nhap vao man hinh 

(j]r,cr (\Y — lotn 1x1 X log- (J2X + 1 — 1^ 

^“-'-'09 V' V 03 \ Oj \ ■ /; 

^(X-1)-h(X-4) 

An iaff3p£) (SQŁVE), an CS SJ may hien Continue: 


H 


Continue:[=] 

X= 102495211.7 
i -p=-e; nAn7fi v ™i6 


Vay phuwng trinh có hai nghięm x = l,x = 4 va tich 
cac nghięm la 4. 
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t Dharsg 


i s :;6 best Oi siothiiia 


Tren may tinh casio (hay 
vinacal), cac bai toan ve 
phep bien hinh trong mat 
phang duoc thuc hien tren 
phucmg thuc CMPEX: 
121! [JO (Tinh toan vói so 
pli uc) 


Trong mąt phang toa dó Oxy, cho diem M.(x M ;y M ) va vec-to u = (x ;y j . Khi 

z m = x m +x Ju x va z- =x- + y~i duoc goi la so phuc tuong ung hay dangphuc 
hóa cua diem M va vec-to u . 

Yi du: Dang phuc hóa cua diem A(4;7 ) la z A =4 + 71, cua diem B( 3;0) la 

z B = 3 + 0.1 = 3, hay cua diem C(0;3) la z c = 0 + 3 i = 3 i . Dang phuc hóa cua vec- 

- fi 5V, 15 

to u= Iaz~= — + — i. 

I 3 3 ) " 3 3 


C3-i)+(l+2i) 


I Dąmg 1: Tim diem i/) la anh cua diem qua phep tinh tien theo 

I vec-t a v = (a;h). 


| Trong mąt phang cho vec-to v . Phep bien hinh bien moi diem M thanh diem M’ 
j sao cho MM' = v duoc goi la phep tinh tien theo vec-to v . Ki hieu 7 . 

| Nhu vąy T (M\ = M' <=> ATM' = v . Khi dó I —> i* x + a 

1 y'-y = b \y' = y+b 

| ->M'(x + a;y + b)->z M , = (x + a) + (y + b)i=(x + yi) + (a + bi)-> z M , =z M +z v 

[vś du: Trong mąt phang toa do Oxy cho vec-to v = (l-,2). Tim toa clę diem M' 

I la anh cua diem M(3;-l) qua phep tinh tien T-. 


So phiic z = a + bi,{a,b e R) 

có phan thuc duoc ki hięu 
la Re (z) hay 9?(z), phan 

ao duoc ki hięu la Im (z) 
hay 3(z). 

... , fRe(z) = 9?(z) = fl 

Nhuvąy 1 w ' ’ 


[lrn(ż);=3(z) = b 


Łoi giai 

TaCÓ {zj=l + 2i Va M ' = 5 ’;( M )->^=2 m +^=(3-1) + (1 + 21). 

Dua may ve phuong thuc CMPLX, an f»Dg [f]. 

Nhąp vao may (3-i) + (l + 2i), an 03 fj] Q @ CS E3 CO DD GB OD SCO. 

An IM!, may hien ket qua bang 4 + z. Vąy z M , =4 + z —. 

Dąąg 2: Tim dućmg thang d': A'x + B'y = C' la 
d:Ax + By = C qua phep tinh tien theo vec-to v = (a;b). 

| Laydiem M(x;y)ed.Goi M'(x';y') = r(M)^ \ X '~ X = “ _> M(x' -a;y' -b) 

[y-y = b v ' 

j Do Med nen A(x'-a) + B(x'-b) = C «. Ac' + By' = C + (Az + Bb) = C + ń.i vói n 
| la vec-to phap tuyen cua duóng thang d . 

[t«M' 

j Laicó • T(M) = M'~>M'ed'->d’:Ax + By = C + ń.v^ \c = C + n.v 
Med 
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; Ksian a t-OOK 


oha ki triu« 


XT , a ~ j Z " '^" r ®*_ > . z z. =l(A + Bi)(a — bi) = Aa+ Bb + (aB Ab)i 
n Nhąntnay i— , . ^ z „ „ h" A > x 


z - =a — bi 


I —>Re(z 


s-.z-1 = 

11 l>} 


; Aa+Bb = n.v -+> 


C' = C + n.u=C + R 


Ref z zA vói z ■ la so phiic łien 

\ m y / y 


li hop cua so phiic z-. 

, m, B vv /'frris r~n ta ntóp vao may 

| Nhn vąy, tai phuong muc CArl (featsR/' 


j | C + Co«ife(z;)*^l , chi lay płian thuc cua ketqua,dóchi 


mn la 


te r' 


j Vi dvL~Troi mąt phlng toa do Oxy, cho vec-to y = (-2;3) va dudng thang j 
| ą • 3x - 5j/ + 3 = 0. Viet phuong trinh dudng thang A' la anh cua A qua phep tinh | 

! tien T-. 


IM gia: 


Taco A: 3 x — 5 y + 3 = 0 <=> 3% — 5y = —3 —^ C — —3 va 


fń = (3;-5)-»z- =3-5i 
= (-2; 3) —*• z- = -2 + 3i 

Do T- (A) = A' non phuong trinh A có dąng 3x — 5 y —C va CC ( » ° 

hay nói cach khac C' chinh la phan thuc cua kgt qua trong phep tinh C + Z-.Z-. 

Dua may ve phuong thuc CMPLX, an gc«l UD • _ 

Nhlp vao may - 3 +( 3 - 5 i)*Conjg (-2 + 3i), to 3 ffi ffi [D (S S tli HB li 

TKMUĆonSil ag@5)CD033GE)®BK-'- An ®- ~ 24+i 


-24+i 


Vąy C = -24 va phuong trinh A': 3x - 5y - 24 <=> 3x 5y + 24 0 . 

tón (C'j la anh cua dudng tron (C) tam l(x;y), ban kmh j 
j R qua phep tjnhtien theo vec-to v-K a '^)‘ 

| G<?i f(x';y') va R' lan luot la tam va ban kmh cua ducmg tron (c). 

= R _ Nhtr yąy, ta dua bai toan ve tim diem I'[x';y ) la 


DoT ti (c)=(c-)->| T ^ =r 

| anh cua diem l(x;y) qua phep tinh tien theo vec-ta 1 = («; b ), tóc dua bai toan 


dąng 1. 


jl Taco r(x';y') = T v (l(x;y))nen 


• z r ~ z i +z v 


Vi dtt: Trong mąt phang toa do Oxy cho vec to u ( 2;3). Viet phuong uinh 
dudng tron (C') la anh cua dudng tron (C):x 2 +y z -2x + 4y-4 = 0 qua phep 
tinh tien T-. 


Dudng tron (c) có tam l(l;-2) vabankinh R = 3. Goi I'(x'-,y') va R' lanluot 
la tam va ban kmh cua dudng tron (C ) • 


, p (Cj = (C) nen R' = R = 3 va T (i) — I • Suy ra 


z r= z / +z ; 


. ma 


Z; =1 —2i 
-2 + 3 i 


, z- 
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CMPLK 

(l-2i)+( 


Math A 

2+3i) 


Nhap vao may (l-2z) + (-2 + 3z), an CD GD E31JO @ OD ffi CU E3GD [±j[|j 

® Uj An GD, may hien ket qua hang -1 + /. Vay z r = -1 + /_>./'(_ 1; ^ 


Phuong trinh duong tron (C') la (x + l) 2 +(i/-l) 2 =9. 


Trong męt só bai toan, 
phuong trinh duong thśng 
A se duoc cho dtrói dang 

fx = .Y„+„Z 

tham so : 11 Khi 

[y=;!/o+bt 

dó ta nen chuyen phuong 
trinh nay ve dang tong quat 
Ax + By + C = 0 de có the 

thuc hien giai theo cac buóc 
o ben. 


Dmh nghia: Cho duong thśng d. Phep hien hinh blin mói diem Med thanh 
chinh nó, hien moi diem M khong thuoc d thanh M’ sao cho d la duong trung 

I , UC C !!. Cł °' n thang MM du,?c la phep doi xung qua duong thśng d hay 
j p e P do, xung truć d. Duong thang d duoc goi la truć cua phep doi xung hay 

| trUC dÓ1 xdn 8- PM P doi xung truć d thuóng duoc ki hięu la D rf . 
j Taco D d (M) = M'. 

Frong mj* phSng ,pa d<f ^7*7dST M^bj 77dtóng ',u£n s ' 

| &:Ax+ By + C = 0. Tim diem la anh cua diem M qua phep doi xtmg 

jj truć A. 

- _ ć;V'VćC•• . i, ■ i ■ .'CgCj 

. ' ' na> : . 7 ". 

|| ... V/1 

| * BUÓC 1: DuÓn8 thŚng A có vec ' to Phap tuyen la « = (A; B) -> z. = A + Bi. Diem ; 

| M(a;b)->z M =a + bi. ! 

II ! 

I * Buóc 2: Dua may ve che dó CMPLX: §p§ [a], 

| * Buóc 3: Nhap vao mav _ C _ z „- z m+C v __ 

J LI 2 -i—— • Ar > El, may hięn ket 

, , Pn| ™ i 

>1 qua có dang mot só’ phuc z. 

I * BUÓC 4: La> Phan thllC Cua só >^ 2 , tuc la X(z). Goi H la hinh chieu cua diem 
M tren duong thśng A . Khi dó dang phuc hóa cua diem H dupc xac dinh oua ; 

I C ° ng thUC Z « +z „- SR ( 2 )^2 h =*h +y„.l->H(x H ;y H ) . 

| " BVÓC 51 D ' ng PMChÓa Cda di# ’ m ‘a hinh chieh cua diem M(a;b) qua 

duong thŚng A dupc xac dinh qua cóng thuc |^2^1 Tpa do diem M' 

E% duoc goi la phuong phap Lien hop phuc. Co só hinh thanh phuong phap se 
I du><?c de a;l P dt? “ n tal Phan doc them ngay duói day. 

Vi dą: Trong mat phŚng toa dó 

A: x-2y + 4 = 0. Tim diem M'(x';y'j = D & (M) . 


k-1-2, 
l M h 5 ) k-l+K 


Uri giai 


• Dua may ve che dó CMFLX: |oi jj]. 


!_ AL-UI i-,< j. . 

I 1—£i ! 2 


Nhjp vao may f ip» mninFlnnn 

|2_2z] 2 ' n Chj iii lu td dD H ;;>j sxj 

m CCI Q.j ffi O ii m E3 ® <2> UMi H £33 Ej g] a (g) @. An (D, may 

hięn ke't qua bang 1 + - z = z ^ ^ j = i 
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B?5c? sU Unurat ^.as<w 


Morę tha^ a bm 


Cl+5i)+Cl“2i! 


CMPLK @ Ms.th A 

2C2+3i)-Cl + 5i) 


l+i 


STUPY TIFS 

De tim aućmg thŚng d' la 
anh cua d qua phep doi 
xiing truć A , tóc 
D i (d)=d'. Ta lay tren d 
hai diem tiry y M,N ■ Sau 
dó, tim M’,N' sao cho 

= Khi dó 
D 4 (N) = 1V' 

phuong trinh dućrng thang 
d' chinh la phuong trinh 
cua M'N' ■ 


Goi H la hinh chieu cua diem M tren dućrng thang A-* Dang phiic hóa cua 
diem H la z H = z M + z n M(z) = (1 + 5 i) + (l-2 i )x 1 = (l+5i) + (l-2i). 

Nhąp vao may tinh (l+5i)+(l-2i), an li.j LIj W l&J sS Uj tt- '~L fea 

(~yi. An fśsl , may hien ket qua bang 2 + 3 i. Suy ra z H — 2 + 3i. 

Dang phiic hóa cua diem M' la z M = 2z H -z M = 2(2+3i)-(l+5ij. £n lu >.±.j 
ffl rn E? fP OD GE GD fH CD • An UD , n-tay hien ket qua bang 3 + i. 

Vąy z M , =3 +i —- 

ap lilii: CU $d hinh ihanft phtfdng phap liii? ii # ph«c 

[gil, Trong inąi pharig toa do Oxy, cho diem M(a;,b ) va aućmg thang ; 
! A: Ax + Bt/ + C =0. Tim diem M'(a';b') la anh cua diem M qua phep doi xiing j 
| truć Ą. /. ~ ^ _ | m ~ M ' i t 

L .-01 

Goi H la hinh chieu cua diem M(a;b) tren duóng thang A: Ax + By + C = 0 
->MH = (x H - a; y H -b) va n A = (A;B) - 


, fMHlA 

Ta có hę phuong trinh j ^ <=>1 


—a 


A 


= _- [ Bx h - Ay H = f/B - AB 


B 


<» 


Ax H + By H + C = 0 


Ax H + By H C 




Vn=- 


B z a-ABb- AC 
A 2 + B 2 

A 2 b-AB.a-BC 

2 ~~~n2 


( B 2 a - AB.b — AC A 2 b- AB.a-BC 




A 2 + B 2 


A 2 + B 2 


A 2 + B 


B 2 a-AB.b-AC A 2 b-AB.a-BC. 
-+z„ ----^-- ‘ 


A 2 + B 2 


A 2 +B 2 


(A 2 + B 2 )fl- A(Aa + B& + G) (A 2 + B 2 )- B(B& + Aa + C). 


A 2 + B 2 


A 2 +B 


<2 — 


A ^ Aćz + Bib + C ^ 


A 2 + B 2 


- Ac + C ^ 


A 2 + B 2 


i = (« + bi) + (A + Bi) 


Ad + Bi? + C 


A 2 + B 2 


>2 h z m + z , 


Afl + Bb + C 
A 2 + B 2 


Xet z = — 


z-.z M +C (A + Bi)[a-bi) + C ^ Aa+Bb + C ; Ab-Ba . 


^/a 2 + b 2 j 

A/j + BB + C 


A 2 + B 2 A 2 + B 2 


i —> z la mot so 


phiic có phan thuc 5? (z) -- - 2 ^ 

Vąy dąng phiic hóa cua diem H la 


2 h= z m+ z „^( z ) 


voi z - - - 


z-z M + c 


Dang phiic hóa cua diem M r la z M , — 2z H z 
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i - lśs;: ok J- f-hep ijieg-j hinh trong mąt phln 


esf or oothiriff 


2(l+2i)-9i 


2-5i 



Dinh nghla: Cho diem I. Phep bien hinh bien diem I thanh chinh nó, bien mói 
diem M khac I thanh M' sao cho I la trung diem cua doąn thang MM' duoc 
goi la phep doi xung tam I . Ki hięu D r . Diem I duoc goi la tam doi xung. 

Nhu vąy, D i (m) = M' <=>ZM' =~IM. 

Dang 1: Tim diem M'(x';y’) la anh cua diem M(x;y) qua phep doi xung tam 

I(a;b). 


Taco M(x;y)^>z u =x + yi va 7(a;7>)-»z ; =a + bi 

Do D 1 (M) = M'oIM' = -IM^l X, ~ a = ~( X ~ a ')^l x, = 2a - x 

[.y'~b = -(y-b ) \y' = 2b-y 

-+M'(2a-x;2ł>-y)-+z M ,=(2a-x)+(2b-y)i = 2(a+bi)-(x+yi) 

Vąy 


' z m• 2z, z M 


Vi du: Trong mąt phang Oxy, cho hai diem M(0;9) va 7(l;2) . Tim toa dó diem 
M la anh cua diem M qua phep doi xtmg D t . 


Lód giai 

Taco M(0;9) —»z M = 0 + 9i = 9/ va 7(l;2)-> Z/ = l + 2z. 

Suyra z M =2z,-z M =2(l + 2i)-9i. 

Dua may ve che do CMPLX: gi GD- Nhąp vao may 2(l + 2z')-9z, an [U (Tj [T] 

S±] SI @ OJ (El C?J (H. An ijfi, may hien ket qua bang 2-5 i. 

Vąy z M = 2-5 i -> M'(2;-5). 

|^ąng 2: Viet phuong trinh du-óng thŚng A': A'x + B'y = C' la anh cua dućn^g 

■ thang A: Ax+ By = C qua phep doi xung tam 7( a;b ). 

k—— — — ~ , „_ _ 

Lay diem M(x; y) e A. Goi y') = D, (M) -> r “ = ~( X '~“) 0 J* = 2a ~ x ' 

\y'-b = -(y-b) \y = 2b-y' 

— >M(2a-x')2b— y'). 

Do MsAnen A(2a-x')+ B(2b-y') = C Ax' + By' = 2(Aa+ Bb)-C . 

D,(M) = M’ 

Taco • D,( A) = A' ->M'(x';y')eA'->A':Ax + By = 2(Aa+Bb)-C 
Me A 


Vąy 


-> C' = 2 

(Aa + Bb)-C 

= 201.n — C 

z r 2 „=( 

a-bi^A + Bi 

) = Aa + Bb + 

C' = 20i.n-C = 2M[ 



-Bb . 


Tren may tinh, ta dua may ve che do CMPLX: @®| (Tj. Sau dó nhąp 
2 x Conjg (z ; )xz--C va duoc ket qua la mot só phuc z , khi dó C' = 97 (z) . 
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CMPLK 0 


^onjgC l+2i ) x O 
U 


ai i Ja ■ 




f yt dw, Trong mąt phlng Oxy , cho diem I(1;2) va dudng thang d:3x-y + 9 = 0. 
| viet phuong trinh dirdng thang «" la anh cua dudng thang d qua phep doi xńng 
! D,. 




Ta có d:3x--y+9 = 0<»3x-y = -9- 


->C = -9 va 


fi (i; 2) 




z f = 1 + 2i 


i = (3;-l) 

rv,„ „i,. ^ł,ąr <4A CMPiOC Kffinn. Nhap vao may 

tJlra may vc . - 

2 x Conj g (1 + 2i) x (3—x)—(—9), an GD [g] HS [D iJj SD L±i Ckj @ Lii lii GiJ 

;-^n {ga n‘] Rj [TT f<~)| (JT] CD . An fSl , may hien ket qua bang ll—4d = z 

—>SR(z) = 11 = C' . 

Vąy phuong trinh d':3x-y = H < t : >3x-i/ — 11 = 0 . 

1 Dang ?>'- Viet phuong trmhdudng tron (C') la anh cua dirong tron (C) t§m J, |j 
ban kinh R qua phep doi xung tam 1 (a;b). 




Goi }' va R' łan ltrot la tam va ban klnh cua dirdng tron (C). 
R' = R 


Taco D t (C) = (C')->\ D '^ = J , 


Zji — 2Zj Zj 


»]’- 


v i, 


Trong mąt phang Oxy, cho diem l(l;2) va dudng tron 
(C) :x 2 + y 2 + 2x~6y+ 6 = 0. Viet phuong trinh dudng tron (C) la anh cua 
duóng tron (C ) qua phep doi xung tam 1 . 


Liii. gili 

Dudng tron (C) có tam /(—1;3j vabankmh R — 2. 


fR' = R = 2 


->z r =2z,-Zj, ma 


= 1 + 2z 

Zj = -1 + 3 i 


CMPLłi i Ml 

2Q+2i)~(-l+3i) 

3+i 


Taco D ; (C) = (C')->| ą ^ = r - 

Dua may ve che do CMPLX: §11 OD • Nhąp vao may 2(l+2i)-(-l+3i), an \£\ 

f(] m gg ® iii r>] R rn F:3 CD 93 GD §1 Cli • An OH, may hien ket qua bang 
3 + i ■ Vąy Zy = 3 + i — > ] (3;l) . 

Phuong trinh dudng tron (C'):(x-3) + (y-l) =4. 



Chieu duong cua phep 
quay la chieu duong cua 
dudng tron luong guic, tire 
la ngupc vói chieu quay 
cua kim dong ho. 


5, Phśp quay 

| Dinh nghia: Cho diem O va góc luong giac <p. Phep bien hinh bien O thanh 

| chirth nó, bien mól diem M khac O thanh diem M' sao cho OM' = OM va góc 
& , 

| luong glac (OM, OM') bang <p duoc goi la phep quay tam O goc cp . 

1 Diem O duoc goi la tam quay, góc tp duoc goi la góc quay cua phep quay dó. 

| Phep quay tam O góc <p thuóng duoc kl hięu la . 
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tr s hari 1 — Chu de 9 : Phep blen htnh trong mat pha; 


I ' ’ > M ( x ' ; y ) ^ ar >h cua diem M(x;y) qua phep quay tam O(0;0) 


; goc quay <p. 


Dat OM = r va (Ox, OM) = a . Suy 


x = r cos a 

ra 1 . —> Mir cos a;r sina). 

I y — r sin a v > 


Trong may tinh, dąng 
lirong giac cua so phńc 
(z = r(cos((i + /sin<p)) dupc 
ki hięu la z = rZ <p . De nh|p 
ki ty (Zj vao may, trong 
che dc) CMPLX ta an 


CMPL* a Mut 4 ' 

(2-3i)x(lz45 n ) 

S-/2 J2. 
2 ? 1 


CMPLX 13 Mkth A 

(2-3i)x[lZfJ 

5/2 -fZ - 

_ 2 2 1 


Taco Q {M) = M’J° M ' = 0 ™ = r [*'= ^(a + cp) 
j(Ox,QM)-a + (p jy' = rsin(a + cp) 

I " | x' = r (cos a. cos <p - sin a. sin cp) = x cos (p - y sin cp 

[y' = r (sin a cos cp + cos a sin cp) = x sin cp + y cos cp 

~ j>z m = *'+ y'i = (xcos<p-y sin cp) + (x sin cp + ycoscp)/ 

~ ( x cos (p + x sin cp .i ) + (y sin tp./ 2 + y cos cp.z ) 

= x ( cos <p + i. sin cp) + yi (cos cp +i. sin cp) = (x+ yi) (cos cp+ i. sin cp) 

V ^y 1 z m' = z M - (cos <p + i. sin <p) = z M . (lZcp) 

Trong may tinh casio (hay yinacal), ta du-a may ve che do CMPLX: gaf (T) va nhap 
vao may (a + bi)x (lZcp). An [Hj, may hien ket qua 

Vś dw. Trong mat phŚng Oxy, tim diem M' la anh cua diem M(2;-3) qua phbpT 
quay tam O(0;0), góc quay (p = 45°. 

Ldi giai 

Dua may ve che do CMFLX: §opJ [fj. 

Neu may dang o che do Deg: (§§ @ GD thi ta nhap vao (2-3f)x(lZ45) / an 

UJ SI 0 CD Ul L>] (El CO CD mg mi ® CD CD. Xn (50, may hiln ket qua bing 
5n/2 Z sZ Z. fsZ Z) 

~2 T "“Z r’^ M —T • 


Neu may dang o che dó Rad: 


thi ta nhap vao (2-3z)x IZ- , an 

^ 4 , 


cd ca a ci) ii m id m co mg o hi e e 

hien ket qua bang — i->z , = —-— 

& 2 2 M 2 7 


OB®®®®© CD- An ( 13 , may 

s/L/T „/sZ, Z) 


2 2 2 2 


Dang 2: Tim diem M(x';t/') la anh cua diem M(x;y) qua phep quay tam 
/ (a;b ),gócquay tp. 

Cóng thiic tinh dang phiic hóa cua diem M'(x';y'): \z M . =(z M -z,)x(lZcp) + z f . 

Cach chiing minh cong thiic nay se dupc de cap den tai phan doc them ngay duói 
day. 


du: Trong mąt phang toa dó Oxy, tim diem M' la anh cua diem M(3;-l) 
qua phep quay tam /(-2; 3), góc quay cp = 90°. 

Ldi giai 
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(3-i-C 


Ms.tti £ 

) X i 


2*8i 


ChśFiy 1 hiKth Ł 

(3-i-( -2+31 ))>■•(*> 

2+8i 


Dwa may ve che do CMFDh LEJ • 

Neu may dang Ó che do De# gO Billi thi ta nhąp vao may tinh 

( 3 __(_ 2 +3i))x(1Z90)+(-2+3f), 

pr, |-“j no psa ffty RH rpj m ftp] ("H jipjj faj RFj fal ®p jjQ. An [SQ. may hięn ket 
qua baiig 2 + 8z -+ z M , = 2 + 8 i —» M \ 2; 8 J. 

Neu may dang a che do Rad: @@33 thi ta nhąp vao may tinh 

(3-i-(-2 + 3i))x{lZ-'\ + (-2 + 3i), an ijj SU E) §§ E3 UJ EJ OD l±3123 Igi LU 

v v - p 2 J ' 

?U3] lisim. 


. > j 


Cw') \ 2J (.1 y j fU ji~>l I 




AT 

\ 




M, 


V*' 
Ja - \ 




w . 


' oT 


J/ą 


M' 




ljr 5 M., .V" / 

b ] '/y 


\ l / 

\ j / 
.. 

o ■ 


‘ j(n;b) 


Al 


y. ,vr 
/I, 

Bk ^ 


__n Oj iii &2S liii ISEzS - - - 

An dój, may hien ket qua bang 2 + 8i —> z M , =2 + 8ż —> M (2; 8) . 

flll lilii: Cófsg Ihflc td«ig pat cna piiep guay dang pftue 

|*Tim diem M{x'-,y') la anh cua diem M{x-,y) qua phep quav lam l{a;b), góc | 
i quay <p. _ 

Phep quay tam l(cr,b), góc quay cp bien diem M thanh diem M la hop boi ba 

phep doi hinh duói day: 

* Phep tinh tien T ;ó bien diem M thanh M, 

1 ^- jy — Q .— ££ 

—¥ z M| = (x - a)+(y—b)ż = (*+J/i) - ( a+ &*) = z m~ z i- 
* Phep quay Q ([: ^ bien diem M, thanh VI, 

Taco Q (0 „ ) (M 1 ) = M 2 nen z Mj =z Mj x(lZ(p) 

Ma z Mi = z M -z, nen z M? =(z M -z / )x(lZ«p). 

* Phep tinh tien T- bien diem M 2 thanh diemM' 

Taco T- (M 2 ) = M'<=>M 2 M' = OI<=>| " _ ‘ l2 _ -»M'(x M2 + a;y M2 +fe) 

OIV [1/m- I/m, -0 


i / 

I / 

V i / 

\!Zb‘" 


\ / 
y 


—> Z, 


—> z A 


. = (*m 2 + «) ■+ (i/aa + b )* = (*m 2 + w) + ( a + “ 

■ k 2 M~ 2 i) x ( 1Z( p) +z /- 


Z M + 2 / 


Vay |z M -( 2 M- 2 i ) x ( 1Z( P) + z ) 


§„ Phep v! lii 

| ojnh nghia: Cho diem O va so k * O. Phep bien hinh bien moi diem M thanh 
| diem M' sao cho OM' = kOM duac goi la phep vi ty tam O, ti so k . Ki liięu la 

S V (o, k y 

ipJJFlTrun toa do M'(x';y'y la ańh cuażdiem M(x;y) qua phep vj ty tam 
O(0;0), ti só k^O . 
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ĆHPD< 0 Math A 

-2x(2+i) 

_ -4-2i 


CMPLZ 0 "M«h A 

£x (4+5i) -5x (2+3k 

_ 14+15i 


Irhari z - ■U 1 m» ctf 4: Phe» bi&n hinh trong mąt phang 

Ta có V (ox) ( M ) = M' <=> ÓM' = k OM <=> {*' = ^ -> Jty) 


I si € foesf o ir ra ©f li i o g 


, =kx + Icy.i = k[x + yi )-» 


z *r k-Z M 


r 


Yi du: Trong mat phŚng Oxy, cho diem M(2;l). Tim toa dp diem M' la anh 
cua diem M qua phep vi tu tam O(0;0), ti so k = -2. 


Łoi giai 


Ta có Y (a _ 2) (M) - M' >z M , = -Zz M = -2(2 + i) . Dua may ve che do CMPŁX: 

Ul E3- Nhąp vao may -2x(2 + z), Sn O (U (X) CD CU t±] S CD. An (U, may 

hien ket qua bang -4-2z -> z M , = -4-2ż . Vąy M'{-A;-2). 

Bąttg 2: Tim toa dp M'(x';y') la anh cua diem M(x;y) qua phep vi tu tam 
/(fl;fc), ti śo A:^0. 

... 5 , ..... _ ..■■■I 

> . 

| Taco V (Jt) (M) = M' <*M' = kIM = f*' = kx + (l-k)a 

[i V'~b = k(y-b ) \y' = ky + (l-k)b 

-> z M=[kx+(l~k)a]+[ky + (l-k)b']i = k(x+yi)+(l-k)(a+bi ) 


z m— fe M +(l-fc) Zf 


VI du: Trong mat phang Oxy, cho diem I (2; 3) va diem M(4; 5). Tim toa do cua 
diem AT la anh cua diem M qua phep vi tu tam I, ti so k = 6 . 


Lol giai 


Tu- gia thiet, ta có 


z m 4 + 5 z 
z, = 2 + 3 i . 
k = 6 


Do V (/,6)( m ) = m ' n en = 6z M +(l-6)z, = ó(4 + 5z)-5(2 + 3z). 

Dua may ve che dp CMPLX: @ [fj. Nhąp vao may 6x(4 + 5z‘)-5x(2 + 3i), ah 

® ® ® tu OB cci m m s su id m u ® ta s m. An ©, m a y win ket 

qua bang 14 + 15z -» z M , = 14 + 15z -> M'(l4; 15). 

Dang 3: Viet phuong trinh duóng thSng A': • K.&ttt dtó 

thang A \Ax+By = C qua phep vi tu tam 0(0; 0), ti só k* 0. 


J 


Lay M(x;y) e A. Goi M’(x';y') = V (Qk) (M) o OM' = kOM ■ 


x' = kx 
y' - ky 


' Do MgA ngn A.~ + bX=C Ax' + By' = kC . 

fW A ) = A ' 

V) ( M ) = M ' - >M ' e A '-^ A ': Ax + By = kC -» |c' = fcc| . 

Me A 


y 

v = — 
k 


Do 
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ĆMPLK B Math &. 

C-2)x4+(l-(-2))i> 
_ -8-15i 


| Vś dm Trong mąt phlng toa do Oxy , cho dirdng thang A: 2x + 3y = 4. Viet | 
i phuong tririh duong thang A' la anh cua duong thang A qua phep vi to tam j 
i O(0;0), ti sd k = 5 . 

Ta có C = 4 —> Phuong trinh A' : 2x + 3y = 5.4 2x + 3y - 20 = 0. 



-Dang 4 Viet phuong trinh duong thang A': Ą'x+ B'y = C' la anh cua dudng 
thang A: Ax + By - C qua phep vi to tam I (s;ł>), ti sd k * 0 . 




| __ —. f x'-a-k{x-a) 

| Lay M(x;y)e A. Goi M'(x';y') = V {I k) (M) <» IM’ = kIM o = 


X = 




k 

y’-(l-k)b 

lc 


—» M 


x'-(l-fc)fl y'-(l-fc)fc 
fc ; k 


1 x'-(l-fc)« y'-(l-fc)& 

j! Do M s A nen A---+■ B. -- C 


ii o 

i! 


| Do -I 

ii 


Ax' + By'=kC + (l~ k)(Aa + Bb ). 

'W A ) = A ' 


(«) . 

P (I ^ (M) = M' ->M' e A'--> A': Ax + By = kC + (l - k)(Aa + Bb) 

Me A 


S C = kC + 

i\ 

(l-k)(Aa + Bb) = kC + (l- 

-k) 

.Ol.n 

1- 

I Xet z,.z- = (< 

l\ l n \ 

<z~bi)(A + Bi) = Aa + Bb + [ 

Ba 

-Ab) 

| Vąy C' = kC + ( 1- 

S! 

k).OI.n = kC + (l - fc).5R 

( z r 2 „ 


Tren may tinh, ta dua may ve che dó CMPI,X: §ę§| UJ • Sau dó nh|p 
j! kC + (l — k)x Conjg(z,)xz., thu duąc ket qua la męt so phiic z . Khi dó C' = 3t(z) 

‘ _ 

Vi du: Trong mąt ph5ng Oxy, viet phuong trinh duong thang d' la anh cua 

duong thang d : 2x + y — 4 = 0 qua phep vi to tam I (—1; 2), ti sd k = —2. 


Lad giax 

Tacó d:2x + y- 4 = 0<=>2x + y = 4 —» C = 4, fc = — 2. 

Phuong trinh dućmg thang d' có dąng 2x + y = C' -»C' = 5R(z) vói 
z~kC + {l-k)z r z n . 

Dua may ve che do CMPLX: SÓBgd]. Nhąp vao may 
(—2)x4 + (l — (—2))xConjg(—1 + 2i)x(2 + i), &i GD O S) CD (S © GB GD fil E) 

mecijmcaiiieiaiijeiijffiiiiiiffifiimtaaDiiCD.Ana, 

may hien ket qua bang —8—15i—>z = —8 —15t—= —8 = C . 

Vąy phuong trinh d’: 2x + y = —i8 <=> 2x + y + 8 = 0 . 
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cmpl>: a Mitii a 


-2(1+31) 


-2-6i 


-2(3-1)+3Cl+2i) 
_ -3+8i 


Phan 2 - Chu de 9; Phep hien hlnh tron? mM phan 


Viet phuong trinh duóng tron (C) la anh cua duóng tron (c) tam /, 
ban kfnh R qua phep vi tir tam O(0;0), ti so k^O . 


Goi J' va R' lan lugt la tam va ban kinh cua duóng tron (C'). 
Do V (o,ą ( C ) = ( C 0 V (o.k) (/) = T • Su Y ra OJ' = kOJ 


Z,.=1(2, . 


Laydiem M(x;y) e(C). Goi M'(x';y') = V (ok] (m) -»M' e (C') va J'M' = R'. 
Do V (Q k) (M) = M' -o- OM' = kOM. Tu dó, OM' -OJ’ = k ( OM - OJ ) 

-> JM = k.]M -> J'M' = \k\ .JM hay 


R'=k.R 


Yi dą: Trong mat phang Oxy, viet phircmg trinh dirong tron (C'j la anh cua 
dtrdng tron (C): X 2 +y 2 —2x—6y + 6 = 0 qua phep vi tir V, 

(0,-3) 


Lód giął 

Duóng tron (Cj có tam /(l;3) va ban kfnh R = 2. Goi J',R' lan lugt la tam va 
ban kfnh cua dirćrng tron (C'). 


Ta có 


5 Vh c M c ')- 


K ■ - 2z i —2(1 + 3/) = -2 - M f;'(-2; -6) 


R' = \k\.R = 3.2 = 6 

2 / ,\2 


Vąy phuong trinh (C'): (x + 2)' + (y + óf = 36 . 


R = 6 


thmg 6: Viet phuong trinh duóng tron (C') la anh cua duóng tron (C) lam /, 
ban kfnh R qua phep vi tu tam l[a;b), tl só k*0. 


Goi /' va R' lan lu-gt la tam va ban kinh cua dirong tron (C'). 


Do V (i,k)( C ) = ( C )-* V ( I , k ){j) = J'-Su yra 2 r =kz, +(l-/c) Zj (Dang 2) 
Laydiem M(x;y)e(C). Goi M'(x'; y') = V (Ik) (M) -> AT s (C) va J'M' = R! 
,, \ V (i.k){ M ) = M ' f IM = kIM - — _. _ 

{v,„,(/)-r "i W-klj = 


->J'M' = \k\.JM hay R'= \k\.R . 


vi d «: Viet phuong trinh duóng tron (C') la anh cua duóng tron 
(C):(x —3) 2 +(y + l) 2 =9 qua phep vi tur tam /(l;2),tisó k =-2. 


Len giai 


Duóng tron (C) có tam /(3;-l), ban kfnh R = 3. Goi J',R' 1'an lugt la tam 
ban kfnh cua duóng tron (C'). 


Ta có V {J JC) = (C')- 


z r =kz l +(l-k)z I =-2(3-i) + 3(l + 2i) = -3 + 8i 




(, '- 2)V_/ V ~ 7 ' \R' = |fc|.R = |-2j.3 = 6 
/'(-3;8). Vąy phuong trinh (C'):(x + 3) 2 +(y-8) 2 =36. 
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Łap iiP\ 

I „ r'TlS0 

Caa 1: Trong mąt phang Oxy, phep tinh tien theo vec- 
to u = (l;3) bien diem A(2;l) thanh diem mao trong 
cac diem sau 

A, A'(2;l) B. A'(l;3) 

C A'(3; 4) D. A' (-3; -4) 

CS a 2; Trong mąt phang Oxy, cho v-(l}2) va diem 
A (2; 5). Anh cua diem A qua phep tinh tien T ; la 
A (1;6) B. (3;1) C. (3; 7) D. (4; 7) 

Ća U 3;: Trong mąt phang Oxy , cho v = (2;l) va diem 
A (4; 5) • Hói A la anh cua diem nao trong cac diem 
sau day qua phep tinh tien T- ? 

A. (1;6) B. (2; 4) C, (4; 7) D, (3;l) 

Ciu 4: Cho A ABC có A(2;4),B(5;l),C(-l;-2). Phep 


A, v = (7;9) V.v = (-7;-9) 

C, Khóng ton tąi v IX A va B dung 
CS a 10: Duong thang d, cat Ox tąi A(-4;0), cat Oy 
tąi B(Q}2j . Ląp phuong trinh duong thang d 2 la ann 

cua d 2 theo phep tinh tien v =p0;3) 

A. d 2 : x — 2y — 10 = 0 B. d 2 : x + 2y-10 = 0 

C. d 2 : x - 2y +10 = 0 D. d 2 :x + 2y + 10 = 0 

Cau. 11: Cho » = (3;3) va duong tron 
(c):x 2 +y 2 -2x+4y—4 = 0. Anh cua (C) qua T, la 
ÓC') có phuong trinh 

A. (x-4) 2 +(y —l) 2 =4 

B. (x-4) 2 +(y-l) 2 =9 
c. (x+4) 2 +(y+i) 2 =9 
O, x 2 +y 2 + 8x + 2y — 4 = 0 


tinh tien T gc bien A ABC thanh AA'B C . Tęa dó tiong 
tam cua A A'B'C' la 

A. (-4;2) B. (-4;-2) C. (4;-2) D. (4; 2) 

Caw 5: Biet diem M'(-3;0) la anh cua M(l;-2) qua 
T-, diem M"(2;3) la anh cua diem M' qua T,. Toa 
dó ii + » bang 

' A . (3;-l) B. (—1;3) C. (-2;-2) D. (l;5) 

Cau & Trong hę truć Oxy , cho « = (-2;3) va diem 
E(2;l). Diem B = T 2;; (E) thi 

A. B(-6;5) B. B(0;4) C. B(7;-2) D. B(-2;7) 
Cau 7: Trong mąt phang Oxy , cho atrong thang 
d : 2x - y +1 = 0 . De phep tinh tien theo v hien duong 
thang d thanh chinh nó thi v phai la vec-to nao sau 
day? 

A. u = (2;l) B, v = (l;2) 

C.v = (-1;2) D. » = (2;-l) 

Cau t>: Trong mąt phang Oxy, cho v - (l; 3) . Phep 

tjnłi tien theo vec-to nay bien duong thang 
d : 3x + 5y - 8 = 0 thanh duong thang nao trong cac 


Cau 12: Phep tinh tien theo vec-to u = (l;-3) bien 
duong tron (C): x 2 + y~ — 2x + 4y — 1 = 0 thanh duong 
tron có phuong trinh 

A. (x-2) 2 +(y + 5) 2 =6 B. (x-2) 2 +(y-l) 2 =16 

C. (x-2) 2 +(y-l) 2 =6 D (x-2)'+(y-l) 2 =4 
Ca« 13: Cho duong tron (C):(x + l) +(y-2) =4. 
Tim (C’) =T- ((C)) biet u = (l;—3) 

A. (C'): (x-1) 2 + (y-1) 2 =4 

B. (C'):x 2 +(y + l) 2 =4 

C. (C'):x 2 +(y-l) 2 =4 

C. (C'):(x + l) 2 +(y + l) 2 = 4 
Catt 14: Trong mąt phang Oxy, cho duong tron 
(C):(x-8) 2 +(y-3) 2 =7. Anh (C') cua duong tron 
dó qua phep tinh tien theo vec-to v = (5; 7) la 

A. (x-4) 2 +(y-3) 2 =7 B. (x-13) 2 +(y-10) 2 =7 

C. (x-7) 2 +(y-5) Z =7 D. (x-3) 2 +(y + 4) 2 =7 
Cau 15: Trong mąt phang Oxy , anh (C') cua duong 


duong thang sau? 

A. 3x + 2y = 0 B. 3x + 5y - 26 = 0 

C, 3x + 5y-9 = 0 D. 5x + 3y-10 = 0 

Cau 9: Trong cac phep tinh tien theo cac vec-to sau, 
phep tinh tien theo vec-to nao bien duong thang 
^ . 9 X _ 7y +10 = 0 thanh chinh nó? 


tron (C):(x-2) 2 +(y-l) 2 =16 qua phep tmh tien 
theo vec-to v = (l; 3) la duong tron có phuong trinh 
A. (x-2) 2 +(y-l) 2 =16 B. (x + 2) +(y + l) =16 
C. (x-3) 2 +(y-4) 2 =16 D. (x + 3) 2 +(y + 4) 2 =16 
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■ Chu de 9: Phep bien hinh trong mąt phlgg 


2, Phep doi xsfrig truć 


Cau 16: Trong mąt phang Oxy, qua phep doi xung 
truć Oy, diem A (3; 5) bien thanh diem nao trong cac 
diem sau 

A. A'(3; 5) B. A'(-3; 5) 

C. A'(3;-5) D. A'(-3;-5) 

Cau 17: Trong mąt phang Oxy, cho diem M(2;3). 

Diem nao sau day la anh cua M qua phep doi xung 
qua duóng thang x - y = 0 

A. (3; 2) B. (-2; 3) C. (2;-3) D. (3;-2) 

Cau 18: Trong hę truć Oxy, cho dudng thang 
d:x + y +1 = 0. Goi d! = D Qx ( d ) thi phuong trinh 
duóng thang d' la 

A. x + y = 0 B. x-y = 0 

C. x-y +1 = 0 D. x-y -1 = 0 

Cau 19: Trong mąt phing toa do Oxy, cho parabol 
(P ). x =4 y . Hói parabol nao trong cac parabol sau la 
anh cua (P) qua phep doi xung truć 0x7 
A- x 2 = 4y B. x 2 = -4y 

C. y 2 = 4x D. y 2 = -4x 

Cau 20: Trong mąt phang tpa dó Oxy, cho parabol 
(P): x 2 = 24y . Hói parabol nao la anh cua (p) qua 
phep doi xung truć Oy ? 

A. x 2 - 24y B, x 2 =-24y 

C. y 2 = 24x D. \f = -24x 

Cau 21: Trong mąt phang toa dó Oxy, cho parabol 

(P) : y = x. Hói parabol nao trong cac parabol sau la 
anh cua (p) qua phep doi xung truć Oy 7 

A.y 2 =x B. y 2 = -x C. x 2 = y D. x 2 = -y 

Cau 22: Trong mąt phang toa dó Oxy, cho parabol 

( р ) '-y 2 =-12x. Hói parabol nao la anh cua (p) qua 
phep doi xung truć Ox 7 

A. x 2 = 12y B. x 2 = -12y 

C. y 2 =12x D. y 2 =-12x 

Cau 23: Trong mąt phang tpa dó Oxy, cho duóng tron 

( с ) : (x- 1 ) 2 +(y-2) 2 =4 va (C'): (x-3f +y 2 = 4 . 
Viet phuong trinh truć doi xung cua (c) va (C') 

A. y = x +1 B. y = x -1 

C- y = ~x + l D. y = —x — 1 

Cau 24: Trong mąt phlng Oxy , cho duóng tron (C) 
có phuong trinh x 2 +y 2 -4x + 6y = 0. Goi (C') la anh 
cua (C) qua phep doi xung truć Ox. Phuong trinh 
(C') la 


TSie best os - nothing 

A. x 2 + y 2 - 4x + 6y = 0 B. x 2 + y 2 - 4x - 6y = 0 

C. x 2 +y 2 +4x-6y = 0 D. x 2 + y 2 + 4x + 6y = 0 
Cau 25: Trong hę truć Ozy , cho duóng tron (C) có 
phuong trinh x 2 +y 2 -4x + 6y = 0. Goi (C') la anh 
cua (C) qua phep doi xung truć Oy . Phuong trinh 
(C) la 

A. xr + y - 4x + 6y = 0 B. x 2 + y 2 - 4x - 6y = 0 
C. xr + y‘ + 4x - 6y = 0 D. x 2 + y 2 + 4x + 6y = 0 

3. Phep doi xaJng tam 

Cau 26: Trong mąt phang tpa dp Oxy , anh cua diem 
A (5; 3) qua phep doi xung tam I (4; l) la 
A. A'(5; 3) B. A'(-5;-3) 

C. A'(3;-l) D. A'(—3;l) 

Cau 27: Trong mąt phang tpa do Oxy, anh cua diem 
A(3;2) qua phep doi xung tam O la 

A. (-3; 2) B. (2; 3) C. (-3;-2) D. (2; -3) 

Cau 28: Trong mąt phang tpa do Oxy, cho duóng 
thang d:x = 2. Duóng thang nao sau day la anh cua 
d qua phep doi xung tam O(0;0) ? 

A. y = 2 B. y = -2 C. x = 2 D. x = -2 

Cau 29: Trong mąt phang tpa dp Oxy, cho duóng 
thang d:x-y + 4 = 0. Duóng thŚng nao sau day có 
anh la d qua phep doi xung tam I (4; l) ? 

A. x-y + 2 = 0 B. x —y-10 = 0 

C x-y-8 = 0 D. x-y+ 6 = 0 

vau 30: Trong mąt phang tpa dp Oxy, tim phuong 
trinh duóng thang d' la anh cua duóng thang 
d-.x + y~ 2 = 0 qua phep doi xung tam j(l;2) 

A. x + y + 4 = 0 B. x + y-4 = 0 

C. x—y + 4 = 0 D. x-y-4 = 0 

Cau 31: Trong mąt phang tpa dp Oxy, tim phuong 
trinh duóng tron (C j la anh cua duóng tron 
(C): x 2 + y 2 = 1 qua phep doi xung tam / (l; 0) 

A. (x-2) +y 2 =l B. (x + 2) 2 +y 2 =l 

C, x 2 +(y —2) =1 D. x 2 +(y + 2) 2 =l 

»_au - Trong mąt phang tpa do Oxy, tim phuong 
trinh duóng tron (C'j la anh cua duóng tron 

(c) • (x —3) +(y +1) =9 qua phep doi xung tam 
0(0; 0) 

A. (x-3) +(y + l ) 2 —9 B. (x + 3) 2 +(y + l ) 2 =9 
C (x-3) 2 +(y-l) 2 =9 D. (x + 3) 2 + (y — l) 2 = 9 
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Cka 33: Cho hai duóng tron (C):* 2 +y' -1 va 
(C') : (x-4) 2 + (y — 2)~ = 1. Tim toa do cua tam doi 
xiing bien (C) thanh (C') 

A. I(2;l) E, l(-2;-l) 

C. 1(8;4) D- l{~ 8;-4) 

Cśu 34: Viet phuong trinh parabol (P') la anh cua 
parabol (P) : y 2 = x qua phep doi xung tam l(l;0) 

A, y 2 = x - 2 B, y 2 =-x + 2 

C, y 2 = -x - 2 D. y 2 = x + 2 

Ciu 35: Viet phuong trinh elip (£’) la anh cua elip 


( E): — + = 1 qua phep doi xung tam 7 (l; 0) 

4 2 

a ( x ~ l )\y 2 =x 

4 1 

(x-2) 2 y 2 

B. i — -4- + 4- = l 

4 1 

r ( x+1 f + y 2 -! 

4 1 

r ( x + 2 ) 2 + y 2 _! 

4 1 

4, Phep quay 

Ca u 36: Trong mat phang tęa dę Oxy , cho diem 

A (3; 0) . Tim toa dę anh 

A' cua diem A qua phep 

quay 


A, A'(0;-3) 

B, A'(0;3) 

C. A'(-3; 0) 

D. A'f 


Cite 37: Phep quay tam O(0;0) góc quay 90° bien 
diein A(0;-5) thanh diem A! có tęa do 

A. (-5; 0) B. (5;0) C (2; 3) D. (3;0) 

Caii 38: Trong mat phang toa dę Oxy , anh cua diein 
M(3;4) qua phep quay Q (o ^ la 


A, x 2 y 2 + 4x + 1 = 0 h. x 2 +y -4*—1 — 0 

C, x 2 + y 2 + 4x-l = 0 D. x 2 + y 2 — 4x +1 = 0 

Cau 41; Phep quay tam O(0;0), góc quay —90° bien 
duóng tron (C): x 2 + y 2 - 4x +1 = 0 thanh duóng tron 
có phuong trinh: 

A, x 2 +(i/-2) 2 =3 B. x 2 + (y + 2)“ = 9 

C. x 2 +{y + 2) 2 ~5 D. x 2 +(y + 2) =3 

Cau 4 2: Phep quay tam 7 (4; -3) góc quay 180° bien 
duóng thang d:x + y ~5 = 0 thanh duóng thlng có 
phuong trinh 

A. x —y + 3 = 0 B. x + y + 5 = 0 

C x + y + 3 = 0 O. x + y ~3 = 0 

Cau 43* Trong mat phang toa dę Oxy , cho duóng 
thang d:x-y + 4 = 0. Hói d la anh cua duóng thang 
nao sau day qua phep quay tam 7(0;3), góc quay n 
A. 2x + y-4 = Q B. 2x + 2y-3 = 0 

C. x-y + 2 = 0 D. 2x-2y + l = 0 

Cau 44; Trong mat phlng toa dę Oxy , cho duóng 
thang rf:x-3y + 2 = 0. Trong cac duóng thlng sau, 
duóng thang nao la anh cua d qua phep quay tam 
7 (-2; 0), góc quay k 

A. 2x + y -4 = 0 B. 2x -6y + 4 = 0 

C. x-3y + 4 = 0 D. x-3y + l = 0 

Cau 45, Trong mat phang tęa dę Oxy , tim phep quay 
Q bien diein A(-l;5) thanh diein B(-3;-l). 

4 Q(o,90”) B ‘ 2(0,30°) 

C- Q (lfW) va J(l;l) D. Q {1 ^ va 

5, Phep vj fei 

Cau 46: Trong mat phang tęa do Oxy , tim anh B cua 


A. M’ 


{7-1 2 ?42'] 

B M’i 

diem A(2;7) qua phep vi 

tu tam O, ti só k 

l 2 ' 2 J 

■ l 2 ' 2 J 

A. B(—2;—7) 

B, B(-2;7) 

f 4i 

r 2 '^ 2 J 

. r 7 £ S] 

u, ;- T j 

c, 

D. B(4;14) 


Cau 39: Phep quay tam O(0;0) góc quay 90° bien 
duóng thang d:x~y +1 = 0 thanh duóng thang có 
phuong trinh 

A. x + y — 3 = 0 B. x + y + l = 0 

C. x-y + 3 = 0 D, x + y + 6 = 0 

Cau 40: Phep quay tam O(0;0), góc quay -360° bien 
duóng tron (C): x 2 +y 2 -4x + l = 0 thanh duóng tron 

có phuong trinh 


diem M(-2;4) qua phep vi tu tam O ti so k - -2 
A, (-4; -8) B. (-8; 4) C, (4; -8) D. (4; 


Cau 48: Cho duóng thlng d có phuong trinh 
2x + y-3 = 0. Phep vi tu tam O ti só k-2 bien d 

thanh duóng thlng nao sau day? 

A. 2x + y + 3 = 0 B, 4x + 2y-5 = 0 

C. 2x + y-6 = 0 D. 4x-2y-3 = 0 
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Caw 49: Cho duong thang d có phuong trinh 
x + y~2 = 0. Phep vi tu tani O ti só k =-2 bien d 
thanh duong thang nao sau day? 

A, 2x + 2y—4 = 0 B. x+y+4=0 

C. 4x + 4y —5 = 0 D. x + y — 4 = 0 

Cau 50: Trong mat phang toa do Oxy, cho /(2;-l) va 
duong thang d: 2x + y — 3 = 0 . Hói phep vi tu tam 1 
ti so k = -2 bien d thanh duong thang nao? 

A. x + 2y + 3 = 0 B. 4x-2y-6 = 0 

C. 2.r + y-3 = 0 D. 4x + 2y-5 = 0 

Ca« 51: Cho duong tron (C):(x-2) 2 +y 2 =1. Viet 
phuong trinh duong tron (C) la anh cua (c) qua 
phep vi tu tam O, ti só ł = 2 

A. (x-4) +y 2 = 4 B, (x + 4) 2 +y 2 =4 

C(x-4) 2 +y 2 =l D. (x + 4) 2 +y 2 =l 

Cau 52: Trong mąt phang toa dó Oxy, tim anh cua 
duong tron (C):(x — 3) + (y + l) =5 qua phep vi tu 
vói I ( 1 ' 2 ) 

A. (x + 3) 2 +(y-8) 2 =20 

B. (x-2) 2 -(y + 3) 2 =20 

C. (x-2) 2 + (y + 3) 2 =20 

D. (x + 3) 2 +(y + 8) 2 =20 

Phep dong dąng 

i Khi thpc hien lien tiep mot phep vi tu va mot 
[phep doi hinh (hoąc nguoc ląi) thi ta dupc ket 
J qua la mot phep dong dąng 

Cau 53: Cho diem M(2;4). Phep dong dąng la hop 

thanh cua phep vi tu tam 0(0^0) ti so k = va phep 
doi xung truć Oy se bien M thanh diem nao? 

A. (—1; 2) B. (-2; 4) C. (l;-2) D. (l;2) 

Cau 54: Cho duong thang d có phuong trinh 
2x — y = 0 . Phep dong dąng la hop thanh cua phep vi 
tu tam 0(0; 0) ti só k = -2 va phep doi xung truć Oy 
se bien d thanh duong thŚng nao? 

A. 2x + y = 0 B. 2x-y = 0 

C. 4x - y = 0 D. 2x + y—2 = 0 

Cau 55: Cho duong thang d:3x-y-3 = 0. Tim anh 
cua d qua phep dong dąng bang cach thuc hien lien 
tiep phep vi tu tam I (l; l) ti so k = 2 va phep tinh tien 
theo vec-to v = (4; -l) 

A. 3x + y-17 = 0 B. 3x—y—4 = 0 
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C 3x-y~17 = 0 D. 3x + y-4 = 0 

Cau 56: Cho duong tron (c) có phuong trinh 

(x-2) +(y-2) =4. Phep dong dąng la hop thanh 

cua phep vi tu tam O( 0 ; 0 ), ti só = ^ va phep quay 

tam O(0;0) góc quay 90° se bien (c) thanh duong 
tron 

A. (x + 2) 2 +(y — l ) 2 = 1 B. (x-l) 2 +(y_l) 2 =l 

C. (x + l)“+(y-l ) 2 =1 D. (x-2 ) 2 + (y-2 ) 2 = 1 
Caa 57: Trong mąt phang toa do Oxy , cho duong tron 
(C) có phuong trinh (x -i) 2 +(y-2 ) 2 = 4 . Phuong 
trinh duong tron (C') la anh cua (C) qua phep dong 
dąng có dupc bang cach thuc hien lien tiep phep vi tu 
tam O(0;0) ti só k = 2 va phep doi xung qua Oy 

A. (x + 2 ) 2 +(y-4 ) 2 =16 

B. (x-2f +(y + 4 ) 2 =16 

C. (x-3) 2 +(y-5 ) 2 =4 

D. (x + 3) 2 +(y-5) 2 =4 

Caw 58: Trong mąt phang toa do Oxy, cho duong tron 
(x- 8 ) +(y-4) =4. Anh cua duong tron qua vięc 
thuc hien lien tiep phep tinh tien theo y = (l; 5 ) va 
phep quay tam O góc 45 ° la 

A. (x-9V2) 2 +(y-9 ) 2 =4 

B. (x-9V2) 2 +y 2 =4 

C. x 2 +(y-9V ^) 2 =4 

D. (x + 9 ) 2 +(y-9 ) 2 =4 

tiau 59: Trong mąt phśng toa do Oxy, cho diem 
M (3; 7). Anh cua diem M có dupc bang vięc thuc hien 
lien tiep cac phep doi xung truć Ox, phep tinh tien 
theo vec-to v = (l; 3), phep doi xung tam O va phep 
quay tam O mót góc -180° la 

A. (4;-4) B. (-4; 4) C. (3;-7) D. (- 4 ;- 4 ) 

Cau 60: Trong mąt phang toa dó Oxy, cho duong 

thang d:x = 2%fl . Viet phuong trinh duong thang d' 
la anh cua d qua phep dong dąng có dupc bang cach 

thuc hien lien tiep phep vi tu tam O ti só k = ~ va 

2 

phep quay tam O góc quay 45 ° . 

A. d':x + y — 2 = 0 B. rf':x-y + 2 = 0 

C. d': x + 2y -3 = 0 D. d ': x-2y + 3 = 0 













fyiore oian a ssook 


b , „ - tle rin I w en f • nii • j 


ia i ap; 


Ta có T- (/i) = A' nen z„, = z„ + z_ ; = (2 + i) + (l+ 3i) 
—> z A , =3 + 4 i —:> A' (3; 4). 


CMPLK S Math A 

(2+i)+(1+3i) 


Ta có T- (A) = A' —» z A , =z A + z- = (2 + 5/) + (l+2 i) 
->z A , =3+7f->A'(3;7). 

cSpD? 0 Marti 

C2+5i)+(l+2i) 

_ 3+7i 

OAia 3: Oap ars. 11= 

Ta có T- (B) = A —> z^ = z B + z- —> z B = z A — z- 
—> z B = (4 -f 5ż) — (2 + z’) = 2 + 4i —> B(2; 4^. 

CMPLK i Mart & 

C4+5i)-C2+i) 


Cku 4: Dap ars. II, 

Gęi G, G' łan luąt la trong tam cua A ABC va A A!B’C’ 
Do T bc (A ABC) = AABC -> T BC (G) = G' 


z A +z B + z c 

-> Z G' = Z G + Z B Ć = 3 g - + Z C - Z B 


■ 2g = (2 + 4 0 + ( 5 + 0 + Azg) + (-1 = 2 i) - (5 +/) 
>z G , =-4-2 i —>G'(-4;-2) . 


CmplS a Mith A 

(2+4iJ + C 5+ii + (- Ł 
3 E " 


Cau 3t Dap att D, 

Taco T-(M) = M' —»z m , =z m +Z u ->z- =z m ,-z m ; 
T v (M') = M" -> z M „ = z M , + z o -+ z- = z M , - z M ,. 

CÓ Z— = Z B + Z K = (z M , — Z M ) + ( Z M' — Z M’ ) — ~M* 2 A- 

—> z- - = (2 + 3/)-(l-2/) = 1 + 5/ — >u + v — ^1/5). 


CMPLK 

(2+3D- 

E M?.th & 

l+5i 

n D. 

= B->z b =; 

1 + 2( —2 + 3/j 

-E +Z 2,; =Z E +2z . 

} = —2+7/ —»B(— 

CMPLK 0 Wath Ł 

(2+i)+2C-2+3i) 

-2+7i 


d : 2x-y + 1 = 0 -+ 2x-y = -1 -> C = -1 
Goi duóng thang rf' = T. (d) —>■ d': 2x—y = C'. 

De d = T-(d ) thi rf' trung vói d . 

Taco C' = 3?(z) vói z = C + conjg {z -)xz. 

- Phuang dn A: Vcd v - { 2;i j, ta có 
z = — l+Canjg(2+/)x(2 —i) = 2—4/ 

CMPLK 0 Math & 

-l+Condg(2+i )x(i> 
_ 2-4i 

->C' = 5R(z) = 2-+d':2x-y = 2 khong trung vói 
duóng thang d . Loąi A. 

- Phuang dn B: Vói u = (l;2), ta có 

z = -l+Conjg(l+2/)x(2-/) = -l-5/ 

CMPLE i M&th Ł 

"l+Corijg(l+2i)x!> 

_ -l-5i 

-> C = 5R(z) = -1 -> d !: 2x - y = -1 -> d' trung vói 
duóng thang d . Chon B. 

- Phuang dn C: Vói u = (-1; 2), ta có 

z = —l + Conjg(— l + 2i)x(2—/) = -5-3/. 

tira 0 M>,t. A 

_ -5-31 

-» C' = SR (z) = -5 -» d': 2x - y = -5 khong trung vói 
duóng thang d . Lo^i C. 

- Phuang dn D: Vói v = (2; -1), ta có 
z = -l+Conjg(2-ż)x(2-i) = 4 

ĆMPLK 0 Math T 

-i+Conjg(2-i)xO 
_4_ 

C' = 9L(z) = 4 ->d': 2x-y = 4 khong trung vói 

duóng thang d . Loąi D. 

Cait 3: Dap an B. 

Tacó d:3x + 5y — 8 = 0<Ji>3x + 5y = 8—>C = 8. 

Goi d' = T (ri) -+ Phuong trinh d' có dąng 
3x+5y — C'. Trong dó C' = 5?(z) vói 
z = C + Conjg(z_ )xz n = 8+Conjg(l+3x)x(3 + 5i) . 

Su dung may tinb v ta tinh duoc z = 26—4z 
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3+Conjg(l+3i)x(i> 

*5 r ES ^ 8a fe _ i ne K>esi: or notning 

Cau 12: Dap an A. 


26-41 

Duong tron (c) có tam l( 1 ; -2), ban kinh R = . 


Suy ra C' = SR(z) = 26— >d': 3x+5y = 26 hay 
d': 3x + 5y - 26 = O. 

Cau 9: Dap an D. 

d:9x-7y + 10 = 0 <^>9x-7y = -10 —» C = -10 . 

Goi d' = T(d) ->d':9x-7y = C '. De d = T(d) thi d' 
phai trung vói duong thang d, hay khi dó C' = C. 
Trong dó C' = 5R(z) va z=C + Con]g(z-^xz-. 

- Phuamg an A: Vói v = (7; 9) thi ta có 
z = -10 + Conjg (7+9f) x (9 - 7 j ) = -10 -130* 


cmplS i " " M-.tt a “ 

-10+Conjg(7+9i)i> 
_-10-1301 


Suy ra C' = SR (z) = -10 = C. Chon A. 

- Phuang an B: Vói v = (-7; -9) thi ta có 
z = -10 + Conjg (-7 - 9i) x (9 - 7 i) = -10+ 130z . 


ĆMPO 0 Math A 

-10+ConjgC-7-9ii> 
_i. l . P + 13Qi 


Suy ra C' = SR(z) = -10 = C. Chon B. 

Cau 10: Dap an C. 

Ta có T- (d r ) = d 2 . Gia sir T (a) = A' va T (b) = B' thi 
A',B' ed 2 . 

T v (A) = A'-+z a , =z a +z v = (-4+0z)+(0 + 3z) = -4+3z 
—> A'(-4; 3) . 

T v (B) = B'-+z b , =z b +z o = (0 + 2i)+(0+3z) = 5i 
—»B'(0;5). 

Quan sat cac dap an, ta thay chi có duong thang 
x-2y + 10 = 0 di qua hai diem A'(^ł;3) va B'(0;5) 
nen day la phuong trinh cua d 2 . 

Cau 11: Dap an B. 

Duong tron (c) có tam /(l;-2) va ban kinh R = 3. 
Duong tron (C') có tam I' va ban kinh R' 

|R' = R=. 3 

\ T A I ) = 1 ' 


Do T ,((c)) = (c') 


Duong tron (C') có tam I', ban kinh R'. 

D ° r((C))-(C) nen 

->z r =z I +z v =(l-2i)+(l-3i) = 2-5i—>/'(2;-5). 


Cl-2i)+(l-3i) 
_2-5i 


Vay (C'):(x-2) 2 +(y + 5) 2 =6. 

Cau 13: Dap an B. 

Duong tron (c) có tam 1 (-1; 2) , ban kinh R = 2 . 
Duong tron (C') có tam V, ban kinh R'. 

|R' = R = 2 


Do 


T n(( C )) = (C') 


T- (/) = I' 


~+z 


r =z,+z u =(-l+2i)+(l-3i) = -i I' (0;-l) . 


CMPLK 0 Math 

C-l+2i)+(ł-3i) 


-1 


V|y (C'): x 2 +(y + l) 2 = 4. 

Cau 14: Dap an B. 

Duong tron (C) có tam I (8; 3), ban kinh R = ^7 . 
Duong tron (C') có tam I', ban kinh R'. 

R’ = R = ^7 

T ;('W' 

z r = z, + z •= (8+3f)+(5+7i) = 13+10* -> /' (13; 10) 


DoT n(( C )) = (C') 


—> 


CMPLX 0 Ma 

(8+3i)+(5+7i) 


13+10i 


Vay (C’):(x-13) 2 +(y-10) 2 =7. 

Cau 15: Dap an C. 

Duong tron (c) có tam 1(2; Ij, ban kinh R = 4 . 
Duong tron (C') có tam ban kinh R'. 

fR' = R = 4 


Do 7 ;(( c ))=(c') 


T-(/) = /' 


—> 


z v =z ( +z v = (2 + z)+(l + 3ż) = 3 + 4z-»/'(3;4). 


= (l—2z)+(3+3z) = 4+: - 

^ r ( 4 ; 1 )- 


CMPIX 0 Math A 

(2+i)+(l+3i) 

3+4i 

CMPLX 0 Math A 

(l-2i)+C3+3i) 



4+i 



_\2 / . \2 


Vay (C'):(%-4) 2 +(y-l) 2 =9. 


Vąy (C'): (x - 3) 2 + (y - 4) 2 = 16. 
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Totsg i].'iii; Qua phep doi xumg truć Oy, diem Af(a;&) 
bien thanh diem M'(—a; b ). 


Xet sd phiłc z = —-—. 

KI 

(l-i)xConjg(2 + 3z) „ 

Nhap vao may --- t— 1 -i. An 

ll-il 


may 


hien ket qua bane —+ — i —> z = — + — i—>‘3i(z) = —. 

° 2 2 22 y 2 


i-i 




1 gl 


155 

Suyra z H =z M + z~lR(z) = (2 + 3z) + (l-i)x- = - + -z 


CMPLX 0 Mat li A 

C2+3i)+(I-l)xl 

5 , 5 . 


->z M , =2z h -z m = 2xAns-(2 + 3i) = 3 + 2i 


CMPLH 0 Msth A 

2xAns-C2+3i) 
_3+2i 


Vąy M'(3;2) la anh cua diem M(2;3) qua dudng 
thang x - y = 0 . 

To „g ątiafc Diein M'(b;a) la anh ctia diem M(a;&) ;• 
qua phep doi xung truć A: x - y = 0. 

Uś?jjl i 8; Osip 

Lay hai diem A(0;—l) va thuoc 

d:x + y + 1 = 0 . 

f D n (A) = A' \A'( 0;l) 

Taco } \ va A',ffed'. 

Kh B ) = B ' M-i;0) 

Quan sat cac dap an, ta thay chi có dudng thang 
x-y+l=0 di qua hai diem A'(0;l) va B'(—1;0) nen 
phuong trinh d' :x-y +1 = 0. 

lertg quat: Qua phep doi xung truć Ox, diem ' 
j M.{a)b^ bien thanh diem b). 

CŚ.H 19: Dap Łn E, 

Parabol (P) : x 2 = 4y di qua diem M^2;l). 

Ta có = Quan sat 4 dap an, 

chi có parabol x 2 = -4y di qua diem l) . 

Vąy D 0j: ((P)) = (F): x 2 = -4y . 


Parabol f Pj: x 2 = 

Ta có (M) = M' —» M'f —. Quan sat 4 dap an, 

chi có parabol x 2 = 24y di qua diem M'. 

Wy D Qt ((P)) = (P'):x 2 =24y. 


24y ai qua diem M 2; 


Parabol (P): y 2 = x di qua diem (4; 2) . 

Ta có D 0y (m) = M' —» M' (-4; 2). 

Quan sat 4 dap an, chi có parabol y 2 = — x di qua diem 
M'.Vay D 0y ((P)) = (P'):y 2 =-x. 

Cau 22: Dap an D. 

Parabol (P):y 2 = —12x di qua diem M(-3;6). Ta có 
D 0x (M) = M' —> M' (-3; -ó). (Juan sat 4 dap an, chi có 
parabol y 2 = -12x di qua diem M'. 

Wy D 0x ((P)) = (P'):y 2 =-l2x. 

Caw 23: Dap an. 3. 

Dudng tron (C) có tam I (l;2), ban kinh R = 2 . 

Dudng tron (C') có tam J'(3;0), ban kinh R = 2 . 

Taco D 4 ((C)) = (C')->D A (/) = (/')-»A latrungtruc 

cua II’—> A-L//' va MeA vói M la trung diem cua 
Ii". 

Lai có M(2;l) va II' =(2;—2). Quan sat cac dap an, 
chi có dudng thang A: y = x -1 thóa man dieu kięn 
A ± II' va MeA. 

Cau 24: Bap an B. 

Dudng tron (C) có tam I (2;-3), ban kinh R = >/l3 . 
Dudng tron (C') có tam ban kinh R'. 

Do ((C)) = (C) - -> V (2; 3) . 

Vąy phuong trinh (C'): (x-2) 2 + (y-3j‘ = 13 
x 2 + y 2 - 4x - 6y = 0 . 

Cau 25: Dap an D. 

Dudng tron (C) có tam I (2; -3), ban kinh R = 4 13 . 
Dudng tron (C'} có tam I', ban kinh R'. 


Vay phuong trinh ^C'}:(l + 2) +(y + 3^ =13 
x 2 + y 2 + 4x + 6y = 0 . 
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3, Phep doi :s!ng tam 

Cau 26: Sap an C. 

Goi A' = Dj(A)—> 2 ^, = 2z ; -z A = 2(4 + ;)-(5 + 3f) 
—>z^, = 3—ż —» A'(3;-l) . 


CMPLX a Math . 

2C4+i)~(5+3i) 


3-i 


Cau 27: Dap an C. 

Fl&gir. i Anh cua diem M(a;b ) qua phep doixumg j 
S tam O(0;0) la diem A4'(-a;—b). 

Cau 28: Dap an B. 

Ta có d : x = 2 —> C = 2 va n = (l; 0) -+ z- = 1 + Oi = 1. 

Goi d’ = 0 O (d) —»d': x =C' vói C' = 5R(z) va 

z = 2.2 0 .z- -C = -C = -2 (do z G = 0 + 0i = 0) 

—> C' = 5R(z) = -2 . Vąy d' :x = -2. 

Ft ! 6ńg paafc Qua phep doi xung tam O, duóng thang 
| Ax + By = C bien thanh duóng thang Ar + By — -C 

Cau 29: Dap ars B. 

d:x-y + 4 = 0ox-y = -4->C = -4 va n=(l;-l) 

- >z „=( 1 -0- 

G<?i d! = D, (d) —>d': x-y — C , trong dó C' = 5R(z) va 
z = 2.z ; jz- - C . 

Nh^p vao may 2xConjg(4 + i)x(l-/) + 4. An fjgD, 
may hien ket qua bang 10 -10; —> z = 10—10/ 


CMPLX 0 


2xConjg(4+i)x(li> 

_ 10-101 


—> C' = 3l(z) = 10 . V$y d': x - y = 10 <=> x - y -10 = 0 . 

Cau 30: Dap an B. 

d:x + y- 2 = 0<=>x + y = 2 —» C = 2 va n = (l; 1) 

—^ z - — 1 + i 

n 

Taco d! = D ; (d) —»d': x+y = C', trong dó C' = 9?(z) 
va z = 2.z r z -C . 

Nhąp vao may 2xConjg(l + 2i)x(l + f)—2. An 
may hien ket qua bang 4 - 2z — > z = 4 - 2ż. 


2xConjg(l+2i )x(t> 
_4-21 


Vąy C' = 9l(z) = 4--»d':x + y = 4<»x+y-4 = 0. 

Cau 31.o Dap an A. 
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Duóng tron (C) có tam O(0;0), ban kinh R = l. 
Duóng tron (C') có tam O ', ban kinh R'. 

—> Zęj =2z ( =2(l + 0i) = 2 + 0f —>O'(2;0). 

Vay (C'):(x-2) 2 +y 2 =l. 


% =2zj-z 0 


L?s.jp an o* 


Duóng tron (c) có tam l(3;— l), ban kinh R= 3. 
Duóng tron (C') có tam ban kinh R'. 

Do D 0 ((C)) = (C') -> j J ^ z r = 2z 0 - z, = -z, 

->z f =—(3 —i) = —3 + f —>/'(—3;l). 

Vay (C'):(x + 3) 2 +(y-l) 2 =9. 

Cii* 33: Dap an A. 

Duóng tron (C) có tam O(0;0), ban kinh R - 1 . 
Duóng tron (C') có tam M(4; 2), ban kinh R = 1. 

Ta có D, ((C)) = (C) -> D ; (O) = M 

^ z m= 2z i- z o= 1z ,-* z i = \ z m =|( 4 + 2i) = 2 + i 
Vay I (2;l) la tam doi xung. 

Cau 34: Dap an B. 

Lay diem M(4;2)e(P). Gpi M' = D,(M), do 
(P') = D,((P)) nen M'e(P'). 

Ta có z M , =2z ; -z M = 2(l + 0z)-(4 + 2z) = -2-2i 
—»M'(-2;-2) . Quan sat 4 dap an, ta thay chi có 
parabol y 2 = -x + 2 di qua diem M'. 

Vąy (P'^):y 2 =-x + 2 la anh cua {P) qua phep doi 
xung D ; . 

Cau 35: Dap ars B. 

Lay diem M^0;\f2 j e (p). Goi do 

(£') = D,((E)) nen M'e(E r ). 

Taco z m .=2z, -z M =2(l + 0i)-(0+yl2i} = 2-yl2i. 




Quan sat 4 dap an, ta thay chi có elip 


(x-2) 2 V J 

-—— - + = 1 di qua diem M . 

Vąy (E'): ^^ +~~ = 1 la anh cua elip (e) qua 
phep doi xung D t . 
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r fi © P ?! U tiy 

-1 x c; i £30 :> 



“I 



Ta có a (A) = £ 


z A . = z A x| IZ 


*z A , =(3 + 0i)x IZ- = 3z' —> A'(0;3 


CMPLH 0 Math 


(3+0i 


31 


Tniac khi sii/■'\'d\ing'/-'' ; .indy. de tinh 


j (3 + 0f]xrlZ— J, ta- can • dua may ve che do. Rad: 

\ 

Ca.ii 37: Dap B. 

Ta có Q (O;90O) (Z) = A' -» z A , = z^ x(lZ90) 

->z A , = (-5?) x (lZ90) = 5 —> A'(5;Q). 


cmFCk 1 Math 'Ł 

:-5i)x(li90) 


Truóc Mii su dung may de tinhl 
(3 + Cz)xI IZJ, ta can dua may ve che dp Deg: :■ 

i C§ę] §K?i CS • 

Caw 38: Dap an B. 

Ta CÓ Q(CM5°) ( M ) = M ' Z M' = Z M X ( 1Z45 ) 

"> z m- = (3 + 40 X (1Z45) = ~ + ^ i 


• M' 


V2 7v2 % 
’ 2 ' 2 


CMPLX G3 Mfctb A 


(3+41)x(ii45) 

■fZ.7Jz. 
_~ "g 2 J 


Cali 39: Bap an B, 

Lay hai diem A(0;l) va B(—1;0) thuoc duóng thang 


Do Q (0 go ,. f (d} = d' -±A',ff ed' -+d' :x + y + 1 = 0. 

€au 40; Dap an D. 

Gia su Q {0 360=) ((C)) = (C'). Trong dó, duóng tron (C) 

có tam /(2;0), ban kinh R = \/3 va (C') có tam 

ban kinh R'. 

\r' = r=S , s 

Suyra ln ( T \_ T ,-> z r= z i x ( 1Z - 360 ) 

[«(o,-360°) D ) - 1 


—>Z t 


; r = 2 x (lZ - 360) = 2->T (2; 0). 


CMPLH S Math i 

2x(lZ-360) 


Vay (C'): (x - 2-)“ + y 2 = 3 <s> x 2 + y 2 - 4x +1 = 0 . 

Cau 41: Bap an D. 

Gia si> Qj 0 . ((c)) = (C') . Trong dó, duóng tron (C) 

có tam /(2;0), ban kinh R = J 3 va (C') có tam V, 
ban kinh R'. 

\ R ' = R = S , , 

yra k-„,(')-'" I "" I '' <(lz - 90) 

-> z,, = 2 X (IZ - 90) = -2i -> r (0; -2). 


CMPLH E Math ii 

2* Qi=90) 

_ z2L 


Vay (C'):.r 2 +(y + 2) 2 =3. 

Cau C?; Dap an C. 

Tren duóng thang d: x + y- 5 = 0 lay hai diem 
A(0;5) va B(5;0). 

* Goi q j(180 .)(a) = A' -> z A .=(z A -z,)x (1Z180) + z, 
A .=(5i-(4- 3 i )) x (1Z180) + 4 - 3i = 8 - llz 


d:x-y + l = 0. 

CMPLX 0 Math A 

Gói 0(0,90.)(A) = A' —>z A , =z A x (1Z90) 

(5i-(4-3i ))x(l£S> 

—> z A , = i x (1Z90) = -1 -> A' (-1; 0) 

8-111 



CMPLH B Math Ł 


Goi 0(0,90", ( B ) = B' -> z B , = z B x (1Z90) 
—> z B , = (-1) x (lZ90) = —i —> B' (0; -l) . 


* Goi Q ( , <180 .)(b)= B'—>z b . =(z 8 -z ; )x(1Z180) + z, 
-» Zg, = (5 - (4 - 3i)) x (1Z180) + 4 - 3i = 3 - 6i 
->ff( 3;-6). 


CMPLH 0 Math i: 

(5-(4-3i))x(l4ii> 
_ 3-61. 
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- Cfoć de 9: Phep hien htnh trong mąt phartg 


The best er nothiri 


* Q(, i8o) (^) = d' —> A', B' e d! — > d': x + y + 3 = 0. 

Ghti fi Khóng can thiet phai tim diem B' = Q^ Ig0 „j (B)- \ 
Sau khi tim duoc toa dc> diem A' = Q f( ]80=) ( A) ta thay 
chi có dudng thang x + y + 3 = 0 di qua A' nen chon 
ngay dap an C. 

Cau 43: Dap an C. 

Dudng thang d:x-y + 4 = 0 di qua diem M (0;4). 

* Goi Af = (M)-> z M . =(z M ~z,)x (1 Zn) + z, 

—> z M . = (4z -3 z) x ( IZn ) + 3 i = 2 i —» M' (0; 2) 


(4i-3i)x(l£Jl)+3i 


2 i 


* Goi d' — Q ^ (d) —» M' e d'. Quan sat 4 dap an, ta 
thay chi có dudng thang x — y + 2 = 0 di qua M'. 

Cau 44: Dap an B. 

Tren dudng thang d:x— 3y + 2 = 0 lay diem M(1; 1 j. 

* Goi M' = Q {I k) (M) -> z M . = (z M - z ,) x (l Zn) + z, 

-> z M , = (l + i - (-2)) x (lZzr)- 2 = -5 ■- i -> M' (-5; -l) . 


CmPEx 1 SETi 

_-5-i 


* Gpi d' = (d) —> M' e d'. Quan sat 4 dap an, ta 

thay chi có dudng thang 2x - 6y + 4 = 0 di qua M'. 

Cau 45: Dap an C. 

- Phuang an A: Q (q 9Qo) (A)= B— >z b =z j4 x (1Z90) 

-»z B = (—l + 5ż)x(lZ90) = -5-z —»B(-5;-l). Loąi A 
vi B(-3;-l). 


C-l+5i)x(l£90) 
_ -5~i 


• Phucmg dn B: Q (0 ^ } ( A) = B -> z B = z„ x (lZ30) 
x(lZ3 

5+S -1 + 5^3' 


>z B = (-1 + 5z) x (1Z30) = - 5 + ^ + 1 + 5 ^ z 


2 2 
. Loąi B vi B (—3;—lj . 


CMPL>: a Math A 

(-l+5i)x(li30) 

S+YS . -1+5Y3 , 
■y 1 


- Phuang dn C: 

Q(l,90") i A ) = B ^ Z B = i Z A - Z , ) :x ( 1Z90 ) + Z 7 

-> z B = ((-1 + 5i) - (l + i)) X (lZ90) +1 + i = -3 - i 


• B(-3;-l). 


CMPLX 0 Math A 

((-i + 5i)-(ł+i))l> 
_ -3-i 


- Phuang dn D: 

0 ( 1 , 9 +) ( A) = B -+ Z„ = (z a - Z 1 ) * { 1Z30 ) + Z , 

—> z B = ((-1+5z)-(l+z))x (1Z30) + l + i 
->z B =-l->/3+2^->B(-l-^;2^). Loąi D vi 
B(-3;-l). 


CMPLX 0 Math A 

(C-l+5i)-(l+i))i> 

-l-j3+2j3i 


5. Phep va W 

Cau 46: Dap an D. 

Ta có V (02) ( A) = B z B = fcz A = 2(2 + 7ż) = 4 + 14z 

-+•6(4; 14). 

Cau 47: Dap an C. 

V*) ( M ) = M ' = fe M = -2(-2 + 4*) = 4 — 8f 

-+M'(4;-8). 

Ca« 48: Dap an C. 

d:2x + y- 3 = 0<=>2a: + y = 3-»C = 3 

V( 0 2 ) (d) = d' —> d': 2x + y = C' vói C' = kC = 23 = 6 
Vąy d':2x + y = 6<=>2x + y- 6 = 0 

Cau 49: Dap an B. 

Taco d:x + y-2 = 0<s>x + y = 2-+C = 2 

V (0 (d) = d' —> d': x + y = C' vói C' = kC = -2.2 = —4. 

Vąy d':x + y = -4<=>x + y + 4 = 0. 

Cau 50: Dap an C. 

d:2x + y- 3 = 0<=>2x + y = 3-+C = 3. 

V( ! 2 ) (d) = d'—> d': 2x + y = C'. Trong dó C' = 9l(z) va 

z = kC + (l - fc) .z, .z n = -2.3 + (l - (-2)) .Conjg (2 - i ). (2 + i) 
Nhąp vao may -6 + 3xConjg(2 — z)x(2 + i). An |=], 
may hien ket qua bang 3 + 12z -+ z = 3 +12 i 


-6+3><Con.jg(2-i)i> 

3+12i 


Suy ra C' = 9l(z) = 3—>d':2x + y = 3o2x + y — 3 = 0. 

Cau 51: Dap an A. 

Dudng tron (C) có tam / (2;0) , ban kinh 6 = 1. 
Dudng tron (C') có tam J', ban kinh R'. 
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Do W( C )H C ') 


R' = |fcj R = 2 
Zy = kZj = 2 (2 + Oż) = 4 

. Vąy (C') :(x-4) + y 2 =4. 


Duwng tron (C) có tam j(3;— lj, ban kinh R — \/s . 
Dudng tron (C') có tam /', ban kinh R'. 

Do V f (C« - (CO ^ I K ' - W R - ! ~ 2 I ^ - 2 ^ 

V>)U'WJ • [ Zr=fa/+ (i_jk) Zi 

2 r = - 2(3 ■- i) + 3(1 + 2 i) = -3 + 8 i -> /' (-3; 8) . 


CMPL>: a Ms.tK & 

-2x(3-i)+3x(l+2i> 

n. 


Vąy (C'):(x + 3) 2 +(y-8) 2 =20. 


6, Phep dong dąng 

C«vu o>3: Osp ct’i.1 A, 


^ M =|(2 + 4«) = l + 2f 


y, ,, (m)=m' —> 2 

H) 

—>M'(l;2). 

D 0lJ (M') = M" -> M" (-1; 2). 

v ( i) 

Vay M(2;4) —^4m'(1;2) °°> > M"(-1;2). 

C.m 54: E>ap an A, 

V (a _ 2) (rf) = -> d' :2x-y = (-2).0 = 0. 

D 0y (d') = d”:y = -2x. 

Vay d:2x-y = 0 ^ > d':2x-y = 0 D °> > d": 

2x + y = 0. 

CAv. 55: Dśp an C. 

Taco d:3x-y-3 = 0o3x-y = 3—»C = 3. 

* Goi d' = V ( r 2j (d) -W : 3x - y = C' vói C' = 5R(z) va 

z = kC + (l - 7c) .z, .z- = 2.3 + (-l) x Conjg (l + i) x (3 - i) 
—» z = 4 + 4z -> C' = 5R(z) = 4 -> d': 3x - y = 4 


CMPLX 0 Math A 


6+( -1) x ConjgC 


* Goi d" = T(d}->d’:3x-y = C" vói C" = £R(z) va 
z = C' + z- .z- = 4 + Conjg (4 - i) x (3 - i) = 17 - i 
—»C" = 5R(z) = 17 —»d": 3x-y = 17 <=>3x—y—17 = 0. 


Vąy d: 3x — y — 3 = 0 —l^d': 3x-y -4 = 0— 
3x - y ~ 17 = Q. 

O u 56: Dao an C. 

Dizóng tron (c) có tam / (2; 2), ban kinh R = 2 


Goi (C') = ((*-)) “*i 


R' = |fc|R = i.2 = l 

z ; , =fe ( =-j(2 + 2i) = l + i 


. r/i.n jfA.L i \ 2 , i,, ii 2 _ 

, , fR' = R' = l 

'Goi (C') = Q (a90 .)((C')) 


—>2 


r=g^.) (r) 

= Z/ , x (1/90) = (l+i) x (1A90) = -1 + i -* /" (-1; l) 


CMPLX 0 Ma.th , 


Cl+i)x(U 


Vąy (C"): (x + l) 2 +(y-l) =1. 


Vay (C)- 


K C ')~ 


K c ")- 


Cau 57: Dap an A. 

Dirćrng tron (C) có tam i(l;2), ban kinh R = 2. 

, , ,, ,1 fR" = |/c|R = 2.2 = 4 

* Goi (C") = V, . ((C))->j 11 . , 

' v ’ <°~0 V " [z,. =fe, =2(l + 2i) = 2 + 4z 


* Goi (C') = D 0 y ((€")) - 


-+I’( 2;4) ->(C") : (x -2) 2 + (y -4) 2 = 16. 

J'R' = R“ = 4 JR' = 4 

\D 0y {r)=r~*{r(-2;4) 

->(C'):(x + 2) 2 +(i/-4) 2 =16. 

Vąy (C) 'fe-Ł _ ) .(c’) D< »- - > (C’). 

Cau SA £>ap an C. 

Drróng tron (c): (x —8) + (y —4) =4 cótaml(8;4), 
ban kinh R = 2 . 

[R' = R = 2 


Goi (C') = T- ((C))- 


z r = z, + z o = (8 + 4i) + (l + 5?) 


z 1 .=9 + 9i->r(9;9)->(C'):(z-9) + (y-9) =4. 

(R" = R' = R = 2 

2(0,45”) ( 

-> z r = z r X (1Z45) = (9 + 9i) x (1Z45) = 9s/2i 


' Gói (C") 0(0,45.) ((C')) - i Q (/') = I" 


CMPLX 0 Math & 


C9+9i)x(li45) 


Jói 


CMPLX 0 Ms.t.h Ł 

4+Conjg(4-i)x(3P 


17—i 

-> 7" [O;9^] (C'): x 2 + [y - 9a/2) 


Cau 59: Oap an A. 
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Pban 2 - Chu tle 9 : PSiep beers hinh trong mSt phang 

* D ai (M) = Mi->M l ( 3;-7) 

* t v ( M i) = M 2 ~^ z m 2 =2«, =(3-7i) + (l+3/) 

-»z = 4—4z —»M 2 (4;—4). 

* 0 O ( M 2 ) = M 3 -+z Ma = 2z 0 -z^ = -z^ 

—»z Mj = —(4—4i) = -4 + 4i -+M 3 (-4;4). 

0(0,-180") C^3 ) = ^4 ^ Z M 4 = Z M 3 x _ 180) 

-> z^ = (-4 + 4z) X (lZ - 180) = 4 — 4i —> M 3 (4; -4) 

CMPLX 0 kfe.th A 

C-4+4i)x(lz-180) 
_ 4-4i 

Vąy M—>M 2 p ° > M 3 q °'- 180 ' ) > M 4 . 

Cau 60: Dap an A. 

*Goid. -V, s(d)—>d,:x- — .2-j2=yl2. 

H) ' 2 

* Goi d 2 = Q( 0 45 „j (dj) • Tren. :x-y/2 lay cac diem 
M(v/2;0) va N(-\/2;l). 


Itie best or nothing 

0[o,45°) M = (1Z45) = y/i x (1Z45) 

—> z m- = l+i —>M'( l;l). 

ĆMPLX 0 MatiTA 

J2x(lz45) 

_ 1+i 


0(0,45.) (N) = N’-> z N , = z N X (1Z45) = (y/2 + i) x (1Z45) 
2-^,2 + ^.. . „,(2-y/l 2 + 3/2"! 


-i —> N’ 


V 


(J2+i)x(l£45) 


2 -JT . 2+/2 - 

~£— + —g—l 


Do d 2 = Q^ q 450) (d,) nen M',N' <=d 2 . Quan sat 4 dap an 

thay chi có dućrng thang x + y- 2 = 0 thóa man. 

Vay 

d:x = 2y/l > d 1 :x = y/2--- ^ > d 2 : X + y-2 = 0 
(d 2 =d'). 
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A ^ 


M 




d(M,d )' 



Cac bai toan ve phtrang phap toa dó trong mat phang dtrac thuc hien tren 
phtrang thuc .YECTOR cua may tinh. 

An gS§ -Jfj de dua may ve phuang thtrc VECTOR. Chon uOfYciA), hoac chon 
LlJfYetBj, hoac chon i SlfYciC;sau dó an OOgł) de dua vao cac plian hi (toa 
do) cac vecto trong khóng gian hai chieu. 


| I, Gan dur lięu mai cho bien vecta (nh|p toa dó vecto) j 

i: _ ^ S 

! An fsMhj (5 K YECTOR). Sau dó chon (T)(Diin) hoac i 



1" D i m 

2s Data 


3 ; Vctń 

4; VctS 

'Ti \ 3 

5 5 Vr.t.r: 

6:Vctńns 

\ v -’ // j 

7sDot 



Vctft-VctE 


s hoac U3(VctB), hoąc Pij (VciC), sau dó chon {jjQ(2> j 
| de dua vao toa do trong khong g an hai chieu 
ę 2, lich vó hiróng cua hai vecta | 

i Dung lęnh jgjyn 00 (YECTOR) GD (Dat) | 

i Chang hąn muón tinh tich vó huóng cua hai vecto j 
I a = VctA va b = VctB. An: j 

I _ HO GD S3 (H3 [1] l?j HHĘ3 Cl] Gil I 

I 5, Dó lón (dó dai) cua vecta: |a| = Abs(VctA) 

| Dung lęnh (agjjf| gygj (Abs) 

j Chang han muón tinh do dai cua vecta a = VctA. j 

i An n §g (ig (ii gi Q] 


2, Slot sś e§ng ihffe hinft Sm yxy m mną Casio tmim tluci 


ńbs(Vctft)l 


r~”--..- ;-‘- — - 

| 1, Do lón (do dai) cua vecto AB 

Nhap Abs(VctB-VctA) 

.n 

| De tinh AB = ABI, dua vao toa do diem A,B 

i 1 1 


Abs (VctB-VctA 31 

i 

. lan luot la VctA va VctB. 

1 


0 

i 


| 2. Khoang cach tir diem den dudng 

1 thang (d): Ax -i By + C = 0. 

I 

1 

1 

l + c I 

| v 7 Va© b 2 

! +c| 

>d(M,d) = ] 1 

\ \ n Ą 

i 

| 

Nhap i 

Abs(VciA ® VctB + C) -s- 

Abs(VctB). 

| 

j Dua vao may toa do diem M la VctA, toa do 

5 

1 

‘ cua vecto phap tuyen n d la VctB 

1 

\ 

j , \n x ® n 2 \ 

\ 3, Goc giną hai duong thang: cos a = * “ 

Nhap Abs(VctA® VctBj-f- ; 

YI-, i tl~ 

| _ .. 

Dua vao may /z, = VctA, n 2 = VctB . 

(Abs(VctA)x Abs(VctB)). > 

jj 












An |§£®§j [S (VECTDR) jT) (VctA) [13 (2), dua vao tpa dó diem A: VctA = [3, -l] . 
An tiep Ishift] [*{j (VECTOR) Qj (Dim) Cgj (VctB) II] (2), dua vao toa do diem B: 
VctB = [2,10]. 

An tiep (śjj|fj g~5~l (VECTOR) ITUDim) l~3~! tVctO fil (2). dua vao toa do diem O: 
VctC = [0,0]. 


Khi dó, ki hięu cua tich vó huóng AO.OB trong may tinh la: 

(VctC - VctA) ® (VctB - VctC). 

An |ac| ve man hinh tinh toan. Nhąp vao may (VctC — VctA ) ® (VctB — VctC), an 

m m cu eh s m tu ca a m © m m m © © s m © © m • 

An f=j may hien ket qua bang 4. Vay AO.OB = 4 . 



STUDY TIFS 

Trong hę truć toa dó, cac 
diem deu có toa dp cua 
rieng nó nen vec-to AB có 
toa dó bang tpa dp diem B 
trtr tpa dó diem A, vęy nen 
ta quy uóc AB = B-A. 
Tuwng tu, DC = C-D . 



Dap an A. 


Vi du 2: Tim toa dó vec-to u biet u + b = 0 va b = (2; -3) 


A. (2;-3) 


B. (-2;-3) C. (-2;3) 


D. (2; 3) 


Ldi Rial 


An Sotj f8] (VECTOR) ffl (VctB) (13(2), dua vao tpa dó diem B: VctB = [2,-3] . 


Tu u + b = 0 —» u = —b , ki hięu tren may la —VctB. 

An ® ve man hinh tinh toan. Nhąp vao man hinh -VctB, an (h>! fsHiFrj fjj [4j. 
An (U may hien ket qua bang [-2,3]. Vąy u = (-2;3). 

Dap an C, 

I Vi du 3: Cho hinh binh hanh ABCD biet A(-2;0], B(2;5) va C(ó;2j. Tqa dp 
! diem D la 

A. D(2;-3) B. D(2;3) C. D(-2;-3) D. (-2;3) 

Lói giai 

Do ABCD la hinh binh hanh nen AB = DC <=>B-A = C- D<=>D = C + A- B. 

An IfiDEi fsl (YECTOR) |T1 (VctA) [2](2), dua vao tpa dó diem A: VctA = [-2,0] . 

An tiep [sirij [s](VECTOR) [i] (Di m) [Jfj (YctB) (U (2), dua vao tpa dp diem B: 
VctB = [2,5]. 

An tiep !m 3 Cl](YECTOR) (30 (Dirn) [3J (VctC) [ 2 ] (2), dua vao tpa do diem O: 
VctC = [6,2]. 

Khi dó, tren may tpa do diem D dupc tinh bang VctC +VctA —VctB . 

An ;AĆj v'e man hinh tinh toan. Nhąp vao man hinh VctC + VctA —VctB, an 

( siPrl (sllTiRR |ałr| GD CU S Sini fsl Q0 . An @ may hien ket qua bang [2,-3]. 

Vąy D(2;-3). 


Dap an A. 
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Cong thiic tmh cosin cua 
góc giua hai vec-to la: 

/- ab 


S/i du 4: Trong mąt phang Oxy f neu a = va b = f^2;0 j thi cosin cua góc giua 

ci va b la 

4 j_ ■« _/l r __i_ D i 

rt ' n /2 ~ 2 2sf2 . 2 


vct m 

A- VctB)- L< ' A 


-n. 707106781S 




-D.7071067812 


o & 

2 


% 

-Ter® 

? »3 




ycr is 


i-o 

i30 


An BU |jj ( VBCTOR) QJ > " TA) (Jj (2), dna vao toa dó vec-to a: VctA = . 

An tiep fS ; i fs)i'VSCTOE)CO(Dim)00(Vd:B)GD (2), dna vao toa do vec-to b : 
VctB = [2,0]. 

Tren may, cos|fl,fcj duoc tmh bang (VctA® VctB)-ą(Abs(VctA)x Abs(VctB)). 
An §§ ve man himh tlnh toan. Nhąp vao man hinh 

(VctA • VctB) +(Abs(VctA)x Abs(VctB)), an LLJ iflJ UJ GD (2833 OL; OD feiflJ Lii 

[Dj {J1 GF Lu»- ’ . ,, ’.,T j i.An may 

hien ket qua bang -0,7071067812. Gan ket qua nay vao bien nhó X, an 

ii śl§ 15 Cli (Ans -> X). 

Vao phtrong thuc §ęj§ Rj(COMP), nhąp vao man hinh \/x 2 , an @ gag lii §?)• 

2 


\[2 _ n /2 

An [Sj may hięn ket qua bang // —» X = —— . Nhu vąy cos (a,bj = —— 


SIUDY TIFS 

Trong mąt phang toa do 
Oxy, truć hoanh có vec-to 
don vi la i = (l; 0) va truć 
tung có vec-to dcm vi la 
/ = (0;l). 


Dap an. B. 


Vi dp 5; Trong mąt phang toa dó Oxy, cho hai vec-to a — 4 i + 6j va b — 3i — 7j. 

Tmh a.b ta duę-c ket qua dung la 

E,-30 C.30 D. 43 


A 3 


• ói gi ■ i 


An S HKYECrOR) Qj; YctA; [U Ag dua vao tpa dó vec-to i : VctA = [l,0] . 
An tiep gK) (1)(YECTOK)£D (Dim) [ 2 }(Vci8) GD(2), dua vao toa dó vec-to j : 

VctB = [0,l]- 

Khi dó, tren may tinh vec-ro a.b = Ui + 6j /3i - 7 i) duce tinh bang cach nhąp vao 
man hinh (4VctA + 6VctB) • (3VctA - 7VctB). 

An Kc) ve man hinh tinh toan. An [Jj [4] (i¥n (JJ [3j ® © liii} OD (Jj fjj ifSll tU 
[jl (T) j' 3 ] g3rr! [s] (3’1 Ę (Tj piPj fsl RH !7]. An © may hien ket qua bang -30. 

Dap an B. 

| Vi ciu 6: Trong mąt phang toa do Oxy , cho hai diem A(5;7) va Tinh 

i 

■ khoang cach tir góc toa do O den trung diem M cua doąn AB 
\ A. 4\/2 B. n/10 C 5 D. 2n/i0 



VCT S 

s «mi 


----- -- 

Lei giai 



7 

An S®|! gj(VBCTOK)ijj(VctA 

) [f] (2), dua vao toa dó diem A: 


E 3 


An tiep 1 < A i Ł [ 1 J , dua vao toa do diem B: 

VctB = [3,l]. 













i he best or nothlns 




AbsC((Vctń+VctB» 

Ł65635424S 


Ans*X 


Ł656854249 




a Math A 


Ąl2 


ń c 

-ęcrs- 

-i 


6 t 

vcr a 

3 

2 


VCT 0 

Abs(Vctń-VctB+li> 

7.211102551 


Ans-»X 


7.211102551 


■IyF 


0 Math A 


2/13 


Eg^aaaźgjg»a^iflSBsa8gggg!8g3BtM^a^ Bfe3ga^ 

STUDY TIFS 

Cóng thiic tinh cosin cua 
góc giu-a hai duóng thang la: 
cos (rf, , d 2 j = Jcos («,, 7!. | 


fhan 2 - Chu de 'i&i Phdcfng phap toa «36 trong fnai phśng 
An tiep @ d)(VECTOR) CD(Dim) GD(VetC) 23(2), dua vao toa do diem O: 

VctC = [0,0]. 

A + B 

Diem M la trung diem cua AB nen M = — — . Khi dó khoang cach OM bang 


OM = OM =|M-0 = 


A + B 


-o 


An Kg ve man hinh tinh toan. Nhąp vao man hinh 

Abs(((VctA + VctB) + 2)-VctC), an Hę) f@ [Tl fT) @ H] js] ffl @ ® @] 

CO O CU UL] E3 @ d] CS) [Tj ■ An @ may hien ket qua bang 5,656854249 . 
Gan ket qua nay vao bien nhó X, an (Ąnjjj gS) goj (T) (Ans -4 X). 

Vao phuong thiic @ !T)(COMP), nhąp vao man hinh yf)C , an @ @ CS LU- 
An fSj may hien ket qua bang 4\/2 . Vay Ol = 4y2 . 

Dap an A. 



Łoi giai 

Duóng thang d có vec-to phap tuyen (VTPT) la n = (3; 2) 

An Hf§ ID (V ECTOR) CD (VctA) GD (2), dua vao toa do diem M: VctA = [5, -l] . 

An tiep (śiiCrfj [gl (VECTOR) ffl (Diml Ol P/ctBl !T! (2). dua vao toa do vec-to n: 
VctB = [3,2]. 

Im • n + 13| 

Ta có d(M,d) = - -pr- 

\n\ 

Nhąp vao man hinh Abs(VctA® VctB + 13)-f-Abs(VctB), an @ ve man hinh 

t f nh toan. An (pi) ® @ !jj (U gS) CO OD @ ID ® ES Q] Oj CD SD §S H 

10 SjJ Qj- An p"j may hien ket qua bang 7,211102551. Gan ket qua nay vao 
bien nhó X, an ii iii UD CU (Ans -4 X). 

Vao phuong thiic |Ś0§) [TJ(COMP), nhąp vao man hinh \fx* , an (vg) g[|śj [Tj (g). 
An (=) may hien ket qua bang 2y/l3 . Vąy d(M,d) = 2\jl3 . 

Dap an A. 

Vi clą 8: Góc giua hai duóng thang 3x + y -1 = 0 va 2x - y - 2 = 0 la 

A. 30° B. 60° C. 90° D. 45° 


va 


Lol giai 

Hai duóng thang có VTPT lan luat la n x = (3;l) 
n 2 =(2;-l). 

An f|j (VECTOR) (Tj (YctA) (JO (2), dua vao toa dó 

vec-to n 1 : VctA = [3,l] . 

An tiep iU (U (YECTOR) (Tj (Dim) (Tj (VctB) CU (2), 

dua vao toa do vec-to n 2 : VctB = [2,— ij. 



vcr b 


t 

tu 

1 

i 



E: t 

VCT 0 

- i 
















ver ej 

;(Vctń-VctB )-=-!> 


O.70?1067812 


0.707106781; 


An Ecj vę man hinh tmh toan. Nhąp vao man hinh 





Abs(VctA* VctB)-i-(Abs(VctA)x Abs(VctB)), an __-f_ ~ TĄ > 

23 SS1B0 GD CD 2! CO f .wl\ KU H13 dl CS CD [UJ SIe 3 Si Sni '310 C41 OJ * • Ar 

SI may hien ket qua bang 0,7071067812. Gan ket qua nay vao bien nha X, an 
@ ®S SeQ Qj (Ans —> X). 


Vao phtrong thiłc iHOOEi lij(COMP}, nh$p vao man hinh yX‘ , an (v£j |igi| Qj fig). 
An may łiięn ket qua bang . 

, ^ 

Vay cos (d lr d 2 ) = — => cos (dj, d 2 ) = cos 1 — = 45°. 

2 V ^ y 

Etóts an D, 


Phurag phap tęa d$ tam 
tuyen cung có the ap 
dung męt cach tuong tu 
trong hinh hęc tęa dp 
khóng gian Gryz. 


/W 

/ \ \ 

/ \ \ 

/ S 3 \,P S 2 


i -2" \ .. ' ^ 

$ ,..2' s i>, 

.. 


b* Fhifttog phap tęa do tam tuyen 

! Phuaag pMp tęa do tam twyen duoc ung dyng trong vięc fim nhanh tęa do trong 

I tam, truć tam, tam a u-ong tron nęi tiep, ngoai tiep, baitg tiep,... trong tam giac khi 
j biet tęa do cac dinh. Tham chi, phircmg phap cón giup lim toa dę cac chan duong 
j cao, duong phan giac,... trong tam giac. 

! iai toast twng quAt Cho tam giac ABC va P la męt diem nam trong tam giac. Gpi 
s i = $apbc ■> s 2 = s &pca v ® s 3 =B apab -Chung minh rang Sj PA + s 2 PB + s 3 PC — 0 . 

Loi giai 

Goi Q la giao diem cua AP va BC. Dat s = S A/lgc —> s = s 5 + s 2 + s 3 . 

_. pĄ -. 

PA = —QA 
QA w 

QA = BA-BQ = BA- — BC = BA - S %BA -CA) = --BA + ^-CA 
^ RC BC V / BC BC 


»PA = — f^BA + ^CAl = 2tdt[ __£2 _ ba + _D_cA 
QA v BC .BC y s s 0 + s 3 s 2 + s 3 


S l^S 2 +S 3 s 2 +s 3 


— BA + —CA . 


Tuong tu, ta chung minh duac PB = — AB + —CB va PC = - i AC + — BC. 

s s s s 


Ta cung có the tim nhanh o b b 

tpa do cac chan ctudng cao, ~ — —; S,S 0 r StS,. —• S.,S 0 •—; S 7 S,S,S, c; :; 

chan dirong phan giac, ... ^ S i PA + S z PB + S s PC = + ^CA + AB + ^CB + ^AC + ^-BC 

trirc tiep bang vec-to qua 

may tfah Casio. Y tuong = £l hlJA + AB ) + ^2(CA + AC) + ^(CB + BC) = 0 (DPCM) 

nhir sau: Neu diem P có ti s V I a \ / a \ / 


nhu sau: Neu diem P có ti 
lę Sj rSj t.Sj’ thi giao diem 
Q cua AP va BC có ti lę 
: s.,. Có nghia la 


Tuong tu, giao diem cfla 
BQ va AC có ti lę s, : 0 : s,; 
giao diem cua CQ va AB có 

ti le s, i s, : 0. 


|| Nhąn xetf Giai su trong hę truć toa do, cac diem deu có toa dó rieng cua nó thi vec- 
S to PA có toa do bang toa dó diem A trir toa dó diem P. Chung ta quy uóc la 
ii PA = A-P. Nhu vąy: 

1 s 1 PA+s 2 PB+s 3 PĆ = 0<J5>s 1 (A-P)+s 2 (B-P)+s 3 (C-P) = 0 

ii 

i\ _ / \ _ s.A + s-B-h s_C 

t\ <=>s,A + s-B + sJ2 = (s. +s 9 +s„ )P <=> P = — ---— . 

I h+s 2+ s 3 

| Vay, neu chung ta biet duac s 1 ,s 2 ,s 3 va toa do cac diem A,B,C thi se tim duoc toa 
! dó diem P męt cach nhanh chóng. 





Phan 2 - Chu de 10: PhuWng phap tęa de trans 


mai p fi ans 


'he best or notluni 


De y rang: Neu s 1 ,s 2 ,s 3 có cung ty lę vói p 1 ,p 2 ,p 3 , hic ton tai k sao cho 


I! thi P = ^ + kp 2 B + kp 3 C = PjA + P z B + pf khóng phu thuóc v , Q k 
kp 1 +kp 2 +kp 3 Pl +p 2 +p 3 


s 1 =kp 1 

s 2 =kp 2 

l S 3 = ty 3 


Dang IrTim trong tam tam glac 


as 




A 

/K 

/ \ \ 

/ ■*. > 

s, \p V 

\ S 1 

1T 


Phan tich: 

Quy uóc o = BC,b = AC,c = AB . 

Khi P la trong tam cua A ABC thi s 1 =s 2 =s 3 —> s 2 : s 2 : s 3 = 1:1:1. 


Suy ra 


P = 


A + B + C A + B + (T 


1 + 1 + 1 


Quy irinh bam may: 

* Buóc 1: Vao phuong thuc Son ii [sj(VECTOR), dua vao toa do cac diem A,B,C lan 
luot la VctA,VctB,VctC. 

* Buóc 2: An gej ve man hinh tinh toan. 

Nhap vao man hinh (VctA + VctB + VctC )+3. 

* Biróc 3: An (Sj may hien ket qua la toa do diem P. 


— - - -wa- 


Vi du: Trong mat phang toa dó Oxy, cho ba diem A(l;3),B(-2;4),C(5;3). Tim 
trong tam cua tam giac ABC. 




An 


b® 3.33331 


4j3 


Lm giai 

An gpj jjj(7ECTOR) GJ(YctA) [2J(2), dua vao toa do diem A: VctA = [l,3] . 
An tiep jirrl j sl (VECTOR~i f’T1 CDiml ITTi (YctBi fal (2). dua vao tęa dp diem B: 
VctB = [-2,4]. 

An tiep jiirlfgi(VECTOR)(Tl(Dim)fl](VctC)UH(2), dua vao toa dó diem C: 
VctC = [5,3]. 

An [ACjl ve man hinh tinh toan. Nhąp vao man hinh (VctA + VctB + VctC) + 3, an 

m m (u m m m © a m m © © m o cii. An hj may win ket qU a 




VCT0 

1.3333 EflEEWF] 


10 j3 


la 


4 10 
3' 3 


4 10 ) ,, 


. Vay G —;— | la trong tam cua A ABC . 
, 3 3 


| Dang 2: Tim truć tam tam giac 


Si x 

/ i \ 
MO S 2 


v 


c 


Phan tich: 

Khi P la truć tam cua A ABC thi — = 

s 3 BQ 

Ta có AB 2 - BQ 2 = AC 2 -CQ 2 
-> c 2 -BQ 2 =b 2 -(a-BQf 
b2 

—> BQ = ---. Tuong tir, ta chiing minh duoc CQ = - 


2 a 


2 a 


s 2 _ CQ a 2 +b 2 — c 2 


Suy ra — = —— = 

J „ nrA 


s, BQ c 2 +a 2 -b 2 12-3 b 2 +c 2 - a 2 ' c 2 + a 2 - b 2 a 2 +b 2 — c 2 
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_ h .A_ + h,.B + h .C , 1 1 1 

Vąy P = ~ £ - 5 - 1 — voi h =—-./z, =-./i =-. 

K+h b +h c • b 2 +c 2 —a 2 b c + a 2 -b 2 ' c a 2 +b 2 -c 2 

* Bwóc i: Vao phuang thiłc GO(VBCTOR), dna vao toa dó cac diem A,B,C lan 

luot la VctA, VctB, VctC. 

* Buóc 2: An gę] ve man hinh tinh toan. Tinh a,b,c va gan lan luot vao cac bien nhó 

Abs(VctB - VctC) -> A 
A, B, C. Cu the la ■ Abs( VctC- VctA) —> B 
AUo /a s. n 

^ V ^_ŁjTŁ — v V-U-' J —v 

* Buróc 3: Tinh h a ,h b ,h c va gan lan luot vao cac bien nhó D, E, F. Cu the la 

i^(b 2 +c 2 -a 2 )->d 

* i^(c 2 + a 2 -b 2 }->e 

l-e(A 2 +B 2 -C 2 )^F 

* Biróc 4: Tinh toa do truć tam bang cach nhap vao man hinh 
(DVctA+EVctB+FVctC)-j-(D+E+F). An .AT) ta duoc dap an. 


Neu tinh h ,h b ,h ma may 
.tinh hien Math ERROR, tire 
la B 2 + C" - A 2 = 0, hoac 
C 2 + A 3 - B 2 = 0, hoac 
A 2 tB 2 -C =0. Khi dó 
&A.BC vuóng tai A, hoac 
tai B, hoac tai C. 


V: erą: Trong mat phang Oxy cho tam giac ABC vói A(l;2),B(-2;0),C(4;l). Tim 


toa dó diem H la truć tam cua AABC 


An *mś. Os] (VECTOR) Q](VctA) (Jjj(2), dua vao toa dó diem A: VctA = [l,2] . 

An tiep {Sin)GD(VECTOK)(jj(Dim)ijD-{Vo*B)GD(2), dua vao toa do diem B: 
VctB = [-2/O]. 

An tiep ^7|[^J(VECrOR) l j.j(Dirr>) ! AJ(Vci.O[2](2), dua vao toa d§ diem C: 
VctC = [4,l]. 

An |ac| ve man hinh tinh toan. Nhap vao man hinh Abs(VctB — VctC), an 

[»f] 63 §fB [Sj [41 h-' iiiiFT l gsj jjłi _>.] • An © may hien ket qua bang 6,08276253. 

Gan ket qua nay vao bien nhó A, an tiep HIS fUJ O (Ans -A Aj 

Nh|p vao man hinh Abs(VctC - VctA), an Hiri {§§ §Sff) Qf] Q|J 03 Ish|t] Qg j f¥] Qj. 

An © may hien ket qua bang 3,16227766. Gan vao bien nhó B, ah §5jr] jsa) Q 
(Ans -»B). 

Nhap vao man hinh Abs(VctA - VctBj, an {igr! SFg jaSj IJj [11 E3 f§ifj) 03 GID Qj. 

An may hien ket qua bang 3,605551275 . Gan vao bien nhó C, ah (S jrj iro] M 
(Ans ->C). 

Nhap vao man hinh 1-e( b 2 + C 2 - A 2 ), an fT| ER PCI Gifij Q f© ffi jjpij fis® @ 

Er) feUS O © CD- An g0 may hien ket qua bang -0,07142857143 gan vao D, 
an [5ój @ (B (Ans -a D). 

Nhap vao man hinh 1 -e (c 2 + A 2 - B 2 ^, an Qj 0E3 GD S3 © ffl SHS1 IO f© 
ł “ ao> l likljAl i° ^ Dj • An 1=0 may hien ket qua bang 0,025 gan vao E, an 

@ HO Pi (Ans E). 












The best or nothing 


i-ka 2 +b 2 -c 2 ) 

0.02941176471 

v0a 

Hr 'SiWW--W-- S.BSSS] 

_ Łł9 

__ 

""fo.aaaa 


20..3 


Phan 2 - Chu de 10; Phsfar.g phap toa do trong mąt pbang 

Nhąp vao man hinh 1 -s- ( A 2 + B 2 — C 2 ) , an [jJ £3 CD felS fc:( 6-3 GE) @H3 by! @ 

E) HI B O (TJ. An fi§j may hien ket qua bang 0,02941176471 gan vao F, an 

11310 @3- 


Nhąp vao man hinh (DVctA + EVctB + FVctC) + (D + E + F), an (T j«Af [sFnj (Sr) 

rsi rai m urn Kg isri m m m mm a aa m rsi m r=i m wmi m m m psi 


[Tl • An dH may hien ket qua bang 


2 20 
9' 3 


. Vąy H 


2 20 

9~3 


Dąng 3: Tim tam duóng tron nói tiep tam giac 


A 



Phan tich; Khi P la tam duóng tron nói tiep AABC thi ta có 


rb / 2 _ b 
rej 2 c 


->Sj :s 2 :s 3 =a:b:c . 


Khi dó 


P = 


aA + bB + cC 


a + b + c 


Quy trinh barn may: 

* Buóc 1: Vao phuwng thuc gog (J](VECTOR), dua vao toa do cac diem A,B,C lan 
luat la VctA, VctB,VctC .. 

* Buóc 2: An |ac| ve man hinh tinh toan. Tinh a,b,c va gan lan krat vao cac bien nhó 
Abs(VctB - VctC) -> A 
Abs(VctC - VctA) —> B 
Abs( VctA - VctB) —> C 

* Buóc 3: Tinh toa do tam duóng tron npi tiep bang cach nhąp vao man hinh 
(AVctA + BVctB + CVctC)-^(A + B+C). An G§] ta duoc dap an. 


A, B, C. Cu thela i 



Vi du: Trong mąt phang toa dó Oxy, cho tam giac ABC vói A(l;5),B(-4;-5) va 
C (4; -1). Tim tam / cua duóng tron nói tiep A ABC . 

ŁM gili 

An (ig fg] (YECTOR) FT1 (YctA) HO (2) . dua vao toa do diem A: VctA = [l,5] . 
An tiep [shIft! fil(VECTOR~) fT) (Dim) |T1 (VctB) CfJ(2), dua vao toa dó diem B: 
VctB = [—4,-5]. 

An tiep [siirf fsl (VECTOR)fTl (Dimt UTl ( VctC)IH (2). dua vao toa dó diem C: 
VctC = [4,-l]. 

An 0 ve man hinh tinh toan. Nhąp vao man hinh Abs(VctB - YctC), an 


ńbs(VctB-VctC) 

8.94427191 

vcfa 

Abs(VctC-Vctń) 

6.703203932 

VCT0 

ńbs(Vctń~VctB) 

11.13033989 


e ii @ OD CD 0 ma © © fi). An © may hien ket qua bang 8,94427191. 
Gan ket qua nay vao bien nhó A, an tiep filuj (RCp 04) (Ans —> A) . 

Nhąp vao man hinh Abs(VctC - VctA), an fsHipff (hjpj jsHiPf) © [§] 0 (jUD CU © CD ■ 
An UD may hien ket qua bśng 6,708203932 . Gan vao bien nhó B, an (Sr) 0ja) FU 
(Ans — >B) . 

Nhąp vao man hinh Abs(VctA- VclB), an (Sr) §yj§GD CU B (DeJ CU © CU • 
An [=| may hien ket qua bang 11,18033989 . Gan vao bien nhó C, an (lir) (rcl) B 
(Ans -»C). 
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4*VlOfś£ h ĆS. . 




VCT0 


Ok 

uh 

Dl 





i 


V P 


Q 


E -3 


AbsCVctB-VctC) 

7.071067812 


Ab8(VctC-Vctń) 

9.486832981 


NMp vao man hirih (AVc±A+BVctB + CVctC)-*-(A+B+C), an " 1 Ta? 7£ 
HJj 00 90 {jjKj Fh IeS OD HI @Ej ilifB 09 psnj ij] [W} Qj 30 [Tj pS; 00 34 iSif 

OB l§§ UD • An śssj may hien ket qua bang [l,0] . Vąy /(l;0). 

Tim tam dirćmg tron ngoąi tiep tam giac 


?Mn ticb.: Khi P la tam dtróng tron ngoąi tiep A ABC thl ta có: 

b c 2 +a 2 -b 2 


R sin 2 B. 


ii — 

i 

I 


/2 _ sin2B _ 2sinBcosB _ ^ 


_2«_ b 2 (c 2 +a 2 -b 2 ) 

I s, R 2 sin2C/ sin2C 2 sin C cos C c a 2 +b 2 -c 2 c 2 (V + b 2 - c 2 1 

3 / 9 er-\ / 

' Z R lab 

:s, :s 3 =fl 2 (b 2 +c 2 -a 2 j:b 2 (c 2 +a 2 -b 2 ):c 2 (a 2 + b 2 -c 2 j . 


C Ei Vay 

tj 


p__k a A + k b B + k c C 


k +k.+ k 

a b c 


vói < 

1! II 

(fo 2 +c 2 -a 2 ( 
(c 2 +a 2 ~b 2 ) 


K=c-1 

'a 2 + b 2 - c 2 ( 


|i A, B, C. Cu the ła 


I Qay tónh baw?, mży: 

| * Boóc 1: Vao phuong thiłc SU ®(VECTOR)„ dua vao toa d$ cac diem A,B,C łan 
ś! krgt la VctA,VctB,VctC. 

jj , „ _ ^ 

| * B«6c 2: An Sąc| ve manhinh tlnh toan. Tinh a,b,c va gan łan lugt vao cac bien nhó 
Abs(VctB-VctC)-^A 
Abs( VctC - VctA) —> B 
Abs( VctA - VctB) —» C 

ijj 

| * Buóc 3: Tinh k t ,k„,k c va gan lan luot vao cac bien nhó D, E, F. Cy the la 

I [a 2 (b 2 +c 2 -a 2 )->.d 

I • B 2 (C 2 + A 2 -B 2 ) —> t 

| c 2 (a 2 +b 2 -c 2 )->f 

* Buóc 4: Tinh toa do truć tam bang cach nhąp vao man hinh 
(DVctA+EVctB+FVctC)-*-(D+E+F). An i.™j ta dtroc dap an. 


Yi du: Trong mąt phang toa dó Oxy, cho cac diem A(-3;6), B(l;-2), C(6;3). | 
Tim toa do tam I cua dućmg tron ngoąi tiep A ABC 

Łoi giai 

An j M0c4 [Sj (VECT’( >R) Llj (Vct A) QD (2), dua vao toa do diem A: VctA = [-3,6] . 
An tiep [SHffl' JQ{V ECTOR) OD(Dim) GD(VctB) GD (2), dua vao tpa do diem B: 
VctB = [l,-2]. 

An tiep [sHjNj GD(VEC.fOR)C0{Dim)!j0(VctC)C2j(2), dua vao toa do diem C: 
VctC = [6,3], 

An Rc] ve man hinh tinh toan. Nhąp vao man hinh Abs(VctB-VctC), an 

felfi 00 1§®L’ LIJ O Ej iwn) Uj GD CO. An [ffj may hien ket qua bang 

7,071067812. Gan ket qua nay vao bien nhó A, an tiep IJSrj gaj |~>j (Ans -> A). 

Nhąp vao man hinh Abs(VctC — VctA), an fsPrrj «>r jifj] [sj [¥] Q pff) %W\ [ 3 ] fjj. 

An SŚJ may hien ket qua bang 9,486832981. Gan vao bien nhó B, an jiiPfj Igcy Q 

(Ans —> B). 
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Phlrt 2 - Cha de 10: Phtióngghap toa cię trorsg mąż phang The best or r«othir?g 

Nhąp vao mk> hinh Abs(VctA- VctB), an (shiftJ ftp] {ii'i i [5j [3J Q [sarn L|J !JJ GD• 

An S] may hien ket qua bang 8,94427191. Gan vao bien nhó C, an 1515 ] f§y fjygj 
(Ans —> C). 

Nhąp vao man hinh A 2 (b 2 +C 2 - A 2 ), an ĘM O SSE3 CD H E3E3 30 ®U H 
Ej ED @3 O E3 Dj . An {=) may hien ket qua bang 6000 gan vao D, an 

fsHjprj iRCp ED (Ans —> D). 


Nhąp vao mb hinh B 2 (c 2 + A 2 - B 2 ), an jALPHAl Fh fx f \ EJ PM) jHypj Qg) (MfWi O E3 

B ST® E3 E3 CD - An (=) may hien ket qua bang 3600 gan vao E, an (Sft) (Sęp (roi) 
(Ans —> E). 

Nhąp vao man hinh C 2 (A 2 +B 2 -C 2 ), an jlMj @ E3 EJ Puwl [O fcfj l±J Pi E3 

E3 S Ul 55 © 03 • An (=] may hien ket qua bang 4800 gan vao F, an 

[Sf f] jneU [5iii . 

Nhąp vao man hinh (DVctA + EVctB + FVctC) -s-(D + E + F), an CD piffiAj{sin] gani 

Bi dl G8 H 53 CC! Ci! GE) ® @ CU 0U OD Si) CD B GD SE! @8 iii 

ffl Hi) @ OJ • An (=j may hien ket qua bang [l,3]. 

Vąy 1(1-3). 


Dang 


5; Tim tam dudng tron bang tiep tam giac 



Phan tich: 

Khi P la tam dudng tron bang tiep góc A cua A ABC thi ta chung minh dupc rdng 
-Sj PA + s 2 PB+s 3 PC = 5. 

Tuong tu nhu tam dudng tron npi tiep, ta có the tim dupc ti lę s, : s 2 : s 3 = -a: b : c. 
Khi dó tam P cua dudng tron bang tiep góc 7 

Neu P la tam dudng tron bang tiep góc B thi 

Neu P la tam dudng tron bang tiep góc C thi 

Quy trinh barn may (Tim tam dudng tron bang tiep góc A): 

* Buóc 1: Vao phuong thuc gai) QD(VECTQR), dua vao toa dp cac diem A,B,C lan 
lupt la YctA, VctB,VctC .. 



: * Buóc 2: An {Ąćj ve man hinh tinh toan. Tinh a,b,c va gan lan lupt vao cac bien nhó 
Abs (VctB - VctC ) —> A 
i A, B, C. Cu the la • Abs (VctC - VctA) -> B 
Abs(VctA - VctB) — > C 

I 

* Buóc 3: Tinh toa do tam dudng tron bang tiep góc A bang cach nhąp vao man 
hinh (-AVctA+BVctB + CVctC)e(-A + B+C). An C#j ta dupc dap an. 
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fcftoo t>iv' ki 'ihu|' Qfc»o Morę toao a hook 

[ V£ eto; Trong mąt phang toa do Ozy, cho tam giac ABC có A(2;3), B(2;9J va 
| 

i C(l0;3). Tim toa do diem K la tam dućmg iron bang tiep góc A cua A ABC. 

An ggi ni(VECTOR) fTI(VctA) [2J(2), dtra vao toa do diem A: VctA = [2,3] • 

An tiep [gffj [g] (YECTOR) CD (Dim) GD (YctB) QD (2), dna vao toa do diem B: 
VctB = [2,9], 

An tiep (aPtfsl (VECTOR)GD (Ditn) d](VctC){2](2), dna vao toa do diem C: 
VctC = [l0,3]. 

An jp§ ve man hinh tmh toan. Nhąp vao man hinh Abs(VctB - VctC), an 
(3g) Ęp [I5r§ QD GD E3 §kf?) © OD CD • An jffj may hien ket qua bang 10. Gan ket 
qua nay vao bien nhó A, an tiep gr! IjRy gij (Ans -» A). 

Nhąp vao man hinh Abs( VctC - VctA), an Jsh#tj jKygj ijffl [ 5 ] [s] [H iałrl Qfj [3 ] Qj. 

An [Ej may hien ket qua bang 8. Gan vao bien nhó B, an jiiPr) B (Ans —> B) 

Nhąp vao man hinh Abs(VctA — VctB], an (Srf) [ńv§ fsjrrj [oj jjj} Q (ShH [5] GD LiJ ■ 


An [™[] may hien ket qua bang 6. Gan vao bien nhó C, an (ISt) §5Ęj [§§ (Ans —> C) 
Nhąp vao man hinh (—AVctA + BVctB + CVctC) + (-A + B + C), an 

CD0@0@£I3ll]E3®E3i^CI](13E)@®®(13CI]II3©(I] 

O HI FS EE3 >I?FI S GE j MAj SI Qj. An jg] mśy hien ket qua bang [l4,15] . 


Vąy K(14,15). 
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/Aorc fi-i.-io a 


f 1. *1 

B ifl-il 

A. iłf——1 

B. h(- 

l 2' 2) 

Wij 

l 2 2) 

l 

ri.il 

D. f-;--l 

c h( 3 --Ą) 

LX h{ 

V 2 ' 2 J 

12 2 j 

U 2 ) 

\ 

\ 


Csu 18: Trong mąt phang toa dó Qxy, ch o A ABC vói 
A(-l;4),B(-4;0),C(2;-2 ). Tim toa dó tam I cua 


4. I 


C, I 


C:«Vr ,19: Trong mąt phang toa do Oxy, cho AABC vói 
Af-y;2j,B(l2;15),C(0;-3). Tim toa do tam / cua 

du-óng tron noi tiep tam giac ABC 

A. (1;2) B. (l;-2) C. (-l;-2) D, (-1;2) 

Cik* 20: Trong mąt phang toa do Oxy, cho A ABC vói 

A(-2;3),B^;oj,C(2;0). Tim tpa dp tam J cua 

dttóng tron noi tiep tam giac ABC 

1 1 "i . (1 1 


Cau 22: Trong mąt phang tpa do Oxy, cho AABC vói 
A(3;-4),B(-4;-2),C(l;3). Tim toa do diem H la 
chan duwng cao ke tir dinh A xuong BC 


_3.__1 
2 ' 2 

3 id 


A 4 E?/'*’ \TfT , p 


A. - 


2'2 

1.1 

2'2 


l._l 
" 2 ' 2 


21: Trong mąt phang toa dp Ozy, cho AABC vói 
A (3; —l), B (l; 5), C (6; 0). Tim tpa dó diem A' la chan 


Cau 23: Trong mąt phang tpa 00 C)xy r cho 
A(2;6),B(-3;-4),C(5;0). Tim toa do tam / cua 

dudng tron noi tiep tam giac ABC 

A, (2;-l) B. (l;2) C (2;l) O. (-2;l) 

Cau 24: Trong mąt phang tpa do Oxy, cho A ABC vói 

A^;4j,B(5;-2),C(-2;-2). Tim tpa dp tarn K cua 

dirćmg tron bang tiep góc A 

A. (2;8) B. (-2;8) C. (-2;-8) D. (2;-8) 

Cau 25: Trong mąt phang tpa dp Oxy, cho AABC vói 

A f i; 4^1, B (5; —2), C (-2; -2) . Tim tpa dp tam I cua 

diróng tron ngoąi tiep tam giac ABC 

3 1 


'3 1 

A. 1 —;- 

2 16 


B, - 


2'l6 


duóng cao ke tir dinh A xuóng BC 

- f 3 - 1 ! 

f) (JL 

A. (l;5) B. (5;l) C. (-1;5) R. (l;-5) 

U'l6j 

' U6 


10VEB00K.VN I 423 




1 , Phep tśnh toa do trong mat phlng 

Cau 1: Bap an D. 

Sii dung gorej [s)(YECTOR), dua vao may cac vec-to: 
VctA = [3,-l], VctB = [2,10] va YctC =[-4,2], 


VCTB 

fi 

VCTH 

£: 

[ 3 mmmi 


-i 

lO 


[ -m «hbbb :i 

__ 2 

An gej, nhap (VctB-VctA)«(VctC-VctA): 

CD dl O (33 0 lin! CU GD CD @ CM3 tzD EZ3 dSj 

m (se@ m cum 

An (Hj may hien ket qua bang 40. 

v£fa 

(VctB-Vctń)-CVcb 


Vąy AB.AC = 40 . 

Cau 2: Bap an B. 

Su dung [MOgU ijQ (VECTQR), dua vao may cac vec-to>: 
VctA = [l, -4], VctB = [-6,15]. 

r . I I VCT@ I 

H „ __ E: 


An jAcj, nhap vao man hinh VctB - VctA: 

m cu m s m o cu 


Vctń+VctC-VctEi D] 

_Pi l 3 

Vąy D(3;0). 

Cau 4: Bap an B. 

Su dung §§S§ d) (YECTOR), dua vao may cac vec-to: 


VctA = [l,0],VctB = [0,l] 


ft 

c i mmmn 

VCTB 

& £ 0 KUM] 


0 


i 


An gej, nhap (2VctA-3VctB)-(-VctA + 2VctB) : 

II] CU @ CU (33 E) (U §11113 El CD B CD O dl 
CS [sj C±J (33 IshiftJ ES3 CS DD 

An (=0 may hien ket qua bang [3,-5] . 

I VCTH i 

finS__ I 


Vąy c = (3;-5). 

Cau 5: Dap an A. 

Su dung [iiDd ® (YECTOR), dua vao may cac vec-ta: 
YctA = [l. O], YctB = [0, l]. 






An gej, nhap 2(2VctA-3VctB)-3(-5VctA-VctB) : 


VCT0 

VctB-Vctfl 

" L ' J 

VCT0 

| 3 ] 

iij is lass sj m B m m cu ta m b cs m 
e od m cu cu b m cu ts ca 


_ 0 -7 

An © may hien ket qua bang [l9,-3] . 

1 vcfi 1 


Vąy u=b-a=(-7; 19). 

Cau 3: Bap an D. 

ABCD la hinh binh hanh nen AB = DC 



Yay (X; Y) = (l9; -3) -> XY = -57. 


<=>B-A = C-D<=>D = /1+C-B. 

Su dpng flog fsl (YECTOR), dua vao may cac vec-to: 
YctA = [2,2], YctB = [3,3] va YctC = [4, l]. 



An gę), nhap vao man hinh VctA+VctC-VctB: 

scummissgcaLgEjiiiEis] 

An (=) may hien ket qua bang [3,0] . 


Cau 6: Dap an B. 

ABDC la hinh binh hanh nen AB = CD 
<=>B-A = D-C<=>D = B+C-A. 

Su dpng gorej (jj] (YECTOR), dua vao may cac vec-to: 
YctA = [0, l], YctB = [0, -2] va VctC = [3,0]. 



An gej , nhap vao man hinh VctB+YctC-YctA: 
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may hien ket qua bing 3,-3] - 


VCTB 

v'CT0 


VctB+VctC-Vctń 

-El 


0 


8 


Vay D(3;-3). 

PM = 2PNoM-P = 2(N-P)^>P = 2N-M 
Su dung Jftó "sj (VECTOR), dura vao may cac vec-to: 
VctA = [l, 6] , YctB = [6,3 ] . 



VCTH 

S 

VCTH 


E 

i MSSri 

E 

e Egasen 




6 


3 


An jacj, nhąp vao man hinh 2VctB—VctA: 

Caj fgj li] QD E) @ El] 00 

An (§0 may hien ket qua bing [ll,0] . 


VCT0 

VtlE 

2VctB~VctA 

flnS 

fesesaai dj 

0 

li 


Vay P(ll;0). 

Oiu 8: Sap an C. 

Sur dung §§§§ Qb](VECTOR), dua vao may ca.c vec-to>: 
VctA = [1,5], VctB = [-2, l] . 


ł [ 

VCTB 

i BHBHgi 

£ E 

VCTB 

-g saasmn 



5 

i 


An Scj, nhąp vao man hinh 3VctA+2VctB : 
[3 i §13 UJ CU © GD (iSj (i] OD 
An (§0 may hien ket qua bang [-1,17] . 

wri vct1 

3Vctń+2VctBI n] 


Vąy c = (—1;17). 

C&n 9: Dńp an 5. 

Duong thang A có VTPT la n = (3;—4). 

Su dung §f®§ [s j (VECTOR), dua vao may vec-to: 
VctA = [3,-4]. 

;1 c 3 wn 
_ -4 

An [ag], nhąp Abs(VctA® VctA-l)-e Abs(VctA): 

jijsjj jjj (sSiffi [¥] fsj '|ifj [ W} CD fllS CIO @3 ED CO CS 

Prj (SMFTI fS j (3j Qj 

^ x 24 

An tó may hien ket qua bang 4,8 = — . 



Vąy d(M, A) = — • 

On 10- Dap an A. 

Hai duong thang Aj, A, fan luąt có VTPT la n x — (l; 2) 
va n 2 =(l;-l) . 

Su dung {nóg [13 (YECTOR), dua vao may cac vec-to: 
VctA = [l, 2], VctB = [l, -l] . 



VCTB 


E e 

VCT0 


*• E 

i ESSgjigEl 

2 

i ^ai 

-i 



An [75], nhąp vao man hinh 

Abs(VctA ® VctB) h- (Abs (VctA) x Abs( VctB)) 

§135§ 119 CI3 GD CS CD 113153 ID dl UJ D] CS 

An OsJ may hien ket qua bang 0,136227766. An 
laSt! Wy [Tj gan ket qua nay vao bien riha X [Ans —> X) 


Atos(Vctń-VctB)*> ńns*X 
0.31.6227766 I I_Ę 


0.316227766 


An fepg lU(COMP), an (jjinj S® 13 §0 • An (=j may 

hien ket qua bang ■ 



h 

Math &. 


mTcT 



i.o 


Vąy coslA^A.j; 


2. Fhtftmg phap toa di) tam tuyen 

Cau ’■ 1 . Sap ars D. 

Sur dung |ffi| fgj (YECTOR), dua vao may cac vec-to: 
Vct A = [—4,7], YctB = [2,5], YctC = [-1, -3]. 


VCT0 

vcM 

* [ -M BgSSSg] 

s t s msmj 

7 

s 


[ -I SAć®?? 


An gACj , nhąp vao man hinh (VctA + VctB + VctC)-e3: 

ET] jyyj [sj fs] i Y j Eyr \ (jy [ 4 ] rOj (shcft \ [Tl {W} [Tl j-Y fs] 

An (iO may hien ket qua bang [-1,3] . 


Yąy G(—1;3). 


VCTH 


g] 

-1 




















Phan 2 - Chii cle 10: Phutfng phap toa do trong mąt phinś The best or nothing 


Cau 12: Dap an. C. 

vcna 

Abs(VctB-VctA) 

VCT0 

Ans*C 

G la trong tam cua A ABC nen G = — + ^- + — 

5 

5 


<tz> C — 3G—A— B . 


Sit dung iODij fal (VECTOR). dua vao may cac vec-to: 


VctA = [l,5],VctB=[ 

>2,4 

' , YctC = [3; 3]. 

VCT0 

ń [ i aa —fi 

5 

VCTH 

6 [ -s wsmsn 

4 


c 

vaa 


l 

3 3SS&IC 

3 


Nhąp vao man hinh A 2 (B 2 + C 2 - A 2 ): 

@0©CDHE3(13fflSSEiS S O 

pm 

An Q1D may hien ket qua bang 1200 va gan vao D 
(Ans—»D). 


VCT0 

ń 2(B2+C2-A2) 

VCT0 

Ans+D 

1200 

1200 


Nhąp vao man hinh 3VctC—VctA—VctB: 

su m o es s @gd las® es® 


An (Hj may hien ket qua bang [l0,0]. 



VCTB 

ńr, i^MT Dl 

10 


Vąy C (lO; 0). 

Cau 13: Sap an B. 

Sit dung ©(YECTOR), dua vao may cac vec-ta: 

YctA = [l, 3], YctB = [4, -l], YctC = [-2, -3]. 

VCJ0 

3 

vaa 

ł ' t u —atoi] 

-i 


VCT0 

[ -a MB 1 ! 

-3 



An |ac| . nhąp vao man hinh Abs(VctC- VctB): 


m a m ta o b m m es m 

An MD may hięn ket qua bang 6,32455532 va gan vao 
bien nhó A (Ans —> A). 


VCT0 

Abs(VctC-VctB) 

VCT 0 

Ans*A 

6.32455532 

6.32455532 


Nhąp vao man hinh Abs (YctC — VctA ): 


@ M E*9 EU [D EJ (H CU CU (1) 

An (Mi may hien ket qua bang 6,708203932 va gan vao 
bien nhó B (Ans —» B). 


VCT0 

Abs(VctX-VctA) 

VCTE 

Ans+B 

6.708203932 

6.708203932 


Nhąp vao man hinh B 2 (C 2 

CQ 

1 

< 

+ 

H® 0 H3 CD H H Cg] C 

EHO0EH E3 

Egim 


An [S] may hięn ket qua bang 900 va gan vao 

(Ans->E). 


VCT0 

B 2 (C 2 +A 2 -B 2 ) 

VCT0 

Ans+E 

900 

_900 

Nhąp vao man hinh C 2 ( A 2 + B 2 - C 2 ): 


\m gg CD lf«l !t3 IWj CE] H 0 53 E3 S fej 
pm 

An c=j may hięn ket qua bSng 1500 va gan vao F 
(Ans—>F). 


VCT0 

C2(A2 + B2- C 2) 

VCT0 

Ans+F 

1500 

_ _.1500 


Nhąp (DVctA + EVctB + FVctC)H-(D + E + F): 

CD li @ @ 11] EU EB S © (Ml EU EU GB H 
(t ań ] liii] [1] [U fD [3 (Tj H§ fS) SD (m) @ GE) (m| 

„ _ , ^ Tli" 

An (“Jj may hięn ket qua bang —’ 

__ _ _ 

DEWflP -D. 5] 

__ 0.5 

„fl li 

Vąy tam duang tron ngoąi tiep la I —; —— I. 

Cau 14: Dap an C. 

Sit dung SKdg f8l(VECTOR). dua vao may cac vec-to: 
YctA = [-5,6], VctB = [3,2], YctC = [0, -4] . 


Nhąp vao man hinh Abs(VctB - VctA): 

SiBSBEgEOC] 

An [Ml may hięn ket qua bang 5 va gan vao bien nhó 
C(Ans—>C). 
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Nhąp vao man hinh Abs (VctC—VctA): 

VCTE 

Abs(VctC“VctA3 

Ans-6 

(Mdi taB l??J t§] cml NjiclS l.iJ \3j LU 

B.6U23252A7 

8.602325267 


bien nhó B (Ans —> B( . 


VCTE 

AbsCVctC-VctA) 

VCT0 

ńns+B 

11.18033989 

11.18033989 


Nhąp vao man hinh Abs ( VctB—Vct Ag: 

[p=fj pęą |gp| [gi fyj fZD t jj^fj Hf) ffi ryj 

An (Hj may hien ket qua bang 8,94427191 va gan vao 
bien nhó C (Ans —> C). 

_ , vcrs 11 \?Sri I 


Abs (VctB-Vctń) fins+c 

S- 94427191 II B. 94427191 

Nhąp vao man hinh (BVctB + CVctC)-s-(B+C) : 

iii SU! £3 iii! O® 33 @11 §3 ii®! Si OD 00 © 

, . U (Splgg j 

Si _. , , . „ , , , i f5 2 

An iy:; may hien ket qua bang —. 


vćfl 

-n.asii 

VCTH 

if fl.E2EE aWfflrJ 

5j8 

-2j3 


Vąy chan dućrng phan giac trong góc A có tę»a dó la 
(5 2) 


Cati 15: Dap an A. 

Su dung fi$! (sj(VECTOR), dna vao may cac vec-to: 
VctA. = [5,4], VctB = [2,7], VctC = [-2, -l] . 


VCT0 

VCT0 

i s 

J i e 

4 

7 



An (Sę), nhąp vao man hinh Abs(VctC-VctB): 

jg§ (|@ [Jj [¥j Q lifTj [sl [ 4 ] Qj 

An [S may hien ket qua bang 8,94427191 va gan vao 

bien nhó A (Ans —> A). 

____ ____________ 

Abs C VctC-VctB) Ans+A 


I B. 94427191 II 8.944271911 

Nhąp vao man hinh Abs(VctC — VctA) : 

@ 12 ) 60 [U EU 3 §§£ EU CSD CD 

An S] may hien ket qua bang 8,602325267 va gan vao 
bien nhó B (Ans —> B) . 


Nhąp vao man hinh Abs (Vctb - VctA): 

An © may hięn ket qua bang 4,242640687 va gan vao 
bien nhó C (Ans —> C). 

VĆfl VCT0 

Abs C VctB-Vct A) Ans+C 


4.^4264068?I 


4.242640637 


Nhąp vao man hinh l-e(B 2 +C 2 - A 2 } : 

Cu REJ EJ 69 L-A E ^ 1 RhI je->j Ag 1 g] 

An [§} may hien ket qua bang 0,8333... va gan vao 
bien nhó D (Ans —> D). 


VCT0 

1-CB2+C2-A2) 

VCTB 

ńns+D 

0.08383833333 

0.00333333833 


Nhąp vao man hinh 1 -e (C 2 + A 2 - B 2 ^ : 

An gj may hien ket qua bang 0,041666... va gan vao 
E(Ans —»E). 

VCIE3 Wfl 

I-HIa+A^-B 2 .) Ans+E 

0.041b6666b67 _ 0.04166666667 

Nhąp vao man hinh l-e(A 2 + B 2 -C 2 (: 

33 © Cl; ££ : £9 £1 ffi(I§E3;I3B®S§iE3E 

An HR may hien ket qua bang 7,352941176xlQ~ 3 va 
gan vao F (Ans —» F). 


1-KA 2 +B 2 -C 2 ) 


Ans*F 


1 7.35294117(33 II 7.3529411 76*m3 

Nhąp (DVctA + EVctB+FVctC)-e(D + E + F): 

23 gDU S|jj gig] GD tU S31H g§ |iiij ng] [1] r+j gg 
S H3 (13 013 CD ES CO (Sil Si 93 @ 83 WM 

mm 

^ ^ s rii i4~ 

An Oh! niay hięn ket qua bang —,— . 

3 3 


VCTB 

tm s T , _ 

M.E556] 


vct0 

.HEBE DWRHr] 


^ h [¥ t } 

CSn 16: 5Mp an A.. 

Sń dung fasuj |8](VF.CTOR), dvra vao may cac vec-to: 
VctA = [5,4], VctB = [2,7], VctC = [-2, -l] . 















VCT0 

[ 5 SME 1 




An (M! may hien ket qua bang 2448 va gan vao F 
(Ans —>F) . 

VĆT0 VCTl 

C 2 CA 2 +B 2 -C 2 ) Ans+F 


An iH), nhąp vao man hinh Abs(VctC-VctB): 

(H!) Bi iin3 S3] d3 El @1313313D CX3 

An (=D may hien ket qua bang 8,94427191 va gan vao 
bien nhó A (Ans —» A). 

VCfH VOB 

Abs(VctC-VctB) Ans* A 


8.94427191 


8.94427191 


Nhąp vao man hinh Abs(VctC—VctA) : 

SE)® El®®® CE) 

An UD may hien ket qua bang 8,602325267 va gan vao 
bien nhó B (Ans —» B). 

vcfa 

Abs(VctC-VctA) Ans*B 

8.602325287 11 8.602325267 

Nhąp vao man hinh Abs(VctB —VctA): 

lis @ ii su ta B m is iu m 

An OD may hien ket qua bang 4,242640687 va gan vao 
bien nhó C (Ans —> C). 

VCT0 VCfS 

Abs(VctB-VctA) Ans*C 

4.24264068711 4.242640687 

Nhap vao man hinh A 2 (B 2 + C 2 - A 2 ): 


M l*3 UJ ISŁESSI C29U63m (KBI W l=£3 U=J !Ł™I 113 


sra 


BUHirai^icainis 


□IB 


An GD may hien ket qua bang 960 va gan vao D 
(Ans—»D). 


VtT0 

A 2 CB 2 +C £ -A 2 ) 

VCT0 

Ans*D 


96C 


960 


Nhąp vao man hinh B 2 (C 2 + A 2 - B 2 j: 

IM 013 CD ES SI (33 ffi H O 0 El ®i E3 

An HU may hien ket qua bang 1776 va gan vao E 
(Ans—^E). 

VĆT0 VĆT0 

B 2 (C 2 +A 2 -B 2 ) Ans*E 
_ 1776 1 1 _ 1776 

Nhąp vao man hinh C 2 (A 2 + B 2 - C 2 ): 


Nhąp (DVctA + EVctB + FYctC)-s-(D + E + F): 


sra 

_ 2 8 

An GD may hien ket qua bang —, — 


VCT0 

VCT0 

D'T4H1T- 2.EEEE] 

tn.BSEE hBSiRr] 

2j3 

S.,3 


Vąy tam duóng tron ngoąi tiep la . 

Cau 17: Dap an D. 

Su dung jłSODEi (8](VECTOR), dua vao may cac vec-to: 
VctA=[-1, -3], VctB = [2,5], VctC = [4,0] . 

I vCf@l 1 I VCT0 I 

A . B . 



An @, nhąp vao man hinh Abs(VctC-VctB) : 

di S UD GD GD 0 §i!) El GD CD 

An GD may hien ket qua b5ng 5,385164807 va gan vao 
bien nhó A (Ans —> A). 


VCT0 VCT0 . 

Abs(VctC-VctB) Ans+A 

5.38516480711 5.335164807 

Nhąp vao man hinh Abs ( VctC - VctA j: 

@ @@ 11 ) 11 ] s @ ca gd co 

An OD may hien ket qua bang 5,830951895 va gan vao 
bien nhó B (Ans —> B). 


Abs(Vct.C-VctA) 

5.830951395 


Ans-^B 


5.330951895 


Nhąp vao man hinh Abs ( VctB - VctA): 

EJ SE)® EHE CD 

An GD may hien ket qua bang 5,544003745 va gan vao 
bien nhó C (Ans —> C). 


AbsCVctB-VctA) Ans*C 




8.544003745 
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Nftąp vao man mmi i-m tv. -a j - 

An [=3 may hien ket qua bang 0,01282051282 va gan 
vao bien nhó D (Ans —> . 

VCT@ VCTH 

1 -r (B : +C 2 ~ń 2 ) Ans->D 

li.HI 282051232 II 0.01282051282. 


nuo S V W WLf YW s i i U a ■ a I 


Nhąp vao man hinh 1 h-(C 2 + A 9 -B" j: 

(Tl gj ;jj g§ gg g5 ® ®gj O E3 Ej Hi E3 53 03 

An (HJ may hien ket qua bang 0,01470588235 va gam 
vao E(Ans—»E). 

-vts- ' w® 

1 ^( 02 ^ 2 - 02 ) Ans-s-E 


An ' Aj may hięn ket qua bing -0,1 va gan vao F 
(Ans—»F). 

-ran- ii vob 

l+(A 2 + 02 -c 2 ) Ans-»F 
_ -CU I I _ -0.1 

Nhąp (DYciA + EVctB+FVctC) (D + E+F): 

m ‘MM Si iiS [D GD GE) iii iii (!D GD 133 SB S® 

r i sj fj> j [J] B3 CO @9 @ l±J Mn @ i±) SHI 

M CO 

- „ , Ł T164 15' 

An (s,j may hięn ket qua bang —• 


vEf® 

~ vcra 


fe.Eaaa SPREI=W1 

i 64 ..31 

-iS j 3i 


A „164 15 

v,y H im 


Cao. 1.8: Dap An C, 

Su dung @ dj (VECTOR), dua vao may cac vec-to: 
Vct A = [-1,4], VctB = [-4,0], YctC = [2, -2]. 


s 

VCT0 

® t 

VCTE 

-i KffiHSl 

-U 



4 

0 



An Ph, nhąp vao man hinh Abs(VctC—YctB) : 


S SHIFT] pwp! !SH!Ff ? : 


E 32455532 11 6.32455532 1 

Nhąp vao mart hinh Abs(VctC—VctA) : 

laHirTj jhyąj jsHfFTl j §J l 5 ] ]SrH?TJ i 5 j (j| j f ) 

An 0§D may hięn ket qua bang 6,708203932 va gan vao 

bien nhó B (Ans —> B). 

"W® ~1 VĆTB 

Abs(VctC-Vctń) ńns->B 


A.708203932 


h.708203932 


Nhąp vao man hinh Abs(VctB-VctA)' 
flfffj ~i.-•; ig LU GD 3 lltĘEi (sj li) LU 

An (=j may hięn ket qua bang 5 va gan vao bien nhó 


!K n.ni 470588235 

C(Ans—>C). 


(A 2 +B 2 -C 2 ): 


VCTH VCIH 

Abs(VctB-Vctń) Ans->C 


i psi a ©i ei in s © ca 


F, 

5 


An (=3 may hięn ket qua bang 6,32455532 va gan vao 
bien nhó A (Ans - > A). 


Nhąp vao man hinh A 2 IB 2 +C 2 - A 2 ): 

Uli {gil gg) GO (m P«B © GB iH lii @5 E3 Sili ES 




An f~] may hięn ket qua bang 1200 va gan vao D 
(Ans-»D). 


A 2 CB 2 +C 2 -A 2 ) 


Ans*D 


Nhąp vao man hinh B" (C 2 + A* — B~): 

'mf:. F5 fil (Tj mi S§ © GB §13 O © E) 1*^*1 £3 

©CD 

An @ may hięn ket qua bang 900 va gan vao E 
(Ans —> E l. 




Fins->t 


Nhąp vao man hinh C 2 ^ A 2 + B 2 — C 2 ): 

Kia §§§ © (XI S@0 Es I-O OB £3 S3 (3 IMS! iii 

pili 

An G§j may hięn ket qua bang 1500 va gan vao F 
(Ans—>F). 

vcil VCT0 

C 2 (A 2 +B 2 -C 2 ) Ans-^F 


Nhąp (DVctA + EVctB+FVctC)H-(D + E + F): 

CD S9 53 CEl GD SD ES ESI Hel GD GD GB ES 
@| H3 OD (30 33 B3 CO Uli fe! ftJ fiS fes lii iiS 
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An ]j5] 


may hien ket qua bang 


1 1 
2'2 



Yąy tam duóng tron ngoąi tiep la 



Cau 19: Ł>ap an D. 

Su dung jMODEl Qf](VECTOR), dua vao may cac vec-ta: 
15 


VctA = 


T' 2 


, VctB = [12,15], VctC = [0, -3]. 


VCtO 

si 

i -1.5 K] 

2 

ycra 

E: [ is mmwi 

15 


VCTH 

£ o 

-3 



An (a§, nhąp vao man hinh Abs( VctC - YctB): 

pij Si @ CU H3 E3 @ d) 133 [3 

An Ciii may hien ket qua bang 21,63330765 va gan vao 
bien nhó A [Ans A]. 


vcna 

Abs(VctC-VctB) 

VCT0 

Ans*A 

21.63330765 

21.63330765 


Nhąp vao man hinh Abs(VctC-VctA) : 

m a m cs gd 0 e es es m 

An [i[| may hięn ket qua bSng 9,013878189 va gan vao 
bien nhó B [Ans -» B). 


VCT0 

AbsCVctC-VctA) 

vCfa 

Ans~>B 

_ 9.013878189 

9.013878189 


Nhąp vao man hinh Abs( VctB - VctA): 

iE iii flU GD OD Eś {UD GD GD 03 

An GD may hien ket quś bang 23,43608329 va gan vao 
bien nhó C (Ans C). 


vcra 

Abs(VctB-VctA) 

VCT0 

Aris-»C 

23.43608329 

23.43608329 


Nhąp (AVctA + BVctB + CVctC)H-(A + B + C): 

CD SU! O §fi) [U 33 GB @§] E3 @ [13 OD (33 @J|j 
Bi im GU OD LU ES CD HU O GE @ E5) 00 HS 1 
Bi CD 

An GD may hien ket qua bang [-1,2] . 


ftnS_ 

VCT0 



SI a 1 

- 1 


Vąy tam duóng tron nói tiep / (-1; 2). 

Cau 20: Dap an C. 

Su dung jSoDp] QD(VECTOR), dua vao may cac vec-to: 


YctA = [-2,3~ 

, YctB = 

1,0 

_4 

,VctC = [2,0]. 

3 

vcrs 

£ D.35 OSBST] 

0 


VCTH 

C [ a ffinwj 

O 



An gej, nhąp vao man hinh Abs( VctC-YctB] : 


p3 §16fii CS CS El HH GD BJ OJ 

An (Hj may hien ket qua bang 1,75 va gan vao bien 
nhó A (Ans —> A]. 


vci 0 

AbsCVctC-VctB) 

vcra 

Ans*A 

1.75 

__ . 1.75 


Nhąp vao man hinh Abs(VctC-VctA): 

m a m ni es b m ts es m 

An (H) may hien ket qua bang 5 va gan vao bien nhó 
B(Ans->B). 


VCT0 

AbsCVctC-VctA) 

vcr@ 

Ans+B 

5 

- - _ 5 


Nhąp vao man hinh Abs(VctB-VctA): 


p3 SI S OJ dl B (HO CU [IG DEJ 

An [S] may hien ket qua bang 3,75 va gan vao bien 
nhó C (Ans —» C). 


VCT0 

Abs(VctB-VctA) 

VCI0 

Ans+C 

3.75 

3.75 


Nhąp (AVctA + BVctB + CVctC)-(A + B + C): 

GD m O @ CU ts ES lin S ®D CS (33 GB S 
H (Mil dD dJ CD B CU @ O 00 d§ 0 EH i® 
gim 

X _ , a , [~1 l" 

An [ss] may hięn ket qua bang —, — . 

■ 

ftr. i 

d. 5] 

_ 0.5 


Yąy tam duóng tron nói tiep / 



Cau 21: Dap an B. 

Su dung Sag [g] (VECTOR), dua vao may cac vec-to: 
VctA=[3, -1], YctB = [l, 5], YctC = [6,0] . 
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Nhąp vao man hinh 1 a- (C 2 + A" - B~): 

m 33 CD m @ OB SBP O feil c3 feSB L3 @ LU 

An i'3 may hien ket qua bing 0,0125 va gan vao D 


VCTB 

l-KC 2 +ń 2 -B 2 ) 

- “ vol 

ńns+D 

0.0125 

fl.0125 

Nhąp vao man hinh l-s-^A" 

SGSGLIilOOffi® 

An [Hj may hien ket quś 
(Ans —»E) . 

! + B 2 - C 2 ) : 

i bing 0,05 va gan vao t 

—~ 

• E ’’• C 2 , ! 

Ans*E 

0.05 

0.05 


Nhap (DVctB+EVctC)(D+E) : 

jf ( \ [ąLP® fen! ^ShFtI [ 5 } Qpj \ 

jf ( 1 liiN-lli iRinj 1*4*1 K-SS? i ) i 


Nhąp vao man hinh Abs(VctB - VctA j: 

[a5Tj CD iwy ® GS 3 feUi GD CCI CiJ 

An Ej may hien ket qua bang 7,280109889 va gan vao 
bien nhó C (Ans —> C) • 

—-VCTB T VCTH 

Abs(VctB-Vctft) Ans® 

?.PRO109889H 7.280109889 

Nhąp vao man hinh la-^C 2 + A 2 ~B 2 ^ : 

ms3miS3ii©fflisao[i3aii£3i3rij 

An Ej may hien ket qua bang 0,02 va gan vao E 
(Ans—»D). 

VCT@ " 

l^.(C2+ń2-B 2 ) ńns+D 


Nhąp vao man hinh 1 (A 2 + B 2 - C 2 ( : 


D i™j (Tj j aiMi (Di OB Sy® b?i (IB Ł- imi Si 63 Cl- 

„ mól? nna hanp' 0.02 va ean vao I 






















han 2 - Cliii dl 10: PhiMr 

ig phap toa do trong mąt phang 

Tire i 

best or nothing 

VCTB 

l-(ń2 + 02- C 2) 

VCTB 

Ans-»E 

An GUI may hien ket qua bing [2,l" . 


_0,02 

_0.02 


VCTB 

flnS_ 



Nhąp (DVctB + EVctC)4-(D + E): 

CD te®) @ (*3 £3® SB S® @ dH] [5] 133 [73 o 

UJ fALfflńj @n) (±) gH] |a§ Qj 


Vay tam dtrong tron nói tiep J{2; l). 



An (D may hien ket qua bang 8,94427191 va gan vao 
bien nhó A (Ans —> A). 


VCTB 

Abs(VctC-VctB) 

VCT S 

Ans*A 

_Ł9442119L 

_8.94427191 


Nhąp vao man hinh Abs(VctC-VctA) : 

@ H dn) CS (3 0 ®i) GD GD CD 

An GD may hien ket qua bang 6,708203932 va gan vao 
bien nhó B (Ans —» B). 


VCT0 

AbsCVctC-VctA) 

vciia 

Ans+B 

8.708203932 

6.708203932 


Nhąp vao man hinh Abs(VctB-VctA): 


Nhąp vao man hinh Abs(VctC- VctA) : 

p @ @ ta m b na ® en ca 

An © may hien ket qua bing 6,5 va gan vao bien nhó 
B(Ans—>B). 


TOB ' “ 

AbsCVctl>VctA) 

vcTl 

Ans-^B 

6.5 

6.5 


Nhąp vao man hinh Abs(VctB-VctA): 

en] SB mi (mści) 

An © may hien ket qua bang 7,5 va gan vao bien nhó 
C(Ans—»C). 


VCTB 

Abs(VctB-VctA) 

VCTB 

Aris^C 

_ 

7.5 


lisi! H ggj &} CD E3 (ED dl (D O 

An ©1 may hien ket qua bang 11,18033989 va gan vao 
bien nhó C (Ans -» C). 


VCIB 

Abs(VctB-VctA) 

vcra 

Ans->C 

11.18033989 

11.18033989 


Nhąp (AVctA+BVctB+CVctC) -^ ( A + B+C): 

milllopSBiSfflHSiigSfflfflEi 
® (§13 (3 GD CD S CD gD® O GB SS BUg 
sm 


Nhąp (-AVctA + BVctB + CVctC)-e-(-A + B + C): 

CD O H O @ d3 (a GE) ds 0 mg CU ® E) 
S @ dsn) 3 GD CD GE) CD 0 H O EH S 0 
EB teffil IH Dl 

An © may hien ket qua bang [2,-8] . 

™r ~ 

-b] 

___2_ 
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Vąy tam dtrong tron bang tiep góc A la X(2;-8). 

Cati 25: Dap an C. 






















jR). dira vao miy cac vec~to: 


Bii dane 


An fa may hien ket qua bang 2425,5 va gan vao D 



An ‘Am, nhąp vao manhinh Abs(VctC-VctB): 

if§~j S* jli?) [lf] ["§'j Q fSffl fjśj Qfj CD 

An [5] may hięn ket qua bang 7 va gan vao bien nhó 
A (Ans —>■ A). 


reO/etC-yctB) 


Ans*A 


Nhąp vao man hinh Abs(VctC-VctA) : 

, n • '.i 1 ! -X L€! 0 Mti li] Lf] Lii 

An Aj may hięn ket qua bang 6,5 va gan vao bien nhó 
B (Ans —> B) • 


■-Pćfi 

Abs(VctC-VctA) 

" Wi 

ńns*B 

6.5 

6.5 


Nhąp vac man hinh Abs(VctB-VctA): 

W) ii m ni 03 ej mi m tu ra 

An (Sj may hien ket qua bang 7,5 va gan vao bien nhó 
C(Ans-*C). 


VCłH 

Abs(VctB-VctA) 

-~ vćfl 

Ans*C 

7,5 

_7,5. 


Nhąp vao man hinh A 2 (B 2 + C 2 - A"): 

SBH E3 @3 S3 Ml® E3 G5! GE @ SsS >33 &3 !te8 5t3 


An fc] may hięn ket qua bang 2661/75 va gan vao E 
(Ans—»E). 


VCTB 

B 2 CC 2+ fi 2 ”B 2 ) 

VCTS 

Ans*E 

2661,75 

2661.75 


Nhąp vao man hinh C 2 (A 2 +B 2 -C'^: 

pig gg ggj Qj rigi figi (gj ffl [fH Q S3 E3 iH 63 


ŚLIJ 


An S'j may hięn ket qua bang 1968,75 va gan vao F 
(Ans—>F) • 


VCT0 

C 2 CA 2+ B 2 -C 2 ) 

VCT0 

Ans-J-F 

1968.75 

1968,75 


Nhąp (DVctA+EVctB+FVctC) a-(D + E+F) : 

CD iH © m 33 dl EJ iS S§§ HO EI3 ffl ES pi 
(Sy jprś [f] ® CD GE) LT; liii © GB IH 1*3 GB H?m! 

SGi 

i [3 1 

An i A may hięn ket qua bang 


2 16 


VCIH 

1,n fełSBfjg o.Bsasi 


M 'ł 

VCTB 

i.s imros?] 


3 j2 


i j 16 


Vąy tam diróng tron ngoąi tiep la I -; — 


3 1 













i»3G Cli6 


’ 1 c ti srs may unii 


Cac bai toan ve phuong phap toa do trong khong gian duąc thuc hien tren 
phuong thiic VECTOR cua may tinh. 

An §|| © de dua may ve phtrong thuc VECTOR. Chon ' , hoac chon 

CHd(Vcffi), hoąc chon {8j{ VctG), sau dó an QJ(3) de dua vao cac phan tu 1 (toa do) 


cac vecto trong khong gian ba chieu. 


| 1. Gan du lięu mói cho bien vecto (nhąp toa dó vecto) 

! An feifl L5J(VECTOR). Sau dó chon iTi(Dim) hoąc 

1 CU (Data). 

| Muón nhąp toa do cac vecto nao thi an fjj(VctA), 
jj hoąc U0(VctB), hoąc [U (YctC), sau dó chon (T){3) 

1 de dua vao toa do trong khong gian ba chieu. 

1 1 Dim 2:Data ■ 

3: Vctń 4;VctB 

5 s Vctc 6 s Vctńns 

75 Dot 

' 

| 2. Tich có huóng cua hai vecto 

1 Dung dau ® 

| Chang han muón tinh tich có huóng cua hai vecto 
j a m VctA va b = VctB . An @jn) fj] (3] g) (sfi] {s) g] 

' WTB 

VctAxVctB 

0 i 

| 5. Tich vó huóng cua hai vecto 
j Dung lenh IshW) [¥) (YECTOR) Qr) (Dot) 

j ChSng han muón tinh tich vó huóng cua hai vecto ! 
j a = VctA va b = VctB.An: 

1 _ ®C13[i]@i!)CS@CI]S 

vol 

Vctń-VctBI 

o : 

| 6. Do lón (dó dai) cua vecto: |a| = Abs(VctA) 

! Dung lęnh (Sir! ggjfAbs) 

| Chang han muón tinh do dai cua vecto a = VctA . An 

1 im mp ii3 oo gj J 

vcfS 

AbsCVctń)i 

^ I 




A 


/ 

B 








1. Dó lón (dó dai) cua vecto AB 
| De tinh AB = I Afil , dua vao toa do diem A, B lan 

I 

| luot la VctA va VctB. 

j 2. Ba diem A,B,C thang hang khi j^AB,AĆj = Ó 

| Dua vao toa do A = VctA, B = VctB va 
C^YctC. 


Dięn tich tam giac: S A 


\ab,ac 


Dua vao toa dó diem A = VctA, B = YctB va 
C = VctC. 


Nhąp Abs ( VctB - Vct A) 


Abs(VctB-VctA)l 


0 


Nhąp vao (VctB-VctA)x 
jj (VctC-Vc±A) 


Nhąp Abs((VctB-VctA)x 
(YctC — YctA)) -h 2 . 
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D 


/ 


C 


M | 

\ 

j 


- *- * " fy g--'"- -— H...;_ 

' ESn diim^Ec,D Song pMng fchi 
i r AB, AC ] o AD = 0 

j Bua vao toa do AB = VctA,AC = VctB va • 

j 5. The tich tó aięn: = ^|[ AB > AC ] ® AD ' 

j Dna vao may toa do AB = VctA, AC = VctB va ■ 

| AD =VctC... .1 

I 6, Khoang cach tir diem M(x m ;i/ m ;z m ) den j 

j mąt phang (p): Ax + By + Cz + D = 0. > 

^ 1 + + ^ z m + ^1 

TaFTWTc^ 


Nhąp (VctA x YctBj © VctC 
I Nhąp Abs((VctAx VctB) ® 

i 

VciC)a-6. 


d(M,(P)) = 


/ 


M * 


M 


S 

\ 

\y' 


u. / 


/ / 
/ 


M, 


M 2 




a 


->d(M,(P)) = 


M ® h ^ + D 

n \p) 


Nhąp 

Abs ^ VctA ® VctB + D) 
Abs(YctB). 


| Dua vao may toa do diem M la VctA, toa do t 

| -. | 

! cńa vecta phap tuyen n (p) la VctB > 

| 7 . Khoang cach tir diem M den durimg thang d ] 
] (di qua M 0 va vecto chi phucmg la u d ) 


\ Nhąp Abs(VctAxVctB) + 

i 


d(M,d) = 


MM 0 

Pb] 





Abs(w,) ; 

, __ ^ — _ i 

■ Dna vao may MM 0 = VctA va u d = VctB 

fg. Khoang cach giua hai duóng thang^cheo • 

\ nhau: d, diqua M, va vecto chi phuong u x , d 2 j 

i —* t 


d. 


d{d lf d 2 ) = 
-^d^d^fd^ 


MjM 2 ® 


Pb] 


“u 

«2_ 



Abs^M,M 2 ®|mj xw 2 jj 
Abs^ xMjj 


Nhąp 

Abs (VctA • (VctB x VctC)) - 
Abs( VctB x YctC). 


S Dna vao may M,M 2 = VctA, u, = VctB va j 

1 — H 

\ u 2 = VctC. 

| 9 Góc giua hai ducmg thang (hoąc hai mąt j 
i phang): 


cos a = - 


___ 


— —. 


w 1 ® 


n x ®n 2 

p 

jq i / 2 

V 

n j « 2 



jj Dua vao may f=VctA^hayn 1 _VctAj, 

| _ , — \ 

j ig = VctB|hay n 2 = VctBp 


Nhąp Abs {VctA ® VctB) ■ 
(Abs( YctA) x Abs(VctB)) . 


n 





“7 


2 « -hu de H1 ■ PhuBng gihap tąa dę trong khdng gian 

ID. Góc giua dućmg thang va m#t phlng~"~~“]' 

: 

| Nhąp Abs(VctA @VctBj -*■ 
1 (Abs(VctA)xAbs(VctB)) 


\u®n\ 


sin a = - 


Mn 


P ua vao may u = VctA va n = VctB . 


icno 


STUDY TIPS 

Can nhó toa do cua cac 
vec-to don vi trong khóng 
gian Oxyz la i = (l;0;0), 

/ = (0;1;0) va * = (0;0;l). 

Tóng quat: 

Neu u = mi + nj + pk thl 
u = (i;j;k). 


j Vi du 1: 

A. 

Irong khóng gian Oxyz, 
(-6;8;4) B. (ó;8;4 

cho a = -6i + 8/ + 4k 
C. (3; 4; 2 

. Toa dó cua 

D. 

la 

(-3; 4; 2) 



Dua™omaycacvecto VctA-[l,0,0], VctB = [0,l,0] va VctC = [0,0,l]. 

1 ® @ ® E m ® ® m 13 ® ® 113 00 


VCT0 

48VctB+4VctC 

0 

^ VĆTH 

flns 

B 

Ml 

. 

-6 


I I 


o mmi 

_ _o 


[ 0 | 


I n 


a Hi] 
l 


An m ve man hinh tinh toan. Ta có « = -67 +8 / + 4fc = -6VctA + 8VctB + 4VctC. 

An O LO ® GID GE) £E) jg] |jg GD GD GB PC] [sHipri fsi [U. 

An (D, may hien ket qua bang [h 5, 8,4]. Vąy a = (-6; 8; 4). 

—---.------ Dap w A. 

Vł dy 2: Tr ° ng khón 8 gian 0x yZ' cho hai diem A (5; 7; 2) va 

a --- i . t n l \ 


cua vecto AB la 

A. AS = (-2;-7; 2) 
C. AB = (8; 7; 6) 


AB = (2; 7; 2) 
AB = (2; 7; -2) 


Lra giai 

Dua vao may cac vecta: VctA = [5,7,2] va VctB = [3,0,4]. 

i j ą ) (=) pa m m en st i m aniiB ^ ^ 


j ni mm ci: 


.. VCT0 

VetB-VctAI 

0 

. _ VCT0 

a] 

-2 


[ 5 


Khi dó AB = VctB - VctA. 


vaa 

t 

[ 3 

0 SHfflSf] 


_4 


An @ de ve man hinh tinh toan. Nhap vao may VctB - VctA, an @gj gj fjj 
ifI! !jJ GE) • An (D , may hien ket qua bSng [-2, -7,2]. Vąy AB = (-2; -7; 2) . 




__ _ . _4_ 

Vi dv 3: Trong khón s g ian hę toa do Oxyz, cho cac "yector a 1(2; 3;l)!.^ 

& = (l;l;-l), c = (2;3;0). Tim toa do cua vector d biet d = a + b + c: 

A- (5;7;0) B. (2;3;l) ę. (i ;3; l) D _ (_ 2; _ 1;l) 


Lód giai 

Dm vao may cac vecto: VctA=[2,3,l], VctB=[l;l;-l],VctC.[2;3;0]. 

- DaoemcDEummarDffleco®* 

dKD 


HS 123 Li 

sum ri 
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■ r- a ggPBM # -JJ —- , \/ctB + VCl 

W r 1 VctA+ VCt -l 

\ " _____—i-*— TT Mhap va ° lŁ ‘ ' „ k * q ua \5,7,0j 

■j y 3 =( 5 ; 7 .°V __-.i,,,.-,.-."' «- 2l ' 3,T " 


^ ' ___■ .— ^ 

_ 

, 4. Trong & _ r-, 

~ ..etove« « * c- tt -& - 

5 »i»“ aC “ «a«4 Bli——- 

.. \w\ = ^ --—aa . To _3,2l 


- - - f 2 -3;2y D “ aV 

,c6 _ tó „, ^ 

(fi fel trj r“ ^ru^p vao tfia* 1 

?man-h\^ tirmt0 

' rsr\ ve 
un \gy 

v|y g.jw. 

“®-^^j©.^ Hłntó,qu *s 

An *®° ’ __ »- i + 2 >' 

_—— wa « ovp. <*° 

ctote ivec l o^6to _ 18 

i ” : R -. + « ■n**» wong c. » ---— 

\ b = 2i - 5] + 4 ' B . -20 ---- 


- .. 20 


lisi 




r— 2*-3) 

3 , VC ®.^1 

1 ' c vecW- V*A=0^> 

0lB vao«^ ra . ^0®*^^^- 

3Vc«C).(^ A ' 5VCt15 + W t T 

fołS"* , (vctA + 2VctB ' 3 — 

NMp,to ®1SS^ ¥ ■ m * y hil 

03 @@ IS-* ^ l ". n ^ gg fSj i® 12i ^ w __ __ 

r?p rSI fsl @13 s 5 j - ‘ ----- 1-3. r.^1 va t 

LŁ ' ° " __—rSoW «««* “ =(1 " 1 

_-- Vh£»8 »* _«, có W *> 


eci 










• VSI l 



dlJ 


Tri 


| Tjcjfi 


° n g khó 


n S gian 


C6h ^ S p,i]„:^ OX! '*' Ch0h ^orlT? 


CUa hai ve>^.. *, _ 


l+2 J+3ic „i r. 


- a P aa g. 



^-6hń. -* i’,, * 

°“ a : ŻOm ^cacv ecto;V 

^ 3 ; 2 ; 3 J. v «b ={ - 2 , 7J 



[ 


I~CJ [7j Ęipjj 

vty M^ 10) : 

I V i irjfy g. rp -- 

/ «*«»«** *** *•"* — D ip . 

' A.’ 

2 g _ 9 ' 



c °co Sj g^ =( 


f^4cj = ^ia4c 


Duavk °mayto ad - , 

i®®aj0^; cto: v «A»h- 2 3i 

. fediPeraiiBi^g 


SE? GtJ Qj 


L3J£TJ 


VctB -[o Al y 


~ J • JJ (3 


■g,2,2j 
















y y t I -.J- n i A ^ f U b. 
! s !, ■e/u tD““ V C L-n > “ ^ V p 

n_7808388293 
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Khi do cos BAC - - 


(VciB - VctA) a (VctC - VctA) 


; Abs(VctB - VctA)x Abs(VctC - VctA) 

An Rej ve man hinh tinh toan. Nhap vao man hinh 

((VctB - VctA) • (VctC - VctA)) - (Abs (VctB - VctA) x Abs( VctC - VctA) 

co ej S m s§ S5 © s m ® en es ss m s sus © i® &3 m cc 

fśl iP. flj. An GD, may hien ket qua la 0,7606388293. 

. „ , „ 9^/35 9 

An f§§ 03 GsS ®3 Wił OD,may hl< ? n ket < l ua la -^T " 2 -J 35 ' 


Vąy cos BAC = 


2 ^' 


u an iJ. 


^Td79: Trong khóng gian vóihę t Q a'dp Oryz, cho tó dięn ABCD biet 

A(2;-l;l),B(5;5;4),C(3;2;-l),D(4;l;3).Thetichtódięn ABCD la 

, 1 , « C 5 D, 6 

A. 3 Ł - ^ ° 


Ldi giai 



Duavaomaycacvecta: VctA = [l,0,0],VctB = [0,0,l] va VctC = [2,l,l]. 












ńbs(CVctB-Vctń)^ 

kj03M451I5 


•Jńns^ 


■i'3Q 


MŹimśmM 


aa-; 

v•. ; 

"Dang tpa dp" cua duóng 
thang A: A + tu chi la mpt 
ki hięu ma tac gia quy uac 
dś’ hpc sinh de dang hinh 
dung cach lam, chti 
khóng phai la mpt quy 
uóc toan hoc. 


I2i tjor; S r <^S gian The best or nolh int 

fUffiS W A\ ®i=| A ® 3 @(EQ]fflOJ®@GD 0 i!|jDS(iB]il] 


► AH = 


[ab, 


AC 


Vdis 

i: 

VCIU 

t o n 

---i 

l—-_ i 


BC 


= Abs (( VctB ~ VctA ) x (VctC - VctA)) ® Abs(VctC - VctB) 

I i 

An gej ve man hinh tinh toan. 

Nhap vao may Abs((VctB - VctA)x(VctC - VctA)) ^ Abs(VctC- VctB) 

?? ra m cd ® a m © m m m m m od ® s m ® m m m 
lo &iet] §§ ho ® gd a mo fsi m m 

An {=], may hien ket qua bang 1,095445115 . 

An @ CE GD @ m (U may hien ket qua la . Vay AH = ^ 

5 5 


Dap an A. 


ve diidng thaog 


Duong thang A di qua diem A(x 0 ;y 0 ;z 0 ) va có vec-ta chi phuong (VTCP) 
m = (a; b; c) {a 1 +b 2 +c 2 > 0) thi có phuong trinh tham sola A : 


x = x 0 +at 
y = y 0 +bt (f< 
z = z„ + ct 


De don gian han, ta quy phuong trinh duóng thŚng A ve "dćing toa do" la A: 
(x; y;z) = (x () +at;y 0 +bt;z 0 +ct ), dua ve gpn han ta có: 

A • (x,y;z) = (x 0 ;y 0 ;z 0 ) + f(a;fc;c) = A + tu. 


Nhu vay, \ix;y;z) = A +tu . 


De kiem tra tinh chinh xac 

cua gia tri (mf «—Ł tim 

", 

dirpc ó buóc 3. Ta quay lai 
bieu thuc vffa nhap (buóc 
2), thay 100 boi f,, hic la 
nhap vao may (VctA + 
VctB xf | - VctC)» VctB. 

An (=1, neu may hien ket 
qu<ł bang 0 thi gia tri t = f, 
dó la dung. Cón neu ket 
qua khac 0 thi nen kiem 
tra lai xem ket qua (*) 
xem có dua dupc ve dąng 
a 2 t + h 2 khac hay khóng. 


! Dąng Ł Tim tpa dp diem B' la hinh chieu cua diem B(x 1 ;i, 1 ;z 1 ) lenduóng thińg 
I A. 


Cach 1 ; Ta có B’eA=>B’ = A + tu -> Tim t. 

Do B la hinh chieu cua diem B len duóng thang A nen BBC LA. 

Khidó BB '• = 0 <=> (B'-B)• m = 0 <s> (h + fw -m = 0 _ >t . 

Quy trinh barn may: 

* BuÓC 1: An ® ® d6 du>a ma y v 'e phuong thuc VECTOR. Nhap vao may toa do 
diem A(=VctA), vec-to t<(=VctB) va diem B(=VctC). 

Buoc 2 : An ,,-I ve man hinh tinh toan. Barn (VctA +VctBxl00~ VctC)® VctB . 
An I=), may hien ket qua (*) . Dua ket qua (*) ve dang a t l + b } (vói f = 100). 

* Buóc 3: Giai phuong tnnh a x t+b^ = 0 -> f = f =~^L 

_ _ 1 «i 

* Buóc 4: Vay B' = A + t 1 u = VctA + VctBx(-fr 1 ^. fl] ) . 
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1: Trong khong gian vói hę toa do Oxyz , cho dircrng thang d: j 


y — Ł ~r 2,1 s 


i va diem M(l;l;3). Tim diem M! la hinh chieu cua M tren duóng thang d 


LM e i ai 


Ta có d:(x',y,z} = {V,2',— l) + l.(—1;2;—1) = A + tu vói A(l;2)— l) va u — [— 1;2;— l). 

* Buóc 1: Dura vao may cac vecto: VctA = [l,2,-l], VctB = [—1; 2; -l] va 
VctC = [l/l,3~]. 


VCI(3 

vi ra 

VCTH 

i s i mwmi 

s i -i a mmmm 

1 [ 1 3 

- % 

-i 

3 


CVctA+WctEMQQ-i> 
_ 606 


i/ctń-VctE 


VĆTl 


0 

0] 

2 




Ta có the dung |gS|i £11 L3J 
cua may tinh CASIO fx-570 
VN PLUS, hoac dung 
gig [o] [51 cua VINACAL 
570ES Plus II de tim duoc 
X - Value Minimum 

= _A_ • 

2 a 2 

va Y- Yalue Minimum 
= (I 2 ( B, A) . 


* Buóc 2: An Ee! ve man hinh tinh toan. 

Nhap vaoman hinh (VctA+VctBxlOO-Vc*C)®VctB, an Rj |s] [3] CFj (kśftj 

(13® (IISiIjODB iii) ©dJiD§1E3 CI3LZJSUS CII GD■ An j=), may hien 
ketquabang 606 = 6.100 + 6 = 61 + 6 (do 1 = 100). 

* Buóc 3: Giai phuong trinh 61 + 6 = 0-+! = —1 —> B' = A + ux (-l) = A-u. 

* Buóc 4: An (£§, rthąp vao may VctA- VctB, an isiSj CIO [MD BI §5+! t€] GO • An 
[Ęj, may hien ket qua la [2,0,0] 

Vąy M'(2;0;0). 

jj Cich 2: Ta có B'eA^ 6 r = A + tu . Do B' la hinh chieu cua B len A nen 
| BB’ =d(B, A) = min BB 0 ( B 0 e a) . 

Lai có, do ri(B,A)>0 nen d(B; A) nhó nhat orf 2 (B,A) nhó nhat. 

Ma d 1 (B,A) = 8 B'| =|B'-B|‘ = |h + t«-B|-> dua duoc ve dang tam thiic bac 

hai an f-» Tim t de tam thuc bac hai nay dat gia tri nhó nhat. 

Q-«y tdah barn may: 

* Buóc 1: An §od§ [5] de’ dua may ve phuong thuc VECTOR. Nhap vao may cac 
toa do VctA = A, VctB = # va VctC = B. 

* Buóc 2 : An ESj ve man hinh tinh toan. 

Nhap vao may Abs(VctA+VctBxl00-VctC)”. An ; 5], may hięn ket qua (**) . 
; Bień doi ket qua (**) ve dang a 2 t 2 +b 2 t+c 2 — f(t ) (vói 1=100). Khi dó f(t) có 

•i dane mót tam thuc bac hai dat gia tri nhó nhat tai diem (-—;-| . 

i ' & ' ' ’ 6 ' I 2a, 4« ) 


ji * Buóc 3: Vąy B' = A + t 2 u vói t 2 =-— .Tucla B' = VctA + VctBx(-b, -r2a 2 ) 


2a 2 

x = 2 +1 

V£ du 2; Trong khong gian vói hę toa do Oxyz, cho dtróng thang A: < y = 1 + 21 

z = 1 

va diem A(l;0;0). Tim diein H la hinh chieu cua A tren duóng thang A 
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ęgfgj 

ńbs(Vctń+VctlMt> 

_ 60Ć02 



STUDY TIPS 

* Neu tinh y, ta thay ngay 
rang gia tri Y-Value 
1 

Minimum = — chinh la 
2 


binh phuong khoang cach 
tir diem A den duong 
thang A . 

* Quy trinh barn cach 2 có 
the lau hem cach 1, tuy 
nhien cach 2 lai giup ta 
tim them drrpc khoang 
cach tii diem den mąt 
phang, dó chinh la gia tri 
Y - Value Mirrimurn = 
trong bucie sii dung 
B CU [I] (CASIO), hay 
UD (13 L§j(VINACAL). 


Phan 2 - Chu de 11: Phifcmg phap toa ńę trong khdng gśan The best or rtothing 

Lol giai 

Taco A:(x;i/;z) = (2;l;0) + f(l;2;l) = 2 l o +tu vói A 0 (2;l;0) va « = (l;2;l). 

* Buóc 1: Dera vao may cac vecto: VctA = [2,l / 0],VctB = [l,2 / l] va 
VctC = [l,0,0]. 

m ® m m ca iu tu m is ej m cs m ia m m © ta id co © m id 


vćna 

B 

VCTH 

HI 

c „ 

VCTH 

[ a i 

I 

i a w 

t 

1 D Mil 

0 



1 


0 


* Buóc 2: An |ąć) ve man hirih tinh toan. 

Nhap vao may Abs( Vct A + VctB x 100 - VclC)', an (»§t) @ fśiifl [ID GD GB fiirrj 
[SEE!ii 3 tl][S][Ij@- An OD, may hien ket qua bang 
60602 = 6.100 2 +6.100 + 2 = 6 f 2 + 6 f + 2 (do f = 100). Vąy d 2 (A,A) = 6t 2 +6t + 2. 

An §ŚQD§ [S] QD tren may tinh CASIO fx-570 VN PLUS, hoac an (iHiffi jJ0 {W} tren 
may tinh VINACAL 570ES Plus II. Dua vao cac hę só' cua tam thuc bac hai 
6t 2 +6t + 2. An jj] G§] LU GD GD (D (« = 6 ,b = 6,c = 2 ). An (§§], may hien x l . An 
(Sil tiep may hien x,. 


X-Value Minimum= 


Y-Value Minimum= 


at A/ r * 1 A' 

An G|J tiep may hien X-Value Minimum = . An 

(HO tiep may hien Y - Value Minimum = —. Dieu nay có 

nghta la d 2 (A, A) = 6t 2 +6t + 2 dat gia tri nhó nhat bang 

11 l - 

— tai t = —. Khi dó H = A n + tu = A n — u. 

2*2 u 2 

* Buóc 3: An §gj§ © de quay tró ve phuong thuc VECTOR va nhąp ląi cac 
VctA,VctB va VctC nhu tren. An Rej ve man hinh tinh toan. 

Nhap vao may VctA-VctB-r-2, an Pft| [s] [3] B @ SU GD O CS■ An (ID, 
may hien ket qua bang [l,5;0;-0,5]. 


VCJB 

Vctfl-VctB+2 

VC10 

riri EKim:- u -d.s] 

0 

i.5 


V ay H \ |; 0 ;-| 


UH | | | 

! Dang 2; Tim khoang cach tir diem B 

Iw*) 

den duong thang A | 

______J 


Theo y kien tac gia, dóc gia 
nen giai theo cach 2 cua 
dang 1 vói iii f51 OD (tren 
CASIO:. Iwy IAj L®! 
(tren VINACAL) de tim 
duoc Y - Value Minimum 
= d 2 ( B,A). Sau dó lay can 
bac hai cua gia tri nay ta 
dupc (i{ B,A ). 


Ta van phai tim t nhu ó dąng 1 ( t T hoac t 2 ). 


Khi dó d(B,A) = |SB'| = |B' — B| = j A + tu-B = Abs(VctA +1 xVctB — VctC)j vói gia 
tri t da tim drroc a dang 1 (f, hoac t 2 ). 

Neu may hien ket qua la mót só vó ty, ta có the tim gia tri chinh xac cua nó bang 
cach gan vao bien X (Ans —> X). Sau dó vao phuong thuc Pode) (T) (COMP) an 
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Trong khong gian von 

" ^ ^ — fi_£. Trnh TcłuoariP’ C3C 


5d łis los. -do Oxyz r ctio duong | 

r -5 .n . /t /oj. c.o\ 4 av* /łmrtntr ftiflno rJ 


Ngoai ra, de tiuli khoang 
ca eh ttf mot diem M den 
duÓTig thang A (di qua 
M r VTCP u), ta dung 
cong thuc 

dilsA, A j ~ -- i-i • 

u 

E>ixa vao VctA. — Ad, 
VctB = M 0 va VctC=w. 
Nhąp vao Abs((VctR- 
VctA) x VctC) - Abs(VctC) 


CVctń+VctBxlOO-> 

__89L 

-- 

AbsCVctA+VctB-V> 
A.242640687 

-—- wm 

fins-*X 

_ 4 „242640697 

——-B Hs.tli A 

FJz 


l j . x ~*- £ _£. Tfohkhoang cach tir diem A\ 2;5;3j den duortg tnang 

. ' 2 1 2 ________ 


fx = l + 2f _ r \ s 

Ta có d: y = t ->d:(x;y;z) = (l;0;2) + t(2;l;2)= B + tu vói B(l;0;2) va 


* Dira vao may cac vecto: VctA = [l,0,2], VctB = [2,1,2] va VctC = [2,5,3]. 


~- f d '* tpm' T'f rTr "* VCTH 


j o mmm i i a 


■— -- vfra 

FS E a i 


* An |a§ ve man hinh tinh toan. Nhąp vao may (VctA+VctB x 100 - VctC) • VctB 

m pg rs] m r^P3ll)®{lj!I3©!$3E)i3®C13CSI£B®3© ® 

JiSj. may hien ket qua bing 891=900 -9 = 9t-9 (do f=100). 

* Giai phuong trinh 9f ■-9 = 0 -A t = 1. Khi dó d(B, A) = \b + tu - a| = \b + u - a| 

* Nhąp vao may Abs(VctA + VctB - VctC), Sn @ @ @ ® ® $ HS tS Cii 
01 PiFfj [f] [l‘j Q]. An (H), may hien ket qua la 4,242640687 . 

An tiep fgr? ®J 03 (Ans -a X) de lwu ket qua dó vao Men nhó X. 

* An i Tl de vao phuong thuc COMP. Nhąp vao may x/x~, an ys; SM3 wŁ> 

. An fS], may hien ket qua la 3\/2 . 

TimWm B' dói xńng vói diem fi{ x i ; y,; z,) qua dnong thang A 
]j Ta diirtg ket qua t = t 1 a dang 1. 

| Do hinh chieu B' cua B len duong thang A la trung diem cua BB“ nen ta co 
5: B A B r-.tr ^ nr o! ", / 7 Ł A i \ 7,'i- R v f \ — \/rK I . 


i n- = B + B I g" = 2B' - b| = 2 ( VctA +ctB x f 1 ) - VctC . 

Ii 2 ----- 


X = 2 J rt 

I Vi óxp Trong khong gian vói hę toa dó Oxyz, cho dwong thang A: <! y = 1 + 2t va I 
| .. [z = t | 

j diem A(l;0;O). Tim toa do diem N doi xung vói diem A qua dwong th ang A ■ j 

0.1 A t 

Taco A:(x;y;z) = ( 2 ;l; 0 ) + f.(l;2;l) = A 0 +tu vói A,(2;l;0) va M = (l;2;l). 

* Dwa vao may cac vecta: VctA = [2,l,0], VctB = [l,2,l] va VctC = [l,0,0]. 


f.- rp m rn fS’j (P3 ijj -3 tsi (sJ i2f3 lii CD SiJ 0.3 dJ fei L2j 




! n h 

vda 

VCTB 

VCTB 

% 

__ & 

g i mnin i 

S E E 

I d 


0 

i 

0 







(Vctń+vctBxioo-i> 

_603 



VCTB 

-U 



2 


B8 Ł: - ' r 

Tuang tu nhu duang 
thang, "dang toa do" cua 
mąt phang n»(x;y;z)+d=0 
cung chi la mot ki hięu ma 
tac gia quy uóc de hoc sinh 
de dang hinh dung cach 
lam, chu khóng phai la mpt 
quy uóc toan hoc. 


fhe foest t>r nothing 

An bij ve man hmh tinh toan. Nhąp vao may (VctA + VctB x 100 - VctC) 0 VctB, 

gn t ® ej m tu o m m ni © b m ta cci m en cc e 

Bi DC. An t~j, may hien ket qua bang 603 = 6.100 + 3 = 6f + 3 (do f = 10Q). 

* Giai phuong trinh 61 + 3 = 0 -> t = -- 

2 ' 

Khidó A' = 2(VctA + VctBx(-l = 2))-VctC 

* Nh ^p vko m *y 2 (VctA + VctB x (-1 = 2 )) — VctC, an © E3 gEJ [D © E) @ 

©EJ® me EJE) tu mm Batutu. An ©, may hien ket qua la 

[2,0,-lJ.Yay A'(2;0;-l). 


c. Kas toan ve mąt phang 
i[ ’ 

| Mąt phang (P) có phuong trinh tong quat la (P): ax+by + cz+d = 0. 

| VeC ‘ t0ph "P ( VTPT ) (P) la n = (a;b;c)(a 2 +b 2 +c 2 * 0 ). Khi dó, ta có the 
dua (P) ve "dang toa do" (P):(a;b;c)°(x;y;z) + d = 0 


->(P): n»(x;y;z) + d = 0 . (p): n ®(x;y;z) + d = 0 


Dang 1: 


Tim di6m B ' Va hinh c Weu cua diem B(x 1 ;y l ;z 1 ) len mąt phŚng (p) 


De kiem tra tinh chinh xac 

cua gia trj f=— tim dupc 
m 

ó buóc 3. Ta quay ląi bieu 
thuc vita nhąp (buóc 2), 

thay 100 boi , —=-, tuc la 

: ..ż m ■ 

nhąp v&o may (VctA + 

VctBx(-M + m)). VctB + d. 

An ŚU, neu may hien ket 

qua bang 0 thi gia tri 

, n , 

t =-do dung. Cón neu 

m 

ket qua khac 0 thi nen kiem 
tra ląi xem ket qua (*) xem 
có dua dupc ve dang 
?K,t + u, khac hay khóng. 


r 


Phan lich: 

Do diem B la hinh chieu cua diem B len mąt phang (p) nen BB' J-(P) 

Khi dó dtróng thŚng BB' nhąn n lam VTCP. Phuong trinh BB’ có "dang toa dę," 
la BB': (x; y; z) = B +1n . 

Do B’ e BB’ nen toa dę B' = B + tn . 

Mąt khac, B'e(P) nen «®B' + d = 0->n.(BH-tnj + rf = 0-i- Tim dupc t. 

Quy trinh bam may: 

* Buóc 1: An S OS de dua may ve phuong thuc VECTOR. Nhąp vao may cac 
vec-to VctA = B, VctB = n. 

* Buóc 2: Nhąp va may (VctA+VctBxl00)® VctB + rf. An LI], may hien ket qua 
(*) . Dua ket qua (*) ve dang mt+n (vói f = 100). 

* Buóc 3: Giai phuong trinh mt + n = 0->t = -— . 

m 
n 


* Buóc 4: Vói f = ~— thi B’ = B + tn = 
m 


VctA + VctB x (—n -r m ) . Nhąp vao may tinh 
VctA +VctBx(-nH-m) . An LU, may hien ket qua chinh la toa dp cua B'. 


Vi du: Trong khóng gian vói hę toa dó Oxyz, cho diem M(l;4;2) va mąt phing 

{a):x + y + z-l = 0. Tim toa dó diem H la hinh chieu vuong góc cua M tren 
mąt phang (aj. 




Lói giai 


Mąt phang (a) có YTPTla n = (l;l;l). 
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* Bkóc 1: Nhąp vao may cac vec- 

Boa ! s S i ij LL : UJjS 


to: VctA = [ l,4,2j va YctB — jjL,l,y] • 




J LU IrU 


(VctA+VctB'*i00)> 


VCTB 


An£ 


* Bkóc 2: An gej ve man hinh tinh toan. 

Nhąp vao may (VctA+VctBxlOO)®'VctB-l, an IftS L.Li iJSEd tŁ 1-1 j ex» (§S 
rF1 ryj ppS m [fi pil [Jj SB CD. Ans, may hien ket qua 

hkng 306 = 3.100 + 6 = 3f+ 6 (vÓi t = 100). 

* Bkóc 3: Giai phuong trinh 3t + 6 = 0 -» t = -2. 

* Bttóc 4: Nhąp vao may VctA+Vcffix(-2), an eslj eSJ <JJ - K; 

p] m CO- An ID, may hien ket qua bang [-1,2,0]. Nhuvąy H(-l;2;0). 



Neu may hięn s6 vó ty, có 
the gan ket qua vao X 
(Ans -+ X) roi qua phuong 
thtłc COMP: -SP'®/ an 

si! Si ca P - l<hi dó k§t 

qua dupc hien thi duói 
dang can. 

STUDY TIPS 

Ngoai ra, de tinh khoang 
cach tir diem M den mąt 
phang (p) , ta co the' su 
dung cóng thuc 

M on + d\ 

rf(M,(P)) = L_^|— 


f Ta su dung gia tri t = tim duoc a dąng 1. 

1| m 

i 

S 

S! 


| Khi dó d(B,(P))=BB' = |BB'| = |B'-B|=|(B + h»)-B| = |f«| 

| Nhąp vao may Abs(VctB x(-n + m)) • An =, may hięn ket qua chinh la d(B,(P)) • 

j"vTd^ Trong wióng gian vói U tpa d<? Oxyz , cho diem M(l;4;2) va mąt phang J 
| ( a ) :x + y + z-l = 0. Tinh khoang cach tir diem M den mąt p hang (a) • 

... iM gili 

Mąt phang (ot) cóVTPT la n = (l;l;l)- 
Nhąp vao may cac vec-to: VctA = [l,4,2] va VctB=[l,l,l] . 

m m s ® flJ [E] 


vcia 

[ I Ł5 



VĆTB 

8 i bebu 


i 


(Vctń+VctBxlQO)> 

306 


3s(VctBx(-2)) 

3. 464101615 



An @ ve man hinh tinh toan. Nhąp vao may (VctA + YctB x 100) o YctB - 1, an 

An ©, may hien ket qua bang 306 = 3.100 + 6 = 3t + 6 (voi t = 100). 

Giai phuong trinh 3£ + 6=0-+t=-2. 

Nhąp vao may Abs(VctB x(-2)), an @ f3 @ ® ® tSJ CD 0 ® DJ LiJ • 

An (D, may hięn ket qua bang 3,464101615. 

An tiep Pj? S 03 de gan ket qua vua tim duoc vao bien nhó X. 

Ve phuong thuc COMP: @03, Sn Eli il§ CD sau dó an ©, may hien ket 

qua bang 2\f3 . 

Vąy d(M,(a)) = 2\/3. 
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CVctń+VctB*100> 

__ 306 


-a] 

_=£L 


| Dioag J; Tim toa do diem B" doi ximg vói d iem B(x,;y i; z,j giilnjt ph% (pj j 


j Ta su dung gia tri t = -~ tim duac a dane 1 
I m ' ’ b 

Vi B' la hinh chieu cua diem B lenmatphlng (p) nen B' la trung diem cua BB" 


I Khi dó B' = - 


+ B" = 2B'-B = 2 


^B + tiij- 


B. 


[ Ml|P Vk> mŚy 2(VctA + VctBx(- M , w ))_VctA. An g), may hien ket qua. D 6 
I chfnh la toa do diem B" . 


Vj 


f Tr ° ng khÓng gian vói *? a do Oxyz, cho diem M(l;4;2) va mat phlng 

(a).x + y + 2 -l = 0. Tim toa do diem M' doi ximg vói diem M qua mąt phang 

(ct). 


Mąt phang (a) có VTPTla n = (l;l;l). 

Nhąp vao may cac vec-to: VctA = [l, 4,2] va VctB = [l, 1, l] . 

fei LU CD CD O. ] tli ta (Dtp © |sff! S 3 (jj rfj © jrj gj © 


VCT0 

i H 


10 UJ 


An gej ve man hinh tinh toan. Nhąp vao may (VctA +VctBxl00). VctB-l, an 

f 5 m m ® ® ® ® ® ® ® (u m @ © a @ di ® s ©. 

An i-,, may hien ket ąuabang 306 = 3.100 + 6 = 3f+ 6 (vói f = 100). 

Giai phirong trinh 3t + 6 = 0 -+t = -2. 

NhSp vao may 2(VctA + VctBx(-2))-VctA, Sh fil CD @E) GD ffi ffi @ ffl 

® M m Ł3 m ca ci a aa m m . *» m, u*. ■* ^ bSn g [- 3; 0; - 2 i 

Vąy M'(-3;0;-2). 



Tuiong tir dirong thŚng va 
mat phang, "dang toa dó" 
cua mat cau (S) chi la ki 
hięu tac gia quy uóc de hoc 
sinh de dang hinh dung 
cach lam, chu khóng phai 
la mot quy uóc toan hoc. 


cl. Bai toan ve mąt cau - Turom g gfao 
va mąt cais 



Cho mąt cau ( S ) có tam l(a;b;c) va ban kinh bóng R . Goi A(x;y;z) lamótdiem 
thuoc mąt cau (S). Khi dó phuong trinh mąt cau ( S ) có dang 

+{y-b) 2 +(z-c) 2 = B 2 <+M 2 = B 2 «|m | 2 o|A-7f = B 2 
|(*;y;z)-/| = B 2 . Day la "dang toa dó" cua mąt cau (s) . 
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t)c* kier' Lrs ArAi chinh xac 

• oia ■ gia .■ tri : t ^ /' tini, 

. ariioc d- buóc 3. Ta quay lai 
' : bieii.' thiic:,ytf a ■. rsiiąp (biioc • 

■ j"? * . 't f' i ^ 

2), thay 100 boi-, tuc la 

nhap vao may | VctA + 
VctB x (=n ■* w)) ?. VctC + d. 
Ąn !§*!, neu may hien ket 
qua bang 0 thi gia tri 

l - —0 dó dung. Cón neu 
m 

ket qua khac 0 thi nen Idem 
tra lai xem ket qua (•) xęm 

có dwa duoe ve dąng 
mf + w, khac hay khong. 


STUDV TBP5 

Mót so hoc sinh se viet 
2678 = 27t-22 va sau khi 
giai 27t-21 = 0, ta tim 
22 

duęc gia tri t = — . Khi 

thay gia tri nay vao bieu 
thóc vtra nhfp (buóc 2), tóc 
nhap vao may (VctA + 

VctB x (22 -5- 27)) ® VctC - 2 , 
an =, may hięn ket qua la 
99,18... 5*0. 

—— vol “ ’ 

(Vctft+VctB*(22+i> 

99.18518519 , 
22 

Vay gia tri t = — khong 
chinh xac. 


CVctft+VctBxlOO)i> 

2678 


“ VCTB 

1 0 -El 


| Dudns tł4ng A di qm di&n 

| A(x 0 ;y 0 ;z 0 ) vacóVTCPia u = \a 1 ;b l ;c 1 ) ■ 

| (P):(x;y;z)®n+d=0—> Mat phang (p) cóVTPTla n = (a 2 ;b 2 ;c 2 ). 
j Vi Me A nen M = A + tu. Mąt khac, M e(F) nen M*n+d = 0. 

| Suy ra ^A+ftt)»«+d = 0- >t >M . 

a (His trmh bant wsayt 

i : b™c linR ffl de' do. m.y vS phuong .tóc VECTOR. NMp ™° “ 

ii _ _* 

I vec-to: VctA = A,VctB = w va VctC = n. 

I * Buóc 2: An nhap vao may (VctA+VctBxlOO)©VctC+d - An Sb ntay hien 

| ket qua (*) . Dua ket qua (*) ve dąng mt+n (vói t =100 ). 

| ^ __ n 

| * Buóc 3: Giai phuong trinh mt+n = 0->t—— 

| * Buóc 4: Nhap vao may VctA+VctBx(-n+m). An Si, may hięn ket qua. Dó 
:j chinh la tęa do diem M • 

”d ąl Cho~iitat phang (a) có phuong trinh 3 x + 5y-2-2 = 0 va ducmg thang 1 

i (* = 12 + 4 1 | 

! d có phuong trinh y = 9 + 3t . Tim giao diem M cua duóng thang d va mat 

| [z=i+ 1 i 

j phang (a). _________I 


ŁM gias 


Duóng thśng d di qu. di«m a(12;9;l(™ có VTCP la u = (4;3;l). MSt phing 
(a) có VTPT la n= (3; 5; -l). 

• Buóc h Nh»P vśo may cac vecto: VctA=[l2,9,l],VctB=[4,3,l] va 

Vcte=[3,5,-l]- 

^ CS Ej 03 3 ® ® ® ® ® ^ ® ® LtJ ^ ^ ® ^ LLj ® ^ 


iissn u»H=Jl 2 Jlsy u 

• -12 vćf0- 

ń £ o s 


M 

o® _ 

a SB1 

1 


-- 

l 



(VctA + VctB x 100) ® VctC - 2 

ffl fSl (P !±] lap [BI ® (S LDISJ ® lX( !SSÓ 1§J b-'-j iii tS3 B al 

An S], may hien ket qua bang 2678 = 26.100 +78 = 26t + 78 (vói t = 100). 

* Bwóc 3: Giai phuong trinh 26t + 78 = 0 <=> t = -3 . 

* Buóc 4: Nhap vao may VctA+VctBx(-3), ain l&j 113 ffi ijAŁ cAi tii 

f-ą fg] Q]. An [fj, may hięn ket qua bang [0,0,-2] - Vąy M(0;0;-2). 





Ptiao z — i.hu de 11: .PfriAfris pha 



ptiap Łpą cfo irorag kśiosi 


Dang z: Tim toa dó cac diem M la giao diem cua dućrng thang A: \ 
i mąt cau (s) : (x - af + (y - bf + (z - cf = R 2 . 


x = x g + a x t 

y=y 0 +b P 

z = z 0+Cl t 


VOl 


Hian tach: 


Sau khi giai phuong trinh 
v w t + n t + p = 0 o buóc 3, 
neu tim du<?c nghięm 
t =t„,de kiem tra tinh 
chinh xac cua gia tri f c nay, 
ta quay tró lai buóc 2, thay 
vao bieu thuc vua nhap 100 
bói t 0 , tóc nhap vao man 
hinh Abs(VctA + VctB 

x t a - VctC) 2 - R 2 . 

An UD, neu may hięn ket 
qua bang 0 thi gia tri t = 
dó la chinh xac. Cón neu ket 
qua nhąn dupc khac 0, thi 
kiem tra ląi ket qua (*) 
xem có the dua ve dang 
m t 2 + n't + p‘ khac hay 
khóng. 


Vubn S thang A :(^ ! /;z) = (x 0 ;y 0 ;z 0 ) + t( ai Ą;c 1 ) = A + łu di qua diem 

A ( x o;y 0 ;z 0 ) vacóVTCPla M = (fl 1 ;h 1 ;c I ). 

Mąt cau (S):\(x;y;z)-l\ = R 2 có tam l(a;b;c) va ban kinh bang R. 

Do Me A nen M = A + tu. Mąt khac, do Me(s)^|M -/| 2 = R 2 


<=>U + f«-J -R 2 = o- 


-tM . 


Quy trinh barn may: 

* Buoc 1: An @ E3 de dua may ve phuong thuc VECTOR. Nhap vao may cac 
| vec-to: VctA = A, VctB = u va VctC = I . 

| * Bu ® c 2: ^n gej de ve man hinh tinh toan. 

I NMP V *° m * y tinh Abs ( VctA + VctB x 100 — VctC) 2 — R 2 . An ©], may hien ket 
| ł 1 l D (*) ■ Dua ket qua (*) ve dąng mt 2 +nt + p (vói f = 100). 

Buoc 3: Giai phuong trinh mt 2 +„t + p = 0 bang goj ff](EQM) (1) (tren CASIO) 
hay m [Cl (GQN j © (U (tren VINACAL). Quan sat ket qua: 

+ N& tim dU<?C hai n § hi ^ m A va (S) clt nhau tai hai diem 

Mj 2 =A + t 12 u 

+ Neu tim dupc 1 nghięm f = * 0 -A va ( S ) tiep xuc nhau tąi diem M = A + t 0 u. 

] mU Phuan 8 trinh vó n g hi ę m hen R (nghięm hien thi có chu f) -► A khóng clt 
(S) -» Khóng ton tąi giao diem M. 

VI du l: Trong khóng gian varhó~ .du^g~thlng' 

A '2 = \~ = ~CT v ® m atcau (S):* 2 +y 2 + z 2 -2x + 4z + l = 0. Xet vi tri hrong 
doi giua diróng thang A va mąt cau (S) . 


£2. sriciii. 


A: 


x = 21 

y-l + f-^(x,y,z) = (° ;1;2 ) + f( 2;1; _ i ) = ^ + fM ^ Duóng thang A di qua 
z = 2 — f 1 


STUDY UPS 

Ky thuąt de bien doi 
59014 — 6t 2 —101 +14 (vói 
t = 100) dupc tac gia de cap 
mpt cach ró rang va chi tie't 
trong PHU LUC 1: KY 
THUĄT CALC DON VI. 


diem A(0;l;2) va có VTCP la m = ( 2 ; 1 ;- 1 ). 

(S) : |(x;y; Z )-( 1 ;0;-2)j 2 =2 2 «|(x;y; 2 )-/| 2 =2 2 ^Mąt cau (s) có tam 

/(l;0;-2) va ban kinh R = 2. 

Birac 1: Nhap vao may cac vecto: VtcA = [o,l,2],VctB = [2 / l / -l] V a 
VctC = [l, 0 ,- 2 ], ’ J 

®®jmmi®fm Jp ffi @ m ® m m m rs c=j co o b o? i= 

EJ lJ Ej LU iu (D EJ © R m fHj ^ ^ — 
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ńbs(Vctń+VctBKli> 


£ s 


i 4 


0 MMh A 

355613.(4) 

3200521 


DS(Vctń+VctB5<l > 


355613.4444 


ńns+X 


355613.4444 


0 Math . 


3200521 


A . 

VCf® 

& „ 

VCT0 

C 

VCTE 

£ 

0 S ■■■£] 

2 

i 

a i iBStsn 

-1 

i 

1 i MHia 

“2 


Judc 2: An j/.p| de ve man hinh tfrih toan. IMhąp vao man hirih 
Abs(VctA + VctB x 100 — VctC) - 2 2 


LU i 


i j lSLJ 1™j *s*w ; S.J taj yJ LEI tJ ii 


An (U, may hien ket qua bang 59014 = 6 . 100 ’ — 10.100 + 14 = 6 f’ —10t +14 (vói 

t = 100). 

• Buóc3:Giaiphuongtrinh 6 1 2 —101 + 14 = 0. An |foo§ [s](HQN)[3j (trenCASIO) 
hay §f§§ dj(EQNl<5) Ol (tren YINACAL). Bua vao cac hę sdcua phuong trinh 
bąc hai a = 6 , b = — 10 , c = 14. 

^ _ 5 x /59 ^ 5 ,^59 

An , may hien cac nghiem la x, = — h -i va = — +-i. 

6 6 6 6 


0 Math’? 

Xl = 

5. 

0 Ib.thYA 

X2= 

5 JS9 - 

5 ó ^ 

ó ó ^ 


Vi du 2; Trong khóng gian vói hę toa do Oxyz , cho dudng thang A: 


x = l + U 
y = 3-2t 
z = -2 + 4f 


va 


131 


SIT IDY TBPS 

Ó buóc 2, ta cung có the dua 
ket qua 355613,4444... ve 
dang phan s 6 bang lęnh 

iHEAn Sj m 
lCI 013 03 01] Q (SU GSO SI 

an gśj may hien ket qua 

, Ł 3200521 
bang ---. 


a mat cau (s):x 2 +\f +z 2 -2x + 4j/-2z—— = 0. ^t v * tr * tuong doi gida 
dudng thang A va mat cau (S). 




Lći gi li 

Dudng thang A diąuadiem l{1; 3; 2 ) vacóVTCPla u = (4; -2; 4). Mat cau (S) 

/ Vl85 

có tam /(l;-2;l) va ban kinh R = —-— . 

* Buóc 1: Nhap vao may cac vecto: VtcA = [l,3,-2],VctB = [4,-2,4] va 
VctC = [l,-2,l]. 

® S CD CD S) © 113 © O (!) H3 @ (U H3 (3 23 33 (M) O H31=! C33 (D 


A „ 

VCT0 

E= p 

VCT0 

C , 

VCT0 

£ 

I S SS68ESS] 

E 

m -a 

4 

[ 

I -a 

i 


* Buóc 2: An Soi de ve man hinh tinh toan. Nhap vao may 

Abs(VctA + VctBxl00-VctC) 2 -(185 = 9), an śśiir] fhypj ii jrj [Sj [Tl [iliri [f] jjp 

S] GD CS O B 1113 GQ [I] UJ Qgj| (~j jjj Mj it! GD Lid [gj [ ii. An : ' j, may hien 
ket qua bang 355613,4444. 

An tiep [§3 §ĆQ Qj (Ans —»X) de luu ket qua dó vao bien nhó X. Ve phuong 
thuc COMP: IsOOĘj Qj, an JAIPHA) Q j, sau dó an ©, may hien ket qua--. 


T1 „ 3200521 
Thay- 


4 

9 


= 355613 + - = 36 1 2 - 44t + 13 + - = 36t 2 - 44f + — ( v ói t = 100 ). 

r\ ' ' 


121 

9 
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Płian 2 ~ Gm de 1 i: Phiftfng phap ioa d§ trong kbórsg gian 


lołhirsa; 


0 ffeth 

[ * as refem 


13.44444444 


11 
18 


ńitf 

£3. 


VCT0 

mmmm i.rin nrennc] 


0.4444444444 


3. (4) 


1 . ( 7 ) 


0 . c4) 


31 

9 


16 
' 9 


121 

3: Giai phucmg trinh 36f 2 -44H-= 0. An jtfei Isi (KQN)(Śj (tren 

9 

CASIO) hay Bcfl llTi (EON) (r) fT| (tren VINACAL). Dna vao cac hę so cua 

121 ~ 

phuong trinh bąc hai a = 36,b = —4A,c = . An =, may hien mót nghięm la 

9 

11 11 

X = —-»f = —. 

18 18 

11 _ 

Nhu vąy, A va (S) tiep xuc nhau tai diem M = A + tu — A + — u. Tiep tuc buóc 
2 de th uc hien tren phuong thuc VECTOR. Tąi man hinh tinh toan, nhap vao 

may VctA + VctBx(ll-s-18), an (Hj) EU (U 83 @ CU GD E3 tU 03 E3 S CD 

GE) (Tl . An ID, may hien ket qua (3,444...;1,777...;0,444...) . 

Day la cac so thap phan vo han tuan hoan, de dua nó ve dang phan so, tai phuong 
thuc COMP: psj PT], ta dung lęnh |Śjfi§) fvs) . 

An |_3j [3 (wMi fv5j O, an dU, may hien ket qua bang — . 


16 


An OD E [HU fylj m . an @, may hien ket qua bang — 

9 

„ _ t _ x 4 

An jo] L;J Pil jv5l UJ, an (H), may hien ket qua bang — . 


31 16.4 

9'9'9 


Vay toa dó tiep diem cua A va (s) la M 


STUDY TIPS 

L#nh [MSij GiD tren may tinh 
CASIO fx-570VN PLUS va 
may tinh VINACAL 570ES 
PLUS II ca ban het nhau ve 
chtrc nang, cach bam may, 
tuy nhien chi khac nhau ve 
cach hien thi tren man hinh. 


101 lilii: Lęnh fil dj {(HU)). 

Chtrc nang: Ta có the hieu mot cach don gian rang lęnh pil fvCl ((Hi)) tren may 
tinh giup dua męt so thap phan vó han tuan hoan ve dąng phan so. 

Vi du; De dua so 4,333333333... ve dang phan so. 

Tren may CASIO fx-570VN PLUS (hay may VINACAL 570ES PLUS II), ta nhap 

_ -I o 

4.(3) (hay 4.3), tuc an GD [*] jSMI ® fj]. An ©, may hien ket qua la —. 


4. (3) 


13 


4. 3 


13 


CASIO fx-570VN PLUS VINACAL 570ES PLUS 

Hay de dua so 2,256256256... ve dang phan so. Nhap vao may 2.(256) (hay 


2.256), an GE) 


0 • An {=], may hien ket qua la 


2. c256> 


2254 

999 


2.256 


2254 

999 


CASIO fx-570VN PLUS YINACAL 570ES PLUS 
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iMfęn My aang 


i l -' r ?n 6P (fB^pi '£ś?£| ChC? uón® ®|*£|g 

Cali 1: Trong khóng gian Oxyz, tich vo htróng cua hai 

vec-to a = {— 2;2;5) va b = ( 0;l;2j la 

A. 10 B. 13 C12 D, 14 

On 2’ Trong khóng gian Oxyz, goi cp la góc giua hai 

vec-to a = (l;2;Q) va & = (2;0;-lj. Khi dó cosip hang 

A. 0 3 ^ c A D _2 

5 S 5 

Chi 3; Trong khóng gian Oxyz, cho hai diem 

A(-l;2;3) va B(0;l;l) . Do dai doan AB bang 

»4. s B. <& c, -n/To D. -x/l 2 

ów 4; Trong khóng gian Oxyz, cho ha vec-to 
a = (l; -1; Zj , b- (3; 0; -l) va c = (-2;5;ł). Vec-to 

m = a + b-c có tęa dó la 

A, (ó;0;—ó] B, 6;6;0^ 

C. fó;-6;0) O. (0;6;-6) 

Caa 5: Trong khóng gian Oxyz, cho ba diem 
A(l;0;-3), B(2;4;-l) va C(2;-2;0) . Dó dai cac canh 
AB, AC, BC cua tam giac ABC lan lupt la 
A. s/Źl,Ji3,y/37 E sjn,sfu,sj& 

C %/21,-\/l4,>/37 D. 4Tl,sfE,M 

Cau 6: Trong khóng gian Oxyz, cho ba diem 
A(l;0;-3), B(2;4;-l) va C(2;-2;0). Toa do iręmg 

tam G cua tam giac ABC la 
^.2._4 N 
3'3' 3, 


A. 


, ,524 
Si. —; —; — 
3 3 3 


5 

—; 1 ; —2 
2 


C (5; 2; 4) 

Ci hi 7: Trong khóng gian Oxyz, cho ba diem M(l;l;l), 
N(2;3;4), P(7;7;5). De tó giac MNPQ la hinh binh 
hanh thi toa do diem Q la 

A, Q(-6;5;2) B. Q(ó;5;2) 

C Q(6;-5;2) D. Q(-6;-5;-2) 

Ob Sr Trong khóng gian Oxyz, cho bon diem 
A(l;-2;0),B(3;3;2),C(-1;2;2) va D(3;3;l). The 

tich cua tó dięn ABCD bang 

A. 5 3.4 C 3 D.6 

Cau. 9: Trong khóng gian Oxyz, cho bon diem 
A(l;-2;0),B(3;3;2),C(-1;2;2) va D(3;3;l). Dó dai 
duóng cao cua tu dięn ABCD hą tir dinh D xuóng mat 
phang (ABC) 


- 1 • 9 _9_ 9 

'“^2 U '7 fz 14 

Cao. 10; Trong khóng gian Oxyz, cho ba diem 
A{-l;-2;3), B{0;3;l) va C(4;2;2). Cosin cua góc 
BAC la 

& 9 , t 9 9 rt _9_ 

2\l35 " -J35 "" 2sf35 " * 435 

Caa 11; Trong khóng gian Oxyz, cho A ABC có 
A(l;Q;0),B(0;0;l) vaC(2;l;l) . Dięn tich cua A ABC 
bang 


A. \fó 


D. 


t s[6 sfó 

3 2 2 

Cau 12.: Ba dinh cua mot hinh binh hanh có tęa d$ la 
{l;l;l),(2;3;4) va (7;7;5). Dięn tich cua hinh binh 

hanh dó bang 


A. 2V§3 


\/83 


83 


D. 


v83 


Cau 13; Trong khóng gian Oxyz, cho hai diem 
B(l;2;-3) va C(7;4;—2). Neu E la diem thóa man 

dang thuc CE - 2EB thi toa dó diem E la 

8 8" 


A. | SA-* 
1 3 3 


C 3; 3; — 

1 3 


B. I 3; 

r 

D. I 1;2; 


3'3 
1 


Cu.»24’. Trong khóng gian vói hę truć toa dó Oxyz, cho 
ba diem A(l;2;-l),B(2;-l;3) va C(-2;3;3) . Tim tęa 

do diem D la chan duóng phan giac trong góc A cua 
tam giac ABC 

A D(0;l;3) B. D(0;3;l) 

C. D(0;-3;l) D. D(0;3;-l) 

Cau 15: Trong khóng gian vói hę tę>a dó Oxyz, cho tó 
dięn ABCD có cac dinh A(l;0;l), B(-1;1;2),C(-1;1;0) 

va D(2;—1;—2). Dó dai duóng cao AH cua tó dięn 
ABCD bang 

2 . _J_ ... ^3 r 3s/l3 

' M ° M 2 ' 13 

Dątig 2: Cac bai toan vi gdc va khoang cach 
Irong khóng gian 

Cau 16; Trong khóng gian Oxyz, khoang cach tir diem 
A(l;2;2) denmatphang (a):x + 2y-2z—4 = 0 bang 

13 „1 

3 3 


A. 3 


B. 1 
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Cau 17: Khoang cach tu diem E(l;l;3) den duóng 
x = 2 + t 

thang d: • y = 4 + 3f (fgl) bang 
2 = -2 — 5f 


fi l. ~ j =: O o — —1= 1LA. u 

V35 v35 V35 

Cau 18: Cho vec-to u = (-2;-2;0),t> = |%/2;\/2;2j. Góc 


giua vec-ta u va vec-ta v bang 
A. 135° B. 45° C. 


C. 60° 


x = 2 + t 


Cau 19: Cho hai duóng thang d 2 :<y = - 1 + f va 

[z = 3 

x = 1 -f' 

d 2 :\y = 2 . Góc giua hai duóng thang d 1 va d., la 

z = —2 + 1' 


A. 30° 


C. 150° 


D. 60° 


a x x y z 

Cau 20: Cho duóng thang A: — = — = — va mąt 

phang (P):5x+lly+2z—4 = 0. Góc giua duóng 
thang A va mąt phang (P) la 


A. 60° 


3. -30° C. 30° 


D. -60° 


Cau 21: Cho hai mąt phang (a): 2x-y + 2z-l = 0 va 
(p) : x+2y - 2z—3 = 0 . Cosin góc giua hai mąt phang 
(a) va (p) la 

4 4 4 4 

A. - B. -- C. —= D, —^ 

9 9 3^3 3S 

Cau 22: Cho mąt phang (P):3x + 4y + 5z + 2 = 0 va 

duóng thang d la giao tuyen cua hai mąt phang 

(a):x-2y + l = 0 va (p):x-2z-3 = 0 . Goi tp la góc 

giua duóng thang d va mąt phang (p) . Khi dó só do 
góc (p la 


A. 60° 


D. 90° 


Dang 3: Cae bai toan ve mąt cay, mąt phang 


a V 7 x 1 / — 1 z — 2 v 

Cau 23: Cho duóng thang A: — = v = —— va mąt 

cau (S): x 2 +y 2 +z 2 -2x+4z + l = 0 . Só diem chung 
cua A va (S) la 

A. 0 B. 1 C. 2 D. 3 

Cau 24: Cho diem I (l;-2;3) va duóng thang d có 

phuong trinh ~~~ = ^ ^ = —ij~ • Phuong trinh mąt 
cau tam I, tiep xuc vói duóng thang d la 


A. (x + l)~ +(y-2) 2 + (z + 3) 2 = 50 

B. (x-l) +(y + 2) + (z —3) = 5x/2 

C. (x + l)‘+(y-2)-+(z + 3) 2 =5^2 

D. (x -1) 2 + (y + 2) 2 + (z - 3) 2 =50 

Cau 25: Mąt cau (S) có tam 7 (2; 3; — l) cat duóng 
i , x-ll y z+ 25 . , . . _ . 

tnane Cl - — — —- rai nai niom A K can r , rtr\ 


tai hai diem AB sao cho 


AB = 16 có phuong trinh la 

A. (x-2) 2 +(y-3) 2 +(z + l) 2 =17 

B. (x + 2) 2 +(y + 3) 2 +(z-l) 2 =289 

C. (x-2) 2 +(y-3) 2 +(z + l)~ = 289 

D. (x-2) 2 +(y-3) 2 +(z + l) 2 =280 

Cau 26: Cho diem l(l;0;0) va duóng thang 

d : ~~~ ~ ^ ^ = ——— ^ uan § trinh c ^u (S) có 

tam I va cat duóng thang d tai hai diem A,B sao cho 
Al AB deu la 

A. (x + l) 2 +y 2 +z 2 B. (x-l) 2 +y 2 +z 2 =~ 


C, (x-l)~ +y 2 +z 2 =4 D. (x-l) 2 +y 


2 2 5 

+ z= — 


Cau 27: Phuong trinh mąt cau nao duói day có tam 
/(2;1;3) va tiepxucvói (p): x + 2y + 2z + 2 = 0 ? 

A. (x-2) 2 +(y-l) 2 +(z-3) 2 =16 

B. (x-2) 2 +(y-l) 2 +(z-3) 2 =4 
C (x-2) 2 +(y-l) 2 +(z-3) 2 =25 
D. (x-2) 2 +(y-l) 2 +(z-3) 2 =9 

Cau 28: Trong khóng gian Oxyz, cho diem M(2;0;l), 
tim toa do hinh chieu cua diem M len duóng thang 

d *-i _ y _ 2-2 
'~r~ 2 ~~~r 

A. (l;0;2) B. (-1;1;2) C. (0;-2;l) D. (l;l;2) 
Cau 29; Trong khóng gian Oxyz, tim toa dó diem H la 
hinh chieu cua diem M (2; -1; 5j len duóng thang 

A _ x-4 = y = z-2 
111 

A. H(4;0;2) B. H(2;0;l) 

C. H(4;l;2) D. H(-4;0;2) 

Cau 30: Trong khóng gian Oxyz, tim toa do diem H la 
hinh chieu cua diem M('l;4; 2) len mąt phang 

(a):x + y + z —1 = 0 

A. H(2;-l;0) B. H(l;-2;0) 

C, H(—1;2;0) D. H(l;2;0) 
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Ay- fcy 


Dna may ve che dó VECTOR: ®B| Qgj. 

Nhąp vao may VctA = [—2,2,5] va VctB = [Q,l,2]. 


i CD rg] 


VCTE 

VCTB 

E -3 E iggBE 

S E 0 ! 

s 

2 


An Kej, dna may ve man hinh tinh toan. Nhąp vao 
may VctA ® VctB, an [§j LLS śMED LSJ LłJ EfdEB iSJ 

[4j. An 01), may hien ket gua bang 12. 


7ct®“ 

Vctń-VctB 


Vąy a.b = 12 . 

Cau 2: Ł>ap an B. 


| - a.b i 

I CAi».g thńe can nha: a.b = a .b . cos cp —> cos <p - = 1 - =j. i 


Nhap vao may VctA = [l,2,0] va VctB-[2 / 0 / l] ■ 

SI OD CD m (I) m GD SU CS Eli iei CS CU EU LU 
Cii SOCiSSi 


J 


t 1 


E B 8EEB£j in 

_O 


t s 


An jAej, dua may ve man hinh tinh toan. Nh$p vao 
may [VctA® 7ctB)-i-( Abs(VctA)x Abs( YctBji 

El] (§ 2 ! rg] CS iii! UD CŻ3 S§3 U; SI OJ O CD ®!i! 
gg ®iS CS U [13 tS 113 S H3 fi) GD D3 LU ■ 

~ 2 

An ;=J / may hien ket qua bang 0,4 = — . 


(VctA-VctB)-CAbi> 
_ 0.4 


Cau 3; 3ap an A. 

Nhąp vao may VctA = [-l,2,3] va VctB = [0,l,l] ■ 

iii CIO CD CD O El !p® U® ©iii© GD GD 



vc 

0 

a 

9 WBMm i 



1 


Khi dó AB = | AB| = Abs (VctB - VctA). 

An dua may ve man hinh tinh toan. Nhąp vao 
may Abs [VctB - VctA), an Sn] §§ [swfi [fi] Si 0 


[Śj C/J. An ©, may hien ket qua bang 
2,449489743. An Sili HO Ei (Ans -» X) de lira ket 


VCT0 

AbsCVctB-Vctń) 

VCTE 

ftns“>X 

2.449489743 

2.449489743 


Tai phuong thuc COMP: hs 
An [hj, may hien ket qua bang s/S . Vąy AB = --J6 


17" 


Cau 4: Bhp an C. 

Nhąp vao may VctA = [l,—1,2], VctB = [3,0,—l] va 
VctC = [-2,5,l]. 

Bóafl CS CD LU UJ^sJ ti u3 i==j [Ai tsD iMi Ob tlJ (33 


VCTB 

* [ ! -1 EBgg] 

2 

vcia 

E i a d mmm 

-i 


vcia 

[ -2 s BS91J 

i 



Khi dó m = VctA + VctB - VctC . 

An Cci, dua may ve man hinh tinh toan. Nhąp vao 
may VciA+VctB-VctC, ars @ [§j @3 ffl §|S SU 
iT : © iH d] fSj . An Ciii , may hien ket qua [6, -6,0] 

Vąy m = (6;-6;0). 


vći@ 

VctA+VctB-VctC 

-s n] 

0 

6 


Cau 5- Dap an C 

Nhąp vao may VctA = [l, 0,-3] ,VctB = [2,4, -l] va 
VctC = [2,-2,0]. 

m © oj gd u u ® u o cii © m u s © 


vcra 

fi I 1 G SS1 

-3 

vaa 

E [ E 11 

-1 


vc;s 

c I a -g 

0 



Khi dó 


AB = | 

AB 

• AC = 

AC 

BC = j 

BC 


= Abs (YctC - VctA) 
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An (Ag, dna may ve man hinh tinh toan. Nhap vao 
may Abs(VctB—VctA), an fiirr] jhypl.liiifj fg] fT: R] 
!*ll lES O CHI- An Ej, may hien ket qua bing 
4,582575695. An HSj 13 O (Ans -> A) de lnu ket 


vcrs 

Abs(VctO-VctA) 

VCTH~ ~ 

ńns-»ń 

4.582575695, 

4.582575695 


ket qua bang 3,741657387. An jSHFTj fig] dsi (Ans —> Bj 
de lim ket qua dó vao bien nhó B. 


VCTS 

ńbs(VctC-Vctń) 

VCTH 

ńns+B 

3.741657387, 

3.741657387 


Nhap tiep vao may Abs (VctC - VctB j, an (śffr] [hygj 

H3 GD [Łi £3 HHS CU GD CS. An |a] f may hien ket 
qua bang 6,08276253. An firt @ fig (Ans ->C) de 


vaa 

Abs(VctC-VctB) 

9cf0 

ńns+C 

_ 6.08276253 

6.08276253 


Dna may ve phuong thuc COMP, an Qj. Nhap 
vao may sfpJ , an 0g@@. An (S), may hien 
ket qua bang a/ 21. Vąy AB = -J21. 

Nhap vao may a/b 5 ’, ah © Q jg. An [S], may 
hien ket qua bing Vl4 . Vąy AC = -jli. 

Nhap vao may Vcś an © gy§) gg (g. An (=}, may 


0 Math A 

W 

JK 

0 Math A 

iF 

714 


0 M?.th A 

_ 127 



Cau 6: Dap an A. 

Nhap vao may VctA = [l,0,-3], VctC = [2,4,-l], 
VctC = [2,-2,0]. 

m cci co CD cd m es tu o o m @ cg co © 
cu m m ei l=) e m m m m m m m es @ 
e cu i=j od m 


ń [ 

vcna 

I D 


VCT0 

e m m 

PiSll 


-3 



- 1 


i a -a <mm : 


An di, dna may ve man hinh tinh toan. Nhap vao 
may (VctA + VctB+ VctC)-i3, an CD S (S CD GB 

diŁy IŁ) Ej i±J (®K| U?J LU CD BJ © • An (Sj, may hien 

f 5 ? —ń.1 

ket qua bang —, — 

3 3 3 


VCT 0 

a.SHBB -1.333] 

VCT 0 

ńnS 

il-BBEE m^Tr - ( B 333 ] 

5j3 

2 j3 


a), an iEiffl 

VC! B 

ńns 

£5.BEBE D.BEBE 

Ei, may hięn 

-4j3 


MH--!)- 

Cau 7: Dap an B. 

De MNPQ la hinh binh himh thi MN = QP 

oN-M = P-Q<=>Q = P + M-N . 

Nhap vao may VctA = [l,l,l], VctB = [2,3,4] va 
VctC = [7,7,5]. 

mm m co co m cd e i co m @ m m w en 

GD OD CD GD GD CD @10 E3 CD CD fjj (Tj [=i (Tj gu 

mm 


VfT0 

ń [ i i mmmi 

_ i 

VCTH ~~ 

[ 2 a Basen 

4 


c VCTH 

5 



An @, dira may ve man. hinh tinh toan. Nh|p vao 
may VctC + VctA - VctB, an @ EJ © ffl @ g) 
CD E3 Hi] CS GD. An (D, may hięn ket qua [6,5,2 


VCTl 

VctC+VctA-VctB 

vcTh ' 

ńnS_ 

n&wm; 5 3] 

0 

_ 6 


Vąy Q(6;5;2). 

C*c5.i3 8: 'jE^Sjp scri 

Taco AB = (2;5;2), AC = (-2;4;2) va AD = (2;5;l). 
Nhąp vao may VctA = [2,5,2],VctB = [-2,4,2] va 
VctC = [2,5,1]. 

s m en cd m m es © ca m 110 © m cu m 

O CD UD GD [U [Tj fu [sg © (Tj rei El (U (13 [D 
EJEHi] 


VCT0 

ń I S HW] 

VCT0 

2 

[ -3 4 BK 

2 


Khi dó Khcd =^\[aB, Ac].Ad\ 

-> V ABCD = Abs ((YctA X VctB) ® VctC) -i 6 . 
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dua may ve mar, hinh tinh toan. Nhąp vao 
bs ((YctA x VctB) ® YctC) -s- 6, an '; . .> 


Nhąp vao may YctA 
VctC = [4,2,2]. 


ABCD 


AABC 


ABCD 


AABC 


An Kej, dna may ve man hinh tinh toan. Nhąp 
((VctB - VctA) ® (VctC - VctA)) - ( Abs (VctB - YctA) 

xAbs (YctC - YctA)) . 


Taco AB = (2;5;2),AC 
Nhąp vao may VctA 
YctC = [2,5,1]. 


may hien ket qua 0,7606388293. An 
(Ans —> X) de gan ket qua nay vao hien 


((VctB-Vctń)-CV> 


An [SSj, dna may ve man hinh tinh toan. Nhąp vao 
man hinh 

Abs ((YctA x YctB) ® YctC) - 5 - Abs (YctA x YctB) 


0 . 760638829 : 


0.7606388293 


Dua may ve phuong thćrc COMP, an | 
vao may , ah $§0 55® Qj ■ An i: 


may hięn ket qua 0,9091372901. An 
(Ans —»X) de gan ket qua nay vao bien 


Ans+X 


Abs((Vctń><VctB)f> 


0.9091372901 


0.9091372901 


AABC 


Btra may ve phuong thiic COMP, an 


vao 




VCTB 


vcria 

11 [ 


-a —R 

US 

L ’ i 

D 3 ■BBSni 

1 



VĆTl 

6 , 

vCH 

E 

s rstYTbn 

2 

E 

-g M TlżSSS: 


ę-fz 

14 



















ian 2 — Chśi de 11; Phu’dt 

g phap toa do trong kfaSn 

vcra 

VCTB 

fi , 

E 

[ 1 D W] 

[ S fl 

0 

i 


An ię|, dua may ve man hinh tinh toan. Nhąp vao 
may Abs((VctB-VctA)x(VctC~VctA))-r2 , an llffri 

BmS[BS 0 ®[IlS[I) 0 tI]( 5 s!D[I] 
£3 SID !33 [i] LU Ci] O El] . An (=), may hien ket qua 

1,224744871. An !¥if! [rclI |jp (Ans —> X) de gan ket 
qua nay vao bien nhó X. 


VCT0 

Abs«VctB-VctA)i> 

VCT0 

Ans*X 

1.224744871 

1.224744871 


Dua may ve phuong thuc COMP, an IjfflJ fT). Nhąp 
vao may 'fiC , an ©HeHEO- An (H), may hien 

ket qua bang . 


fi? 


+6 

2 


Cau 12: Dap an A. 



Gia su hinh binh hanh ABCD có toa dó ba dinh la 
A(l;l;l),B(2;3;4) va C(7;7;5). 

Nhąp vao may VctA = [l, 1, l], VctB = [2,3,4] va 
VctC = [7,7,5]. 

m lh Btmiimi od cd \m tu m tu m 
oa tu m (u cg m iiifj (u m tu m a © m id 

00 di 


An [Tej, dua may ve man hinh tinh toan. Nhąp vao 
may Abs((VctB-VctA)x(VctC--VctA)) 

m a m m m ® b m o m m w m m 

d) ( 1 ) E 3 im CU [3] OJ (Ti. An SD, may hien ket qua 

18,22086716. 

An |shPt| IrcD (Ti (Ans —> X) de gan ket qua nay vao 
bien nhó X. 


VCT0 

Abs((VctB-Vct.A)t> 

VĆT0 

Ans*X 

18.2208871A 

18.22086716 


The best or nothlng 

Dua may ve phuorng thuc COMP, an fSI] (T). Nhąp 
vao may ^/)C , an jys] jatpfij [Tl [ X 1 ]. An (j=j, may hien 
ket qua bang 2^83 . 


W 


2M 


2B + C 


Cau 13: Dap an A. 

Tu CE = 2EBoE-C = 2(B-E)<=>E = 

v_» 

Nhąp vao may VctB = [l, 2, -3] va VctC = [7,4, -3]. 

@®cammiu®m0d)iD®[SQ]E] 

CDOdlSdDBCUd) 


VCTS 

T « I 


An Iac), dua may ve man hinh tinh toan. Nhąp vao 
man hinh (2VctB + VctC)-r3 

m es @3 (u s es m ci) tu m a m . 

8 8 


An |T), may hien ket qua la 


3,- 


firij? 

VCT S 

ńr f 

VCT 12 

3 F-HTTP -S.BBE] 

3 3.EBBS 


SjS 


-S j3 


. r i , 8 8 

Vay E 3;-; — 
1 3 3 


Cau 14: Dap an A. 


i Do D la chan duóng phan giac trong góc A cua A ABC 
AB DB 


AC DC 


■ BD =™.DĆ 
AC 


AR 

Suyra D -B = ^.(C-D) 


f AB + AC', 

«■ - .D = 

t AC 


AB.C + AC.B 


AC 


<»D = 


AB.C + AC.B 
AB + AC 


Nhąp vao may VctA = [l,2,-l],VctB = [2,-l,3] va 
VctC = [-2,3,3]. 

m © cd (D (i) id su tu e m id m © m o 
mo m e mm ru ldid od s® me m 
mmmmmi 


VCT0 

fi . _ 

VC70 

[ ! 3 •£«:©•.:; i 

[ 3 -1 HUKI 

- i 

3 


An (Sc), dua may ve man hinh tinh toan. Nhąp vao 
may ( Abs ( VctB - VctA) x VctC + Abs (VctC — VetA) 

xVctB) -e (Abs (YctB - YctA) - Abs ( YctC - YctA)) . 
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fJz 

47h 

o 

M:rth A 

JTs 



i 3 


An [MD / may hien ket qua la [0,1,3]. 


D » kj*sd>.» MhMsSJ K V '< 


VCT0 

^isBaar s 

3] 


O 


^.t*OSiSjj l«^aÓng f^KI! 

Cau 16: Dar- an B. 


Vąy D(Q;1;3). 


Mątphang (P) có VTPT la n = (l;2;-2). 

Nhąp vao may VctA = [ML,2,2"j va VctB = |~1, 2, —2~| • 



fi 

ig fsl fil fil [7] fE] m M 

\ i2i (El fsHfri rh rn ni 



n 

j Hj m (U @ S3 EU 





VClE 

ń 

VCT0 

& r ^ i 

Ąba\ 

J,:. .. | 

= ^d(A,(BCD)).S ABCO 


i i a pgai^-i 



2 

-2 


• [bc. 


BD 


^1 


|[bć, bd] Ba| = | d ( A, (BCD)). i |[bc, bd]| 
ir^BDlBAl 

■ AH = d(A,(BCD)) = D i 1 
BC,BD 


Ląi có BC = (0;0; -2), BD = (3;-2; -4), BA = (2; -1;-l). 
Nhąp vao may VctA = [O, O, -2], VctB = [3, -2, -4] va 
VctC = [2,-l,-l]. 

pi [s] Tl! CD CS 111 ®j !1j O l 13 ś=] §E0 CU CD El 

m od m e es m e ® @ es co es m es 


VCTB 

11 [ D H 

-2 

VCT0 

E E 3 -E Bil 

-4 


VCTE 

c [ s -i 

-i 



An !Acj, dua may ve man hinh tinh toan. Nhąp vao 
may Abs ((VctA x VctB) ® VctC) -s- Abs (VctA x VctB) 

SUS ii Ej @ SD CS [li iii CfD EJ CD §13 CE El 
iii Ei CU CD 23 HiS Es! ®!3 [I] OB @0 iH iS [ii 
CD • 

An Ej/ may hien ket qua 0,2773500981. An 
, ! r Ii CC (Ans —> X) de gan ket qua nay vao bieh 

nhó X. 


»sCCVctfr*VctB)t> 

VCFS 

ńns+X 

0„2773500981 

0.2773500981 


Dua may ve phirong thuc COMP, an jkal j 11. Nhąp 
vao may , an (vpl |IS( [Tj ggj. An [Hj, may hien 

, « . . s, Vl3 

ket qua bang . 


An |ac], dua may ve man hinh tinh toan. Nhąp vao 
may Abs(VctA® VctB—4)-^Abs(VctB) 

isHJFfj jv0 IhiA [gj [sj [s|Fjj jjy ffj ®gj [5] \/i J yi Hf] \j ! 

S 3 jag] §jg |S#tJ [sj [ 4 ] Oj • 

An m, may hien ket qua bang 1. 


Abs(VctA-VctB-40 


Vąy d(/,(P)) = l. 

C •* a "i 7: Dap an D, 

Duóng thang d di qua diern A(2; 4;-2) va có VTCP 
la u = (l;3;-5). 

Nhąp vao may VctA - [2,4,-2], VctB = [l,l,3] va 
VctC = [l,3,-5]. 

PC ISO Qj ■: ii [13 ES CS d3 SO El d3 ®H GD GD Cli 
CI CO © CD Ls Si Cs m Cli CD L¥J CC CD Cl) CS 
©MMII 



'' 

as 


VCTB 

E 

a 

M BM--1 

-2 

[ 

i i 

3 


c i 


—>d(E,d) = 


i_J 

\EA r u 

Abs( 

i- 

— 



U 



Abs(VctC) 


An |Aej, dua may ve man hinh tinh toan. Nhąp vao 
may Abs(( VctA — VctB) x VctC^ -s- Abs(VctC) 

liifl gi CD HS Sj Cli 0 SEfl [13 CC 1 CO CS @13 U] 

CE LlJ CśJ fswjj ftypi Cggij [sj [sj QJ. 

An EU, may hien ket qua bang 0. 


ńbs((Vct.ń-VctB)i> 
_ 0 
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Vąy d(E,d) = 0 . 


















- Chń ile 1 i: PhtóHig phap loa do troog khong 


| Nhan xet: Thay toa dó diem £(l;l;3) vao phuong j 

f trinh duong thang d ta duoc 

| 

| diem Eerf- >d(E,d} = 0. 


Nhąp vao may VctA = [l, 1,0], VctB = [-1,0, l]. 

jag rai i ti Ri rn isi m n roi iSi gKfffi fsi m n 


1 = 2 + f 

[■ ii (T! d (o] dii a t=J 


1 = 4 + 3 1 <=>t = -l nen 


VCT0 

VCT0 

e P 

3 2 5f 


[ t \ 3 

O 

[ -1 D @83®1] 

1 


Abs| 

(VctA®VctBj 

1 

Abs| 

(VctA' 

| x Abs | 

(YctB) 


i 

| PMr tieh: u.v = |m| . |o|. cos (u, v j — 

» cos ^U,V 

\ u.v [ 

HiH 

i 

Nhąp vao may VctA = 

[-2,-2,0] 

, VctB = | 

72,v"2,2 



SBad fjj [T] fT] |w! [fi (Sj gg fg] JS} [oj (Sj [fifj L£j fT) 
[II G3113 CII [ji Eg uD (E GD H 


' Khi dó cos (rfi,d 2 ) = 

- i\ 

An Rei, dera may ve man hinh tinh toan. Nhąp vao 
may Abs(VctA® VctB)+(Abs(VctA)x Abs(VctB)j. 

HH H iSj rn EJ §3 Cl] S iii! CD EU CD © 

CO ŚH3 S8 @ OD [13 u.3 (SD mD fiS @1 [11 ffl ES 
ES- 

An [S, may hien ket qua bang 0,5 . 


VCT0 

VCT0 

& 

[? a mua !r,MiMa 

h i -z -a a«wr] 

0 

2 


VCT0 

AbsCVctń-VctB)-i> 

0 Mat!. A 

cos -1 C0»5) 

0.5 

60 


= - 


VctA« VctB 


' Abs(VctA)x Abs(VctB)' 

A n ©, dna may ve man hinh tinh toan. Nhąp vao 
may (VctA ® VctBJ a (Abs (VctA) x Abs ( VctB)^: 

fi) (wIj EU CD liii! [13 CO filii BO EU! Dii © (Ii @ 

@ @ II) GD CD ES iii) fjg @ [U EU Q] O? - 

An [=], may hien ket qua bang -0,7071067812. An 
(§hJ §aj Qj (Ans —> X) de gan ket qua nay vao bien 
nhó X. 


Dna may ve phuong thuc COMP, ąn §ffl§ (Tj. Nhąp 
vao may dfrj @ ES CCS Clii CD (cos" 1 (0.5)) . An [Sj, 

may hien ket qua bang 60. Vąy (dj,d 2 ) = 60° . 

Cau 20: Bap an C. 

| Ph.ari tfeh: Duong thang A có VTCP la u , mąt phŚng j 

(P) có VTPT la n thi góc giua duong thang va mąt :■ 

phang duoc tinh theo cóng thuc: 

. , , \u.n\ 

sin (d,(P)) - |cos(«,nj = . 


VCT0 

CVctń“VctB)-(Abt> 

VCT0 

óns+X 

-0.7071067812 

-0.7071067812 


\u\.\n\ 


Dua may ve phuong thuc COMP, an feljj [PI. Nhąp 
vao may ishTfT I (Sosj (mą) (T] (T) (cos -1 (X)). An PS . may 
hien ket qua bang 135. 


Duong thang A có VTCP la M = (l;-2;l) va mąt 
phang (p) cóVTPTla n = (5; 11; 2). 

Nhąp vao may VctA = [l, -2, l], VctB = [5,11,2] . 

m ta UJ m m m e ca eh a m ii tu © © 
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Dua may ve phttartg thiic COMP, an fe Q I Iłtąp 
vao may wy ffi] OD Gj 00 GD (sin -1 (0.5)) • An S], 

may hięn ket qua bang 30. Vay ( d,(P )) =30° . 

P \ati iMK: Hai mat phang (a),(p) Tan hiot có VTPT 
la n ir n 2 thi góc giua hai mat phang duoc tinh theo 

_ LV! 

cóng thiic: cos((a),(P)) = |cos( 


Nhąp vao may VctA = [l,-2,0], VctB = | 1,0,. 
VctC = [3,4,5] . 


T] Ti I; 


=) fej [aj !k! Di i GD fes BO 0 

T. .'ICC . 


VCT0 

VCTE 

f! , 

g: 

[ i -a mami 

[ i H IBWBgill 

o 

-2 


■2 li i • — 
I n, . n. 


VCTE 

E i M 




Mąt phang (a),(p) lan Itręrt có VTPT la « 1 =(2;-1;2) 
va n 2 = (l; 2 ; - 2 ). 

Nhąp vao may YctA = [2, -1,2], VctB = [l, 2, -2]. 




! \M liri) UJ ED Lii i,Hi Isiwfi UD CG ULI 



VCT0 


VĆT0 

" t 

a -i 

2 

6 1 

j a KłBrefti 


, ___ Abs(VctA® VctB) 

Khi dó cos ((oOTCB)) =- 7 —-— - 7 —-—-. 

Abs (VctA) x Abs (VctB) 

An piej, dua may ve man hinh tinh toan. Nhąp vao 
may Abs(VctA®VctB) 4 -(Abs(VctA)xAbs(VctB)): 

ig gpj girl ijf) |Jj (iiifj [sl [?} (film [sj [4] (Tl gy 

[Stri'7 jtyy ŚSHSI-T! [T f ; J I i d[ fjrglj fepj i pj j A \ j ) i 


. Absf(VctAx VctB)o VctC) 

Khi dó sin (rf,(P)) =-A- i - !_ 

Abs ( VctA x VctB) x Abs (VctC) 

An gc], dua may ve man hinh tinh toan. Nhąp vao 

may Abs (( VctA x VctB)« VctC) : (Abs (VctA x VctB) 

xAbs(VctC)). 

CU t® fI3 BJ) CD SS ilMS C13 CU KJ @19 IIj 
©D l O SD ES @3 GD 33 CD CD- 

An [Ej, may hien ket qua bing 0,8660254038. An 
iirilr r] fćy Qj (Ans -» X) de gan ket qua nay vao bien 
nhó X. 


VCTE 

ńbs(CVctń?<VctB)i> 

VCTB 

Ans^X 

0,8660254038 

0.8660254038 


[Tj. An H], may hien ket qua bang 0,444... = 


4 


Dua may ve phuang thiic COMP, an (Tj. Nhąp 
vao may SCrj gg [ES [Tj ,'Tj (sin -1 (X)) . An (=), may 
hien ket qua bang 60. 


AbsCVctA-VctB)^-^ 

ńbs(Vctń-VctB3^i> 


0 Mj.tli A 

s i rr 1 (X 5 

0.4444444444 

4j9 


60 


Vąy cos ((a)TP)) = - • 

C«u 22; Dóp an A, 

ii O - : ... v 

| ■ 1 . V , , ^ 

| Neu du-óng thang d la giao tuyen cua hai * 

| mąt phang (a) va (p) thi nó có VTCP la ) 

j — —...——-j ■ y , . I 

| u d = (Ta), n (P) J ' dó góc giuduóng thang d vamąt \ 

phang (P) duoc tinh theo cóng thiic: 


sin (d,(P)) = 


COS|K,,» (p) 


[%)'%)_ 

■ n (P) 

[% )'”(«. 

• "(o 


Mąt phang (a),(p) va (P) lan lucrt có VTPT la 
n j = (l;—2;0 ),m 2 = (l;0;—2) va n 3 =(3;4;5). 


Vąy sin (d,(P)) = 60° . 

Dang 3: Cac bai t.oan ve mąt cay^ rnąt phang 

va du’d'og tliaiig 

Ga 23; Dap an A. 

( PfcSh dci De xet só giao diem cua duóng thang A va 
: mąt cau (S) có tam /, ban kinh bing R . Ta tim 

khoang cach tir tam I den duóng thlng A ia d(/,A\) 
i + Neii i/(/. A) < R thi duóng thang cat mąt cau tai hai 

F 

[ diem phan bięt. 

> + Neu d(/, A) - R thi duóng t hang tiep xuc vói mąt 
cau tai mól diem. 

, + Neu d(/,A)>R thi duóng thang va mąt cau khóng 

cat nha u. 
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The foest or nothing 


Phan 


Ihć dl 1 1 ; PhUtfng phap toa do łrong khdng giar 


Duóng thang A di qua diem A(0;l;2 ) va có VTCP la 
u = (2;l;-l). Mąt cau (S) có tam / (l; 0; -2 ), ban kinh 
\\lA,u}\ 

R = 2. Taco d(l,A) = ± ~ j^ . 

H 

Nhąp vao may: VctA = [0,l,2],VctB = [l,0 / -2] va 


Khi dó d(l,d ) = 


Abs ((VctA - VctB) x VctC) 


Abs(VctC) 

An gej, dua may ve man hinh tinh toan. Nhąp vao 
may Abs((VctA - VctB) x VctC) -s- Abs(VctC) 

m §a m EU! ts m b ®d m a m m ® o 

CEmsiEjHSiajEm. 



nhó X. 


VCTH 

Abs((VctA-VctB)> 

vaa 

Ans+X 

3.719318334 

3.719318934 


Vąy = 3,719... >2 = R —» Duong thlng A va 

mąt cau (S) khóng cat nhau. 

Cau 24: Bap a u D. 

Duóng thang d di qua diem A(-l;2;-3) va có VTCP 
la u = ( 2 ;l;-l). 

Duóng thang d tiep xuc vói mąt cau (Sj tam 

\\Ta, ul 

j(l;-2;3), ban kinh R -> R = d(l,d) = |L Jl . 

r 

Nhąp vao may VctA = [-l,2,-3],VctB = [l,-2,3] va 
VctC = [2, 1, -l]. 

s tu tu m e tu tu tu tu es tu @ tum 
ta mm me (am ej m® tam ta mci] 
tum tu o bid 


la u = ( 2 ;l;- 2 ). 

Nhąp vao may VctA = [ll,0,-25],VctB = [2,3,-l] va 
VctC = [2,l/-2]. 

m cii tu m m tu m s i © e ca m © m tu 
tu ta m m m ta m e m ns m oo tu ta tu 
BtDBtDostD 


VCTH 

-25_ 

VtTB 

6 i e a nrasm 

- 1 


VCTB 

-2 



Khi dó d(l,d 


Abs (('VctA - VctB) x VctC) 


VCT0 

A 

vcna 


S ^ 

-3 

3 


Abs(VctC) 

An gej, dua may ve man hinh tinh toan. Nhąp vao 
may Abs((VctA-VctB) x VctC) +■ Abs(VctC) 

@ @ tu ®d ca ta ta no ta ta ca tu @ ta 
ca tu ta m ae tata m. 

An (=], may hien ket qua bang 15. An 
@ @3 EB CS QE3, an (Hj, may hien ket qua bang 289. 


VCT0 

Abs C C VctA-VctB )> 

VCI0 

Aris 2 +64 

15 

289 
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Mątphang (P) cóYTPTla n = {l;2;2j 
Nhąp vao may VctA = [2,l,3~| va YctE 


R 2 — 289 va phtrong trinh mąt cau (S) la 


Phaa lich; Gia sit mąt cau (S) có ban 

Goi H la trung diem AB —> IH ± AB ' 

, „ r - T M\/3 Ra/3 

Do AMB deu nen IH = —-— = — -r— 


Abs(VctA ® VctB + 2/ 

Abs(VctB) 

An gie!, dira may ve man hinh tfnh toan. Nhąp vao 
may Abs/VctA® VctB+2)-e Abs/YctB) 

!5St| RB [Sm (ID [sj ISJEl L§J UJ (§3.61 L§J iśJ 33 OD LlJ 

An i=], may hien ket qua bang 4. 

VCTB 

AbsCVctA- VctB+ 2 i> 


<4A si ( t / p^\ 

UL/ ł^., -1 . , 


qua diem 2t(l;l;—2) 


va có YTCP 


Bitóng thang d di 


YctA 


Yąy d(/,(P)) = 4-»R = 4—>R 2 =16 va phirong trinh 


Oj tSJ W5 


Oirćmg thang d di qua diem A (l; 0; 2 ) va có VTCP la 
u = (1; 2; l). 

Nhąp vao may VctA = [l,0,2] , VctB = [l,2,l] va 
VctC = [2,0, l] . 

PS) [§] CD 03 CD (Dl 51 (=] GD 0=i ifil CU CD CS CD 
Tj i3 nr: ii co (n n ® ęjj m en ca (D od © 


Abs ((VctA - VctB) x VctC) 

Khidó d(l,d) = -Xbs(VctC) • 

An goj, dna may ve man hinh tinh toan. Nhąp vao 
may Abs ((Vct A - VctB) x VctC) h- Abs ( VctC) 

jśpii śpi CD iiiiFfj d] [a] E3 faiFf l CU UL! UJ EŚD C*2 lse 
Hf) m fp. pfi jfs UD Eli Cli CO • An ej, may hięn ket 


An @ ve man hinh tinh toan. Nhąp vao man 
hinh (VctA+VctB x 100 - VctC) » VctB : 

m®i©CD$OISCS[r,®O3©®0® CD 

m m m © co m tu o ■ 

An Sj, may hien ket qua bang 600 = 6 1 (vói t — 100). 


236067977 


va phuong trinh mąt cau 


VCTE 


(VctA+VctBxiOO“!> 


Giai piurong trinh 6t = 0 »t = 0. 

Goi H la hinh chieu cua diem M len duóng thang d 
Vói i — 0 —> H — A + O.u = A = YctA = (l; 0; 2^ . 


■ .« Mąt cau (S) tam I, ban kinh R tiep 

vói mątphang (P) khi R = d(l,(P )) • ur 


Ii is) 

% 

VCI0 

i 0 mm-i 

s 

1 1 wmmi 


Z 


i 


m j [==j l#j ii?j yy iHi 



VCT0 

E E 


i ft E e 1 

j 3 

i a Bjgjg 
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- t-hu fle 11: Ph>i£S<g phśp toa do Itorp khónr *>1 


Giń y: Nhąn thay cac diem (-1;1;2) va (l;l;2) khóng | 

thuóc d nen khong the la hinh chieu ima M tren ! 
dudng thang d . Loąi 13 va D. 

j Hed J 

1 MH.u = -6 * 0 ' 
->H( 0;-2;l) khong la hinh chieu eua M tren d « 


Neu H(0; -2; l) -> MH = (-2; -2; 0) - 


| Neu fi(l; 0; 2) —» MH = (-1; 0; l) 


Hed 
—> 1 — • 
MH.u = 0 


Hed 
MH±d 


i - . —> H (l; 0; 2) la hinh chieu eua M tren <f 


Cau 29: Dap an A. 

Buóng thang A di qua diem A(4;0;2) vacóVTCPla 
« = (l;l;l). 

Nhap vao may VctA = (4; 0; 2), VctB = (); 1; l) va 
VctC = (2;-l;5). 

® GD EG] GD EU GD G§) O (D ii) CCI dl GD dl 
QJ El CD E d) E §13 E (T) CTl dl GD SU o (Ti 
IslUDOgj 


VCTH 

& r 

VCTB 

& 

i m a 

. 2 

i 


An © ve man hinh tinh toan. Nhap vao may 
( VctA + VctB x 100 - VctC)« V c tB 

CD (UD d! (I) (±1 UD d] fg (g) cn o [o] Ej Sfjj [fi 
OD 12] Hi) [U (Tj uff] [fi 3]. 

An OD/ may hien ket qua bang 300 = 31 (vói t = 100). 


C Vctń+VctBx 100 -> 
_ 300 


Giai phuong trinh 3f = 0 <=> t = 0. 

Vói f = 0 thi toa do hinh chieu H la 
H = A + 0.u = A = (4;0;2). 

CM y: Ta có the sir dung phuong phap thu dap an va 
loai tru 1 de tim dap an mót cach nhanh hon. Nhąn thay 
cac diem (2;0;l), (4;1;2) va (-4;0;2) khong thuóc A 

nen khong the la hinh chieu eua diem M tren ducmg 
thang A . Ta loąi ngay B, C va D. 

Vói H(4;0;2)-^MH = (2;l;-3)-^j HsA 


(He A 

* I MH1 A' 


[MH.u = a 
H la hinh chieu eua M tren A . 


Cau 30: Dap an 

Mat phang (a) có VTPTla n = (l;l;l). 

Nhap vao may VctA = (l; 4; 2) va VctB = (l; 1; l) . 

SEdjdCDEHlEfUElMjd] CD Ul m 
CD di LU E CD d) 


H [ 

VCTB 

i m mmmi 

6 1 

VCTB 

i i m 

mm: 


2. 



i 


An iAęj ve man hinh tinh toan. Nhap vao man hinh 
( VctA + VctB x 100) • VctB -1 

CD Hi GD (1) (33 @ GD m CS CD GD [fi (jj mg qo 
dliii® LUB CD- 

An di, may hien ket qua bang 306 = 3.100 + 6 = 3f + 6 
(vói f = 100). 


CVctń+VctBxlOO)> 
_306 


Giai phuong trinh 3f + 6 = 0 —>• f = -2. 

Nhap vao may VctA +VctBx(-2), an §S) LfJ [jj] [±] 

@ 00 m EU CD O CD CS . An ©, may hien ket qua 
bSng (—1; 2; 0) . Nhu vąy H(-l;2;0) . 

Chóy. Nhąn thay cac diem (l;-2;0) va (l;2;0) khong I 
• thuóc (a) nen khóng the la hinh chieu eua diem M \ 
i tren (a) . Loąi B va D. j 

i i 

He (a) 


;Ne» kM „g| 


: cung phuong vói n = (l;l;l). Vąy MH khóng vuóng ! 

t , , . I 

; goc vai (a) nen H(2;-l;0) khóng phai la hinh chieu. 
i '■ 

He (a) .. f 

MH = (-2; -2; -2) b I 

| phuong vai n = (l;l;l)-»A4H_L(a). Vąy H(-l;2;0) \ 

la hinh chieu eua diem M tren mąt ph3ng (a) . 


Neu H(-l;2;0) ■ 




LOVEBOOK.VN! 462 
















' a .■' 


ALC don vi" tóc la gan vao mot bieu thiic nhftng gia tri duąc quy uóc lam 


dom vi (có dąng 10”), thucmg la 


1000 1000 j 

Cotig ci ussąi Thudng dung de khai trien, rut gon,... nhung bieu thiic mot bien 
hay nhieu bien mot cach nhanh chóng. Day thudng la nhung khau bien doi trung 
gian quan trong, tuy nhien neu bien doi thuan tuy bang tay se mat nhieu thoi 
gian. Ki thuat duoc ket hop vói nhieu tinh nang va phucmg thiic cua may, vi du 
nhu COMP, CMPLX,...; duoc sii dung de giai quyet nhanh cac bai toan lien quan 
den có chiia ah nhu giai phuong trinh, hę phucmg trinh, dao ham, ham so, so 
phiic, hinh hoc toa do,...; bao ham o hau hel cac chuyen de quan trong trong 
chucmg trinh Toan THPT. Có the nói, day la mot ky nang chu dao va quan trong 
trong giai toan bang may tinh cam tay. 


Cua vao su phan bąc cua bien ma khi thay nhung gia tri "don vi" vao, ket qua 
nhan duoc se có su phan tach ro rang ve hę so cua cac thanh phan trong bieu 
thiic —> De xac dinh chinh xac cac thanh phan cua bieu thiic tir ket qua dó. 


vao cac bieu thiic l;x;x 2 ;x 


7 ° ■ [1000 100 J 

va 5x 3 + 4x 2 +3x + 2 ta rthąn duoc ket qua nhu bang duói day 


Nhan thay ro, khi thay cac gia tri dcm vi vao bieu thuc 5x 3 + 4x 2 + 3x + 2 thi ket 
qua nhan duoc có su phan tach ro rang ve hę so cua cac thanh phan trong bieu 
thiic dó. Tir dó, ta dua ra hai quy tac duói day. 

tac I:. Khi CALC męt bieu thiic vói gia tri 10” thi ta se tach ket qua ra timg 

i| so ke te hang don vi. Cu the: 

n > 0 (n = 1,2,3): Theo chieu titphki sang trat, tach ket qua thanh timg cap 
> tb- truóc dau phiSy, bąc cua bien tang dan tir x°. 

n<0 (n = -2,-1): Theo chieu tir troi sang pkdi, tach ket qua thanh timg cap 
i tir sati day phMy, bąc cua bien tang dan tir x °. 

só nao dó lón bat thuóng (ki hięu cąp dó la só M) thi 


So a,a,...a cón duoc viet 


neri ta 


noi rang tach ket qua 
thanh cap |«| so tir truóc 
daii phay". 


tac 9,i Neu mot cąp 

10 1 " 1 ) chinh la hę só can tim tai dó, dong thói cong them 1 vao cąp só truóc 


U | io = 101 

ifip 


""■'i ■■ ■ '1 1 ' 1 

1000 = 10 3 

— = 0,01 = 10"" 

- - 0,001 - 10-* 


100 

1000 

TIN ’ :j r 

1 

1 

1 

1 1 

r : ’ 7 .^ . t." : ! i o 

| ur-17-ur kurt, \u i ,1 r -rr — i _.— __ „ 

8 .WWK: 


0,01 

0,001 

| W. 'i* , :( 1 0 0 

1 00 00 

1 000 000 

o, oo oi 

6, ooo ooi jj 

f .. X 3 . I 1000 

1 00 00 00 

1 000 000 000 

0 , 00 00 01 

0 , 000 000 001 

> 5 \ 3 + 4x 2 + 3x + 2 \ 5 4 3 2 

5 04 03 02 

5 004 003 002 

2, 03 04 05 

2, 003 004 005 












The best or nothing 


CX+l) 4 -(X 2 -X-l)t> 
_ 6069999 


CX+D 4 -(X 2 -X-l)t> 

6006999999 


CX+1) 4 -CX 2 -X-1)> 
-0.999294 


(X+1) 4 -CX 2 -X-1> 

-0.999992994 


f hu Sue 1« Ki thuąt CALC dcm vj 

VI du 2: Khai trieh da thiic (x + l) 4 -(x 2 -x-l)~ -2x-l bang ki thuąt CALC 
| don vi x = 100,x = 10Q0,x = 0,01 va x = 0,001. 

Phan tich, lód giai; 

Nhąp vao man hinh (X +1) 4 - (X 2 — X -l) 2 — 2X -1: 

m e m ffi m m @ s <g> ei m e m s b s m b m m s s ® 

Brnem 

* CALC don vi x = 100 

An (CALCl . may hói X? An (T) (o] QJ] (X = 100). An (s=) may hien ket qua bang 
6069999. 

Do 100 = 10 2 —> n = 2 > 0 nen theo quy tac 1: Theo chieu tir phai sang trai, tach 
ket qua thanh tirng cąp 2 so va bąc cua bien tang dan, tóc la 6 / 06 / 99 / 99. 

i 3 X 2 X 1 x° 

Nhąn thay 99 la mot so lón bat thirbng, nen theo quy tac 2, ta có: 

6 / 06 + 1/ 99 + 1-10 2 / 99-10 2 - >6/7/0/—1 

X 3 x 2 x 2 x ° X 2 X 1 x° 

Nhu vąy (x +1) 4 - (x 2 - x - 1) - 2x -1 = 6x 3 + 7x 2 - 1. 

* CALC dcm vj x = 1000 

An (aix), may hói X? An (TJ [o] jol [o] (X = 1000). An @ may hien ket qua bang 
6006999999. 


Do 1000 = 10 3 —> n = 3 > 0 nen theo quy tac 1: Theo chieu tir phai sang trai, tach 
ket qua thanh timg cąp 3 so va bąc cua bien tang dan, tire la 6 / 006 / 999 / 999 . 

X 3 X 2 x' *0 

Nhąn thay 999 la so lón bat thuóng, nen theo quy tac 2 ta có 

6 / 006 +1 / 999 +1 -10 3 / 999-10 3 - ->6/7/0/—1 

X 3 X 2 X 1 * 0 X 3 x z x l x 0 

Nhu vąy (x +1) 4 - [x 2 - x -1) - 2x -1 = 6x 3 + 7x 2 -1. 

* CALC don vf x = 0,01 

An [CALCl , may hói X? An @ B (j] (T) (X = 0,01). An (=) may hien ket qua bang 
-0,999294. 


Do 0,01 = 10 2 —> n = -2 < 0 nen theo quy tac 1: Theo chieu tir trai sang phai, tach 

ket qua thanh tirng cąp 2 so tir sau day phay, bąc cua bien tang dan tir x°. Tire la 

( \ 


- 0/99/92/94 


* 3 ) 


Nhąn thay cac só' 99, 92 va 94 lón bat thuóng nen theo quy tac 2 ta có: 


0 + 1/ 99 + 1-10 2 / 92 +1 —10 2 / 94 —10 2 

v 0 x 2 13 

V * X a:* 1 X 4 


*- i 


/0/-7/-6 

X x 2 X J 


Nhu vąy (* + l ) 4 -(x 2 - x-l ) 2 -2x -1 = -(l -7x 2 - 6 x 3 ) = 6 x 3 + 7x 2 -1. 
* CALC don vf x = 0,001 


An IcalcI, may hói X? An [o] B [ 0 ] [Fj jT] (X = 0,001). An (=) may hien ket qua 
bang -0,999992994. 
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(X 2 -23 (X+l)-CX+l> 
__ 989603 

0 Mat li Ł 

(X 2 -2)CX+D-(X-n> 
_ 998996003 

CX 2 -2)(X+D-(X+V 
_ 2,959901 


(X 2 -2KX+l)-(X+b 

2.995999001. 


Ki thuat CALC don vi 
ciirig duac sił dung vói 
cac bisu thiłc chira hai, ba 
hay nhieu bien. Tuy 
nhiert, de xii !y tot bai łoan 
nay, la can ket hop nhieu 
ki thuat CALC don vj 
khac nhau. 


I LSI 15-fCŚ % L_. l+Lhlk.i 


ib.SsI ; 


Do 0,001 = 10 3 -+ n = —3 < 0 nen theo quy tac 1: Theo chieu Theo chieu tir trai 

sang phai, taćh ket qua thanh timg cąp 3 só tir sau day phay, bąc cua bien tang 
f k 

dan tir x°. Tiic la — 0 / 999 / 992 / 994 . 

vx° X 1 x 2 x 3 X 

Mhąn thay cac so 999, 992 va 994 lón bat thirong nen theo quy tac 2 ta có: 


( 1 
0 +1 / 999 +1 — 10 3 / 992 + 1 — 10 3 / 994 —10 3 


c 

1/0/-7/-6 

vx° X 1 X 2 X 3 . 


3 


Nłnrvąy (x + l) — ^x 2 —x — ij — 2x — 1 = — ^1 — 7x 2 — 6x 3 j = 6x 3 +7x 2 — 1. 

Vi. d u 3: Khai trien da thiłc ^x 2 — 2)(x + l) —(x + 2)(2x + 3) + 5x + ll bang ki thuat 
CALC dcm vi. 

Łoi 

Nhap vao man hinh ^X 2 — 2j(X + l) — (X + 2)(2X + 3) + 5X + ll: 


cd m co m b (D © m m s m a © s m m © m w m m cc 
s co t±j m cd si ni pi © $ m a 

* CALC X = 100 —» 98 / 96 / 03 —> 1 / 98 +1 — 1Q 2 / 96 —10 2 / 03 —» 1 / -1 / -4 / 3 . 


* CALC X = 1000 ->998 / 996 / 003^ 1 / 998 +1 - 1Q 3 / 996-10 3 / 003 

x® x 3 X 2 x^ 

—> 1/-1/-4/3 . 

X 3 x 2 X 1 x° 

* CALC X = 0,01 —» 2 / 95/99 / 01 ->2 + l/ 95 + l-10 2 / 99-10 2 / Ol 

x° X 1 x 2 x 3 x° ? " ' ? ’ x 3 

—> 3 / —4 / —1 / 1 . 

X° X 1 X 2 X 3 

* CALC X = 0,001 —¥ 2 / 995 / 999 / 001 ~~> 2 +1 / 995 + 1-10 3 / 999 10 3 / 001 

X° X 1 X 2 X 3 X° X 1 X 2 X 3 

—» 3 / —4 / -1 / 1 . 

X° X 1 X 2 A 

Vąy (x 2 -2Vx + l)-(x + 2)(2x + 3) + 5x + ll = x 3 -x 2 -4x + 3. 


3, KI thuąt CALG tfdn vi vdf Cla Mc hai bila 

Męt da tłuic hai bien x,y có dąng ax 2 + bx + cxy + d + ey + fy 2 vói a, fr, c, d, e, / la 
cac he só. 


I Pfo«ong phap Min niay: 

| Cdch 1: 

il * CALC X = 0, Y = 0 ta tim dtroc hę só tu do d. 

t * CALC X = 10" va Y = 0 ta tim dtroc a, b (do khi nay bieu thiłc chi chiia an X). 

* CALC X = 0 va Y = 10" ta tim dugc e, f (do khi nay bieu thiłc chi chiia an Y) 

* CALC X = 10" va Y=1 ta tim d noc c (hoąc có the CALC X = 10" va Y = 10”“ ). 
Cdch 2: 

< * CALC X = 0, Y = 0 ta tim d uac hę só tu do d. 

\ * CALC X = 10" va Y = 10”“ ta tim duoc cac hę só a, b, c, e, /. 


| Vi dą; Khai trien da thiłc (2x + y — l) — (2y + x + 3)(2x-y — 2) + 3x — 5y 2 +4 
! bang ki thuat CALC don vi 
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-m 


Cach 1: 


J3 Math . 


(2X+Y-D z -(X+2Yt> 
_ 11 


a Mtth ; 


C2X+Y-l) 2 -tX+2Yi> 
_19500 


* Nhąp vao man hinh (2X +Y-l)~ -(X + 2Y + 3)(2X-Y-2) + 3X-5Y z + 4 : 

m Bi jiMi m a bob m r rei m m rn bod m r m ing »gi m m 

* An tCMgj . may hói X? An | Oj (X = 0). An © may hói Y? An Qf] (Y = 0). An © 
may hien ket qua bang 11 la hę so tu do. 

* Sua bieu thuc thanh (2X + Y-1) 2 -(X + 2Y +3)(2X- Y-2) + 3X-5Y 2 + 4-11 
An [ĆALĆ| , may hói X? An L'0 UD QD (X = 100). An © may hói Y? An [Oj (Y = 0). 
An L~j may hien ket qua bang 19500 

-» 1 / 95/00 -+1 + 1/95-10 2 /00->2/-5/00-h>19500 = 2x z -5x. 


X X X 


x° X 2 X 1 x° 


0 MathV 


C2X+Y-l) 2 -(X+2Yt> 


1 -195001 

i 


( \ 


f N 

—> - 

1/95/00 

Gx 2 .V 1 x° J 

-» - 

1 + 1/95-100/00 

X * 2 x‘ x“ J 

—> - 

2/-5/00 

^x 2 X 1 x° > 


(2X+Y-l) 2 -(X+2Yl> 
_ 1 


0 M&th . 


C2X+Y-1) 2 -(X+2Y> 
_li 


0 Math . 


C2X+Y-l)^-(X+2Yi> 

19501.0498 


eas^^assasssa^wssBss^s^sassss^sssiaBiessi 

STUDY TIPS 

O ca eh 2, ket qua sau khi 
phan tach theo quy tac 1 se 
duę»c sap xep theo thćr tu hę 
so cua x 2 , x, xy, y, y 1 . Tiep 
Ctó, ta sir dung quy tac 2 de 
xac dinh bieu thuc thu gon 
chinh xac. 


* Nhąp vao man hinh 

(2X +Y-l) 2 — (X + 2Y + 3)(2X-Y~2) + 3X-5Y 2 + 4-ll-2X 2 +5X 
An jimó j, may hói X? An CS (X = 0). An © may hói Y? An [jj QD [o] (Y = 100). 
An © may hien ket qua bang -19500 

1 f ^ 

-» -19500 = -2y z +5y 

X 2 x‘ X° ) Cx 2 X 1 x° ) 

* Nhąp vao man hinh 

(2X + Y -1) 2 - (X + 2Y + 3)(2X - Y - 2) + 3X - 5Y 2 + 4 —11 - 2X 2 + 5X + 2Y 2 — 5Y 
An (CALęj, may hói X? An (Tj © (W) (X = 100). An © may hói Y? An © Q UD DD | 
(Y = 0,0l). An © may hięn ket qua bang 1 chinh la hę só' cua xy. 

V ąy 

(2x + y -1) 2 -(2y + x + 3)(2x - y - 2) + 3x - 5y 2 + 4 = 2x 2 - 5x + xy - 2y 2 + by +11. 
Cach 2: J 

* Nhąp vao man hinh (2X + Y-l) 2 -(X + 2Y + 3)(2X-Y-2) + 3X-5Y 2 +4: 

tri csi?§ ra 00 q cd q] ng 0 cd @ tu t+i od 00 cu ru 

[D dl S LU B HII0 CU CU CS GD H CU E) CU S @ @ 00 S 

* An (ąSj, may hói X? An © (X = 0). An © may hói Y? An fOj (Y = 0) . An © 
may hien ket qua bang 11 la hę so' tu do. 

* Sua bieu thuc thanh (2X + Y - lf - (X + 2Y + 3)(2X - Y - 2) + 3X - 5Y 2 + 4 -11 
An jaSg), may hói X? An (Tj C§1 QD (X = 100). An © may hói Y? An [0 j f£] [o] [Tj 
(Y = 0,0l). An © may hien ket qua bang 19501,0498. 

Theo quy tac 1, ta tach nhu sau 1/95/01/04/98 

I 2 x’ xy y y 2 

-> 1 + 1/ 95-100, /01/04 + 1/ 98-100 ->2/ —5 / 1/5/-2 

X 2 X 1 x y y y 1 2 X X 1 xy f y 

—> 19501,0498 = 2x 2 — 5x + xy + 5y — 2 y 2 . 

Vąy 

(2x + y -1) 2 - (2y + x + 3)(2x - y - 2) + 3x - 5y 2 + 4 = 2x z -5x + xy - 2y 2 + 5y +11. 


L0Vfc BOOK.YN I 466 

















'>■ S:; .' 030?$? 




Tren nray tinh cam tsy. de 
xi'r iy cac ba i toan trong 
khóng gian Oxyz, ta dna 
may ve phuong thiic 


Hinh hoc khóng gian co dieh la moi phan quan trong Mióng the thieu trong 
chuong trinh Toan THPT cung nhtr trong cac de thi THPT Quóc Gia. Tat rthien, 
khóng the tranh khói vięc có nhieu hoc sinh gąp khó khan trong vięc tiep can cac 
bai toan nay vi khó tuóng tuong. 

Nhó vięc ung dung cac ly thuyet, cóng thuc trong khóng gian toa do Oxyz ma ta 
có the giai cac bai toan ve hinh hoc khóng gian co dieh nhtr: tinh the tich, khoang 
cach, góc,... mot cach de dang han bang ky thuat gon hę truć toa do. 


‘Ht 


M 


?/o 


'■T>~ 

y 


Tich có hiróog cua hai 
vector a va b la ir.ól 
vector vu6ng góc vói ca 
hai vector dó. Tire la 

\a,b]±a va ^n, b j 1 h ■ 


2 Mot sA v§ thuyet m feasi trong hinh mc toa ffo 0xyz 

Hę trąc toa do Descarr.es ttcmsj fetoót&g gto La hę truć bao góm ba truć toa 
do Ox, Oy va Oz doi mot vuóng góc vói nhau. 

Toa do cua mót dśem* Diem M(x 0 ;y n ;z 0 ) có toa do duoc xac dinh nhtr hinh 
bert 

Cac cóng thiic tinh toa do cua hai vector 

1. Cho hai diem A(x A ;y A ;z A ),B(x B ;y B ;z B ) thi AB = (x B -x A ;y B -y A ; z B -z A ). 

x = x! 

2. Cho a = (x;y;z) va b = (x';y';z') thi a = b <=> • y = y'. 

z = z' 

3. Cho a = (x;y,z) va b - yx'-,y';z) thi a±b = {x±x'-,y ±y' ;z±z'). 

4. Cho a = (r;y;z) va ZcelR thi ka = (kx;ky;kzj . 

5. Cho a = (x;y;z) thi |a| = ^ x 2 +y 2 + z 2 . 

Tleli vó furófflg cńs. hai vector: Cho a = (x;y;z) va b = ( x'-, y';z'). 

1. «.b = |fl|.|fc|.cos^fl,bj 
a.b = xx'+ yy'+ zz' 

3. a ± b <=> ab = 0 o xx' + yy' + zz' = 0 . 

ItchCÓhuÓCgCtiahaj.VCCtCWsCho a = (x;y;z) va b = (x';y';z r ). 

Tich có hiróng cua hai vector a va b la mot vector, ki hięu la j ~a,b~\^ va duoc xac 


\a,b]J 

y z 

2 

X 

X y 

L J l 

\j z' 1 

' t! 

x r 1 

’ *' y\ 


Cac tinh chat cptaji trong trong hinh hęc Qxy% 
1) The tich: 

* The tich khói hop ABCD.A'B'C'D' la V = 

1 


' The tich khói tu dien ABCD la V, 


6 


AB,AD~j.AA' 
[AB,Ac].AD 



2} Khoang cach: 


* Khoang cach tu diem M den duóng thang AB: d(M,AB ) = 


[AM,AB] 


' Khoang cach giua hai duóng thang cheo nhau: d{AB,CD) = 


AB,CD \BD\ 


f AB, CD 1 


* Khoang cach tir diem M (x 0 ; y 0 ; z 0 ) den mąt phang (P): ax + by + cz + d = 0: 

z , ... \ax n + by n +cz n +d\ 

J/ A yf / r> \ \ o J 0 0 


d(M,(P)) = J 


la 2 +b 2 +c 2 


3) Góc: 


Góc giua hai duóng thang AB va CD: cos (/IB,CD) = cos | AB, CD j = 


AB.CD 


AB . CD 


Neu day cUa hinh chóp la 
mpt tam giac da biet truóc 
toa do ba dinh, ta sir dyng 
Phirang phap toa dó tam 
tuyen diroc de cąp a chu 
de 10 de tim tam dufrng 
tron ngoai tiep tam giac. 


' Góc giua duóng thang vói mąt phang: sin (AB,(P)) = cos| AB,)i ( , n) j 


\AB\.\n,, 


* Góc giua hai mąt phang: cos ((P),(Q» = cos|n jp)/ n (Q) j = 


n (py n ( Q ) 


n ( P ) ■ %) 


4) Tam va ban kmh mai cau ngoąi tiep khoi chóp: 

Cach 1: 

* Buac 1: Viet phuong trinh duóng thang d di qua tam duóng tron ngoąi tiep mąt 
day va vuóng góc vói mąt day. 

* Buac 2: Goi / la tam mąt cau nen I thuóc d. Tham so hóa toa do diem 1 (1 an). 

* Buac 3: Sit dung tinh chat cach deu cua tam I den cac dinh. Thiet ląp phuong 
trinh tim an. Ta tim duoc toa dó tam I. Tir dó suy ra ban kirth. 

Cach 2: (Neu biet truóc toa do cac dinh cua hinh chóp) 

Gia sit phuong trinh mąt cau có dąng (S) :x 2 +y 2 + z 2 + 2ax + 2by + 2cz + d = 0 . 
Dua vao tinh chat tam I cach deu cac dinh, ta thiet ląp duoc hę phuong trinh góm 
bon an a,b,c,d. Giai hę tim bon an nay. Klii dó mąt cau (s) có tam l(~a;--b;—c) va 


ban kinh R = Ja 2 + b 2 +c 2 -d . 



Mót hinh da dięn có mó 
hinh tam dięn vuóng có 
nghTa la hinh dó ton tai ba 
cąnh doi mót vuóng góc 
vói nhau. Giao diem cua 
ba cęnh nay duoc goi la 
dinh cua tam dięn vuóng. 


3. Boi wól eas hinh ćfa dięn có mo hinh tam dięn vudng 

Phuong phap chpn feę truć toa dó: 

* Buóc 1: Chon hę truć toa do Oxyz sao cho tam O trimg vói dinh cua tam dięn 
vuóng. 

* Buóc 2: Xac dinh toa do cac dinh lien quan tir du kięn de bai. 

* Buóc 3: Sit dung cac cóng thuc, tinh chat trong toa dó Oxyz de giai quyet bai 
toan (có the ket hop vói may tinh cam tay). 


ŁOVEBOQK,VN I 468 




















inh da dten có md hinh tam= 


igtft i 


1 Hinh lap phiiong ABCD.A'B'C'D’ có cac jj 

canh deu bang a. j 

l 

Chon hę truć toa do sao cho: 
A(0;0;0),B(a-,0}0),C(a-,a}0),D(0;a;0), 


A 'Jh—»D' 

/ \ y s 


Z Hinh hop chu nhat ABCD.A'B'C'D’ có 
cac canh AB = a, AD = b va AA' = c. 

Gron hę truć toa dó sao cho: 
A(0;0;0),B(a;0;0),C(a;&;Q),D(0;fo;0), 

A' (0; 0; c), B' (a: 0; c), C (a; b; c), U (0; b-c) 


i ,• |D 

l 4-by-**- 

ii' __ _ \/ y 

■- ~ c 


| 3. Hinh hop ABCD.A'B'C'D' có day ABCD 
S la hinh thoi. | 

l Chon hę truć t<?a dę sao cho: 
j * Goc tpa dó O trung vói giao diem cua hai i 
j dtrćmg cheo ACv a BD (0 = AC n BDj . 

i * Diem C thuoc tia Ox, diem D thuóc tia Oy. j 
j * Truć Oz di qua hai tam cua hai day. ; 

i ' _____ ___ _____ i 

| 4. Hinh chóp tó giac deu S.ABCD có day la j 
| hinh vuóng ABCD canh bang a, duóng cao ; 
\ SO = h vói 0 = ACr\BD. 
j Chon hę tryc toa dó sao cho: 

| 0(0;0;0),A ;0;0 ,B 0;-—;0 , 

c 2 ) V ^ J 

} C —;0;0 ,D 0;~-,0 ,S(0;0;/i). 

[ V. ^ ) V / 

j 5. Hinh chóp tu giac S.ABCD có day ABCD 

\ f | 

i la hinh thoi canh a, SO = h vói i 

, I 

| SO-L(ABCD) va 0= ACniBD. 

j Chon hę truć toa dó sao cho: 

; * Goc toa do la 0=ACr\BD. 
i ^ S 

j * Diem C thuóc tia Ox, diem D thuóc tia Oy, j 

t . a ? * . 3 

diem S thuoc tia Oz. 


0 r , fi 

i ; i i c s 


i i D z 

L 


B "’^jc 


/i\\ 

/ ■ \ \ „ 

A zr j r ^ 


/AA 


C '""A.. 






c - -..J 


( 6 . Hinh chóp S.ABCD có day ABCD la hinh j 
I H 

1 vuóng (hoąc hinh chu nhąt), SA A-( ABCD) | 
| 8 

| Chon hę truć toa do sao cho: 
i * Goc toa do la A = 0(0;0;0). 

! * Cac diem B, D, S lan krat nam tren cac tia j 
l Ox, Oy va Oz. 


S Ł 

[i W 

b W 


/ \ a\ \ 


i 
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Phu s ; |c 2, Hinh hoc khdng gian cd dieai vói hę iręc Oxyz The hesi ot* nctiiing 


J 7, Hinh chóp S.ABC có day ABC la tam giac 

I vuóngtąiA, SA±(ABC) . 

| Chon hę truć toa do sao cho: 

| * Goc toa do la A = 0(0; 0; 0) . 

i * Cac diem B, C, S lan luot nam tren cac tia 
| Ox, Oy va Oz. 

1 

t 

A z 

4 ! 

\\ 

\ V 

\ X, j 

1 \ \c J \ 

B \ 

! 8 . Hinh chóp S.ABC có day ABC la tam giac 
i deu (hoąc can tai C). Biet (SAB)_1_(ABCD) 

1 va AS AB deu (hoąc can tai S). 

| Goi H la trung diem AB—>CHCAB va 

shł(abc). 

1 Chon hę truć toa dó sao cho: 

* Goc toa dó la H = 0(0;0;0) . 

* Cac diem B, C, H lan luot nam tren cac tia 
Ox, Oy va Oz. 

A 2 ! 

i 

.# i 

f \ X 

/ i * \ ! 

/ \ \ 

/ i \ x 

/ \ \ 


Vi du: Cho hinh lang tru ABC.A'B'C' có day ABC la tam giac vuóng tai B. Biet 
AB = a, AA' = 2 a va A'C = 3 a. Goi M la trung diem cii a A'C', I la giao diem cua 
AM va A'C. Tinh the tich khoi tli dięn IABC va khoang cach tir A den mąt phang 
( IBC) theofl. 

Lói giai 



toan deu lien quan den a, 
nen ta có the chuan hóa 
a = 1 de qua trinh nhąp vao 
may tinh de dang han. 

Neu de bai yeu cau tinh dó 
dai thi ta lay ket qua thu 
duoc nhan vói a, neu yeu 
cau tinh dięn tich thi lay ket 
qua nhan duoc nhan vói 
a 1 , neu yeu cau tinh the 
tich thi nhan ket qua vói a 3 . 


Ta có 


AC = slA’C 2 - A'A 2 = ^(3 af - (laf = aS 


BC = 4AC 2 - AB 2 = J(a-j5j 2 -a 2 =2a 

Chuan hóa a. = 1, ta có AB = 1 ,BC = AA' = 2, AC = yfE, A'C = 3 . 

Chon hę truć toa dó Oxj/z nhu hinh ve: 

B = 0(0;0;0) / A(l;0;0),C(0;2;0) / A'(l;0;2),B'(0;0;2),C'(0;2;2). 

M la trung diem cua A'C' nen 1 —> AM = T ——;1;2^] —> Phucmg trinh 


AM: i 


x = 1 + t 
y = -2t 
z = -4 1 


A!C = (— 1;2;—2)—> Phuong trinh A'C: 


x = -t’ 

y = 2 + 2t',(t'sR). 
z = -2 1' 


Taco / = AMoA'C—Ląi có (ABC) = (Oxy):z = 0 
.3 3 3 / 


Nhąp vao may VctA = [0,0,l] va VctB = 

ecacDmcafDci]® 

im 


2 2 4 


3 3 3 


‘ 03 d] © d] GH [JQ GE 
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fibs(Vctft"VctB) + !J- 


Ngoai ra the tich tó dięn 
IABC cung có the' dtroc tinh 
theo cóng thiic: 

V IABC =i|[fA,IB]lc| 


' v'c r 0 


Abs(VctA><VctB)-2 
_ 1 


Math A 

2-/W 

3 


/k 


/ 


f! \\ 

i \ v 


D 


A 1 I i \ i y 


\ i n 


\ * 


\1 „—c 

•X" 

B \. 


vcj m 

vcr s 

ft p 

& 

Li i ^^0 

U. BEBE i.EEEB ffKWIFJ 

i 

1.338333ts33 


An Kej, nhąp vao man hinh Abs(VctA® VctB)-t-Abs(VciA) : 

Hi |5g @hFo GO OD f&irj Q§] 1x1 SUS OD GD CD 33 Sj0 Pffl fiC di Cfj i 

An iHj may hien ket qua la —. Suy ra d^I^ABC^j = 0 • 


Do A e Ox, C e Oy —> BA = 1, BC — 2 —> S A 


1 


BA.BC = 1 (dvat). 


^^MBC = ^ d { I '{ ABC ))- S A 


= 1 4 4 

3 3 _ 9 


, 2 2 4 | — f 2 4 41 

Ta co BI = —va CI = —;—. Nhąp vao may VctA = 
333) ,3 33, 


2 . 2 . 4 

3'3'3 


va 


VctB = 


2 _4 4 
_3' 3'3_ 

liii © CI! (33 CU © CU GD CO GE) GD @D GD 53 GD (=3 HS fil CD GE 
(13 @0' E3 (U (lii! 


liO G3 


[lJ (13 [U S dl !13 

VCT 13 

En^BBBi E.BEBE SMPEFJ 

vcf s 

& . 

[o.gsss ummi 

i.333333333 

t.333333333 


An Rej, nhąp vao mm hinh Abs(VctAx VctB)-=-2: 

® S @ iI3 (11 (E! [iS [s3 (IJ CD © ES 

An (U 
qua la 


v£t jfiilsj §3 Gil, may hien ket 


2\/5 


^A/BC 


2x/5 


3 3 

1 

y 


Taco V MBC (A;(/BC)).S a 




d(A;(lBC))= ° V,ABC - 4 2 


V ^y ^MBC = 


4a 3 


va 


3' 3 Vs' 
2 a 

y 


'ABC ^ ^ 

a d(A;(JBC)) 


*4* yra 


i vfii sas hinh aa ctip tao ttiem mo hinh fam dięn vuóny 

Dfiiłi, husósig ehętn !tę truć toa do doi vói cae hinh chóp, hinh lang tm 

Pinii hmmg 1: Ve hirth theo yeu cau, gia thiet bai toan. Trong mąt day, tim mdi 
quan hę vuóng góc, khi dó diem có yeu to vuong góc ó mąt day chinh la diem ta 
chan lam gde toa do O, dong thdi hai duong thang tuong ling vudng góc tąi diem 
dó duoc chon lam hai truć toa do Ox va Oy. Tir O dęmg tia vuong góc vói mąt 
day (thang dirng) ta diroc truć Oz. 


I |s 
ł’ I i 




H 5 


A, D 

/' y 


Tir chan hinh chieu cua dinh cua hinh chóp ta chon lam gde toa 
do, dong thdi duong cao nay ta chon lam truć Oz. Trong mąt day, tąi O tao ra hai 
dudng thang vuóng góc thich hop, va hai duong nay tucrng ung chon lam Ox va 
Oy. 
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Phis !gc 2. Hinh hoC idtóng gśan co dśen va}= hę tręc 

Mót so hmft da dien tąo them md 




or notramg 


Tsh tana dięin vuong thitang gąp 

Hinh Y©' ■. 


LA) 

/ 

,s 

2 J 

V 


GM thiet va ehem hę tmc Gzy z tifomg tmg. I 

1. Hinh chóp tam giac deu S.ABC vói day la ji 
j A ABC deu cąnh a, dudng cao SI = h vói I la | 
i tam cua A ABC . 

j Chon hę truć toa do Oxyz nhu hinh ve: ij 

I H^O{0 ;0;0) / A^;0;0j / B^;0;0j, | 

A b 

0 ;- ;h 

6 

V /V 

\~2. Hinh chóp S.ABCD có day ABCD la hinh 
s thoi cąnh a. SA _L ( ABCD) va SA = h. 

| Goi O = AC r , BD -> AC _L BD tai O. 

| Chon hę truć toa do Oxyz nhu hinh ve sao 
| cho 0(0;0;0) 

* Oz//SA-^OzT(ABCD). 

I * Hai diem C, D lan luot nam tren hai tia Ox 

Ol. 


z A 


S 

JK 

n \ 


A < 


,C^ 


h\ i L 


B \x 

Az 


r, 




' AL -. 


, D 


I 3. Hinh chóp S.ABC có SA ±(ABC^ va 
| A ABC vuóng tai B. 

Chon hę truć toa dó Oxyz nhu hinh ve sao 
cho: 

* B = 0(0;0;0) va Bzll SA-+Bz±(ABC). 

* Hai diem C, A lan luot nam tren cac tia Bx 
va By. 

4. Hinh chóp S.ABC có mąt ben (SAB) la 
i tam giac deu (hoąc can tai S), j 
j (SAB)j-(ABC) va day ABC la tam giac j 

| vuóng tai A. jj 

| Goi Hla trung diem ABSH ±(ABC^ . 

| Chon hę truć toa do Oxyz nhu hinh ve: 

! ł As0(0;0;0) va Az//SH. 

* Cac diem B, C lan krat nam tren hai tia Ax 
va Ay. 

5. Hinh chóp S.ABC có chieu cao h, mąt ben 
(SAB) la tam giac deu (hoąc can tai S), 

(SAB)j-(ABC) va day ABC la tam giac 
vuóng tai can tai C, CA = CB = a 
Goi H la trung diem AB - -> SH A ( ABC) . 
Chon hę truć toa dó Oxyz nhu hinh ve: 

as/l 




- y 


H = 0(0;0;0), A 


-; 0;0 


a\l2 


;0;0 


,C 


«A 

2 


,S(0;0;/t) . 
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j Vi da i: Cho hinh chóp S.AECD có day ABCD la hinh vuóng cąnh a, SD = — 1 . 

i , 

! Hinh chieu vuóng góc cua S tren mąt phang ( ABCD) la tnmg diem cua cąnh AB. 
) Tinh the tich khoi chóp ABCD va khoang cach giua hai dtróng thang SC va BD. 

fslśj 

, 3 

Chuan hóa a = 1 thi ABCD la hinh vuong cąnh bang 1 va SD = —. 

Goi H la trung diem AB thi SH _L (ABCD] . 


Ta có HD = 


'l A 


/ H: 

bLc 


D 


AB 


t 2 


+ AD 2 = 


■ SH = 4sD 2 -HD Z =, 


UY , >/5 

+ Jr =- 


: 1 . 


u/r 

2 

v J 


5 ABCD = ] (dvdt)-»Y 


S .^CD=~ SH - S ^CD=g( dvtt )- 


Chon hę truć toa do Oxyz nhtr hinh ve. 

Trongdó A =0(0;0;0), B(l;0;0), C(l;l;0), D(0;1;0), S| ^;0;1 


SC,BD 


BC 


Có SC = f , BD = (- 1 ; 1 ; 0 )/bC = (0;1;0)-» d(SC,BD) = 

UJ | [SC,BD 

Dua may ve phuong thiic PfiCTOR: @CCi- Nhąp vao may cac vector: 


VctA : 


, 1,-1 


, VctB = [—1,1,0] va VctC = [0,1,0]. 


ńbsC(VctA*VctB)> 

0.4850712501 


ftns-0 


0.4850712501 


2 /P? 

17 


|oi [g] [Y] (T) lD [™] [J] 0i3 CD si O i‘D © @3 GlI Cii OD Oj D3 lii OS QJ 1=3 
[oj {£) gfr] [f] [T] (U CD [o) [03 CO Cs '{£' > : I0 
An jACj ve man hinh tinh toan. Nhąp vao man hinh 

Abs((VctA x VctB) • VctC] Abs( VctA x YctB] 

jagi §Sj CD 113 £13 [f] 23 (§13 00 [31 CO SU CS [fi H® U] 113 CD (33 liMI iii HO 
m H3 OS §13 CS C53 CU 

An @ may hien ket qua bang 0,4850712501 gan vao X: (sjgj [gfftj fsoj UJ 
Ve phuong thiic COMP: SSĘ CD - Nhąp vao man hinh \jx 2 : [v5j j MM| tl3 @ 
r 2 Oli 

An [ss) may hien ket qua la — . 

a 3 , 2ajv7 


Vay V s ., BCD =y vhd(SC,BD) 17 

j V:t dą 2: Cho hinh lang tru ABCD.A'B’CD' có day ABCD la hinh chu nhąt, 
| AB = a, AD = 2 a . Hinh chieu vuóng góc cua diem A' tren mąt phang ( ABCD) la 
i diem H trung vói giao diem cua AC va BD, A'H = 3 a . Tinh the tich khói lang tru 
S ABCD.A'B'C'D' va khoang cach tir B' den mąt phang (A r BD) theo a. 


•i .ot snai 
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«r. 


0 ] 

6 


[ 1.5 


Abs(VctA-VctB-2» 

0.894427191 


Ans+X 


0.894427191 




zfs 

5 


Phu luc 2, Hinh hoc khong gian co dśen vdś hę truć Oxyz 

Chuan hóa a = 1 thi AB = 1 , AD = 2 va A'H = 3 . 

^ The tich khoi lang tru ABCD.A'B'C'D' la: 

V = A'H.S abcd = A'H.AB.AD = 3.1.2 = 6 (dvtt). 

Ta có AC = yl AB 2 + AD 2 = x/5 ^ HA = HC = ~ . 

2 

Chon he truć toa do Oxj/z nhu hirth ve, trong dó: 

A = 0(0;0;0) / B(1;0;0) / C(1;2;0) / D(0;2;0) / A'^;l;3 

Tu AB' = DC->B'f|;l;3 


She best or nothisis 


Ta có A B = j^-; -1; -3J va A'D = I 1; -3 
Dua may ve phucmg thuc VECTOR: §§ 
VctA = 


Nhąp vao may cac vector: 


m ni m oj m m m © e m m e m ii) @ tu tu ces m e m a ca 
(uminetsii) 


-,-1,-3 

, VctB = 

--,1,-3 

_2 


2 


VCTB 

VCT0 

VCTB 

ń 

& 

c 

C D.5 -i 

[ -0.5 1 

[ 1 n S 1 SKBffl 

-3 

-3 

3 


An 51! ve man hinh tinh toan. Nhąp vao man hinh VctAx VctB : 

® SD GD KI®® ffl 

An © may hien ket qua la [ó;3;0] -> ^A'B, A'bJ = (6;3;0) -> Mątphang (A'BD) 
có VTPT la n = ( 2; 1; Oj. 

Phuong trinh mąt phang (A'BD) la: 2fx--l + (y-l) = 0<=>2x + i/-2 = 0. 


Nhąp ląi vao may tinh cac vector: VctA = 


,1,3 


va VctB = [2;l;0], 


An @ ve man hinh tinh toan. Nhąp vao man hinh 

Abs(VctA • VctB - 2) + Abs(VctB) 

s s @ ca © @ ca ca® ca® s ca ca gs ® @ ® © ® ci 

An (Mi may hien ket qua la 0,894427191 gan vao X: (tej [sh¥t] (rcG (Tj 

Ve phuong thuc COMP: §51 [Tj. Nhąp vao man hinh \f)C : (vsl flp® 

AO ,_. A ^ 2\f5 

An l=j may hien ket qua la -. 


Vąy V =6a 3 (dvtt) va d(B',(A'BD'j'j - 


2aS 
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SAvr\- y.<)\ 


•» ’?/fc, -S v .f?A ; : sśfcps*? .‘'--i ’ 

. * * LX *£■*' w * ,*«/ ' -'v v Hur ? «* śX> ' ii' ■5e«S%1 ^SW-Łt 

An EU: 1; CAC CONG THUC THE- TICH T5j DIĘN KHÓ 

Tu dięn S.ABC có SA = a,SB = b,SC = c va ASB = a, BSC = p, CS A = ®: 

abc 


V c 


6 


- ^/T- cos 2 a — cos 2 p - cos 2 <p + 2 cos a cos p cos cp 


Tu dięn ABCD có AB = a,CD — b,d^AB,CD^ — d va (AB,CD) =a thi 


V ABCD = — afed sin a. 
6 


3. Tu dięn S.ABC có S ASAB = S-,,S &SAC = S 2 ,SA = a va ((SAB),(SAQ) = a thi 

2S.S 0 sina 


V = 

v S.ABC 


3a 


(Cóng thuc the tich góc nhi dięn) 


4 . Tu dięn S.ABC có SA = a,SB = b,SC = c va ((SAB) / (SAC)) = a, ASB = p, ASC = cp thi 

abc 


V c 


SABC — sin a. sin p. sin (p . 

6 


S. The lich tu dięn deu ABCD cąnh bang a la V ABCD = 


a 3 yfl 
12 


6 , Tu dięn ABCD có AB = CD = a, BC = AD = b,AC = BD = c thi 


V ABCD =~-,)(a 2 +b 2 +>)(*+✓ -a 2 )(fl 2 +c 2 -fr 2 ) (The tich tut dięn gan deu). 


VAN Bi 2; GOC Dl/ÓNC THANG VA MAT PHANG 


s 

K 


o. 


/ F 


Pi 


H 


■ \ / 
A/ 


i W ' 
|\\\ 
/•"t T YT v ~ 

/ ' 

p, B ' 


h, S 

i \\ \ 


i A. 


c 


. P. K V 


D 


1, Goc ioąi 1.; (SA,(P)) = SAH (Góc giua cąnh ben va mąt phang day) 

2 G óc Ioąi 2i (Slf,(STC)) = BSF (Góc giua cąnh ben va mąt phang dutng chua duóng cao SI) 
,ąi 3; (SK,(SDE)) = KSÓ (Góc giua duóng cao SK va mąt ben (SDE)) 


3* AJ?0C i.OH3. 


V'AN BE 3: GÓC GIUA HAJ MAT PHANG 


W 


i \ \ 

i \ \ 


S. B 


/ O 1 


A' 


X 

i "/ c 


s 

a r i-f\ 

/ i 
/ fl 


p 


D 


\o/l 

H %/l 

M 


N 


((SAB),(E)) = SCD (Góc giua mąt ben va mąt phang day) 

(( SAB),{SCD )) = KS] (Góc giua hai mąt ben có hai cąnh song song AB va CD) 
k ( ( SMN),(SHN )) = ÓPM (Góc giua mąt ben va mąt phang dung chua duóng cao SH) 


lOVt : SOOK.\ 






Mąt cau loąi 1: Cac dinh A, B, D cung nhin SC d uói mot góc vuóng thi ban kinh mąt cau R = — 



Łoi giai 


Ta có BC X AB, BC X SA —> BC X (SABj —> BC X SB —> SBC = 90° = SAC. Suy ra cac dinh A, B cung nhm cąnh 
SC duói mot góc vuóng. 

SC , 44 

Ban kinh mąt cau ngoąi tiep hinh chóp la R = —— = a —> The tich khói cau la: V = — nR 3 = — na 3 (dvtt). 

Dap an A. 



Lol giai 


Ta có BC X AB, BC A. SABC X (SAB) BC X SB SBC = 90°. 

Ląi có CDXAD,CDXSA-»CDX(SAD)^CDXSD->5D£ = 90°. 

Nhu vąy SBC = SDC = SAC = 90°. Cac dinh A, B, D cung nhm canh SC duói mot góc vuóng. 


Ban kinh mąt cau ngoąi tiep hinh chóp la R = = a —» V - —~ 


Dap an B. 

m SA 2 

Mąt cau loąi 2: Neu SA vuóng góc vói day thi: R 2 = R 2 h——. Cac van de can chu y ve R D (ban kinh 
duóng tron ngoąi tiep mąt day): 

1 a4?> 

1. Neu day la tam giac vuóng thi R 0 = — cąnh huyen va neu day la tam giac deu thi R D = 

a4l 

2. Neu day la hinh vuóng thi R D = 

3. Neu day la hinh chu nhąt thi R D = ^ duóng cheo 

4. Neu day la tam giac can có góc 120° cąnh ben bang a thi cąnh day bang ćZ\/3 cón R f) = a 


5. Neu day la tam giac thuóng thi ap dung cóng thuc Herong: R D = 


4 \/p(p-«)(p-fr)(p- c ) 





















Ti du 1- Cho hinh chóp S.ABCD có SA ± ( ABCL)),SA = 2 a va A8CB la hinh chu nhat vói dircmp - cheo có 

-Ł \ / 'O 

1$ dai bang a\/5 . Tinh ban kirth mat cau ngoąi tiep hinh chóp. 


Ca có R d = nen ban kinh mat cau ngoąi tiep hinh chóp S.ABCD duoc tinh theo cóng thńc: 


R = . Rl 


jf ~aS f (2 af [Ea 2 
i 2 J + 4 = V 4 


Cho hinh chóp S.ABC có SAD^ABCDf SA = 2a va AABC deu cąnh bang a. i inh ban kinh mąt 


ry CfsjS 

Ta có R d = -ż-— — = - nen ban kinh mąt cau ngoąi tiep hinh chóp S.ABC duoc tinh theo cóng thńc: 

3 2 3 

R = ^£+^-=1—I +^-= M+a 2 =^. 

V 4 ^ 3 J 4 V3 / 3 

T- d.u 3: Clio hinh chóp S.ABC có SAi-(ABCD), SA = 2a va AABC vuóng tai A, BC = 2a . Tinh ban kinh 
mąt cau ngoąi tiep hinh chóp S.ABC. 


Leń giai 

BC 2 a 

Ta có R d = — = — = a nen ban kinh mąt cau ngoąi tiep hinh chóp S.ABC duoc tinh theo cóng thńc: 

R= \S + ^r = ‘/ fl2+ ^T- =flx/5 - 

Vi du 4: Cho hinh chóp S.ABC có SA±(ABC) / SA = 2a a AABC can tai A, AB=a, BAC =120° . Tinh ban 
kinh mąt cau ngoąi tiep hinh chóp S.ABC. 


Theo dinh ly ham so cosin ta có: BC = \lAB 2 + AC 2 - 2 AB. AM. cos BAC = \fa 2 +a 2 - 2a.a.cos 120° = «\/3 . 

t' c 1 in . gnr 7 =. AB.AC.BC _ BC ci/3 

Tu S., Rr = — AB. AC. sin BAC =- <=>R n =-=--- -a. 

2 4 R d d 2sin BAC 2sinl20° 

Ban kinh mąt cau ngoąi tiep hinh chóp S.ABC duoc tinh theo cóng thńc: 

R = Ir 2 d + — = x fl 2 + ^-=ac/2. 

V 4 \ 4 


Mat cau loąi 3: Neu O.ABC la tam dien vuóng tai O thi R 2 = ^{(DA 2 +OB 2 +OC 2 ) 


Vi du: Cho hinh chóp S.ABC có SA, SB, SC doi mót vuóng góc vói nhau. Biet SA = a,SB = 2a va SC = 3a. 
Tinh ban kinh mąt cau ngoąi tiep hinh chóp S.ABC. 


Ban kinh mąt cau ngoąi tiep hinh chóp duoc tinh theo cóng thńc: 


R l, \ISA 2 +SB 2 +SC 2 = - y Ja 2 +(2af + ( 3 af = 
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3. Tuyen taa cfing tiwJc gial nhańb trać nghięm tośn 


r~ 


Mai 


lomi 4: Neu chóp có cac cąnh ben bang nhau (hinh chóp deu) thi R - 


SA 2 

2SO 


s he best or nothmg 


Trong dó O la tam cua 


day va: 

1 . Neu day la tam giac deu thi O la trong tam, truć tam. 

2. Neu day la tam giac vuóng thi O la trung diem cąnh huyen. 

3. Neu day la hinh vuong, hinh O la giao diem hai duong cheo va la trung diem moi dudng. 


Vf du 1: Cho hinh chóp tam giac deu S.ABC vói AB = a,SA = 2a. Tinh ban kinh mąt cau ngoąi tiep hinh 
chóp S.ABC. 


Len giai 

Goi G la trong tam cua A ABC thi SGX(ABC} va GA = — .— 2 ~~~— 3 ^~ = _ 3 ~~ 
Ban kinh mąt cau ngoąi tiep hinh chóp S.ABC duoc tinh theo cóng thuc: 

SA 2 SA 2 _ {2af_ __W33 


R-- 


2SG 2\jSA 2 - GA 2 


2. ( 2 af 


V 3 3 


11 


vi du 2: Cho hinh chóp tó giac deu S.ABCD có AB = a va SA = 2a. Tinh ban kinh mąt cauoa nąi tiep hinh 
chóp S.ABCD. 


Lód giai 

W 2 

2 ' ' 2 

Ban kinh mąt cau ngoąi tiep hinh chóp S.ABCD duoc tinh theo cóng thuc: 

SA 2 SA 2 (2 af __ 2 aju 


Goi 0 = ACnBD-^SO±(ABCD) va OA=OC = ^~AC = ^.AB^J2=- 


R = 


2SO 2\IsA 2 -OA 2 


1 


(2 a f 


f2 


V 2 3 


cau loąi 5: Neu hai mąt vuóng góc vói nhau (mąt ben vuóng góc vói mąt day) thi R 2 = R^ + R 2 


trong dó AB la giao tuyen. 


Vi d'ą 1: Cho hinh chóp S.ABCD có day ABCD la hinh vuóng cąnh a. Biet A SAB deu va am trong mąt 
phang vuóng góc vói day. Tinh ban kinh mąt cau ngoąi tiep hinh chóp. 


Ban kinh duong tron ngoąi tiep A SAB la R, = 


Ldi giai 

2 oa /3 a\l 3 , , , , 


3 2 


va ban kinh duong tron ngoąi tiep hinh vuóng 


a. 


ABCD la R 2 = ^—. Giao tuyen cua (SAB) va ( ABCD ) la AB = 

Ban kinh mąt cau ngoąi tiep hinh chóp S.ABCD duoc tinh theo cóng thuc: 


R = JRf+R 2 


AB 2 


r aS \ J a^2 


2 r rz\ 2 


V 3 3 


V 2 3 


a 2 _ asfH 

T~~ 6 


Vi du 2: Cho hinh chóp S.ABC có day ABC la tam giac deu cąnh bang a. Biet (SAB) -L(ABC), A SAB can 
tai S va SA = 2a. Tinh ban kinh mąt cau ngoąi tiep hinh chóp S.ABC. 
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)i H la trung dieni AB thi SM _L AB —?■- SM _L ^ ABCO). 


Ta có SH = ^jSA 2 - 


AB 


2 r 


’ \ 2 ) 2 


Tu* S ASAB = — 5H.AB ■■ SASB - AB 


■K 


4/<, 

SA.SB 2a.2a 4 a 


—-ri-- =-7=^ = —jp= la ban kinh duong iron ngoąi tiep 

2 SH aVl5 \/15 


AS AB. 


Ban kinh dtrćmg tron ngoąi tiep AABC la = t/v ' 5 . 

3 2 3 

Giaotuyencua (S/i/i) va (ABC) la AB = a. 

Vąy ban kinh mąt ca u ngoąi tiep hinh chóp S.ABC duoc tinh theo cóng thuc: 

a 2 a4 115 


R = f* + R 2 2 


AB 2 


4 a 

^5. 


2^3 

v 3 , 


4 10 


i c«-« (i; Chóp S.ABC tóng quat có chieu cao SH va tam day la O thi ta giai phirong trinh: 

| (Sił - x) + OH 2 = x 2 + /<’, de tim x. Vói x tim uu-oc ta có R 2 =x 2 + R 2 , 


MM cau loęi 7: Ban kinh mąt cau n$i tiep: r = 


sy 


Moi so van ii kitac cm mai cau: 




| 1. Mąt cau ngoąi tiep tur dięn gar, de u: R = - v -~ Ja 2 + b 2 + c 2 


42 

3 


sJb \l — 

i 2, Mąt cau ngoąi tiep tu dięn deu: R = — va mat cau npi tiep tur dien ean deu: r = 
l 4 ' r ' ° 12 


'AN Dfc 5: NHC 

MG BIELI CAN N 

liO VE BA 

31ĘN BE U 




1 '' ' . Jły, klO;!. 

■ ■ . .< 

y,, Soi ■#«!* 

So " 



V ~ 

; 

i 

rp / -O • /S JlV\ 

Tir dięn deu 

/ i X 
\J> 

4 

" “. 

6 

r~... 

4 

{3; 3} 

6 

Ląp phuong 

i , || 

8 

12 

6 

( 4 ;3) 

9 

8 mąt deu 


6 

12 

8 

u 

{3;4} 

9 

12 mąt deu 

y \ $ 

T* XV *=*«#■ > 

I W 1... % 

20 

30 

12 

{S;3} 

15 

20 mąt deu 

•453.K 

12 

30 

20 

{3; 5) 

15 
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iu kac 3. Ttiyśfi tąp cosig thtte gai nhanh trać aghifm ti>an 


est or jiothsnf 


VAN BE 6: CAC VAN BE VE MAT TRU, HINH NÓN VA KH08 TRU 






A __ __ 

Łj, s___i 

Kj \o 


S 5 A I 

ii / l\ 


o 


O' 


D 


K. 


c 


Hmh 3 


Hmh 


Hinh 5 


Hinh 1 

Hmh I* 

* Thiet dięn vuóng góc truć la mot duóng tron ban kinh R 

* Thiet dięn chua truć la mot hinh chu nhąt ABCD trong dó AB = 2R va AD = h. Neu thiet dięn qua truć 
la mot hinh vuóng thi h = 2 R 

* Thiet dięn song song vói truć va khóng chua truć la hinh chu nhat BGHC có khoang cach tói truć la: 
d(00',(BGHC)) = 0M 

2, Hinh 2: 

* Neu AB, CD la hai dudng kinh bat ki tren hai day cua hinh tru thi: V ABCD = - A B.CD.OO'. sin ( AB,CDj. 


* Dąc bięt neu AB va CD vuóng góc vói nhau thi: V ABCD =-AB.CD.OO' 

3. Hinh 3: ( AEbOO ') = AAB 

4. Hinh 4: d(AB f OO') = 0'M 

5. Hinh 5: Neu ABCD la mót hinh vuóng nói tiep trong hinh tru thi duóng cheo cua hinh vuóng cung bang 
duóng cheo cua hinh tru. NghTa la: Duóng cheo hinh vuóng bang \'4R 2 + h ’ 


VAN BE 7: CAC VAN BE VE HINH NÓN, KHÓl NÓN VA NÓN OJT 


s 



* Cac cóng thuc nón cut: V = -^nh^R 2 + Rr +r 2 ^,S xq =nl(R + r^,S tp -n[R~ +r~ +/(R + r)'J 

* Thiet dięn vuóng góc truć cach dinh mót khoang x cat hinh nón theo mot duóng tron có ban kinh la r. 


LOVEBOOK.VN I 480 













C&nF pba W tku&i Casio Ą ' k:2 ~ h{ 

* Neu h la chieu cao cua hinh nón han dau thi ta có li só: — = — 

R n 

■* Thiel dięn chńa truć la mot tam giac can 

* Neu tam giac dó vuong can thi h = R. Neu tam giac dó la tam giac deu thi h = R\[3 

2- Minii 2t 

+ Thiet dięn di qua dirih ma khóng chńa truć cal hinh nón theo mot tam giac can SAB. 

+ (SÓZSAB )) = ÓSM, (CSABUABC)) = SMO 
+ Neu M la trung diem cua AB thi AB ± (SMO) 


/AT THE TRON XOAY TRONG KHÓNG G3AN 


rjc cóttPthiłc chórn cm: S = 2nRh = n(r 2 +h 2 ) va V = uh 2 

■3 xq \ / 


R- 


h 


nh 


(h 2 +3r 2 ). 


S 


h ; 


--A 


R X. 


VI dii: Mot khoi cau bang thuy tinh có ban kinh bang 4 dm. Mguoi ta muon cat bó mot chóm cau có dięn 
tich mąt cat la 15Tt(dm 2 j de lay phan cón ląi lam be nuói ca. Hói the tich toi da ma be ca nay có the chńa 

la bao nhieu? 


1757t/ . 3 
A,-(dm 


17577/ , 3 \ 
»• — (dm 3 ) 


C. |dm 3 ) 


D. 


1 M gibi 

Goi V,V C va C ch fan lirot la the tich toi da cua be nsuói ca có the chńa, the 


X 


tich khoi cau bang thuy tinh va the tich khoi chóm cau bi cat bó. 
Khidó V - l; -V.. 4 ;yf!' - K-t 


/ ' .~ X 


h' i 


ł- t--A 

JiXs 


Jl*** a#?******* 1 "' 


Ta có 


fR = 4dm 


\S = nr 2 = 157t(dm 2 )-»r 2 =15 
->h' = ^R 2 -r 2 =X 2 -15=l-Wz = -R-fr' = 4-l = 3(dm). 


/ 


\ 


Vąy the tich mrąc toi da ma be ca nay có the chńa la: V'" - — - 7C.3 2 . 


X = !Z^dm 3 

3 ) 3 




t Khoi tru cut: S xq = nR (fej + h 2 ) va V = 7 1R 2 j _ 


2, Hinh nem loai 1: V = — R 3 tana 

3 

3. Hinh nem loai 2: V = f — \R 3 tana 

2 3 


Vi dą I: Cat mót khoi tru boi mót mąt phang duoc khoi (H) nhu hinh ve ben. 

Biet rang thiet dięn la mot hinh elip có do dai truć lón bang 10, khoang cach tir / 

diein thuóc thiet dięn gan mąt day nhat va diem thuoc thiet dięn xa mąt day k_ 

nhat tói mąt day lan luot la 8 va 14 (hinh ve). Tinh the tich cua (H) 8 | 


A, V (H) =192tt 
C. V {h] =704k 


B. V (h) =275tt 
D. V [H) =176n 


Lói giai 

Ta có cac kich thuóc: AB = CD = 8, CE = 14, AE = 1 0 -» DE = CE - CD = 14 - 8 = 6 
- >AD = \IaE 2 -DE 2 -\ll0 2 -6 2 =8^R = —= 4. 


i 


R '■% 

™ 


/ s 


Vąy the tlch cua (h) la V {H) =nR 2 AB t CE = n .4 2 /^^l = 176 tc (dvtt). 


_______ EJap an D. 

VI du 2: Tir męt khuc gó hinh tru có duóng klnh 30 cm, nguói ta cat khuc go bói mót mąt phang di qua 
duóng klnh day va nghieng vói day mót góc bang 45° de lay mót hinh nem (hinh ve). The tlch V cua hinh 
nem bang: 

A. \/ = 2250(cm 3 ) B. 17 = ^(cm 3 ) C V = 1250(cm 3 ) D. V = 1350(cm 3 ) 


X V = 1350(cm 3 ) 


n d 30 / \ 
, , - K = — = — = 15 cm) 
oc a 11 \ / 


Hinh nem có cac kich thuóc la \ 2 2 m > . 

[a = 45° 

r 2 2 
The tlch hinh nem la V = - /i 3 Lan a = -. 15 3 . tan 45° = 2250 (cm 3 j. 


R / R 


EMp an A. 


Cac cóng ihńc Hen quan den parabol bęc 2 va elip: 


^ n 1 | ^ 
























vfot san chód tre em hinh chtt rihat có ćhieu dai 100 m va 
?ng bang 60 m. Ngtrdi ta du dinh lam rnot eon dirong 
mg san nhir hinh ve. Biet rang vien ngoai va vien trong 
dirong la hai dtrćmg elip. Elip cua dirong vien ngoai có 
i va truć be lan liręt song song vód cac cąnh cua hinh cbu 
chieu rong cua mąt dirong la 2 m, Kinh phi mól m 2 
irtg la 600.000 dong. Sd tien lam eon dirong dó la: 
S4.053.000 dong B. 294.050.000 dong 

>3.804.000 dong Eh 283.604.000 dong 


VAN OE 9: CAC VAN BE CO' SAN CUA OXYZ 

Xac djnh Sieni łhonz ciua hę thuc vector: 


* Ly thuyet co ban: 2 MA - 3 MB = 5 tłu 


2 ( x a x m ) 3 { x b x. . j 0 

2 {yA-y M )- 3 (yB-y M )= 0 

2 { z a- z m)- 3 ( z b~ z m) = 0 


2A — 3B 

* Tuy nhien de tim tpa dp M don gian han, ta barn may: - va barn CALC va nhąp lan lupt x A , x B 

2-3 

ta dupc x M . Tirong tir nhir vąy neu nhąp y A ,y B ta dupc y M vanhąp z A ,z B ta dupc z M 

%iic dj-tth tęa. dii ede dietn diic Męt trong tam glac: 

[ HA.BC = 0; HB.AC = 0 

1. Toa dó tnie tam H la nghięm cua he: 1 -_ 

\\ab,ac\.ah^o 


2. Cho BC = a, AC = b, AB c ta có: 

3. Cho BC = a, AC = b, AB = c ta có: 
4 Cho BC = a, AC = b, AB c ta có 


Chan dirong phan giac trong D cua góc A: bDB + cDC = Ó 
Chan dirong phan giac ngoai E: bED — cEC = 0 
Tam npi tiep: alA + bIB + cIC = 0 




Ba vector dong phang: a,b ,c = 0 (Neu / (i la khóng dong phang) 
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2 . Boh diem dong phang: AB, AC ,AD = 0 (Neu ^0 la khóng dong phang) 


3. The tkh: V CD = - AB, AC LAD , dięn tkh tam glac: S ABC = — AB, AC 


4. The tkh hinh hop: V ABC d.a-b co' = ||^AB,ADj.AA' 

Chu y: Neu mot hinh hop chu nhąt biet dięn tkh ba mat thi the tich cua nó: V = ^jS 1 S 2 S 3 

m 1 ,m 2 Lab 

i T/"U ^ ^^ "U™ A-, atp *-V» Xł-*rr- A ( A A \ — - V oi A 6 dj, jB G • 


■ Khoang cach giua hai duóng thang: d(d l ,d 7 y 


\u u u 2 


u d ,AM 

+ Khoang cach tu 1 diem tói duóng thang: d(A;d) =-p=ri-(M sd) 

|«i| 

Mól hę song song va vuónggóc: 

1. Moi ąuanhę song song: P//P'=>n = n',d//d' =>u = u',P//d=>n-Lu 

2. Mdi quan hę vuóng góc: P -L P' => « _L n',d Ad' =>u 1. u', P Ad=>n = u 
Neu dczP=>u±u, A,BczP=>n± AB 

3. Moi quan hę vuóng góc cua 2 cąp vector: a Jh, a ±c => a = LpcJ 
Tuonggiao mąt phang vd męt cdu: 

Cho mątphang (P):ax + k/ + cz + d = 0 va mat cau (S):(*~* 0 ) + (y-y 0 ) + ( z ~ z o) =^ 2 - 

1. Truóng hop 1: (P) khóng cat (S) neu d(p(P)) > R . 

2. Truóng hop 2: (P) tiep xuc vói (S)neu d(/;(P)) = R va khi dó tiep diem se la hinh chieu vuóng góc 
cua tam I tren mat phang (P) 

3. Truóng hop 3: (P) cŚt mat cau (S) theo mot duóng tron giao tuyen khi d(/;(P)) < R. Khi dó tam duóng 
tron se la hinh chieu vuóng góc cua tam I tren mat phang (Pj dong thói ban kinh r cua duóng tron thóa 

manhęthuc: R 2 = r 2 + [^d(/;(P))j 

Tuang giao ducmg thang vd męt cdu: 

1. Duóng thang d cat mat cau tai 2 diem phan bięt A va B khi va chi khi d[l',(dj) < R 

2. Chu y 1: Hę thóc lienhę R 2 = ^ AB 2 + 

3. Chu y 2: Neu A ABI vuóng can thi R = v2d(/;(d)) 

4. Chu y 3: Neu A ABI deu thi R = — 

Cacfo xac dink hinh chieu vuónggóc cua A tren (p): 

, . , , ax, + by, +cz, +d 

* Booc 1: Xac dinh gia tri t =-r-r——- 

a +b + c 

* Buóc 2: Toa do hinh chieu H la: H(at + x A ;bt + y A ;ct + z A ) 

Cdc dąMg fodw phuong trinh mąt chan: 

Gia su mat phang (P) qua M va cat cac truć toa dó tai A(a;0;0),B(0;h;0),C(0;0;c). Khi dó: 
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Morę fłiaji a oook 


'L Neu M la trong tam tam glac ABC thi: a = 3 x M ,b = 3 y M ,C = 3z 

2, Neu M la trąc tam cua tam giac ABC thi OM = n p 

3, Neu V Q ABC min thi M la trong tam cua tam giac ABC 

1 


Neu 


OA 2 OB 2 OC 2 
Tam mat cau n 


11 , 

h -- min thi M la trąc tam cua tam giac ABC 


goai tiep tir dien OABC la if —Ban kr 

{2 2 2 ) 


kinh: R = ~-Ja 2 +b 2 +c 2 . 


y ve tam dien yuóirg: Tong binh phtrcmg dien tich cac mat ben "bang binh phuong dięn tich mat cón 


C 2 _1_ C 2 C 2 = Q 2 
11 • &OAB ^ J OBC ^ °OCA °ABC 


vAn £)E 10: CAC BAS TOAM Cyt TRI TRONG OXYZ 

1. Viet (P) chu-a dsao cho ( d',(P )) łónnhat: n p = u d ,^u d ,u d ,~^ 

2 . Viet d nam trong (P) sao cho ( d, d') nhó nhat: u d = ^n p ,[n p/ u d . J 

3. Viet (P) chua dsao cho ((P),(Q)) nhó nhat: n p =\^u d ,\ [ u d ,n Q JJ 


,,[n p ,AM 


4- Viet d nam trong (P) va qua A sao cho d(M,d ) nhó nhat: u d 

5, Viet (P) chrra dsao cho d{M,(P )) łónnhat: n p =[u d ,[u d ,AM ] vói A bat ky tren d 

6, Viet d nam trong (P) va qua A sao cho d(M.,d ) łon nhat: u d = [n p , AmJ 

VąH BE 11: CAC DANG TGAN S 6 PHUt HAY VA KHÓ 

1, Neu quy tich cua M(z) la dućrng tron tam l(a;b) ban kinh R dong ihói module cua só phuc can tim 
fmax = I/ + jR 


max-min la JM thi: 


min= IJ-R 


x 2 y 2 

2 Neu |z-c| = |z + c| = 2a thi quy tich cua M(z) la elip •^- + ■^- = 1 trong dó b 2 = <r-c 2 


3. Neu z = k thi 


|/( z )| 2= /( z )/( 2 ) 
\z-af =a 2 + k 2 -2ax 
\z + a\ 2 =a 2 +k 2 +2 ax 


4. z la mót só thuc neu z = z va z la męt só thuan ao neu z = -z 

5, Neu az 2 + bz + c = 0 vói a,b,ceR có hai nghięm phuc thuc su z 1 ; z 2 thi day la hai só phuc lien hop cua 


, 2 2 C 

nhau, dong thoi z, = z 2 = z 2 z 2 = — 


6, (! + tf = li, (l - if = -2i, 


i+A, 

2 2 


= -l 

■71 +1 


7 . Mót só tóng dac bięt: 1 + t + i 2 = 


va 1 + 2i + 3r +... + [n +1) i" = 


ni n+1 — (łi + l)i" +1 


8. Mót só dang thuc dac bięt: \z t +z 2 | 2 + \z x -z,| 2 = 2^|z 1 | 2 + |z 2 | 2 J va zz' + zz' = 20M.0M' 

9. Neu — la só thuan ao thi A OMM’ la tam giac vuóng tai O 

z' 
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Phan tich; Ton tai hai so a,p thóa man l = a.(ax + b) + p.(cx + d)<^(fl.a + c.p)x + (b.a + d.p) = l 


<=> 


«.a + c.p = 0 (ab.a + bc.fi = 0 


<=> 


b.a + d. p = 1 I ab.a + ad. p = a 




(fld-hc)p = a 

a = ——.p 
a 




a 


a = — 


ad-bc 
c 


ad-bc 


Khidó 


u 

ad — hr 


(flX+fe)(cX + d) 
d(ax + b) 


dx = 


c ( 

ax + b) 

+ « 1 

(cx + d) 

f ad — bc 

ad-bc 

! 

(flX + fc) 

(cx + dj 

( 


dx 


a r dx c r dx 
ad-bc^ ax + b ad-bc^ cx + d 


C 1 

d 

(cx + d) 

ad-bc J 

'c| 

^cx + d) 


-——(ln]ax + &| -ln|cx + d|) + C = 


ad-bc 


-In 


ax + b 


cx + d 


+ C. 


pi 1 X" fi 1 X 

2. —r-—-dx = r - r arctan 1 - r + C hoąc —--dx ^i-rarccotr-r + C 

J x +a łoi \a\ Jv 2 4-/j 2 U Id 


L 


x +a 


Phan tkh: 


jł w, II. , > ■ , I TC TC 

Dat x— fl.tanf voi te —; — 
m 1 2 2 


. Ta có dx = d(U.tanf) = ' dt 

Vl 1 7 cos 2 1 


j~ - 2^ x ~ - 2 -\ ~ i dt = ‘t r J*— -df = T^|[df = yirt + C = i^rarctanT^r + C 

J x 2 +a J a (tan'f + 1 ) cos f |fl| J 1 | a\* \a\ \a\ \a\ 


cos 2 1 


.cos t 


' Dat x = U.cotf vói t e ( 0;7c). Ta có dx = d(lfllcotf) = —ki—dt. 
II V ’ w \ ) sin 2 f 


f TTTTT dx ~ ~ { 

J x + a J - 


(cot 2 1 + 1) 


~~T1 df = -pr J—: — -df = -i Jdi = -Xł + C = - —arccotpy + C . 

sm t a J 1 \a J a a a 


sin 2 1 


.sin t 


fl X f 1 X 

3. — 7 == dx = arcsin r-r + C hoąc .- dx = -arccos^- + C 

\n\ J /_ 2 ..2 U 


Ja 2 


Phan tich: 


|fl .sinf vói f e 

K 71 

2'2 

1 dx - f 

fl cosf 


. Ta có dx = d( a .sinf) = |« .cosfdf 


%/fl 2 - 


=df = f- 

•2 X J I 


fl cosf 


fl|vcos f 

Dat x — |fl|cosf vói f e [0; 7 t]. Ta có dx = d(|a|cosf) = -|a|sinfdf 


df = Jdf = f + C = arcsinry + C. 


r 1 r a sinf r wisuu r r 

J 1 1 dx = — . df = — f —— f=dt -— |df = -f + C = — arccoS]—r + C . 

\la — x 'Ja 2 - a 2 cos 2 f ak/sin 2 f fl 


fl sinf 



Ja 2 -x 
1 


7x 2 ±/ 


dx = ln 


x + 


Jx 2 ±a 2 +C va J— dx = ln|w| + C 


Phan tich: 





















a u 1 ^ tu f d u f d u i i f ę 

u ^ u u’ ^ u 


4 


=ńx ■ 


d \x- 
1 \ 


*Jx 2 + a 2 1 


/' 9 O 

\tx~+a j + 


slx 2 +a 2 


r d ! 

X 4 'sf X 2 4- ć? 2 1 
/ 

t 

di 

r ' 

f / 2 2 \ 

lx + -\/x +a i 
1 / 

J 

/ 2 2 

2 4 £ 

4 X 

j / 9 ~ , 

■%/ X "f i? 4 X 


\/X 4£T 


/ ? 2 
iX“ +fl 


rdx = In 


'sjx u tC . 


f 1 

j v _ f 

^ d|x + -\/x 2 -fl 2 

-ii t 2 2 \ 

dix + yx -« J 

- f 


=dx-J , 
-a \/. 

4-a 2 i + x 

1 — s jx 2 - A 2 +x 

J 



slx 2 -a 2 

sjx z - a 2 



dl x + \/4 -a 2 j 


\jx z - a 2 " 


■dbc = ln 


x + yx 2 -a 2 \+C. 


| ", jxe*dx = i 

(x-i) 

|e x H-C va j 

| lnxdx =| 

4-i) 

|lnx + C | 



\u = X 

idu = dx 

* Dąt l 

-M 

[dz? = e r dx 

li 


\u = lnx 

du = — dx 

* Dąt -j 

—^ 1 

X 

[dv = dx 

\v = X 


■ J xe j: dx = xe* - 1 Ndx = xe* - e* + C = (x - l)e* + C . 


a na 

Neu f{x) la ham le thi J f(x)dx = 0 . Neu /(x) la ham chan thi J /(x)dx = 2 | /(x)ć be. 


Phan. lidu: 

a 0 a 

Ta cć I = f /(x) dx = j/(x)dx + J /(x)dx 

-a -a O 

O O 

* Dąt x = -t —» dcc = -dl -> j /(x)dx = -J/(-l)df. Neu /(x) la ham sole thi f(~t) = ~f(t) 

-a a 

-> J f(x)dx = -j f(-ł)dt = J f(t)dt = -} f(t)dt = -}/(x)dx . 

-a aa 0 0 

a O a aa 

Khi dó I = |/(x)dx = |/(x)dx +j/(x)dx = -j/(x)dx + j/(x)dx = 0. 

-<3 -a O 0 0 

O O 

* Dat x = -f -»■ dx = —dl —> | /(x)dx = -J/(-l)dl. Neu f(x) la ham sochan thi /(-f) = /(l) 

-a a 

O O a a 

-/(x)dx = -|/(l)df = J/(l)dl = |/(x)dx. 

-a a O O 

a O a fl a a 

Khi dó I = | /(x)dx = j /(x)dx + J/(x)dx = J/(x)dx + J /(x)dx = 2j/(x)dx. 


Dang toan tim hang so C: F (i?) = J/(x)dx + F(a) 

<2 

Phan Uch: J/(x)dx = F(x)| = F(b) - F(a) -> F(fr) = J/(x)dx + F (a). 
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The best os - nothing 


Phy iąc 3. Tuyen tąp cdng thtfc giai nhanh trać ngbiśm toara 


b b 1 ^ 

|/(x)dx = J/(a + b-x)dx = —— j(p/(^) + qf(a + b-x))dx 
a a P + C I a 


Phan tkh: Dat t = a + b-x—>dt = -dx. 

ba b b 

* 1 f{ x )^ x= -jf( a + b-t'jdt = J/(a + fr-f)dt = J/(a + fc-x)dx . 


^}(p/(x) + ^(« + fo-x))dx = ^J/(x)dx + -^f/(a + f,-x)dx = -^-}/(x)dx + -^-]/(x)ck 


^^fW x ) + ^( fl+b ~ x )) dx= ^l/( x ) dx= f/( x ) dx 


9. Neu tich phan phan thuc có bąc tir lón han hoąc bang bąc mau phai chia da thuc. 

Vi du :I = 

2 x 3 - 10 x 2 + 16x -1 

łx = J 

f 

9v 4- 

4x 

-1 

dx . 

x 2 - 5x + 6 

V V 

x~ 2) 

(x — 3 ) J 

10. Cach tach phan thuc loai 1: 

x 2 +1 


ABC 

x-l)(x- 2 ^ 

(x-3 

) x — 1 x -2 x — 3 


VI du 


x 2 +l ABC A(x-2)(x-3) + B(x-l)(x-3) + C(x-l)(x- 2 ) 

(x-l)(x-2)(x-3) x — 1 x —2 x —3 (x-l)(x-2)(x-3) 


_ A(x 2 - 5x + 6 ) + B(x 2 - 4x + 3) + C(x 2 - 3x + 2) _ (y\ + B + C)x 2 -(5.4 + 4B + 3C)x + 6A + 3B + 2C 
(x-l)(x-2)(x-3) (x-l)(x-2)(x-3) 

A + B + C = 1 

Su dung ky thuąt dong nhat hę so', ta có hę phuong trinh sau < 5A + 4B + 3C = 0 

6 A + 3B + 2C = 1 

Tren may tinh cam tay, su dung phuong thuc EON: [H| (Tj de giai hę phuong trinh nay. An j§§ 
va nhąp cac hę so cua hę phuong trinh. Ta tim dupc nghięm A — 1,B = -5,C = 5. 


Vąy 


x 2 +l 


5 5 

- + - 


(x-l)(x-2)(x-3) x-l x —2 x-3 

x 2 +l 


. Cach tach phan thuc loąi 2: 


(x-l) 2 (x- 2 ) 


ABC 
- + -+ - 


x -1 x - 2 


(*-lj 


Vi du: 


x 2 +1 


A | B | C _ ri(x-l)(x-2 )+B(x-l) 2 +C(x-2) 


(x — l) (x- 2 ) X ~ 1 ( x _ij 


(x~l) (x- 2 ) 


A(x 2 -3x + 2 

) + B( 

x 2 ~2x + l) + C(x-2) (A + B)x 2 —(, 

3A + 2B-C)x + 2A + B-2C 

( 

x — l 

1 

1 

* 

Cl_ 

(x — 1 

f 

) 2 (x-2) 

A + B = 1 


Sir dung ky thuąt dong nhat hę so, ta có hę phuong trinh sau 


3 A + 2B - C = 0 
2A + B-2C = 1 


Tren may tinh cam tay, sir dung phuong thuc EQN: Hag fH de giai hę phuong trinh nay. An §§1 U] UD 
va nhąp cac hę só cua hę phuong trinh. Ta tim dupc nghięm A = -4,B = 5,C = —2. 
x 2 +l -4 5 2 


Vąy 


(x-l) 2 (x- 2 ) x-l x — 2 (x — l ) 2 
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I* v(ł^dł : Quang dtrang-la tich phan cua van toc giua hai thoi diem t = a va i = b 


VI du 1: Mót vąt chuyen dong vói vąn tdc thay doi theo thdi gian duoc tinh bódcong thóc v(t) = 5t + l, 
thdi gian tinh theo don vi giay,. quang dtrćmg vąt di diroc tinh theo don vi met. Quang dtrćmg vąt dó di 
duąc trong 10 giay etan tien lai 

A. 15 met B» 620 met C, 51 met D. 260 met 


Ldi giai 

10 10 

Quang dudng vąt dó di dnąc trong 10 giay dau tien la s = J v(t^dt - J (5f + l)dt = 260 (met). 

o o 

a MśSiTi 

fo°(5X+Ddx 

J_ 260 

Dap k D. 

Vi d\ł 2: Mot vat chuyen dong vói gia tdc «(f) = -20(l + 2f) ' I<hi * = 0 thi v|n tdc cua vąt la 30 


j. Tinh quang duóng vąt dó di chuyen sau 2 giay. 


A. 46 met 


B. 48 met 


C. 47 met 


D, 49 met 


Van tdc cua vąt la u(f) = Ja(*)d* = —20j 

-^( t ) = T^7 + 20 (/ll- 


LM giai 

10 


t— r dt = -15- + C.Do w(0) = 30 —> ———i-C = 30<=>C = 20. 
.oA 2 1 + 2* 1 ’ 1 + 2.0 


(l + 2f) 


Quang dudng cua vat di chuyen dtroc sau 2 giay la: s = |n(f)dt = J --120 d*« 48 (met). 

r\ n \ 1 H” 2 1 ) 


Jot l+2X + ^b X 

48.04713956 


Dap an B. 


u 

14. Dięn tich hinh phŚng giói han boi cac dudng y = f \x) ,y = g{x) ,x = a va x = b : S = [ f(x)-g(x) ćhc. 


Vi dn: Dięn tich S cua hinh phang giói han boi cac do thi y = x 3 —x va \j — x-x la 


. c 37 
A. S = — 
12 


... c 9 

B. S = - 
4 


e, s = 


). S = 13 













J* 2 iX 3 +X 2 -2Xidx 

3.083333333 


3.08(3) 


0 Math & 

37 

_ iZ. 


Dap an - 


15. The tich tron xoay quanh truć hoanh: V = nj 

a 

\f{ x ) .C (v)d.v 



Vi du: Cho hinh phang D giói han boi cac do thi ham so y = — va y = x. Tinh the tich V cua khoi tron 
xoay tąo thanh khi quay D quanh truć hoanh. 


A. V = 


124tt 

15 


V = 


12Ó7T 

15 


C V = 


128tt 

15 


D. V = 


13171 

15 


Lói giai 


Phuong trinh hoanh dó giao diem: i- = x » x(x-4) = 0o 


x = 0 
x = 4 


The tich can tinh la V = Ttj 




V 4 7 


-X 


, 12871 . 

dx =- (dvtt). 

15 


0 Math i 


-x*|dx 

12S_ 


JLŁ 


Dap an C. 


The tich tron xoay quanh truć tung: V = 2nj x/(x) dx 


Vi du; Cho hinli phang D giói han bói truć hoanh va parabol (P): y = 2x —x 2 . Tinh the tich V cua khói 
tron xoay tao thanh khi quay D quanh truć tung. 


A. V = 


8n 


i.V = 


7n 


C. V = 


lOn 


D. V = — 
3 


Łoi giai 

Phucmg trinh hoanh do giao diem cua (p ) vói truć hoanh: 2x - x 2 = 0 o x(2 - x) = 0 <=> 

2 o_ 

The tich can tinh la V aj = 2nj x(2x — x 2 |dx = — (dvtt). 

n 3 


x = 0 
x = 2 


0 Math . 


2*Jo IX(2X-X 2 ) ld> 
s 


Ił 


an. 


17. 


The tich cua vąt the có thiet dięn vói dięn tich S(xj: V — |s(xjch: 


Vi dii: Tinh the tich V cua phan vąt the giói han boi hai mąt phang x = 0 va x = 2, biet rang khi cat vąt 
the bói mąt phang tuy y vuóng góc vói truć Ox tai diem có hoanh dó x(0 < x < 2j thi ta duoc thiet dięn la 

mot phan tu hinh tron có ban kinh bang ^/2x 2 . 


C. V =—n 


A. V = 3271 


B. V = 647T 


D. V = 8n 



























Thiel dien la — hinh tron có ban kmh yflx 2 , nen dien tfćh thiet dien la S(x) — —%{^2x 2 ) 
4 ' v ’ 4 v / 

- - „ rl 4, 16 


2 _ 1 „ 

i — — 7 ZX 


r 4 (dvdt). 


The tich can tinh la V = — roc 4 dx = —n (dvdt). 

n 2 5 


4lX 4 dX 


j 18. Dq dai dućmg cong: L = Jyl+ (/'(*)) dx 


¥i d:o.‘ Luong gió thoi on dinh eon dieu ve hucmg Tay,chieu cao cua eon dieu phu thuoc vao vi tri tinh 

theo phucmg ngang tii x = 0 den x = 80 met dirąc chobod phucmg trinh y = 150-ii-50) . Tim quang 

40 v ' 

dućmg cua eon dieu. 

A. 122,776 (met) B. 122,767 (met) C, 122,677 (met) D. 122,771 (met) 


C 122,677 (met) 


D. 122,771 (met) 


Taco y' = -—(x-50). 


80 i-— 80 I /2 V 

Quang dtróng cua eon dieu la: L = f Jl + (y') dx = J ,11 + (x ~ 50) dx »122,776 (met) 

o o V V 20 J 



^ |9r-*(3-4 ! ^ 1 (3 _ 

[0 < * < 3 3 


Loi gia 


Suy ra duóng cong gom hai nhanh doi xvmg nhau qua truć hoanh. 

Xet duong cong y = f(x) = — (3-x )\Sx —> /'(x) = —. 

3 2%/x 


Dięn tich can tinh ła: S = 2tcJ — (3 - x)\/x Jl - 


1 —X TT 


ta Mjth A 

fJoC3-X)(X+l)dx 

_3jl 


= — j(3-x)(x + l)dx = 3 tc (dvdt). 
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Sue 3. Tuyen tąp c6ng thdfc glal nhanh trać nghifm toan 


fhe best cr nothi 


DE 13; HAM SO BĄC 3 CO 2 COC TR| 

Cho ham só bąc 3: y = ax 3 +bx 2 +cx + d có 2 cuc tri la A(x 1 ;i/ 1 ) / B(x 2 ;j/ 2 ).Khi dó ta có cac chu y 


sau: 


I. Dieu kien có 2 cuc tri: A = b 2 - 3 ac > 0 


iu: Gia tri cua m de ham só y = x 3 - 3x 2 + 3(l — m)x +1 + 3 m có hai diem cuc dąi, cuc tieu la 
m> 0 B. m > 0 C. m < 0 D. m < 0 


Lot sial 


Hę só: a = l,b = -3 va c = 3(l-?«). Ham só có hai cuc tri <^>b 2 -3ac = (-3 ) 2 — 3.1.3(l-m) > 0 <=> m > 0. 

b 2 -3ac<0,a>0 , 


S il i 


2. Ham so dong bien tren K khi 


a = b = 0,c>0 


va nghich bien tren R khi 


b 2 -3ac<0,a<0 
a = b = 0,c <0 


1 

Vi du 1: Gia tri cua tham so m de ham so y = — x 3 + mx 2 - rax - m dong bien tren R la 


m > 0 

m > 0 

A. -l<m<0 B. 

C. 

D. -1 < m < 0 


m <-1 

m < -1 





Loi giai 


1 1 

Hę so: a- — >0,b = m va c = —m . Ham so dong bien tren R khi b 2 - 3 ac = m 2 - 3 .-(-«?) < 0 
3 3 

<=> m 2 + m < 0 <=> m{m +1) < 0 <=> -1 < m < 0. 


Dap an D. 


H du 2: Gia tri cua tham só m de' ham so y = — x 3 — mx 2 + (4m + 9)x + 5 nghich bien tren khoang (-oo;+oo) 


la 


A. -9 < m < 3 


L -9 <m< -3 


m>-3 
m<- 9 


D. 


m>-3 
m<— 9 


Hę só: a = -l<0 r b = —m va c = 4m + 9 

(-m ) 2 - 3(-l)(4m + 9) < 0 <o m 2 + 

LM giai 

. Ham só nghich bien tren (-co; +ooj khi b 2 - 3 ac < 0 

3(4 m + 9) < 0 <=> (m + 3 )(m + 9) < 0 <=> — 9 < m < — 3. 

Dap an B. 

3. Dong bien tren doąn có do dai 8 : j 

a< 0 

x 2 -Xi 

g va nghich bien tren doąn có dó dai 8 : i 


SI 1 


Vi du: Gia tri cua tham só m de ham só y = 

A. m = 2 B. w = 4 

v 3 + 3x 2 + rnx + m nghich bien tren doąn có dó dai bang 2 la 

C. m = — 1 D. m — 0 


Lot giai 

Ham só nghich bien tren doąn có dó dai bang 2 <=> y' = 3x 2 + 6x + m = 0 có hai nghięm phan bięt x t , x 2 sao 


A' = (-3) 2 -3m>0 f9-3m>0 

cho \ v ; o 2 

\{x 1 -x 2 ) =4 K*i+* 2 ) - 4 ¥ 2 = 4 


<=> 


m < 3 

/ ,2 4m = 0. 

(-2) - T = 4 


Dap an D. 
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4 , Phuang trinh dudng thang di qua hai diem cuc dai va cuc lieu cua ham sd bąc ba 
y = f{x) = ax 3 +bx 2 +cx+d la y = mx + n trong dó mx + n la du thuc trong phep chia /(x) cho 


Vi dii: Viet phuang trinh dudng thang di qua hai diem cuc tri cua do thi ham sd 
y = x 3 - 3 mx 2 + 3 (m 2 -l)x — m 3 


Ta có y' = 3x 2 - 6mx + 3 \m 2 -1 j . Thuc hien phep chia y = x 3 - 3 mx 2 + 3 {jrr — 1 jx — m 3 cho 
y' = 3x 2 - 6 mx + 3 {m 2 -1 j, ta duąc thuang la -^x - ™ va du thuc —2x — rn . 

f l Tft ^ ^ ^ ^ , A9 7 \A. \ AS 

Tuc la y = I x - — I y' - 2x - m. Vay phuang trinh dudng thang di qua hai diem cuc tri cua do thi ham sd 
la y = —2x - m. 


lib 2 -3ac) 

Phuang trinh dudng thang qua hai cuc tri: y - — ————x + d — 


VI clą: Viet phuang trinh dudng thang di qua hai diem cuc tri cua do thf ham sd y = x 3 + mx z + 7x + 3 


Lot giai 


Hę so: a = l,b = m,c =7 va d = 3. Phuang trinh dudng thang di qua hai diem cyc tri cua clę thi ham sd 

l(b 2 -3ac ) y c lim 2 -3.1.7) m j 

duac tinh theo cong thuc y =--- - x + d -=-- x + 3-— 

6 9 9a 9 a 9.1 9.1 


y = - 2l)x + 3- o y 


r 14 2 A 


3 9 


-m 


x + - 


27-7 m 


f \) c 

i 6. Dinh H Viet vai cuc tri: x, - x. =-, x.x, = — 

' 1 2 3a 1 2 3a 


| 7. Phuang trinh bac 3 có ba nghięm lap thanh cap so cong khi có 1 nghięm la x = -, lap thanh cap sd 

j 3 a 

Id 

! nhan neii 1 nghięm la x = —21— 

i b ‘ 


Cśch nhan dięn do thi ham ssfhąc 3: 


V "t i Giao Oi/: y-d > 

9 \ /i_ _ -i / 


... Ł„ 
| 


r-. 1 i 

/IX / 


O I 


X ' X2 ~3a L 


I Diem uon: /- 

Hinh dang do 

b | / 

X thi cho dau 

t\ X 3 a > / 

1 __ _ 1/ 

\ 

cua tham so a 

i : 


— > 
x 


1. De xac dinh cua a ta chu y den hinh dang cua dd thi ham sd. Dd thi di len +oo d ben phai thi a > 0. Dd 
thi di xudng -oo a ben phai thi a < 0 


De xac dinh dau cua b ta chu y vao vi tri cua diem uon va hoanh do tuang ling la x - — 


3 a 

LOVEBOO!‘,.VN I 493 























lic 3. Iwy en tąp cflrag t 


3. De xac dinh dau cua c ta xet tich hai hoanh do cuc tri x t x 2 = —. Neu hai cuc tri có hoanh dó cung dau 

3 a 

thi a,c cung dau va nguoc ląi neu hai cuc tri có hoanh dó trai dau thi a,c trai dau 

4, De xac dinh dau cua d ta xet vi tri tuong giao cua do thi vói truć tung Oy, tai dó tung do giao diem chinh 
la y = d de xet dau 

VAN BE 14: HAM SO 8ĄC 4 TRUNG PHÓÓNG CÓ 3 OiC TRI 

Cho ham só y = ax i + bx 2 +c có ba cuc tri 


1. Dieu kięn có ba cuc tri: ab <0 ( a,b trai dau) 


Ti du: Gia tri cua tham só' m de ham so y = x i — 2 ntx 2 + 2 m + nł có ba diem cuc tri la 


A, m>0 


B. m< 0 


C. m>0 


D. m<0 


Hę so: a = l,b = -2 m. Ham só có ba diem cuc tri khi ab = -2 m<0<^>m>0. 


Dap śn C. 


. Luón có 1 cuc tri la A(0;cj va hai cuc tri cón ląi doi xung qua truć tung 


3. Tam giac tąo thanh ba cuc tri có cac tinh chat duói day: 

, A 1 A 

* Tam giac ABC vuong can tai A khi 8a + b =0 yK 

* Tam giac ABC deu khi 24a + b 3 = 0 

* Tam giac ABC có góc BAC = a khi 8 a + b 3 .tan 2 — = 0 ---1-X r 

2 B fa D Ta C 

j * Tam giac ABC có dięn tich la S 0 khi 32fl 3 S 2 +b 5 =0 

* Ban kinh duóng tron ngoai tiep R = a ^ >C - > ban kinh duóng tron nói tiep: r = ——— (vói a,b,c la dó dai 

4S a + b + c 

I cac cąnh cua tam giac. 


& D 


Vi du V. Tim tat ca cac gia tri thuc cua tham só m de ham so y = - x 4 + (m - 2015jx 2 + 2017 có 3 cuc tri tąo 
thanh tam giac vuóng can tai A. 

A. m - 2017 B. m = 2014 C. m = 2016 D. m = 2015 


Lwi giai 

Hę so a- -1 ,b — m — 2015 va c = 2017. Ham só có 3 cuc tri <=> ab < 0 o —{m - 2015) < 0 <=> m > 2015. 

Yeu cau bai toan <=> 8a + b 3 = 0 <^> 8 (—l) + (m — 2015) 3 = 0 <=> (m — 2015) 3 =8 om- 2015 = 2 <=> m - 2017 

Dap am A. 

VI dii 2: Tim tat ca cac gia tri cua tham só m de ham só y = ~x i +3^m — 2017jx 2 -2016 có ba cuc tri tąo 
thanh tam giac deu. 

A. m = 2015 B. m = 2016 C. m- 2017 D. m = -2017 


G. m - 2017 


m = —2017 


Łoi gi 


Hę só a = —,b = 3[m — 2017) va c = -2016. Ham so có 3 cuc tri <=> ab = — ,3(m-2017) <0<^>m< 2017 . 
8 8 

9 3 

Yeu cau bai toan <=> 24 a+b 3 =0 <^> 24.—+ 27(m —2017) = 0 <=> m-2017 = -l» m - 2016. 
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VI Hu 3; Tim tat ca cac eia tri cii a tham só m de ham so y = 3x l +2(m —2018) x 2 + 2017 có 3 cuc tri tao 
thanh tam giac có mot góc bang 120° 


k, m = -2018 


3, m = -2017 


C, ra = 2017 


D, m = 2018 


Hę so a = 3,& =2[tn — 2018) va m = 2017. 

Ham so có 3 cyc tri <=>ab = 3.2- 2018] < 0 <=> ni < 2018. 

Yeu cau bai toan 8.3 + 8 [m — 2018] .tan 2 60° <=> (m — 2018] = -1 
<=> m—2018 — 2017. 


Oao 311 c. 


Yt dti 4: Tim tat ca cac gia tri cua tham so m de ham so y = war 4 + 4x 2 +12 có 3 cyc tri tąo thanh tam giac 
có dięn txch S = Ą-Jl . 


A. m — —2 


3. m — ‘ 


C. m = l 


D. m = — 1 


Hę só a = m,b = 4 va c = 12. 

Ham só" có 3 cyc tri <^>ab — mA < 0 <tt> m < 0. 

Yeu cau bai toan <=>32 a 3 .S 2 +b 5 <=>32.m 3 .^4\/2j +4 5 =0 

om 3 =-!<=> m = -l. 


Etap an D. 

\b 2 -4ac > 0 


4. Dó thi ham so cat truć hoanh tai bon diem có hoanh do lap thanh cap só' cóng khi va chi khi j a 


9b 2 = 100ac 


VI da. Tim tat ca cac gia tri thyc cua tham só m de dó thi ham só y = -x* + 2{m + 2)x 2 -2m-3 cat truć 
hoanh tai 4 diem phan bięt có hoanh do iap thanh cap só cóng. 


A. m =-13 


B. m = S 


C. m = 3 


D. m - -1 


Ldi id ki 


Hę só a = -l,b = 2(m + 2) va c = ~2tn-3. 

I b 2 -4flC = 4(m + 2) 2 -4(2nz + 3) = 4m 2 +8m + 4>0 


v, , ,. , , 2(m + 2)>0 

Yeu cau bai toan <=> 1 v ’ 


2 m + 3 > 0 
9 b 2 = 100flc 


4(m + l) 2 >0 


\m>-2 


— <m#— 1 
2 

<=> i \m = 3 


36m 2 - 56 m -156 = 0 
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Tsjyen tąp corsg thute giaś nhanh trać nghięm toan 


le aesu ot notnins 



Vi dą: Tim m de do thi ham so y = x i —4 x 2 +m cat truć hoanh tai 4 diem phan bięt sao cho hinh phang 
giói han boi do thi ham so va truć hoanh có dięn tich phan phia tren va phan phia duói truć hoanh bang 
nhau 

20 


m -0 


B. m- 9 


C. m ■ 


m = ~2 


Hę so a = l,b = -4 va c = m. Yeu cau bai toan » 


° <m<4 20 

20 <^m = —. 

m = — 9 

9 


ci giai 

b 2 - 4 ac = (-4) 2 - 4 m > 0 


— = 4 > 0 
a 

c 

— - m > 0 
a 

5 b 2 = 36 ac 


«• 


16-4 m > 0 
m> 0 

5(-4) 2 =36 m 


Dap an C. 


VAN DE 15: HAm SO PHAN THtJC BĄC NHAT TREN BĄC NHAT 

ax + b 


Cho ham so phan thuc huu ty bac nhat tren bąc nhat y = 


cx + d 


1. Ham so dong bien tren D neu ad - bc > 0, - - e D va nghich bien tren D neu ad - bc < 0,—— g D. 

c c 

2. Tiep tayen vói iięm cąn: 
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Pa c Het cM y : Diem M thóa man mór trong cac yeu to: Tang khoang cach dat gia tri nhó nhat / Chu vi 
tam giac IAB nhó nhat/ Ban kinh duong tron noi tiep tam glac iAB lon nhat/ Khoang cach tu I toi tiep 

tuyeh dąt gia tri lón nhat thi diem M dó phai thóa man tinh chat: IA = IB <=> |y'(x M )| = 1 

3, Cach niiąn dięn do tM hkra phan thśc fcąc nhat tren. hąc nhat: 

* Tięm can ngang: y = -. Neu tiem cąn ngang nam tren Ox thi , 

c y T 1 1 

/•x )! ■ 

oc > 0 cón neu nam duói thi ac< 0 I : 

j j 

d ' 

* Tiem can dung x = —. Neu tiem can diing nam tren Oy thi ,Ą \ 

& c j ! 

cd > 0 cón neu ben phai thi cd < 0 -j~’| 

* Giao Oy: y = -. Neu giao diem nay nam tren Ox thi bd> 0 ° \ \ / x 

'• li/ 

cón neu nam duói thi bd<0 III 

b , , !i! 

* Giao Ox: x = —. Neu giao diem nay nam ben trai Oy thi 

a 

ab> 0 cón neu ben phai thi ab< 0 

vXn BE 16: BO TH} HAM SÓ LUY TH C/A, MU VA I.OGAR.IT 
Łosi 1: Do thi Mm sa mu 


y — b y 

\ \ 

\ \ 


\ \ | / 

v \ / / 

V V i / 


/ / 

/ / 

/ / 


/.y-rf" 




+ Thu tu: 0<b<a<l<d<c (Męo: Giao 4 do thi vói duong thang x = 1 de danh gia nhanhnhat) 
+ Ham so y = a x có tąp xac dinh D = M, tąp gia tri £ = (0; +oc) 

+ Dó thi ham só y = a* luón di qua diem I (0; l) va có tiem cąn ngang la truć hoanh Ox 

Loąi 2: Bo thi ham so logarit 


y tl i 

i i 

i i! 


y = ! °g„x 


o l # 

w łff \ 

i // 


.««•** '' -J 

y - iog,. x 

X 

y = iog,* 
i/ = log i i 


- Thu tu: ó > a >1 > d > c > 0 (Męo: Giao 4 do thi vói duong thŚng y = 1 de danh gia nhanh nhat) 
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+ Ham so y = log, x có tąp xac dinh D = (0; +oo), tąp gia tri E = IR. 

+ Dó thi ham so y = log n x luón di qua diem /(O; 1) va có tięm cąn ngang la truć hoanh Oy 

Loąi 3: Bo thi ham so luy thifa 

yfi a<0 i 


0 < a < 1 



+ y = X a có tąp xac dinh D = K neu aeZ + ,D = M\{o} neu aeZ^ va D = (0;+ao)neu agZ 
+ Dó thi ham so y = x a luón di qua diem j(l; l) 

VAN DE 17: CAC BAS TOAN LAS SUAT CO BAN CAH BIEI 


> 1. Bal toan 1: Dem só' tien a di gui ngan hang thu duoc só tien P = a(l + r%) n 


Vi cks 1: Bąn An gtri tiet kiem so tien 58.000.000 dong trong 8 thang tąi mót ngan hang thi nhąn duoc 
61.329.000 dong. Khi dó lai suat hang thang la 

A. 0,6% B. 6% C 0,7% D. 7% 


Lói giai 

Gęi lai suat hang thang la r%. Khi dó 61329000 = 58000000 (l + rf <=> r = -1 = 0,7%. 

Dap śb C. 

Vi du 2: Mót nguói gui tiet kięm vói lai suat 6%/nam va lai hang nam duoc nhąp vao vón. Hói sau bao 
nhieu nam, nguói dó thu duoc gap ba só tien ban dau 

A. 17 B. 18 C. 19 D. 20 


Lol giai 

Goi só tien ban dau gui ngan hang la A. Sau n nam nguói dó nhąn duoc só tien la: 

3A = A(l + 0,06) <=>(l,06) =3<=>rc = log 106 3«19 (nam). 

Dap an C. 


an 2: Dem só tien a hang thang di gui ngan hang thu duoc só tien P 


, , (l + r%)" -1 

= a(l + r%j- -^- 


Vi du: Muón có 100 trięu sau 2 nam thi moi thang phai gui vao ngan hang bao nhieu, biet lai suat la 
0 ,6%/thang? 

A. 3863151 dong B. 3863152 dong C. 3863150 dong D. 3863153 dong 


(l+r%) n —1 

Goi a la só tien gui hang thang. Ap dung cóng thuc P = a(l + r%j --^- ta có 

r% 


100000000.0,6% 


(l + r%) (l + r%)” — 1 (1 + 0,6%) (l + 0,6%) 24 -l 


= 3863151,317 dong. 
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151 dong tłu thi so tien ngirai dó nhąn duąc sau 2 nam la 


P =3863151 


, ,(1 + 0,6%) -1 

. (1 + 0,6%) i----= 99999991,79 

1 ' 0 , 6 % 


hang thang gm 3863151 dong thi sau 2 nam chi nhąn duąc gan 100 trięu dong. Vąy n< 
>3152 dong (tha giri du chu khóng the gm thieu). 


Va)7 so tien P dirói hinh thuc tra góp va hang thang di tra ngan hang khoan tien a thi: 

fl + r%)” -1 

iąi trong ngan hang sau n thang la: Q = P(l + r%) - a- -—--- 

r /■o 


anh tra góp thi ta giai phtrong trinh: P(l + r%) = a 


(l + r%)” —1 



Łdi giM 


48 ,(i+i,i5%r-i 


1,15% 


Sau 48 thang ngirai dó tra het no, tóc la 0 = 50000000 (l + 1, 15%) - a 

50000000 (l + l,15%) 48 .1,15% 

<z> fl =-i- —-± ---= 1361312,807 dong. 

(1 + 1,15%) -1 


YAN 911 18: CA C KI^N IMlJC C0 BAN VE PHU'0'NG TRlNH, BAT PHI/0NG TRI Ni 

1. ax 2 + bx + c >0,Vx e IR <=> A < 0,a > 0 va ax 2 + bx + c < 0, Vx e IR <=> A < 0,a < 0 

2 . ax 2 +bx + c > 0 ,Vx >0 <» A< 0,a > 0 hoąc a,b,c >0 
ax 2 + bx + c<0,Vx>0«ts>A<0,a<0 hoąc a,b,c <0 


Dap an A. 


3. ax 2 +bx + c = 0 có hainghięm phanbięt duong khi A>0,S>0,P>0 
ax 2 +bx + c = 0 có hai nghięm phan bięt am khi A>0,S<0,P>0 

ax 2 + bx + c = 0 có hai nghięm trai dau khi P < 0 

4. ax 2 + bx + c = 0 có hai nghięm phan bięt X, < x 2 < a khi A > 0,(x, - a)(x 2 - a) > 0,x 1 + x 2 < a 

ax 2 + bx + c = 0 có hai nghięm phan bięt a < x, < x 2 khi A > 0,(x, — a)(x 2 — a) > 0, x 1 + x 2 > a 

ax 2 + bx + c = 0 có hai nghięm phan bięt x 1 <a<x 2 khi A > 0, (xj — a) (x 2 — a) < 0 

5. m = /(x) có nghięm tren D khi mej^min/(x);max/(x)J;m>/(x) có nghięm tren D khi 
m > min/(x); m < /(x) có nghięm tren D khi m < max/(x). 

6 . m>/(x),VxeD khi m>max/(x); m</(x)Vx khi m < rnin/(x). 
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cung, 













